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Using linear response theory and the diagonal approximation, we calculate exactly and analytically surface
response of a semi-infinite semiconductor superlattice to an electron moving in the vacuum. This response
determines the scattering process. The electron-energy-loss spectrum due to surface intrasubband and in-

tersubband plasmons is predicted for the first time.

Collective charge-density excitations of a semi-infinite
semiconductor superlattice have been studied recently. '

Intrasubband and intersubband surface modes have been
found. These modes can exist only for a wavelength small-
er than a critical value A.'. They can be studied by the ine-
lastic Raman scattering and electron-energy-loss spectros-
copy (EELS), but have not yet been observed experimen-
tally. Recent calculations of Raman intensities ' indicate
possible difficulties in the ability to resolve surface modes
from the bulk spectrum. Therefore, in this Rapid Com-
munication we investigate the inelastic scattering of elec-
trons from the surface of the semiconductor superlattice.

The semiclassical approach of Schaich and of Camley and
Mills is used. This is well justified by the long-range na-
ture of the scattering process and low-energy losses (10—100
mev). However, we do not model the superlattice by layers
of materials with a priori given local dielectric function. ' We
treat the external electron as a perturbation and, within di-
agonal approximation, calculate exactly and analytically
linear charge-density response of the superlattice and the
scattering probability.

The model system under consideration consists of a
semi-infinite array of quantum wells of thickness I., with
centers separated by distance a. It is embedded in a semi-
conductor with a background dielectric constant e, which oc-
cupies the half space z & 0. An insulator (vacuum) occu-
pies the space z & 0. The single-particle electronic states are
assumed to be of the form

exp(ik x)g„(z —ia —S)

where n is the subband index, k is the momentum in the
plane prependicular to the z axis, and the integer I denotes
the quantum well centered at z = la +5 (8 ~1./2). Single-
particle energies are simply E„k =E„+t2k2/2m, where E„ is

the subband energy, so the minibands are flat and electrons
are localized in "quantum wells. "

The classical trajectory of the scattering electron is given
by r(t) = (x(t),z(t)), and its velocity by v= (v~~, vq).
The potential in the vacuum Q& (z ( 0) = @& (q, cv, z)

&& exp(iq. x —i cut) is written as

P(q, co) = Im[ —R (q, o))]
[q'vg+ (c0 —q v)']' (2)

P(q, co) completely specifies the kinematics of the electron
at the detector. Total information about the system is in
the response function R (q, c0).

In order to calculate R (q, cv) we must calculate total po-
tential in the superlattice $& (q, c0,z). Then the continuity
of the total potential @& (0) =@&(0) determines R. We
decompose @& (z ) into the sum of external potential
@&'(z) and induced potential 5@& (z). The external poten-
tial, including the effect of image charge is simply given by
@'&'(z) =2 exp( —qz)/(e+1). The induced potential is re-
lated to the induced charge density by Poisson's equation,
which in its integral form gives (z,z' ) 0)

5@ (z ) = J) dz' G (z,z') hn (z')

The Green's function G (z,z'), including effects of the im-
age charges is given by

G(zz') = V (e-~ — + e-~ + ) (4)

with V~ = 2m e /eq and n = (e —I)/(e + 1). The induced
density is related to the total potential by the use of stand-
ard perturbation theory. ' To simplify the algebra we as-
sume that only the lowest subband is occupied and that
there is no mixing of different intersubband excitations (di-
agonal approximation9). Then the induced potential on the
surface (z = 0) is simply related to the total potential in the
entire superlat tice.

S@ (0) = (I+n) '~eQS„V, goy„, (l)e

amplitude 3 is given by

8mevg
v2jq'+ (cu —q v(()'

The probability P(q, cu) d qdco that the electron is inelasti-
cally scattered into the range of energy losses between hem

and it (co+des), and into the range of momentum losses
parallel to the surface between ttq and tt(q+dq), is given
by6, 7

c

@& (z ) = A cos (c0 —q. v() ) + Re+"
Vg

t )

where
n, l

The first part is the potential due to the moving electron
in the vacuum and R exp(qz) is the induced potential, i.e.,
the response of the superlattice to an external charge. The

y„,(i) = J dz @ (z) p„(z —ia —5)

S„=J[ dz e "chic„(z), Q„(z) =g„(z)go(z)
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(12.3)
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'' —e "sinh '(qa
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(b2 1
1/2
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troducing the frequency-dependent dielectric function

&(~) = & (~ ~Lo)/(r0 o)To) 0 0 0 =I

with e =11.1, h'o)Lp=36. 7 meV and tcoTo=33.6 meV as
the background dielectric constant. This results in coupled
plasmon-optical phonon modes.

We now turn to the scattering probability P (q, r0). Figure
2 shows P(q, cu) (normalized to the intrasubband surface
mode value) along the line q = (k; sing, ) tee/2E;, where k;,
E;, and 8; are the incident wave vector, energy, and angle of
10-eV electrons specularly scattering at 8;=55 from the
surface. Here only lowest-energy excitations are shown with
energy below the optical phonon energy h~Lo, while full dis-
cussion is deferred to future publication. " The low-energy
peak at 13.1 meV corresponds to the intrasubband surface
plasmon S and the higher-energy peak at 25.6 meV to the
intersubband surface plasmon S' . The difference in inten-
sity is mainly due to the kinematic factor which enhances
energy losses at low frequencies. The width of the peaks is
controlled by the finite mobility of electrons and finite pho-
non lifetime (here y, =y„h=0.3 meV). The broadening
due to the bulk excitations is indicated, along with frequen-
cies of the bulk plasmon band edges (tee,„,Aced;„). Com-
plete calculation of EELS would average P(q, cu) over the
experimental angle and energy resolution functions, but sur-
face modes are clearly well resolved.

In conclusion, we find that EELS should prove useful in
the observation of surface collective modes in semiconduc-
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FIG. 2. Scattering probability P(q, co) (normalized to the S
surface plasmon value) for intrasubband (0-0) and intersubband
{0-1) surface plasmons as a function of energy loss for 10-eV elec-
trons specularly scattering from the surface at the angle of incidence
8; = 55' along the q = (k; sinH;)AOJ/2E, line. All other parameters as
in Fig. 1 (see text).
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tor superlattices. Simple, analytical, and exact results
presented here will allow for clear and elegant interpretation
of experimental results.
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