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Uniaxial stress dependence of spatially confined excitons
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%'e report the first observation of the effect of two-dimensional (20) confinement on the uniaxial
stress dependence of excitons in GaAs/Alq iGao 7As quantum wells. For uniaxial stress X~ ~[100l,
perpendicular to the quantization axis {z

~ ~
[001]}of the exciton Hamiltonian without external stress,

the exciton energy consists of two components. The first, containing hydrostatic strain terms, is the
same for bulk and 2D excitons, in agreement, to within experimental error, with hydrostatic photo-
luminescence data. The second component contains shear strain terms and is observed to be depen-

dent on quantum-well width. This dependence is interpreted in terms of a model based on the over-

lap of the light-hole (LH) and heavy-hole (HH) wave functions and on the energy differences be-
tween the LH and HH excitons.

INTRODUCTION THEORY

It is well known that as a result of two-dimensional
confinement in GaAs quantum wells, the degeneracy of
the light- and heavy-hole valence-band energies is lifted at
k =0. Exritons, when produced in such an environment,
exhibit two series of discrete energy levels corresponding
to electrons bound to either the light hole (LH) or heavy
hole (HH). ' Lately there has been considerable in-
terest in the hydrostatic stress dependence of excitons
in GaAs/Al„Gai „As quantum wells. The hydrostatic
pressure coefficients a of the light-hole and heavy-hole
exciton transitions, measured in photoluminescence (PL),
are observed to be nearly the same (within 10%) as that of
excitons in GaAs. ' However, recently a systematic small
decrease of a with increasing well width L, has been re-
ported (a decreases by =5% between L, =150 and 50
A). In this communication we present experimental re-
sults of the large effect of spatial confinement on the uni-
axial stress dependence of exciton energies when the
stress, X~ ~[100], is perpendicular to the growth direction
[001]of the quantum wells. Experiments were performed
at low temperatures using photoluminescence excitation
(PLE) spectroscopy on GaAs quantum wells so that both
light- and heavy-hole exritons could be easily measured
simultaneously. By monitoring the stress dependence of
features from a bulk GaAs buffer layer, an accurate mea-
sure of the uniformity and magnitude of the applied stress
was possible in situ. The change in the HH and LH exci-
ton energies with stress is a sensitive function of L,. For
example, the rate of change of energy of the HH exciton
confined in a 220-A well is 1.SS meV/kbar, for low stress
(X(1 kbar), compared to 1.1 meV/kbar for bulk GaAs.
This slope increases to 1.75 meV/kbar for L, (75 A. We
interpret this change as resulting from the sensitivity of
the uniaxial stress dependence of the LH and HH exciton
energies to the overlap integral of the LH and HH wave
functions which in turn depends on I,

—2yi( I J„,J„I k„k»+c.p. ))+ Vi, (z), (3)

H, =D&(e +e»»+e )+ —,'D„[(J„—,
' J )e —+cp ]..

V
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e
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Here, m, (mo} is the effective (bare) electron mass, yi, yz,
and f3 are the Luttinger parameters, D~, D„, and D„' are
deformation potentials for the valence hands, e,j are com-
ponents of the strain tensor, J; are the angular-
momentum matrices corresponding to a spin- —', state,
V, (z} [Vi, (z)] is the electron (hole) well potential barrier

height, bC=Ci(e +e»»+e ) is a constant shift due to
stress for the conduction band, and K is the dielectric con-
stant. In Eq. (3) the axis of quantization for Hi, is along
zip[001]. When the stress X is also along [001] H, [Eq.
(4}] contains only diagonal terms. Assuming that the
valence bands are uncoupled at X =0, HI, contains diago-
nal terms only and the solution to the Schrodinger equa-
tion HQ=EtP predicts linear stress behavior for the LH

The Hamiltonian of an exciton in a quantum well in the
presence of uniaxial stress can be written as '

0=H, +HI, + V,„+H, ,

where H, and Hi, represent the electron effective mass
Hamiltonian and the Luttinger-Kohn Hamiltonian for the
hole states, respectively, V,„ is the electron-hole potential
energy, and 8, is the term introduced by the stress:

H, = — V +V, (z)+b,C, (2)
2p72~
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and HH 2D excitons. The change in energy of the HH
and LH excitons as a function of stress, bE)H and bE(L
respectively, are given by hE» a——(s(1+2s (I )X
+b{s)(—s)I)X and hE)L ——a(s()+2s(I)X—b(s))
—s)2)X. As demonstrated later, the elastic compliance
coefficients s» and s)I for GaAs wells are taken to be
identical to those of Alo &Ga07As barriers; (I =(Dd+Ci)
and b = , D„a—rethe hydrostatic and shear deformation
potential constants, respectively, which are taken to be
identical for excitons in GaAs quantum wells and in bulk
GaAs.

In our experiment X~~[100], so that the quantization
axes of Hq and H, [Eqs. (3) and (4), respectively] are per-
pendicular. This leads to off-diagonal terms in the strain
Hamiltonian H„written in the basis functions which are
quantized along z~ ~[001]. As a consequence, the eigen-
values of the Hamiltonian H in Eq. (1) contain nonlinear
stress dependent terms which are a function of the overlap
integral Q of the light-hole and heavy-hole wave functions

p) and gz, respectively. In this case, the energies of the
LH and HH excitons as a function of stress are given by

E)L (H)(X) =E&+ I (EI(X)+El (X)

+t[E (X) E(X)] +—Q X )' ) (6)

where the "+"sign in front of the terms in the curly
brackets corresponds to the light-hole exciton energy E],I,
while the "—"sign is used to obtain the heavy-hole exci-
ton energy E~H. Here,

E 1 (X)=Eh, +~,+b,E„,

+a(s „+2s)2)X—b'(s)1 —s)2)X, (7a)

E2(X)=EI, +bF.,+b,E„

+a (S11+2S12 )X+b'(S11 —S )I )X,

and

(7c)

Eg is the energy bandgap of GaAs, Eb (Eb ) is the bind-

ing energy of the heavy- (light-) hole exciton in the ab-
sence of stress, and bE„EE, , and &&, are the lowest"1 U2

subband energies for the electron, heavy hole and light
hole, respectively, in the quantum well. Here
b'=()) /2=D„/3. In the absence of stress, the coupling of
valence bands can be incorporated in our model by intro-
ducing off-diagonal terms in H), [Eq. (3)]. In the present
experimental configuration X~~[100] the contribution of
zero-stress valence-band mixing cannot be separated from
that resulting from the stress induced off-diagonal terms
in the strain Hamiltonian H, . However, for X~ ~[001], H,
is diagonal and, hence, zero-stress valence-band mixing
would lead to nonlinear dependence of bE(H with X.
bEIL can exhibit nonlinear behavior with X as a result of
the interaction of the LH valence band with the spin-
orbit-split valence band.

When [EI(X)—Ei(X)]~&Q X, higher-order terms in
X can be neglected and the change in the energy of the
light- (heavy-) hole exciton as a function of stress can be
simplified to

~~1L (H)[X] E1L (H)(X) E1L (H)(0)

'
I [E((0)—EI (0)l+2b'(&) )

—&)2»I

El(0) —EI, (0) is the energy separation of the light- and
heavy-hole excitons at X=O. The error introduced by
such a simplification is less than 2% for the stress range
covered in this experiment. In Eq. (8) the only terms sen-
sitive to spatial confinement of the excltons (i.e., L,) are
El(0)—E),(0) and Q [which ls also related to
El(0)—EI, (0)]. All other terms depend on the bulk ma-
terial properties of the constituents of the structure and,
thus, are independent of L, ; they will be taken as con-
stants. El(0)—E), (0) is directly measured in our experi-
ment and, hence, we are left with one fitting parameter,
Q, which varies with L, . In the limit of small I., for
low stress (X( 1 kbar), Eq. (8) reduces to the form

~E(L (H) =&(&11+»)z)X+b'(&»—&(2)X

and is similar to the case of bulk GaAs except that the
shear deformation potential b'=b/2. Recent experiments
llavc showIl tllat tllc llydI'ostatlc cocfficlcIlt 0, foI' 2D cx-
citons in narrow wells, may be slightly different (=5%)
from that of bulk GaAs (Ref. 5) but, in any case, thc
difference is within our experimental error.

EXPERIMENTS AND DISCUSSION

The samples used in this study were grown by molecu-
lar beam epitaxy along the [001] axis of a semi-insulating
GaAs substrate. A typical sample consisted of a 0.75-(Mm,

undoped GaAs buffer layer on which were grown a
multiple-quantum-well (MQW) layer of 20 periods of
110-A GaAs quantum wells and 100-A Alo 36a(})As bar-
riers and a 220-A GaAs single quantum well (SQW). Fig-
ure 1 shows the 4.5 K photoluminescence spectra of this
sample. Peaks due to HH excitons in the two different
wells are clearly seen, as is structure due to the GaAs
buffer layer. ' At 4.5 K only states associated with
heavy-hole excitons are populated and, therefore, observ-
able by PL. In contrast, photoluminescence excitation
spectroscopy reveals information about both HH and LH
excitons. This is because PLE spectroscopy (where the
wavelength of the spectrometer is fixed in order to moni-
tor the intensity dependence of some relevant energy level
while the exciting energy is scanned) is analogous to ab-
sorption spectroscopy and thus is sensitive to oscillator
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FIG. 1. 4.5 K photoluminescence spectrum of a GaAs/

A)036a07As quantum well sample with well widths, L, =220
and 110A.
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FIG. 2. Photoluminescence excitation spectra of excitons in
0

220-A-@vide quantum wells. E, labels the energy of the fixed
spectrometer setting and E~H and E&L label peaks due to heavy-
and light-hole excitons with uniaxial stress of (a) 0 kbar and (b)
0.48 kbar.

strengths of transitions independent of thermal population
effects. This is illustrated in Fig. 2(a), which shows the
PLE spectrum of the light hole (LH) and heavy hole (HH)
excitons in the 220-A SQW (E, identifies the fixed energy
of the spectrometer). As uniaxial stress X is applied along

the [100] direction, both ground-state excitons move to
higher energies [Fig. 2(b)]. The absence of broadening in
E&L, the fastest moving peak, indicates that the applied
stress is uniform. In order to achieve uniform stress the
sample was held between two polished discs at the bottom
of a stress cell. Double-sided tape was used to cushion
both ends of the sample. The stress cell is similar in prin-
ciple to the one described in Ref. 11. Modifications were
made in the design so as to incorporate it in an exchange
gas cryostat. Typical sample dixnensions were 0.5 ~2g 8
mm with the long axis parallel to [100]. The 0.5 mm di-
mension, imposed by substrate thickness, does lead to
slight bending of the sample, which results in some uncer-
tainty in the actual stress applied. ' The absolute value of
stress was determined by observing the well-understood
stress dependence of E,L of the GaAs buffer layer. '

Since this GaAs buffer layer is a fraction of a micron
away from the quantum wells being examined, the uniaxi-
al stress experienced by both the buffer and the quantum
wells is essentially the same and accurate determination of
small differences in the uniaxial stress behavior of bulk
and 2D excitons is possible. Furthermore, by observing
the stress dependence of the first excited levels of the
ground-state excitons' we were able to determine that
over our experimental range, exciton binding energies
were independent of stress.

Figure 3 shows the shift in energy of the HH and LH
excitons as a function of stress, EEiH and bEiL, respec-
tively. The open circles, crosses, and solid triangles
represent experimental data for quantum wells of
thicknesses Lz ——220, 110, and 40 A, respectively. The
dashed lines represent the behavior of HH and LH exci-
tons in bulk GaAs. A systematic increase in the slope of
bEi+(X) is observed with decreasing Lz. In contrast, the
slope of bEiL(X) for Lz ——220 and 110 A appears to be
the same and decreases for Lz ——40 A.

Since GaAs and Al„Ga],As are closely lattice
matched, their elastic coefficients are expected to be very
similar. ' Both the hydrostatic, a, and shear deformation
potential, b, constants of semiconductors are related to
the Phillip's ionicity. ' Since the magnitude of this pa-
rameter is nearly the same for GaAs and A1As, a and b
should be similar for these two materials. From all the
experimental data on deformation potential constants a
and b can be estimated' to be the same for GaAs and
A103Ga07As to within 10%. Thus, the large observed
differences in the slopes of b,E,I and b,EiH, as a function
of X for the quantum wells of different L, must be due to
the effects of confinement on exciton energies and are not
related to the presence of Alo 3Gao 7As layers in the sam-
ple.

The theoretical fits to the bEiH data in Fig. 3(a), solid
lines labeled A, B, and C for the 220, 110, and 40 A wells,
respectively, were calculated using Eq. (8) and taking Q
as an adjustable parameter. a=7.93 eV and b'=0.98 eV
for all the three curves. EiL, (0)—EiH(0) was experimen-
tally determined to be 3.2, 9.3, and 26.08 meV for
I.,=220, 110, and 40 A, respectively. Best fits were ob-
tained when Q =7.0+ 1.0, 7.5+ 1.0, and 4.0+2.0
(meV/kbar) for L, =220, 110, and 40 A, respectively.
For other narrow wells, not shown here, Q was found to
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FIG. 3. Experimental [circles (220 A}, crosses (110 A), and
solid triangles (40 A.)j and calculated (solid lines A, B, and C
corresponding to 1.,=220, 110, and 40 A, respectively} energy
shifts of (a) heavy-hole excitons (AE~H) and (b) light-hole exci-
tons (AE~L, ) as a function of stress X. The calculated lines were
fit to the data of (a) using experimentally determined values in

Eq. (g) with Q~ as an adjustable parameter. The dashed lines

represent the behavior of HH and LH excitons in undoped
GaAs.

AE, L versus X in Fig. 3(b). The agreement with experi-
ment is good with the exception of data from the 220-A
well (curve A). Preliminary experiments on the stress
dependence of higher-level transitions indicate an an-
ticrossing between EDH (the exciton transition between
the n =1 electron and the n =3 heavy-hole levels) and
E&L. For L, =220 A (E»H E&t—=10 meV), this an-
ticrossing occurs at about 2 kbar resulting in sublinear
behavior of the EiL feature. However for L, &100 A,
E]30 E tI & 30 meV, the level repulsion occurs at a stress
much higher than that used in our present experiment.
This would qualitatively explain the observed deviation
from theory of the experimental data for the 220-A well,
while a good fit between experiment and theory is found
for L, =110A and 40 A. A detailed account of the stress
dependence of exciton transitions between higher sub-
bands will be published later.

In conclusion, we have demonstrated the effect of quan-
tum confinement on the uniaxial stress X dependence of
2D exciton energies when X~ ~[100] is perpendicular to the
growth axis [001]. Using the square of the overlap in-

tegral of the LH and HH wave functions Q as a fitting
parameter in our model, we obtain good agreement be-
tween the experimental data and theory. Q is observed
to be a constant =7 (meV/kbar) for L, & 100 A and is
seen to decrease by about 40%o for L, &75 A. This
behavior is similar to other properties of 2D excitons (e.g. ,

binding energy) which are sensitive functions of L„espe-
cially for L, & 100 A.

be 4.0+2.0 (meV~bar)~ for L, =55 and 73 A. These

values of a and b' are in good agreement with the corre-

sponding values for bulk GaAs.
Using the values obtained from the hE&H fitting, Eq.

(8) was employed to calculate the curves A, 8, and C of

ACKNO%'LEDG MENTS

~e would hke to thank Dr. R. J. Seymour for continu-

ing support and D. Kenneson for technical assistance.

R. Dingle, in I'estkorperprobleme (Aduanees in Solid State
Physics), edited by H. J. Queisser (Pergamon/Vieweg, Braun-
schweig, 1975), Vol. XV, p. 21.

2R. C. Miller and D. A. Kleinman, J. Lumin. 30, 520 (1985),
and references therein.

3Umadevi Venkateswaran, Meera Chandrasekhar, H. R. Chan-
drasekhar, T. %'olfram, R. Fischer, %. T. Masselink, and H.
Morkoq, Phys. Rev. 8 31, 4106 (1985).

48. A. &einstein, S. K. Hark, and R. D. Burnham, J. Appl.
Phys. 58, 4662 (1985).

5U. Venkateswaran, M. Chandrasekhar, H. R. Chandrasekhar,
B. A. Vojak, F. A. Chambers, and J. M. Meese, Bull. Am.
Phys. Soc. 31, 556 (1986).

G. D. Sanders and Yia-Chung Chang, Phys. Rev. 8 32, 4282
(1985).

7J. M. Luttinger, Phys. Rev. 102, 1030 (1956).
SM. Chandrasekhar and F. H. Pollak, Phys. Rev. 8 15, 2127

(1977).

R. Sooryakumar, D. S. Chemla, A. Pinczuk, A. C. Gossard, W.
%iegmann, and L. J. Sham, Solid State Commun. 54, 859
(1985).

'OE. S. Koteles, J. P. Salerno, %. L. Bloss, and E. M. Brody, in

Proceedings of the Seuenteenth International Conference on

the Physics of Semiconductors, San Francisco, CA, 1984, edit-

ed by D. J. Chadi and %. A. Harrison (Springer, New York,
1985), p. 1247.

"V. J. Tekippe, H. R. Chandrasekhar, P. Fisher, and A. K.
Ramdas, Phys. Rev. 8 6, 2348 (1972).

~2C. Jagannath and Emil S. Koteles, Solid State Commun. 58,
417 (1986).

~3R. C. Miller, D. A. Kleinman, %'. T. Tsang and A. C. Gos-
sard, Phys. Rev. 8 24, 1134 (1981).

~4See, for example, the review article by J. R. Drabble, in Semi-

conductors and Semimetals, edited by R. K. %illardson and

Albert C. Beer (Academic, New York, 1966), Vol. 2, p. 75.
~5Sadao Adaehi, J. Appl. Phys. 53, 8775 (1982).


