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A theory for the elastic properties of magnetostrictive materials is presented. The complete elas-
tic constant tensor is obtained from simple linear magnetoelastic approximations as a function of the
magnetoelastic coupling coefficients and the susceptibility. It is also shown that, by using the proper
dynamic susceptibility tensor, most of the observed effects can be described. More specifically the
field dependence of the attenuation and the difference in the ultrasonic shear-wave velocity between
the cases of H parallel to the polarization and that of H parallel to the propagation direction are ex-
plained. A very good agreement is found when the theoretical predictions are compared with some

available experlmental data.

INTRODUCTION

The elastic properties of magnetically ordered materials
depend on the magnetic state of the sample and on the ap-
plied field. This dependence can be very large,! and has
been measured in many different magnetic materials.>~%
In general, these effects are detected as a dependence of
both the ultrasonic wave velocity and attenuation on the
intensity and direction of an applied magnetic field H.
The principal mechanism used to explain these effects is
the “Simon effect”® predicted directly from the first-order
approximation linear-magnetoelastic theory. Higher or-
ders of approximation give rise to other effects (morphic
effect, rotational effect) which are often invoked to ex-
plain some characteristics of the experimental data unex-
plained by the Simon effect. This is, for example, the case
of the difference in the ultrasonic shear wave velocities be-
tween the case of H parallel to the polarization and that
of H parallel to the propagation direction;’ in addition to
this, the dependence of the attenuation on H has not yet
been accounted for by the available theoretical models.?

All the theories for these magnetoelastic effects which
have been presented to date are extensions of Simon’s
theory which include higher-order terms. The elastic
properties are derived from the free energy by solving the
coupled elastic and magnetic equations of motion.’~!!
This method necessitates the preliminary choice of the
wave vector K and, as a result, gives the velocity and po-
larization of the three normal modes.

In the present paper we present a theory for the elastic
properties of magnetostrictive materials which, although
based on the linear magnetoelastic theory and hence
describe only the Simon effect, does not make use of the
equations of motion. The complete elastic constant tensor
C is derived by using an extension of the formalism com-
monly used to calculate the magnetostriction. In this way
we obtain corrections to the elastic constants which are
functions of the magnetoelastic coupling coefficients and
of the susceptibility. We show that most of the observed
effects can be explained by using a properly calculated
susceptibility tensor without the help of higher order ef-
fects.
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Static linear magnetoelasticity

It is well known that in the first order of approximation
the energy of a magnetoelastic system can be written as'?

E=E, +E,+E4+E., (1

where the anisotropy energy is

E =K |(dia3+a3a5+atad)+ - )

for the cubic system and
E =K,(1—a3)+K,(1—a3)*+
=K sin’0+K,sin*0 (2"

for the uniaxial system. The a; are the direction cosines
of the magnetization M and 6 is the angle between M and
the c axis.

The Zeeman energy is E,= —M-H and the elastic one
is

N‘-—-

6 6
E 2 Cieie; (3)

with the normal convention for the indexes:
1=xx, 2=yy, 3=zz,
4=zy, 5=zx, 6=xy .

The e; =e,p are the strain tensor defined as

ou,
da ’

ou ou
€qp= [ = + 3 £

8 for a%f and e, =

u, being the a components of the particle displacement.
The number of independent elastic constants Cj; is lim-
ited by symmetry. One has
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for the uniaxial system.
If the system is isotropic, one has the additional condi-
tion

Ci3=Cyp, C33=Cyy, Cy=Cs55=Ce=(C;;—Cy3)/2.

The first-order approximation for the magnetoelastic en-
ergy has the general form

Eme=b,-jKa,-ajeK N (5)

where i and j vary between 1 and 3 while K varies be-
tween 1 and 6.
Due to symmetry this expression reduces to
E .= bolexx +¢yy +ezz)+b1(aiexx +a§eyy +a§ez,)
+brlasa,ey, +ayae, +a,a5e,) , (6)

for the cubic system, and reduces to

Epe=bi1(exx+ey)+biaes+by1(af — 5 e +ey) +byla; — ey

+b3[%(a,25 —aﬁ)(exx —ey ) taga, e, |+bylaa,e, +ayaze,) (6")

for uniaxial symmetry.

The first step in the analysis of these systems is to find
the equilibrium state. This is generally achieved by as-
suming that the orientation of the magnetization is the in-
dependent variable and then determining the equilibrium
strain'? by using the conditions

3E _ (Eq+Em.)
de; de;

=0. D

From the solution of the above six equations the equilibri-
um strains e,p can be obtained. Since

ﬂ:

i Eei(}ﬁiﬁj

izj

is the elongation of the sample along a given direction, the
well-known expressions for the magnetostriction are ob-
tained.!?> For cubic systems,

Al

Al h el B+ o2~

+ 3}‘111(axayBxBy +ayaszBz +azaxﬁz[3’x)
+o (8)

(the ellipsis denotes terms independent of «;), where

Ago=—2b;/[3(C;; —C2)],
A,“1= ——b2/(3c44) ’

and, for uniaxial systems,

[

% = A2 — DB +B)+Ap(al— 1B

+Ar[3(at =) (BL —B))+ 20,8, ]

+2}‘-D(ayaszﬁz +a,a,B,6x)

4o (8"

(the ellipsis denotes terms independent of ¢;), where

Ay=(—=b3C33+bpnC3)/D,
Ap=[2b3C13—b3(C11+C,)]1/D,
Ac=—b3/(C;;—Cp),
Ap=—b4/2Cy , D=C33(Cy;+Cy3)—2Cl; .

One can also immediately obtain the equilibrium volume
magnetostriction

AV
7=e?+eg+eg )

and for the cubic system it results in being equal to zero.
On the contrary, in the case of uniaxial system it is not
null and it results in

AV_ 2b21(C13—C33)+b22(2C13_C11—C12)
4 C33(Cy; +Cpp)—2C1s '

(@3—7%)

The energy of the equilibrium state can now be ob-
tained by substituting in E the expressions of the equili-
brium strains. The expression for E obtained in this
manner depends only on the magnetization M. The elas-
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tic and magnetoelastic energy terms have now the same
form as that of the anisotropy. Their coefficients can be
seen as corrections of the second- and fourth-order mag-
netocrystalline anisotropy.

In the cubic case one obtains
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b? b3
CCy —Cpp 2Cy

Also for the uniaxial systems, the AK are not nuil and
they result

AK, 9)

AK =—b3/2Ca—{ $[4b3152C13—2b3,C33—b3(Cy; +Cy)]
+[2611(622C13—b21C33)+2b13b51C13—b 1302 (Cy +C1)]} /D,

AK,;=b3/2C44—b3/4(Cy 1 —C1p)++[4by1b5,Cy3 —2b3,C33—b%(C1 +C13)1/D .

At this point the energy depends only on the orientation
of the magnetization. Hence the equilibrium direction of
M, for a given applied field, is immediately found by
minimizing the energy with respect to the M rotations.

One thus obtains both the magnetization curves M
versus H, often in implicit forms, and the equilibrium
magnetization M for a given field. Knowing the equi-
librium state of the system, one can now investigate its
response to a magnetic or elastic perturbation.

RESPONSE TO A MAGNETIC PERTURBATION

We can now calculate the response of our system to a
perturbing magnetic field h, small compared with the
static applied field and/or with the anisotropy.

In insulating materials or at low frequency omne can ig-
nore the screening effects; one, moreover, can assume that
the elastic distortion rearranges itself immediately to fol-

low any rotation of the magnetization; i.e., the relaxation

time for the magnetostriction is short compared with the
considered frequency. Consequently the energy of our
system does not explicitly contain any elastic or magne-
toelastic terms, providing that the effective anisotropy
constants K; =K+ AK; are used. If, for a given field HY,
6y and @y correspond to the equilibrium magnetization
M in a polar-coordinates reference system, after the per-
turbation the magnetization will rotate to a new 6 and ¢
orientation, where 6=0y+¢ and p=¢’+&. € and £ are
infinitesimal quantities for infinitesimal perturbations.

Expanding the energy around the 6y,¢, equilibrium po-
sition, one can write

E=E(+Ege’+E ,E—M-h , (10)
where
1 9%E(H,)
0= "5 2
2 96 0=0,p=g,
i 2 a¢?2 0=0, =0,

and in which it has been considered that, at equilibrium,

Ee 1 _“‘-“‘—( °
0=0,p=0p,

=72  960¢

%)

Minimizing Eq. (10) with respect to € and to £, one im-
mediately obtains

€0=(M; /2E g9) (h,cosBycos@g+ hy,cosbgsingy— h,sinby) ,
Eo=(M, /2E ,,( —h,sinBosing+ h,, sinbycosgp) .

Defining the response to the perturbation as m =M —M?°
and writing it in terms of the usual differential suscepti-
bility tensor m =X -h, one finds

2 cos?Bpcos’p,  sin®Bsin’pq

X xx =M, s E E ’
66 PP

, | cos?Ogsin’p,  sin®G,cos’p,

KXoy =M E E ’
66 PP
2
sin“6

2 0

X zz =Ms E ’
06 ,
) . (11)
Yo = M2 sinfycosBgsing,
yz— T s E >
00
_ » sinfycosfpcosgy
X xz— = 5 E ’
66
o , | cos*Oocosposingy  sin@pcos@gsing,
xy — T Mg -
E 06 E Pp

Moreover, one obtains the energy difference between the
perturbed and unperturbed states:

AE=—Myh—~+mh. (12)

RESPONSE TO AN ELASTIC PERTURBATION

If, at constant field, we apply an elastic perturbation as
an externally induced distorsion having components e;,
then the magnetization vector, due to the magnetoelastic
coupling, will rotate away from its equilibrium position.
The new values of the direction cosines will be
a; =a?+a,~ .

The energy variation of the system, induced by the per-
turbation, is

AE=E(a}+a;,e)+e¢;)—E(af,e)) .

Adding and subtracting from AE a term E(a?+a,~,e19),
one can see that
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AE,=E(a)+a;,e)—E(a,e))

represents the energy variation induced by a small rota-
tion of M; hence it is equal to what we have calculated in
the case of magnetic perturbation. This term can then be
written AE =E9962+EW§2 as in Eq. (10). The energy
difference

AE, =E(a?+ai,e19+ej)—E(a?—}-ai,e}))

has to be calculated by explicitly writing the different en-
ergy terms. The magnetocrystalline and Zeeman terms do
not contribute to AE,. Moreover, in AE, there are terms
having the form (C,-ke?+b,-jKa?a?)eK. These terms are
null because the unperturbed system is in equilibrium. In
fact, the term in parentheses has to be zero according to
Eq. (7). The only terms of AE, different from zero have
the form

0 1
AEZ =bina,-ajeK + _Z'Cije,'ej .

The terms of AE, linear in @; can be seen as being due to
the effect of a perturbing field 2™ having components
1 J3E 1

0
h}"e:—jw—s&—j—oc Ms (bina,'eK) . (13)

Hence, the total perturbation energy takes the form
AE =Eea€2+EW§2—m'hme+ %Cijeiej ,

where m; =M;a; are the components of m.

The magnetic part of AE has the same dependence on
the rotation of M calculated in the case of a magnetic per-
turbation. The expression for the corresponding energy
variation has been given in Eq. (12). We can then write

AE=—tm-h™ %Cijeiej . (14)

The response of m to h™® ¢an be written as m=Xh™¢,
where X is an appropriate susceptibility tensor. For low
frequencies it coincides with the one calculated for a mag-
netic perturbation and given in Eq. (11). At higher fre-
quency, dynamic screening effects are present. They will
be considered in the following paragraph. Substituting
m=Xh"¢in AE, one obtains

AE=— —;'Xijhimeh;ne-*- %Cijeiej .

Being h™¢ linear in the strains e;, according to the defini-
tion, one can finally write

AE=1(Cy—AC)ee; (1s)
where
AC;=(1/MP)bygib,siX g0ty . (16)

Equation (15) indicates that the magnetoelastic interaction
can be ignored in the study of the elastic properties of
these systems, provided that the elastic constants C;; are
corrected by the AC;; terms. One must note that the ACj;
can reduce the symmetry of the system: an isotropic one
can be reduced to an uniaxial, a hexagonal to an
orthorhombic, etc.
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The importance of having an explicit expression for all
the effective elastic constants, knowing X and the direc-
tion of M, is that one can then predict all the elastic prop-
erties of the systems. The results of the explicit calcula-
tion for the magnetoelastic field components and for AC;;
are reported in Table I for the cubic system and in Table
II for the hexagonal one. Finally it must be noted that it
is possible to derive the expressions for an isotropic sys-
tem (random polycrystals) either from the cubic or from
the hexagonal case by making the following substitutions.
For the elastic constants,

Ci1=Cp=Cyu=A+2u,
Cp=Cp=Cp;=A7,
Cypy=Cs55=Ce=(C;1 —C3)/2=p .

TABLE 1. Magnetoelastic field components A and elastic
constant corrections ACj; for a cubic system.

A= —[2be a}+by(egas+esad)] /M,
h = —[2b,e,03+bs(ecal+eqad)] /M,
h"= —[2b,e303+ by(esal+esa3)] /M

AC | =—[4b X ()] /M2
ACyp=—[4b1X,,(a3)1/M]

ACy=—[4b3X.(a3)?]/ M}

A Cay=—b3[Xz(a9)+2X,,0303+ X, (03)2] /M7

ACss= —b3[Xux (03 + X (@) +2X ;0031 /M?
ACes=—b3[Xax(@3P+X,p (ad)+2Xyada3] /M?
A_Cu= —(4b%Xxya?ag)/M,2

AC;3=—(4b1X,alad)/M?

ACy3= —(4b1X,,a5a3) /M}

ACyy= —2b by (X003 + X a003) /M?
ACys=—2b1bs[Xxxalad+ X ()1 /M

ACi6= —2b1b3[ X x @30+ X 1y (a))?] /M2

ACy= ~2b1bzinya3a2+X,,(a‘z’)2]/Ms2

ACys= —2b1br(XxyalaS + X alaf) /M
ACy=—2b1by[Xny (@3 +X,pafad] /M
ACsy=—2bb,[ X,z (2> +Xza303] /M2
AC3s=—2b1b3[ Xz (03)? +Xzala3]/ M}

ACig= —2b1by(X 0303+ X,,a003) /M2
ACys=—b3[Xny(a3+Xx,03034 Xy, 0009+ X o331 /M
ACas=—b3[Xay@203+ X (@D + X, a2+ X %031 /M2
ACss= —b3[X @303+ Xy 003+ X 303 + X, (29)?1 /M
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TABLE II. Same as Table I, for a hexagonal system.

hI®= —[bsalle; —e;)+biades+bsaes] /M
hyme= —[b3a(2’(e2—e1 )+b3a?e6+b¢age4]/Ms

hPe= —[2bya3(e; +ez)+2bynales +bsales+baases] /M,

AC“ = [ —'b%[Xxx(atl))2+ny(a[2))2—‘Xxya?a(2)} +2b21b3ag(xyzag_xxza(1))_Xzz4b%1 (ag)Z} /Msz
ACy={ — b Xxx (a4 Xy (a2 —X 1y @031 + 2615303 (X s 0 — X3, 09) — X 4b 31 (0)%) /M7

ACy=—Xz4b%(a3)?/M?

ACa=—b3[X=(ad)?+X,yy (a3 +X,,0503] /M.
ACss= —bi[X (P +Xz(a)? +Xxafad]l /M
A Cos=—b3[Xax(aD?+ Xy (@) + X xyala3] /M

ACu’—-"; {b%[)(xx(a?)z +ny(a(2))2_xxya(l)ag] —4b%1 (ag)zxzz} /Msz
ACi3=[ —byubs(Xx0308—X,;0303) — 4X zb21b (a3’ ) /M
ACra=— +ba{b3][ —2X,y @205+ X2, 0905 + X z,0503 — X, (03)*] + b2y [ 4X 220308 + X5 + 2X . (a8)*1} /M

1
7
ACis= — Lb4 (53] 2 e 0303 — X 2y 0303 — X, 0309+ Xz (0?1 + b1 [ 22Xz + 40X 2 1} /MY
1
2

ACi6=—7b3{2630903(Xx —Xyy) +b3X [ (92 — (@3] + 26510323 s + X )} /M2

ACo3=[b3b2ad(ad%,, ——ag)(y, )—4b31 b2y (ad) X 1/ M?

ACyy=— b4 {b3[2X,y 2305 — Xyl —Xxz0003 + X,z (a)?] + b2 [4X @30S+ 2X . (a2)2]} /M

ACys=—5b4{b3] —2Xxx @30S+ X 5y 0303 — Xz (@37 + X ;0303 ] + b1 [4X oS3+ 2X o (@3)?]} /M2

A Cas= —5b3{b3[ —2a00 xx +20503X,, + (2D X 2y — (@)X 1+ b1 (2030 sz +20303X,, )} /M2

ACy= —bzzbfsag( 2‘12/\/u +a(3))(yz )/Ius2
AC35=—bybaa3209X ; + 03X ;) /M2
AC3=—byb3a3(Xx03+Xyal) /M

ACys=—5b3[20903X z + (a3 1y +a303N 1z + 303X, 1 /M2

ACus=—7bsbs[2a3a3X,, +a3a sy +(09)X s +afadX,, 1 /M

A 056 = %b3b4[2agagXxx +a?agxxy +a(1)a(2)sz +(a(1))zxyz]/M32

For the magnetoelastic constants,
by=by=b

starting from cubic, and
byy=—b/2, byy=b3=>b, by=>b/2

starting from hexagonal.

SCREENING EFFECTS ON THE
SUSCEPTIBILITY TENSOR

To have a complete description of the elastic properties
of a magnetostrictive material, within the approximation
of the linear magnetoelastic theory, a further analysis of
the susceptibility tensor is necessary. X has already been
calculated for the low-frequency limit, where the screen-
ing effects can be ignored. For higher frequencies, the
dynamic effects have to be taken into consideration.

Moreover, one must take into account the fact that the
driving field A™° is not a true magnetic field but only a
description of the internal coupling between M and e.

These dynamic effects can be calculated by solving the
Maxwell equations for the general case of a magnetic con-
ducting media, having conductivity o. In the cgs system,
assuming the dielectric constant to be e=1 and having no
free charges, one has

V-E=0, (17a)

V-B=0, (17b)

YxE=—L 9B (17¢)
¢ OJt .

va:% 417(;E+%fti +ATVYXM . (17d)
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In B=H+47M we have to consider that H=H,;+h'
where H| is the static field and A’ is the screening field to
be calculated. A™° does not contribute to H because it is
not a true magnetic field. In M=M;,+m, we have to in-
troduce the response of M to the perturbation:
m=X"%~’'+h™°), where the susceptibility tensor X°, for
frequencies well below the ferromagnetic resonance, can
be assumed as equal to the static susceptibility calculated
in Eq. (11); all the dynamic effects can be considered as
being described by the screening field h’. Simplifying the
47V XM in Eq. (17d), taking the curl of both the terms of
this equation, and then substituting Eq. (17¢) in it, one ob-
tains

3°B 470 3B

1
VX(VXH)=——3 =5 —=5- o

Assuming plane-wave solutions for A’ and m,
h'=hgexp[i(K'r—wt)] and m=meexp[i(K-T—wt)],
propagating at the same frequency and with the same
wave vector |K | =w/v as the elastic perturbation, one
has

[1—i(w, /0)]47X%
A2
(2w (1=K —[1—ilw, /0)](1 +47X3)

Xi= |1+

for i =x,y, where one has defined w,=47o and K=K/ |K |.
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2
(hy KK — |K |2hy= |2 —i 2T 5
c c
X [(1+4mXyhy+47Xoh™] .

This vector equation can in general be solved for the three
components of hy. Then from A, using the simple ex-
pression

Xh§e=Xx"(hy+hg*) ,

one obtains the effective dynamic susceptibility X.
If one chooses a reference system with the z axis paral-
lel to M, then the susceptibility tensor is simply

X% 0 0
X°=|0 Xxp 0
0 00

when the orientation of the x and y axes is properly
chosen. If, moreover, K is parallel to one of the principal
axes, so as to have K;K;=0 if i-~j, one then obtains
X;j=0if is£j; X, =0 and

Xii » (18)

Separating the real and imaginary part of X;;, using uf = 1+47X% and | K | =@ /v, one obtains

A2
(/) (1—K;)—(1+ 0} /oP)u)

ReX; = |4mX{) — 5 " 5
[(c2/v2)(1—K; ) —ui PP+ (0F /o) (u)?

(g /0)(c?/v2)(1—K;)?

ImX;=— |4mX%

(21 =R ) —pd P+ (02 /o) (ul )

The susceptibility for given directions of the wave vector K can now be calculated.

ponents of X are modified as follows:

22— (1402 /0?)ul
ReX;; = |4mX}; : - 1|xg,
! i (2 /02 —ud P+ (w2 /o) (ud)? e
(wg/0)(c?/v?)
ImX; = — |47X3 °.
! s (2 /02— ud )+ (02 /o) (ul)? Xi

If K is perpendicular to M, for the components of X per-
pendicular to both K and M, one obtains the same correc-
tions for X; as above. On the other end, for the com-
ponent parallel to K one obtains

1 0
ReXjx=——X3,
L —)
@1

ImX”K =0.

+1 (X2,

(19)

0
i -

If K||M||Z the transverse com-

(20

The above results indicate a dependence of the suscepti-
bility tensor on the propagation direction. This effect will
allow us to give a more complete interpretation of the
available experimental data. More specifically the differ-
ence in the transverse susceptibility components, parallel
and perpendicular to K, will allow us to explain both the
presence of an attenuation only in the case of the K|[Mlu
configuration and the difference in the ultrasonic shear
wave velocities between the K||MLU and the K1M||U
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TABLE IIL Comparison of the theoretical and experimental data for nickel single crystal. Shear
waves at 10 MHz propagating along [110] at H;,,=8 KOe. We have assumed A=—19%107¢,

Aoo=—50X%10"% M,=484 emu/cm?,

C=1.235%10"? dyn/cm?,

(Cy1—C1,)/2=0.504 % 10"

dyn/cm?, and 0 =15 10" sec™!. Experimental data are from Ref. 2.

Theoretical Experimental
u||[170] Mj||[110] AV/Vy 11.35x107* 13.5x 1074
8 (Np/cycle) 10.95x10~* 10.4x 1074

(AV/VO)M||[110]“(AV/VO)M”[]TO] 3.03)(10_4 2)(10_4
ul|[001] M||[110] AV /Vy 3.07x 1074 53x107*
8 (Np/cycle) 1.7x10~* <3.0x10~*
(AV/Volmyriio;—(AV/Vo)myjoor] 0.12x10~* <0.3%x10~*

cases. We can also note that this difference increases with
decreasing conductivity.

DISCUSSION

Our approach to the magnetoelastic effects, within the
approximation of the linear magnetoelastic theory, makes
it possible to calculate the correction to the elastic con-
stants, without fixing a priori the direction of propagation
and without solving the relative coupled equations of
motion. The resulting corrections to C have the form

2
b 2 a?a}))( .
s

AC=

Although the susceptibility tensor in this expression
differs from the static susceptibility X° for dynamic
corrections, these can at first be ignored for a qualitative
analysis of the elastic properties of the system. Then,
once the applied field and consequently the orientation of
M and X° are known, one can immediately predict the
symmetry of the elastic properties of the system. The na-
ture of the normal modes of acoustic wave propagation as
well as their degree of magnetoelastic coupling can direct-
ly be calculated. Moreover, also peculiar observed effects,
such as the acoustic birefringence!® or the resonance and
polarization rotation,'* can be easily predicted. It must
also be noted that the AC reported in Tables I and II are
consistent with those reported in literature,*® which are
calculated, for specific cases, by solving the coupled elas-
tic and magnetic equations of motion.

To obtain correct quantitative values for the variation
of the velocity of the elastic waves and of their attenua-
tion, one must calculate the dynamic susceptibility tensor
following the procedure described in the above paragraph.
For the two main cases of propagation, parallel or perpen-
dicular to M, one can distinguish two dynamic effects on
X. The first is the occurrence of a term 47M to be added
to the applied field (and eventually to the anisotropy) in
the denominator of the susceptibility. This effect occurs
in the component of X parallel to the propagation direc-
tion, and it has been attributed to a dynamic demagnetiz-
ing field.* The second effect is due to the electron con-
duction screening; it is frequency and conductivity depen-
dent, and it shows up both as a reduction of the real part
X' and in the appearance of an imaginary part X' in the
susceptibility components perpendicular to the propaga-

tion direction. The presence of X"’ results in an imaginary
part AC" in the elastic constants and hence it gives rise to
a logarithmic attenuation (in units of Np/cycle) for the
elastic waves:

ACII
2C°

It is this difference between the susceptibility components
parallel to the propagation and perpendicular to it that
makes it possible to explain the experimental data relative
to both the different velocity of the K||Mlu and the
KLM]|u cases and the different attenuation of the various
modes.

A comparison between the theoretical predictions and
some available experimental data®® is reported in Tables
III and IV. The comparison has been made for shear
waves in nickel single crystal and in Pry(Cog g Feg 19)17
polycrystal for values of the internal field (8 and 10 KOe,
respectively) high enough to have complete magnetic
saturation.

For nickel crystal we have considered the case of propa-
gation K along the [110] direction, polarization u along
[110] or [001], and magnetization either parallel to K or
to u. Considering all the effective elastic constants that,
due to the magnetoelastic corrections, can result different
from zero in our cases, we have the following expressions
for the shear wave velocities:

§=2m

pvi=(C;; —Cy,)/2 for K ||[110], u||[110],
pv2=(Cyy+Css+2Cys5)/2 for K [|[110], u||[001],

TABLE IV. Comparison of the theoretical and experimental
data for Pr,(Co,Fe,_,),; polycrystal; V are the shear wave ve-
locities at 5 MHz. We have assumed A|—A;=—572X107¢,
Ro=pV5=6.19x 10" dyn/cm?, b= —(A;—A, )20, M;=1158
emu/cm?®, 0=1.997x10' sec~!, H=10 KOe, and x=0.81.
Experimental data are from Ref. 8.

Viexpt) V(calc)
(cm/sec) (cm/sec)
ulMlK 2.73%10°
u|[MLK 2.704 X 10° 2.704 10°
ulM||K 2.69< 10° 2.695<10°
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in the cases we considered one has to take the susceptibili-
ty from Eq. (20) when M||K and from Eq. (21) when M
is parallel to u. As shown in Table III, the prediction
made using a reasonable set of parameters are in very
good agreement with the experimental data.

For the case of Pry(Cog g1Feg 19)17, in which the magne- -

toelastic coupling reduces the symmetry from isotropic to
uniaxial, we have considered the three cases of M being
parallel to the propagation, to the polarization or perpen-
dicular to both. The last case, in the simple approxima-
tion of considering a polycrystal as an isotropic single
crystal, resulted unaffected by the magnetoelastic cou-
pling, the velocity being given by pv?=(Cy; —Cy,)/2=p,.

When M is parallel to K or to u, the shear wave velocity
is given by pv?=po—b3Xxx /M2 When M|k, the suscep-
tibility is given by Eq. (20), while for M||u, one must use
Eq. (21). Again the agreement between theory and experi-
ment is very good (see Table IV). For this sample we have
also made the comparison between theory and experiment
at different values of field, in the range 4 to 12 kOe, ob-
taining always a good agreement.

We can finally also note that the peak in the softening
observed, at low field, in nickel single crystals!>!® and
films® can probably be explained by the present model if
one takes into account that the transverse susceptibility
has a strong peak at H=H,,.
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