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The unusual properties of the group Vb bcc hydrides are shown to derive from a particular d-band
quasimolecular resonance state localized near interstitial hydrogen. This state is schematically shown to be
grounded in fundamentals. The point of departure is an Anderson-Newns approach to the problem of a
single hydrogen atom in a transition metal, with the metal states in a mixed nearly-free-electron-tight-
binding representation. Orthogonalization of pseudo-plane-wave states to the hydrogen 1s "core" state leads
to a Hamiltonian with site-diagonal disorder (Anderson Hamiltonian) for the d band. This gives the
possibility of induced, localized d states, Assuming that localized electron states derived from the d band
exist and are confined to the shell of metal atoms nearest the impurity, symmetrized linear combinations of
atomic orbitals (-molecular orbitals) (LCAO-MO) are constructed for impurity polyhedra in the group Vb
metals. The orientation of atomic d orbitals used for this construction is that of the pure metal. One of the
MO s so obtained is shown to be particularly well suited, in terms of availability and closeness to the Fermi
level, for screening purposes. This state is degenerate and, by analogy with other well-known states (e.g.,
impurity-vacancy pairs in Si), should have a strong Jahn-Teller interaction. A particularly simple (111)
distortion proves to be key for understanding previously unexplained properties in the Vb metal-hydrogen
systems, viz. cubic lattice distortion, hydrogen diffusion, and excess partial entropy. Following an argument
that the Jahn-Teller distorted state should persist at higher concentrations because of its essentially
molecular character, a blocking rule is formulated based on the assumed integrity of this state. The rule is
shown to explain hydrogen partial entropy versus concentration, including a sharp decrease in entropy near

[H]/[M] = 1. It also predicts that hydrogen diffusion should become increasingly correlated at higher
concentrations, agreeing with a recent experiment. Finally, exceptions to the blocking rule are discussed in
terms of an additional Jahn-Teller state, and it is shown that observed superlattice structures can be
understood in terms of one or the other of the two Jahn-Teller states.

I. INTRODUCTION

The hyrides of V, Nb, and Ta are among the
best characterized of all transition-metal hyrides,
but yet they are not understood —particularly
regarding the connection between observed proper-
ties and electronic structure. This paper attempts
to close that gap by showing that much of the
observed behavior derives straightforwardly from
a particular d-band resonance state localized on
the shell of metal atoms immediately adjacent to
interstitial hydrogen. Further, this quasimolecu-
lar resonance state is shown to be fundamentally
grounded. To establish a suitable frame of ref-
erence, the argument must begin with a brief
discussion of important properties' that accentu-
ates puzzling features.

The phase diagrams of the group-Vb hydrides
have been extensively charted; most prominently
through classical pressure-volume-temperature
(P- T/ T) techniques I'-eslstlvl'ty determlnat1ons
and magnetic susceptibility measurements.
Structural details have been largely worked out
through the complementary techniques of x-
ray and neutron diffraction, and also through
the use of transmission electron microscopy.
Dynamical features such as acoustic and optical

(hydrogen) modes and hydrogen diffusivities have
been studied by quasielastic and inelastic neutron
scattering, by NMR, and by other more specialized
techniques.

An important dynamical earmark is the existence
of hydrogen optical modes with frequencies well
above the highest lattice (acoustic) frequencies. 't'l
Detail. ed study of these modes reveal that the
interstitial hydrogen atoms behave as an assem-
blage of Einstein oscillators. There are also a
number of important thermodynamic and struc-
tural features. Thus, at sufficiently high temper-
atures (&500 K), the Vb hydr ides form a continuous
solid solution phase~ up to C„=1(Cn =- H/M). The
metal sublattice retains the bcc structure through-
out, and the hydrogen atoms almost randomly
occupy tetrahedral interstitial sites (t sites), of
which there are six for every I atom (Fig. 1).
At lower temperatures, there is a great variety
of hydride phases, ' " in which hydrogen atoms
order among themselves. These orderings take
place on a sublattice of t sites, but in V there is
also ordering on a sublattice of octahedral
interstitial sites. Apart from these special cases
in V, the metal sublattice in ordered hydride
phases is pseudocubic, showing very small dis-
tortions from the parent metal bcc structure.
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FIG. 1. bcc lattice with tetrahedral interstitial sites
(t sites) located by corners of the truncated octahedra.

Indeed, most of the important properties charac-
teristic of the parent metal (e.g., phonon
spectra, '~'~ electronic properties'~'~) are not
greatly modified by the presence of hydrogen for
C„&1.For higher hydrogen concentrations the
metal sublattice undergoes a first-order struc-
tural. transition, but we are not concerned with
these higher hydrides.

The interactions responsible for formation of
ordered hydride (superlattice) phases in the Vb
metals are not understood. In fact, more than a
few of the important properties of these metal-
hydrogen systems have not been expl. ained or,
at best, are only poorly understood. One of
these is hydrogen diffusion, which has been per-
haps the most intensively studied property, both
experimentally and theoretically. A variety of
ideas have recently been advanced to explain hy-
drogen diffusion in the Vb metals. ' @"They
share the common assumption that valence elec-
trons need be considered only in a gross, aver-
aged sense as potential energy surfaces for nu-
clear motion and can otherwise be ignored. But
in spite of these efforts, some outstanding ques-
tions remain unanswered. Thus, while proton
diffusion is known to be phonon limited, ' + the
absolute magnitude (at 300 K, comparable to
proton migration in liquid H, O) is difficult to
'understand in terms of obvious polaronic con-
cepts. 4 Furthermore, quasielastic-neutron-
scattering studies, which had been so successful
in the microscopic elucidation of proton diffusion
in Pd hydride, ' have baffled all attempts at,
description for the Vb hydrides. ~

Stoneham~ has argued that these difficulties can
be resolved in terms of a model that. has the pro-
ton tunneling (in the coherent sense) among a
small group of sites and occasionally hopping from
one group to another. This model, though, hag
not been developed quantitatively, nor has any
basis been offered for such bimodality. Nonethe-

less, there is experimental evidence at low tem-
peratures that hydrogen in Nb doped with oxygen
does indeed tunnel among a smal. l group of sites. '
It is unclear whether oxygen merely inhibits for-
mation of an ordered hydride phase or, instead, '

forms a complex with hydrogen. If it is the for-
mer, Stoneham's concept merits added attention.

.Another puzzling hydride property —one that
has not received much notice —is the observation
of anomalously large hydrogen partial entropies
in the limit of smal. l C„for temperatures near
ZOO K. At lower temperatures this quantity has
not been adequately characterized; experimental
difficulties have apparently limited its determina-
tion to one or two investigations. ' Even so, these
latter observations (which do not show an anomaly)
have been cited ' in support of the conventional
description, whose base state has hydrogen lo-
calized in deep potential wells on individual
t sites.

But of aH. the puzzl. ing features, the outstand-
ing anomaly is the well-established observation
that the tensor characterizing distortion of the
metal sublattice near the proton is (apart from ex-
perimental uncertainty) cubic'~'~ —this in spite
of the tetragonal symmetry of the t site. Con-
trasting sharply with the cubic lattice distortion
is a clearly observed anisotropy for the optical
modes. ' ' The anisotropy is quantitatively pre-
dicted by local symmetry on a model with central
forces between proton and nearest metal atoms
only. " Taken together, these two disparate facts
suggest that the force fields determining local
modes on the one hand and lattice distortion on the
other are distinct. Indeed this idea is implicit in
a recent study in which M-H and M-Mforce con-
stants (including only the four M atoms nearest
to the impurity) were adjusted in a lattice-dy-
namical calculation to give agreement with ob-
served local mode frequencies, lattice distortions,
and el.astic constants. " A good fit was obtained,
but derived M-M force constants were greatly
altered relative to pure-host-metal values. Such
an effect might be plausible in terms of an in-
duced electronic state (e.g., a screening state)
localized on the nearest shell of metal atoms,
but the existence of a cubic lattice distortion
near the proton must be seen as an accidental
feature of that concept.

This brings us to a basic difficulty —not only
for the Vb hydrides, but for all. transition-
metal hydrides —that seriously hampers progress
toward a full appreciation of hydride properties
such as those described above, namely, what is
the electronic character near interstitial. hydrogen
in the. limit of infinite dilution'P In view of the
observed continuity of properties between the
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dilute limit and the maximum hydrogen con-
centrations attainable, this is surely a question
of fundamental significance for the Vb bcc metal
hydrides. Friedel" has given a brief, qualitative
discussion of a single hydrogen atom in a transi-
tion metal. His approach emphasizes the pxotonic
character of the impurity. The work of Newns'3

describing hydrogen chemisorption is more di-
rectly relevant, though, primarily because the
atomic character of hydrogen is emphasized at
the outset. Chemisorption is a surface problem,
but there are significant reasons for believing it
to be not altogether different from a bulk solution
of hydrogen. "

In the following sections we show that for hy-
drogen in the bulk, Newns' appx'oach for chemi-
sorption, plus inclusion of certain orthogonality
terms, leads naturally to an Anderson Hamilton-
ian with site-diagonal disorder"'" for the d-
band states. This gives the possibility of local-
ized electronic states derived from the d band.
We do not attempt a direct solution of this prob-
lem, but instead proceed on the assumption that
for a localized d state to play a role in the screen-
ing process, it must (i) be describable as a sum
over d-band states which are not already occupied
in the pure metal; (ii) have a mean energy rea-
sonably close to the, Fermi level; and (iii) be
primarily confined to the nearest shell. of metal
atoms about the impurity.

Using an LCAO-MO approach, we constructprop-
erly symmetrized one-electron states confined to
the nearest shell. The atomic basis consists of
d orbitals whose orientation is as for the pure
metal. The set of states so obtained are approxi-
imately related to the Fermi level (Ez} of the Vb
metals by comparing the molecular bonding
character of these states with Qe known charac-
ter of the d band in bcc metals. Only one of these
states matches the criteria of availability and
closeness to E&. An important feature of this
state is the existence of spatial degeneracy.
After comparing this quasimolecular system with
certain well-studied systems, we argue that a
strong Jahn-Teller (JT) interaction is likely, and
that distortion along (111}bonds is the expected
mode of stabilization. We show that a simple
static displacement along a single (111}bond gives
the cubic lattice distortion and at the same time
suggests a remarkable mechanism for diffusion,
not. unlike that postulated by Stoneham. ' Further-
more, this description explains immediately the
excess partial entropy. Then we formulate a
simple blocking rule for neighboring impurity
atoms, based on intuitive ideas about the molec-
ular character of the induced state together with
certain experimental facts. Finally, we show that

much of what is known about the Vb bcc hy'drides
at higher concentrations can be rationalized in
terms of this rule.

In short, the model set forth in this article—
while highly schematic —attempts to unify a large
body of facts about H in the Vb metals under a
description that is grounded (at least tentatively)
,in fundamerital principles of solid-state electron
physics, but that retains, almost paradoxically,
molecular simpl. icity.

II. HYDROGEN SCREENING —THE EFFECT OF
0RTHOGONALIZATION

This section gives a schematic treatment of
the problem of a single interstitial hydrogen
impurity in transition metal. s, patterned on the
model used by Newns" to describe hydrogen
chemisorption. An important difference is the
inclusion here of orthogonalization effects on
metal conduction states. The role of this ad-
ditional perturbation is most clearly seen by de-
scribing the pure metal in a mixed tight-binding
and pseudopotential representation. " Specifically,
we argue that orthogonalization of pseudo-plane-
wave states induces site-diagonal disorder in the
tight-binding Hamiltonian.

The chemisorption model of Newns follows
closely Anderson's description of magnetic im-
purities in alloys, "which treats the effect of the
solute atom entirely as that of a separate local-
ized state. rather than as an impurity potential
acting on the free-electron gas. According to
Anderson, "the essential criteria for validity of
the model are (i}the "inner-shell" orbital must
be very different from free-electron states of
the solvent, and (ii) it must be sufficiently local-
ized so that its Coulomb self-energy integral
is not screened out. Generally speaking, these
conditions should be satisfied by interstitial hy-
drogen in transition metals; nevertheless, the 1s,
state is likely to have appreciable band charac-
ter, especially in regions not too close to the
proton. We consider this to be a significant
perturbation that should be explicitly included at
the outset in the application of Anderson's model
to interstitial hydrogen.

The single impurity is represented by the neutral
hydrogen atom and the total representation (metal
plus hydrogen} is given below in block form:

is -1s is-c 1s-d

c-1s c-c c-d

d-1s d-c d-d

where the c and d blocks correspond to pseudo-
plane-wave states and tight-binding states, re-
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spectively. Just as for the tight-binding states in
Mueller's treatment, "the hydrogen 1s state is
considered at first as part of the core and, in the
spirit of the orthogonalized-plane-wave approxi-
mation, ' al, l pseudo-plane wave states must be
made orthogonal to the 1s state. (This is similar
to Bennemann's treatment20 for point defects in
covalent crystals. ) Clearly, only those states
having A., symmetry about the impurity site can
be affected. In terms of unperturbed pseudo-
plane-wave conduction-band states (I))-, (orthogonal-
ization terms caused by the d states" are implicit-
ly included in the definition of Pj), the modified
states in the presence of the impurity are

QI =PP -[M,(k)im)„jC ', (2)

where the normalizing factor C is given by

~CL =I- ~~.(k)(,

))(.())=- f (r4 &r.
(3a)

(3b)

V, )=-(mr&)( (i) f N."S,.+C C )r,,'~*r, (().. .

This attractive iriteraction lowers the energy of
the 1s state and also of tight-binding orbitals on

nearest-neighbor metal atoms. The reason for
choosing the Mueller representation" should now
be transparent. For H«of Eq. (1), we write

&+ ~f e» + &n: tf n, i sos p 'n'
p

npn'
(6)

At this level, the effect of orfhogonalization is a
redistribution of electron density within the con-
duction band —depletion of charge density iri the
vicinity of the impurity is offset by a correspond-
ing increase delocalized over the crystal. But
this changes the effective pofential in the vicinity
of the impurity, introducing an attractive Coul-
ombic interacfion through the one-elecf ron
Hartree potential, localized around the impurity.
In the Hartree-Fock (HF} approximation, elec-
trons in fight-binding states "see" an effective
electrostatic potential associated with occupied
conduction-band states, which for the pure metal
18

r( r, ) =2 P j I(r( r )I r,,'d'r, (4).
k

In the presence of a single hydrogen impurity,
this effective potential is modified by the orthogon-
alization of conduction states given by Eq. (2)~ To
first order in the overlap M„the change in the
effective potential [obtained by substituting Eq.
(2) into Eq. (4)j is

where [l)n) is an atomic d function centered on

site n, and p, describes orbital symmetry. The
one-electron orbital energies („„aresite inde-
pendent in the pure metal. The interstitial hydro-
gen impurity, through the effect of orthogonaliza-
tion on conduction states and thereby on the
Hartree one-electron potential, produces site
disorder in the &„„.If off-diagonal terms t„,„.„.
are unaffected, then Eq. (6) for the impurity
problem is just the Anderson Hamiltonian for
site-diagonal disorder. " An unusual feature in
the present case is that metal atoms are affected
in groups of four (assuming that only nearest-
neighbor metal atoms see V„)~ The point to be
emphasized here is the possibility of localized
electronic states (virtual or real} derived from
the d band. A variety of localization effects have
been determined for this Hamiltonian, mostly
through application of the coherent-potential
approximation (CPA} method, ' both to model sys-
tems" and to real systems. 2'

In the pr~~ent case, the system can apparently
respond to V„in two distinct ways: transfer of
electrons from the conduction band to either the
1s state or to a state derived from the d band and
localized primarily on the shel. l of metal atoms
nearest the impurity. The response will be de-
termined by the important parameters of the
problem, namely, (i) the net electron density
depleted from the vicinity of the impurity by
orthogonalization; (ii) the energy of available
localized d states relative to E» (iii} the impor-
tance of the Coulomb self-repulsion integral (U)
for the 1s state relative to that for the localized
d state. The latter effect clearly favors forma-
tion of a localized d state (localized on a crystal
scale, but delocalized on a molecular scale).

If the various parameters can be determined and
the conduction bands reasonably modeled, it should
be possible to obtain a self-consistent solution in
the Hartree-Pock approximation. The essential.
features of the self-consistency problem appear
to be (i} interaction of the 1s state with orthogon-
alized band states along with a large repulsive
Coulomb interaction between two electrons in the
1s orbital, and (ii) interaction with band states
of a state derived from the d band in which elec-
tron density is shared by metal atoms in the shel, l
nearest the impurity. For the latter state, U

is probably unimportant because of conduction-band
screening effects.

The first part of this problem is essentially that
considered by Newns, "but with appropriate mod-
ifications for the bulk. The parameters are ex-
pected to be roughly comparable to corresponding
ones for the chemisorption problem. '4 The cou-
pling integral is perhaps greater in the bulk,
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. simply because of a greater number of metal
atoms near the impurity '(this advantage may be
offset somewhat by the role of dangling d orbitals
on the surface). Thus, as in the case of hydrogen
chemisorption, "a nonmagnetic solution for the 1s
bound state is also likely in the bulk. Further-
more, this state should l.ie below the d band, with
no density at the Fermi level. A localized d-
band screening state, on the other hand, would
necessarily lie near E&.

III. LCAO-MO DESCRITPION OF INDUCED d STATE

In this section, the foregoing ideas are applied
to the particular problem of hydrogen in the Vb
metals. The primary aim here is the evocation
of a spatially degenerate d state and thereby the
possibility of a stabilizing Jahn-Teller distortion. "
We do not attempt a self-consistent solution, nor
are we directly interested in the j.s impurity state.
Instead, the discussion focuses on description of
possible localized d states using LCAO-MO
theory, in which only d orbitals on the four metal.
atoms nearest the impurity are considered. Be-
cause such a state (if it exists) must derive from
the metal d band, atomic orbitals describing this
state are determined by the nature of the d band.
In bcc metals the d band is known to be sharply
divided into bonding and antibonding halves of
nearly equal weight. '4 According to Friedel, '~ ~

this is due to the fact that all the d functions can
be chosen with their lobes pointing to first- or
second-nearest neighbors.

The atomic basis set shown in Fig. 2 has been
chosen to satisfy the preceding specification with
lobes of t~ functions [Fig. 2(a}]approximately
along (111)directions, while e, lobes [Fig. 2(b}]
are along (100) directions. Only two d orbitals
per metal atom are included with the assumption
that the remaining three d orbitals are significant-
ly less stabilized by V„than those of Fig. 2.
Qualitatively, this assumption is justified by the
expectation that V„,with its xg&' weighting factor,
is localized entirely within the she(1. of nearest-
neighbor metal. atoms. A second, perhaps more
significant reason, is the fact that the states made
up of the neglected d functions have primarily
atomic character as opposed to molecular or de-
localized character of important states based on
the d functions of Fig. 2. Screening of the repul-
sive Coulomb self-energy integral will be less
compl. ete for states with atomic character than
for those having some delocalization.

The quasimolecule shown in Fig. 2 belongs to
the D,„point group. A set of symmetrized MO's
corresponding to the atomic basis of Fig. 2 can
5e derived by inspection and are shown in Table I

FIG. 2. Atomic basis for the D2& four-atom metal
impurity polyhedron: (a) t2~ orbitals; (b) e~ orbitals.
The distorted square represents hydrogen on a t site.
Solid and dashed lobes have opposite phases.

along with their irreducible representations and
bonding character. This latter property refers
to the nodal, character of the MO along the (100)
and (111)bonding directions; it is not unlike the
corresponding feature of extended d states which,
for bcc metals, places these states in either-the
bonding or antibonding half of the d band. In fact,
the molecular states of Table I c@n be consigered
as prototypes of the d band in the spirit of cluster
calculations applied to transition metals. " Thus,
we argue that the bonding character of the MO's
in Table I qualitatively determines their locqtion
relative to E&. The valence electron configuration
for the Vb metals is d48', so that E~ falls in the
bonding half of the d band, just short of the pro-

State Atomic orbital description Bonding character

4g(&g)

4g(&)

eq {+)
e,{+)
C,(82)

~,%')

I ~) + I »+ I c&+ I &&

I ~& —
I &&+I ~& —

I &&

I e&+If&+Ig)+I &&

I e) + I g) - If) -I, +&

I e) - Ig) + If& + I a&

Bonding

Nonbonding

Antibonding

Bonding

Bonding

Antibonding

TABLE I. Symmetrized MO's based on atomic orbitals
of Fig. 2.
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nounced minimum separating the two halves.
Therefore, the bonding states of Table I are re-
lated to states which are, for the most part,
already occupied in the pure metal and are thus
unavailable. The antibonding states, on the other
hand, lie well above E& and are not. likely to be
important. That leaves the nonbonding state g, (E),
which can reasonably be placed right at the min-
imum, several eV above E~ (the attractive term
V„willbring it still closer). This state is
schematically depicted in Fig. 3(a) as a resonance
or virtual bound state superimposed on the d-
band density of states, and is also shown as a
combination of I~ orbitals with two bonds and two
nodes along (111)directions. The striping rep-
resents conduction-band states.

In zeroth order, g, (E) is doubly degenerate [a
distinct electron state results when bonds and
nodes in the MO of Fig. 3(a) are interchanged].
This fact, together with the proximity of E&,
means that if P,(E) exists, a stabilizing Jahn-
Teller (JT) distortion should be operative —at
least in principle. Whether in fact such a dis-
tortion occurs is a self-consistency question,
but clearly a strong JT effect is required to

E

UJ

EF

(b)
FIG. 3. Schematic of postulated Jahn- Teller distor-

tion: (a) undistorted state [g &
(E)]; (b) distorted state

g J T]. The four-atom quasimolecule is viewed along
(100) . Filled and open circles represent I atoms at
z =4 and —4, respectively. The square represents an
H atom at z = 0 (unit of length is the bcc lattice constant
a). The striping represents band states. Resonance
state and band states are scaled differently in the p (E)
diagrams.

compete with the nearly 1 eV interaction between
localized and band states. "

In order to justify the LCAO-MO approach
employed here and at the same time obtain an
estimate of the JT interaction, we briefly de-
scribe analogous systems whose electronic prop-
erties are reasonably well understood. First,
there are M, X»" halide-metal clusters of Nb
and Ta in which the metal atoms are octahedrally
arrayed with intermetallic separations nearly
the same as for the pure meta1. s.25 Clusters such
as these have recently attracted considerable at-
tention as metal surface analogues. " Metal-to-
metal bonding of the Nb and Ta clusters has been
treated by a simple MO scheme" not unlike that
emp1. oyed here for the M4H impurity cluster.
Notably, the lowest bonding MO's have the same
0 overlap as that shown in Fig. 2. Electronic
spectra of M, X»" clusters have been interpreted
using the above MO scheme and are consistent with
strong sigma bonding. " Especially interesting
is the assignment of a peak at about 5 eV to a
transition between bonding and antibonding states
made up of tM atomic orbitals. The same sort of
c bonding is involved in tj'r, (E) and in the metallic
d band itself where the 5-10 eV separation between
bonding and antibonding halves measures its
strength. Against this backdrop, a strong JT
interaction for g, (E) is not unlikely.

Consider now those defects in diamond and
silicon, described primarily by %atkins, "that
have large static JT distortions with stabilization
energies of about 1 eV. The silicon'~'~ defects
are various impurity-vacancy pairs and the dia-
mond"'"' def ects are substitutional nitrogen and the
neutral vacancy. Although these defects are not like
interstitial hydrogen in bcc metals, there are
some important similarities: (i) the analogy
between the d band in bcc structures and bonding
and antibonding bands in covalent crystals has
been noted elsewhere'4'"', (ii) simple one-elec-
tron descriptions using symmetrized LCAO-. MO's
localized on small clusters around the defect
have qualitatively explained certain EPR observa-
tions, particularly so regarding JT distortions. '~'
More sophisticate& cluster calculations reveal
significant delocalization effects (™60%of the va-
cancy wave function in silicon is localized on the
nearest shell) also agreeing with experiment.
Even so, the important qualitative features of the
simple model are not lost through sophistication.
Especially notable is the demonstration that, with
only a small amount of delocalization in the solid,
many-electron effects are substantially smaller
than crystal-field or JT energies. '~'~

These cluster and semiconductor results lend
support to the present LCAO-MO description . '.
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Q{Bg) Q{B2)
FIG. 4. Jahn- Teller active vibrational modes for the

four-atom quasimolecule. View is same as in Fig. 3.
See text for description of internal coordinates.

possible localized d states induced by hydrogen
in bcc metals. This is especially so given that
we are here primarily interested in qualitative
rather than quantitative features. Again, we
argue that if an induced d state approximated by
g, (E) actually exists, then it is reasonable to
expect a stabilizing JT distortion.

Taking the four (111)displacements and the two

(100) displacements as internal coordinates'0 for
the quasimolecule of Fig. 1, JT active vibrations '
can be easily derived and are shown in Fig. 4.
This figure, when compared with Fig. 3(a), re-
veals that only the 8, vibrational mode directly
affects g, (E}. Considered naively, this predicts
system stabilization via a static 8, distortion.
But in cases where the JT interaction is compar-
able to electronic energies (e.g., defects in ir-
radiated silicon" l'l), stabilization is not solely
dependent on the behavior of a single electronic
state and thus cannot be readily predicted. With
this in mind, we treat the particular distortion
that stabilizes P,(E) as an unknown, but with the
expectation that (111)displacements are involved.
Figure 3(b) shows a particularly simple stabiliz-
ing distortion in which only two metal atoms are
displaced along a (111)bond axle. This distor-
tion is not symmetric with respect to the t site
(the center of symmetry), so that the graphic
depiction of the stabilized MO cannot be an accu-
rate representation for other than the nodal.
separation along the distortion axis. The two
resonance states energetically split by the dis-
tortion are also illustrated in Fig. 3(b}. The
stabilized resonance state is hereafter referred
to as li».

At this point it is worthwhile to review the pri-
mary motivation behind the essentially qualitative
approach of Secs. I and II. As noted in the Intro-
duction, the unexpected fact of a cubic lattice
distortion around the hydrogen impurity together
with the expected tetragonal anisotropy of hydro-

gen optical modes suggest that distinct force fieMs
are operative for these two effects. An induced
localized electronic state, having no direct inter-
action with the impurity state, provides the nec-
essary mechanism. By itself though, this idea
cannot explain the observation for all three Vb
metals of a lattice distortion that is sensibly
cubic. ' ' This key fact strongly hints at existence
of some qual. itative feature as the determining
factor. It is precisely here that the idea of a
stabilizing Jahn-Teller distortion has its greatest
strength; furthermore, it is here that the highly
qualitative approach of the present paper finds
justification.

Clearly, if the overall lattice distortion caused
by interstitial hydrogen in the Vb metals is dom-
inated by the stabilizing (111)displacement of
Fig. 3(b), then the observed cubicity is immediate-
ly explained. The hydrogen optical. modes, on the
other hand, are primarily determined by direct
interactions of the impurity state with those metal
states totally symmetric about the occupied t
site. The effect of the JT distortion on these inter-
actions is second order and small. This, then,
reconciles the tetragonal anisotropy of the optical
modes with the cubic lattice distortion. In the
following sections, we show that the particular
distortion depicted in Fig. 3(b), together with the
essentially molecular (closed-shell. }character
of g» are key for understanding the remaining
puzzl. es described in the Introduction. As such,
these simple ideas connect the preceding formal
description to the observed behavior of hydrogen
in the Vb metals.

IV. HYDROGEN DIFFUSION

This section describes certain dynamical ef-
fects expected for the proposed resonance state,

First of all, Fig. 3(b) shows clearly that
four distinct but equivalent (111)distortions are
possible for g». Such orientational degeneracy
is usuall. y associated with a dynamic JT ef-
fect,"' '" whereby the distortion axis reorients
among the equivalent states. Because this motion
displaces lattice atoms, it is phonon l.imited. 3'

By itself, this effect is not especially interesting,
but there exists the possibil. ity of a separate,
competing process. The distortion shown in Fig.
3(b} introduces an interesting topological disorder
info the sublattice of t sites. The hexagonal ring
of t sites normal to the JT distortion axis (see
Fig. 1) has been singled out —the six sites on
that ring are mutually equivalent, but distinct
from all other sites. The phonon drag that limits
motion of hydrogen among these six sites is small.
(the distortion axis does not move), giving pref-
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erential hopping or possibly coherent tunneling '
on hexagonal rings. Motion of hydrogen to a site
on a different ring necessarily implies physical
displacement of the distortion axis.

If the hydrogen ring motion is much faster than
JT reorientation, then their combined effect gives
a striking mechanism for macroscopic diffusion of
hydrogen. The electronic state it~r, its distortion
axis stationary, follows hydrogen adiabatically
around the ring defined by that axis. Hydrogen
is periodically trapped on individual ring sites
by energetic phonons moving through the crystal.
At the same time, certain of these phonons
activate a JT reorientation. Once that happens,
hydrogen whirls about the displaced distortion
axis on a new ring, thus pirouetting through the
crystal lattice. These ideas are illustrated in
Figs. 5 and 6.

When hydrogen is localized on a particular
t site within a given ring (also called ring state),
there are three distinct JT reorientations that
change the ring state. Two of these displace
the ring center by I = a a along (100) directions;
and the other, by I =a/P2 along (110) directions.
The latter displacement is illustrated in Fig. 5,
and the former in Fig. 6 [Fig. 6(b) schematizes
the activated state]. Assuming stochastic JT
reorientation, there are (on a time scale greater
than that for the hydrogen ring motion) 18 distinct
displacements that change the ring state, with a
2: 1 ratio of (100) to (110) displacements.

Returning to the question of relative rates (JT
reorientation versus hydrogen ring motion), an
upper bound to the ring motion is given by co-
herent tunneling. Its frequency is exponentially
sensitive to the potential barrier between equiv-
alent sites and to the distance of the tunneling

level below the barrier top; at sufficiently high
temperatures, tunneling on excited levels can be
dominant. " Excited hydrogen optical levels in
the Vb metals are only 0.1-0.2 eV above
ground, ' ' and are thus very much in play at
normal temperatures where most diffusion mea-
surements have been made. This gives a wide
range of possibilities for the effective coherent
tunneling rate, but a value of 10" sec ' is a

/
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FIG. 5. Hexagonal ring of equivalent t sites normal
to JT distortion axis. View is along (ill) (a) Distor-
tion axis normal to plane of figure; (b) reorientation of
distortion axis followed by hydrogen ring motion (repre-
sented by circular arrow) on a new ring. Heavy arrows
indicate the new distortion axis.

(&)
FIG. 6. Hydrogen diffusion step: (a) tunneling state

before JT reorientation; (b) reorientation step with pro-
ton on indicated site; (c) heeling state after reorienta-
tion. Arrows indicate the distortion.
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7„'= exp(-0. 1 eV/k T)10" sec ', (8)

assuming jumPs between nearest-neighbor t sites,
In the present model, however, fhs basic diffusive
steP is dispLacement of the JT Chstortion axis
As described earlier, the jurnp length has only
two possibilities: l = a or a/R2. The larger
value is made plausible by assuming an Orbach
process in which the excited electronic state is
that corresponding to a static JT stabilization via
the B, mode in Fig. 4. Actually, NMR measure-
ments' on n-NbH, lead to the conclusion that
2.9 &P &V.3 A', which brackets only the larger
jump length ((110) displacements}. Using a/R2 as
jump length, the nonexponential factor for vH' in
Eq. (8) is reduced to about 2 x 10"sec '. In
either case, the important points are (i) estimated
values of 78' are small enough at most tempera-
tures that the assumption of rapid ring motion on
hexagonal rings is plausible (at least in a coher-
ent-tunneling regime); and (ii) the magnitude of
vH' approximates reorientation rates observed for
vacancy pairs in silicon. If the latter constitutes
a reasonable yardstick for JT reorientation in the
present ease, then observed hydrogen diffusivities
are consistent with the notion that JT reorientation
is the limiting step.

While the above arguments help establish plaus-
ibility, they do not of themselves tangibly support
the idea that Jahn-Teller reorientation limits dif-
fusion. In fact, there is compelling evidence not
only for this idea, but also for the idea that the
reorientation involves a resonance state lying
near E&. The basis for this assertion is the ex-
istence of a dispersion step in the T, acoustic-
phonon branch (corresponding to the elastic
constant C'} for the n-phase hydrides of Nb and
Ta.' ' High-resolution neutron-scattering mea-
surements" on NbH0, 5 at 623 K reveal a relaxa-

probable upper limit.
To get an estimate of the JT reorientation fre-

quency, we refer again to impurity-vacancy
pairs in silicon." ' These systems have a
dynamic JT process analogous to that proposed
here, involving electronic reorientation among
three equivalent, statically distorted defect
configurations. The lifetime r of reorientation
from EPR measurements is" '~

r '= exp(-0. 065 eV/kT)10" sec '.
This expression corresponds to either thermal
excitation over a barrier or an Orbach process

. through an electronic excited state." The mean
time-of-stay for hydrogen in the Vb metals can
be estimated from observed diffusivities, requir-
ing only an assumption about diffusive jump length,
and is given by '

tion process whose characteristic time agrees
with the dwell time of the hydrogen atoms (as ob-
tained from diffusion measurements). Similar
effects have been observed in Nb and Ta for C,
N, and 0 interstitials (at much lower frequen-
cies),"and the dispersion steps are known here to
arise from the Snoek effect, i.e., orientational
relaxation of an elastic dipole. But this interpre-
tation fails on two counts for interstitial H: (i) the
strength of the Snoek effect is far too small (only
an upper limit is known); and (ii) the observed
amplitude of the relaxation at zero wave vector
(as measured by the change in C') shows very
little temperature dependence, contradicting the
required T ' dependence of the Snoek effect."

The present model predicts a relaxation between
the four distinct (111)directions possible for the
JT distortion of Fig. 2(b). It is easily seen that
this distortion couples only to the C' shear mode
and gives two energetically distinct orientations.
Sturge ' has shown that the amplitude of such a
relaxation, as measured by the change in the ap-
propriate elastic constant, is

&C —-NP 3/kT, (9)

where N is the number of Jahn-Teller ions, and P
is essentially the sp1.itting of the electronic state
per unit strain. Values of P= 8-10 eV have been
estimated for AI,O, :Ni' and for impurity-vacancy
pairs in Si, all of which exhibit very strong Jahn-
Teiier coupling (Err =0.5 eV}.~' Taking this as a
probable range for p in the Vb metal hydrides and
using Eq. (9) with N= 10" cm ' per l-at. % hydro-
gen and T =300 K, gives a magnitude for &C that
is at least a kundhedfold greater than observed
magnitudes. " Thus, Eq. (9}severely overesti-
mates the effect; moreover, like the Snoek effect,
it predicts a T ' temperature dependence.

This apparent contradiction is resolved upon
recognition of the fact that gqr is not a localized
electronic state but a resonance state. T»s
means that it is spread out in energy and is made
up of a sum of contributions from conduction-
band states. ' Relaxation via thermal redistri-
bution among perturbed states is restricted by
the Pauli exclusion principle to those band states
that lie approximately within kT of the Fermi
level. Thus, Eq. (9}must be modified by a factor
of the order of kT/E~, which at once removes the
temperature dependence and brings the calculated
magnitude of &C' in line with observation. A
more accurate estimation of the elastic suscepti-
bility would require a treatment paralleling
Anderson's determination of magnetic suscept-
ibility of resonance states. " An important dif-
ference would be the use of a negative effective U
in the present case." Clearly, the existence of a
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moderately strong relaxation effect requires in
this model that the Jahn-Tel. ler resonance state
have appreciable density at E&, agreeing with
our earlier assumptions about /Jr.

The above discussion shows that the existence
of an elastic relaxation process, with a tempera-
ture-independent amplitude and a characteristic
frequency that correlates with hydrogen diffusion,
is predicted by the present model, viz, that hy-
drogen diffusion is limited by Jahn-Teller re-
orientation of a resonance state located near the
Fermi level. This reinforces the idea that hy-
drogen dynamics in the Vb metals consists of
rapid motion (coherent tunneling) between deep-
welled t sites on hexagonal rings, together with
occasional diffusive hops between rings limited
by Jahn-Teller reorientation. At a more basic
level, it gives substance to the proposed res--
onance state f~r. The description of hydrogen
diffusion given in this section is not unlike Stone-
ham's concept, ~ but it appears here as a natural
consequence of the preceding fundamental
proposition.

V. EXCESS PARTIAL ENTROPY

The orientation degeneracy of g~ has further
implications; there are four distinct ways in

which hydrogen can occupy a given t site, but this
should show up as a ln4 contribution to hydrogen
partial entropy. In fact, there is ample evidence
for just such a contribution. Much effort has
been devoted to measurement and analysis of
excess hydrogen partial entropy, defined as the
difference between observed partial entropy and
the ideal solution value in the limit of small hy-
drogen concentrations. ' ' This quantity has been
analyzed into contributions associated with changes
in acoustic modes (S,), electronic contributions
(S ), localized modes (S0), and a term k lnP (k is
the Boltzmann constant) representing configura-
tional entropy, with p = 6 for t site occupancy.
The first three terms can be reasonably wel. l
determined from measurements of phonon spec-
tra, specific heat, and optical frequencies of hy-
drogen. ' ' There has been some confusion about
the effect of acoustic modes, ' but the analysis
of Nagerl et al. ' is correct. s For hydrogen'in
Pd, where P=l, there is no discrepancy. 4' On
the other hand, for hydrogen in Nb or Ta at about
VOO'K, S,+S, +S0+k ln6 = 1.5k, s~' versus measured
values of 2.50-2.8k. " The discrepancy is re-
moved upon inclusion of the ln4 degeneracy term
predicted by the present model. . Admittedly, the
measurements by Pryde at 400' K do not show a
discrepancy. But this must be recognized as an
individual determination, using an indirect method

(only Kleppa's technique'~ ~ can be considered
direct), of a quantity that is difficult to measure
accurately, in a temperature region where diffi-
culties are likely to be maximal.

VI. PROPERTIES AT HIGHER CONCENTRATIONS:
BLOCKINGRULE

Until now we have restricted the discussion to
small C„.Certain experimental facts and theo-
retical. considerations encourage us to leave this
relatively safe region of concentration space and
extend the basic concepts developed thus far to the
entire range of pseudo-bcc structures, viz, for
CH ~1. For example, many hydride properties
near C& =1 are noted more for their similarities
to the pure metal than for their differences.
Furthermore, for temperatures &500 K, there
is a continuous solid solution phase for 0 ~ CH &1,
with important properties (e.g., phonon spectra,
hydrogen diffusivities, structure) showing a
small, nearly regular variation over the whole
range of C„.' In this phase the hydrogen atoms
are highly disordered relative to one another.
Surprisingly, this disorder deviates appreciably
from simple random occupancy of t sites, and,
in fact, hydrogen on a given site blocks at least
five nearest-neighbor sites with little or no effect
on more distant sites. ~ This blocking effect is
most visible in the form. of a sharply decreasing
entropy near CH ~ 1 for all the Vb hydrides, in
spite of the fact that maximum occupancy of t
sites gives CH =6.

On the theoretical side, the Hamiltonian with
site-diagonal disorder [Eq. (6)] derived for
hydrogen-atom impurities in transition metals
can be considered in the ease of the Vb metals
as modeling a binary alloy of the form M-M', with
M corresponding to the pure metal. and M' repre-
senting MH„ i.e., full occupancy of t sites. The
model calculations of Velicky et al."for binary
transition-metal alloys with a Hamiltonian-like
Eq. (6), using the CPA technique and a semi-
elliptical form to approximate the d band, show
that, near the top of the band, states having sig-
nificant local character persist up to impurity
concentrations (M'/M) of at least 0.16 (so long as
the disorder parameter is not too small). While
there is no straightforward correspondence of the
present problem to these model calculations, we
consider the similarities as sufficient to support
the notion that the induced, l.ocalized d state de-
scribed earlier has significance over the.whole
range of concentrations, CH ~1. In fact a strong
JT distortion, producing topol. ogical disorder,
makes this notion even more plausible.

Thus we assume that the distorted state Pzz is
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(a) (b)

an especially stable entity and that properties of
the Vb bcc hydrides are dominated throughout
by its molecular character. Stated differently, the
ideaof anegative effective U, giving a strongly
localized, spin-paired resonance state, ' together
with the Pauli exclusion principle, suggests a
closed-shell molecule. In particular, we cari
formulate a "blocking rule" based on the assumed
integrity of P~. In the absence of any evidence
to the contrary, it is certainly conceivable that
more complicated induced electronic states based
on dimeric, etc., impurity configurations might
become important with increasing hydrogen con-
centration. But we have already described the
apparent existence of blocking effects contradict-
ing this notion; furthermore, Huang-diffuse-
scattering measurements~ on n-TaH, give no
indication of cluster effects up to the highest
impurity concentrations studied (Cs = 0.3).
Armed with these facts, we can construct various
configurations involving two hydrogen atoms on
neighboring t sites, circumscribed by the cor-
responding induced d states, With the aid of in-
tuitive ideas about molecular systems, we can
then develop blocking rules by disallowing con-
figurations that appear to disrupt the integrity of

Figure 7 shows some examples of neighbor-
ing impurity polyhedra in which the induced d
states are represented by delineating the four
(111)bonds associated with each t site.

Careful consideration of structures like those
in Fig. 7 suggests the following blocking rule:
configurations in which adjacent Polyhedra share

a (111)edge are forbidden T. hus in Fig. '7, only
configuration a is forbidden. Configuration b has
two shared M atoms, but the two tl orbital. s on
each of these atoms can be arranged to give mu-
tually orthogonal induced states for the two poly-
hedra. The same is true of c which has one
shared atom; while for configuration d one of the
t~ orbitals on the shared atom must be used for
both induced states. We assume that the latter
situation is not a disruptive perturbation for the
isolated resonance state. For configurations like
those of Fig. 7 the relative location of distortion
axes is considered to be determined by static
lattice (elastic) interactions, ~ which are assumed
to be much smaller than the repulsive electronic
interaction implied by the blocking rule. This
rul. e is based on the qualitative conclusion that,
so long as neighboring polyhedra do not share a
(111) edge, the induced state for each polyhedra
is of the form P~T and is (at least approximately)
orthogonal to the neighboring resonance states.

The blocking rule formulated above is especially
easy to apply because of the fact that every t site
lies at the intersection of four hexagonal rings.
Every site on these four rings shares at least
one (111) edge with the site in question. Con-
versely, if a i site shares one or more (111)edges
with the site in question, then the two sites belong
to one or more common hexagonal rings. Figure 8
illustrates the blocking effect, showing a total
of seventeen blocked sites, including the occupied
site. While blocking is thermodynamically un-
important at sufficiently small concentrations
(thus earlier conclusions concerning excess hy-
drogen partial entropy are not affected), it not
only has significant thermodynamic consequences
at higher Ca (hydrogen partial entropy sharply re-
duced from ideal), but also has an important dy-
namical effect: hydrogen diffusion u ill be highly
correlated. This latter prediction has been ex-
perimentally verified by proton-NMR measure-
ments of H diffusion in o.-wbHQ, ." For a given
value of x+y, diffusion parameters measured for

(c)
FIG. 7. Dimeric configurations of impurity polyhedra.

Small squares (distorted) represent hydrogen atoms on
t sites. Diagonal lines represent quasimolecular bonds.

FIG. 8. Illustration of blocking rule (see text). All
hollowed t sites are blocked when site indicated by
arrow is occupied.
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FIG. 9, P- Ta2H superstructure. Squares represent
occupied sites and triangles represent those unoccupied
sites that are not blocked.

8 with decreasing x, approach values measured
for D at the same total concentrations.

Figure 9 shows the Ta H P-phase structure't ~

in which hydrogen occupies all the z, sites (there
are six sublattices of t sites, with two subsets
each of x, y, and z types} in alternate (110)planes
of z sites. Using the blocking rule with the help
of its graphic representation in Fig. 8, it can
easily be shown that for the P-Ta,H structure of
Fig. 9, (i} the blocking rule is not violated and

(ii}all empty sites except the z, sites in empty
(110)planes of z sites are blocked. Clearly, the
z, sites can be filled giving the fully ordered
high-concentration, low-temperature y-NbH
structure' illustrated in Fig. 10(a}. Given that
there are only four (ill) edges per M atom,
this is the maximum stoichiomeA"y azlozoed by
the simple blocking rule.

VH. EXCEPTIONS TO THE BLOCKING RULE
I

Actually, many of the proposed superstructures
for the various ordered hydride phases violate
the simple blocking rule. An example of this is
P-NbH [Fig. 10(b)]: a relatively high-temperature
superlattice phase exhibiting a fairly broad range
of compositions in which hydrogen atoms occupy
allowed t sites randomly. '~'l Figure 10(b) reveals
that occupied polyhedra each share two non-

FIG. 10. Arrangement of impurity polyhedra in (a)
y-NbH and {b) P-NbH (double lines represent shared
(111) edges).

contiguous (111)bonds having one shared bond
with each of two adjacent occupied polyhedra.
This clearly contradicts the proposed g~T, which
has a distortion along only one of the four (111)
bonds. On the other hand, tt is consistent with a
state derived from a static JT distortion corre-
sponding to the B, mode shown in Fig. 4. The two
shared (111)axes for a given polyhedron in Fig.
10(b) are most likely bonding (and compressed)
and the other two nodal (and enlongated). The t~
orbitals for the bonding axes must be independent
of those for the antibonding axes, as the former
holds twice as many screening electrons as the
latter; but this presents no difficulty. Apparently,
an electronic state stabilized by the B, distor-
tion is in play, lending credibility to the earlier
idea that the activation step for hydrogen diffusion
involves an Orbach process through this state.

Beyond these violations of the simple blocking
rule, there is an additional feature needing con-
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FIG. 11. {a) P- Ta2H or P-NbH structure viewed along
flip]; {b) P-Ta2H viewed along [110];(c) P-NbH viewed
along C110| Coordinates are given by Fig. 9. Closed
and open circles are M atoms atz=4v 2 and -402,
respectively. Squares arid triangles are H atoms at z
= 0 and + ~v 2, respectively. For definition of bars and
arrows see text.

sideration. Metal sublattice structural. parameters
observed~' for P-Ta, H near 300' K are inconsistent
with any reasonable arrangement of single dis-
tortion axes expected for g~T ~ However, it is not

difficult to show, at least qualitatively, that the
structure is consistent with an ordered assem-
blage of B,-distorted electronic states. This is
illustrated in Figs. 11(a) and 11(b) where the P-
Ta,H structure is seen, respectively, along
(110) and (110) directions (coordinates are shown
in Fig. 9). The. tM d lobes are represented by sets
of lines on each metal atom directed along the
eight nearest-neighbor (111)directions. The
significance of the arrows is as follows:--
represents a bonding interaction (lobes in phase);

—represents a nodal situation or an antibond-
ing interaction (lobes have opposite phase); while
——represents metallic phasing corresponding to
absence of localized electronic effects on (111)
edges that do not belong to impurity polyhedra.
Figure 11(b) shows nodal planes between alternate
(110) planes of metal atoms phile Fig. 11(a) shows
enhanced bonding between (110) planes of metal
atoms. This is in accord with structural details
observed for P-Ta, H' showing an alternating
displacement of metal atoms along (110) with the
lattice parameter along (110) greater than that
along (110).

The P-NbH structure shown in Figs. 11(a) and
11(c) can be related to the P-Ta, H structure in a
very simple way. Hydrogen atoms go to those
z sites [in the empty (110)planes of f sites,
Fig. 11(b)] that share (111)bonding edges with
contiguous impurity polyhedra. In this structure
the two independent t~ orbitals per M atom with
lobes oriented (approximately) along nearest-
neighbor (111)directions, lie, respectively, in (110)
and (110) planes. Figure 11(c) shows nodal planes
between all pairs of (110}planes of metal atoms
for P-NbH consistent with observed concentration
dependence of superstructure parameters for
P-NbH, . ' Note that in this scheme the NbH

stoichiometry can be exceeded by adding hydrogen
atoms to empty (110) sites of Fig. 11(a}. But
these additional polyhedra have shared (111)
edges that are nodal; furthermore, the necessary
occupancy of second-nearest f sites [Fig. 7(b}]
is likely to be somewhat repulsive. Even so, P-
NbH shows a tendency to go slightly beyond
C& =1 before transforming to fcc NbH, .' "

The exceptions described in this section appear
to invalidate the simple blocking rule, but it should
be noted that the y-NbH phase [Fig. 10(a)]—which
has also been observed for TaH —is a pseudo-
cubic, low-temperature, high-concentration
phase. '~" The cubic metal sublattice is consistent
with an assemblage of .noncontiguous polyhedra
based on iriJT,and having parallel. distortion axes.
Also supporting the simple blocking rule are
deuteron-magnetic-resonance studies4' showing
that in superlattice phases, D atoms jump only
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between z-type sites, and thus x- and y-type
sites, rather than being merely metastable, are
appar entl. y blocked.

In any case, the various superlattice electronic
structures based on either of the two JT reso-
nance states and depicted in Figs. 10 and 11 are
clearly not like molecular (Van de Walle) solids,
but seem more closely akin to an extended mo-
lecular network with delocal. ized valence bonds
(e.g. , aromatic hydrocarbons) or perhaps to a
strongly hydrogen-bonded network (e.g. , H, O).

Ne conclude this section with a brief discussion
of a different kind of exception: the fact that in

V, for larger values of CH, octahedral sites
(o sites) play an important role. In fact, P, -V,H

and P-V,D are almost exclusively based on o-site
occupancy. ' In this regard, we simply note
that from the observed linear variation of elastic
constants with CH in VH„,"one can estimate
their values at C„=0.5 by simple extrapolation.
Especially interesting is the observation that the
quantity (C» —C»)/2C«decreases from a value
of 1.3 at &H =0 to extrapolated values of 0.24 for
V,D and 0.08 for V,H. This suggests that the shift
to 0-site occupancy in V is associated with lattice
instability. '

VIII. SUMMARY AND CONCLUSION

In this paper we have demonstrated the possibil-
ity for transition metals of a hydrogen-induced
d-band resonance state localized primarily on the
shell of metal atoms nearest to interstitial hy-
drogen. The theoretical basis for this state is
the existence for the d band of an Anderson
Hamiltonian having essentially site-diagonal dis-
order brought on by orthogonalization of the hy-
drogen 1s state with pseudo-plane-wave states.

Under the assumption that spatial characteris-
tics of the induced state are determined by the
appropriate tight-binding atomic orbitals, a set
of symmetrized MO's was constructed for the
four-atom, D,& quasimolecule circumsc»»ng
an occupied t site in bce Vb metals. Locations
of the MO's relative to the Fermi level were
qualitatively determined by relating their bonding
character to that of the bcc d band. It was shown
that a doubly degenerate nonbonding state, g, (E),
met the requirements of availability (describable
as a summation over unoccupied d states) and
closeness to the Fermi level, and was thus a rea-
sonable candidate for accommodation of screening
electrons. But existence of spatial degeneracy
admits the possibility of stabilizing Jahn-Teller
distortions. By comparing g, (E) with states as-
sociated with reasonably well-understood systems,
it was shown that a large Jahn-Teller effect

(-1 eV) could reasonably be expected for g, (E).
This feature turned out to be pivotal, providing

a possible key for understanding certain anomalies
(hydrogen diffusion, hydrogen partial entropy,
cubic-lattice distortion) and at the same time just-
ifying the highly qualitative approach leading up to
g, (E) M.ost notably, it was shown that a particu-
lar distortion, involving d splacement along a
single (111)bond, suggests a remarkable mech-
anism for diffusion based on the interplay between
reorientation of the JT distortion axis and rapid
motion of hydrogen about this axis on hexagonal
rings. This diffusion model was shown to pre-
dict relaxation effects observed for one of the
acoustic phonon branches. In particular, it ex-
plained the absence of a T ' temperature depen-
dence as a manifestation of the Pauli exclusion
principle acting on a resonance state.

Another highlight was the demonstration that
over the whole range of interesting compositions,
the Vb bcc metal hydrides could plausibly be
construed as an assemblage of localized states
and that properties at higher concentrations are
determined primarily by the persistence of these
states in either of two stabilized configurations.
In particular, it was shown that highly correlated
diffusion, blocking effects, maximum concentra-
tion, and superlattice structures (including small
distortions of the metal sublattice) could all be
understood on this basis.

If the description presented in this paper is
essentially correct, then the hydrogen-induced
quasimolecular d state must be considered as a
novel instance of electron localization" in
solids. Moreover, the present study suggests
a new approach for treating not only other tran-
sition-metal hydrides, but perhaps the whole
problem area of light interstitials in transition
metals —at least in the dilute limit. Admittedly,
the occurrence of qualitative features playing such
a dominant role, as for the Vb hydrides, is
probably exceptional. Furthermore, persistence
of local character with increasing C„in the Vb
hydrides may well be primarily a result of top-
ological disorder introduced by the stabilizing
distortion. Even so, it is worth considering
whether or not an LCAO-MO theory of resonance
states induced by light interstitials in transition
metals has a more general validity.

How can the model set forth in this paper be
effectively tested' Probably the most fruitful
testing ground will be quasielastic neutron-
scattering (QNS) measurements which, in prin-
ciple, give highly detailed information about
hydrogen dynamics within the host metal. ' Analy-
sis will not be straightforward, however. First
of all, conventional assumptions about hydrogen
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diffusion in metals, which worked so well for
analysis of QNS measurements on PdH„,' are
here inappropriate. The dynamics in the present
instance are compounded of a highly nonstochastic
hydrogen tunneling on hexagonal rings (the ring
sites are probably occupied stochastically) and a
more or less stochastic JT reorientation process
(the implied caveat is simply that JT hops may
be restricted to (110) displacements as discussed
in Sec. IV). Besides these complications, there
are the blocking effects which, because of the
extent of the blocked region (see Fig. 8}, are
likely to be important even at the lowest practical
concentrations. Nevertheless the problem should
be reasonably tractable. Apart from the dynamics
of diffusion, QNS (through the Debye-Wailer factor)
also gives the vibrational amplitude of the pro-
ton. ' ' According to the present model. for dif-
fusion, that amplitude is likely to be appreciably
greater in the direction of hydrogen motion on
hexagonal rings than in other directions, especial-
ly if coherent tunneling is involved. This should
appear as a particular anisotropy in a larger-than-
normal, Debye-Wa1. ler factor, giving a potentially
important test for the diffusion model. .

A second promising area is the low-temperature
work on NbH„O„,implicating hydrogen tunneling
modes on a small ring of t sites. ' If it can be
demonstrated that hydrogen atoms are local. ly
independent of interstitial oxygen atoms and that
tunneling takes place on hexagonal rings, then the
present model. will gain direct support. Experi-
ments using the positive muon as a probe, ' "' can
also address this question.

Another interesting study already under way is
the experimental comparison of hydrogen in solid
solution NbTa alloys with hydrogen in the pure metals.
Actually, results from measurements of sol.vus
concentration (the concentration of hydrogen at
which a new hydride phase first precipitates) at
various temperatures and various alloy composi-
tions" provided, the initial impetus for the ideas
presented in this article. Under the conventional.
description of hydrogen in metals (in which elec-
trons generally play a minor, if not uninteresting

role), this seems a dull experiment simply be-
cause Nb and Ta, as wel. l as their hydrides, are
so much alike. In fact, the study (which was
conceived as a base-line determination} revealed
a striking nonlinearity in the solvus concentra-
tion as a function of al.loy composition, "with a
pronounced maximum at about Nb, 3Tao 7 Even
more dramatic results are observed for NbV
alloys. " Since local symmetry is crucial in the
present model, the existence of highly nonlinear
behavior upon disrupting that symmetry by alloy
formation is no longer a surprising result —it is
to be expected. Here, too, quantitative analysis
will be difficult because the solvus represents
the coexistence of two phases, and both must be
included in the analysis. Also, there is the likl. i-
hood of pseudo-Jahn-Teller effects, " in which
nearby states have a Jahn- Teller interaction com-
parable to their energy separation, so that a
stabilizing distortion is possible even in the ab-
sence of strict degeneracy. In spite of these
difficulties, further study of NbTa and Nbv alloy
hydrides should help determine the veracity of the
proposed quasimolecular resonance state.

The pervasive impact of this surprisingly simple
electronic resonance state on the behavior of the
bcc Vb hydrides is remarkable, encompassing
such diverse and seemingly unrelated properties
as lattice distortion, hydrogen diffusion, elastic
relaxation, hydrogen partial entropy, blocking
effects, and superlattice structures. Indeed the
behavior of hydrogen in the Vb metals, as de-
scribed here, represents a dramatic demonstra-
tion of the importance of Anderson's pioneering
ideas' about electron localization in disordered
crys talline environments.

ACKNOWLEDGMENTS

The author is indebted to R. C. Bowman,
M. Ouse, F. W. Bobrowicz, and J.A. Holy for
valuable discussions. Mound Facility, Miamis-
burg, Ohio, 45342 is operated by Monsanto Re-
search Corporation, a subsidiary of Monsanto
Company, for the U. S. Department of Energy
under Contract No. DE-AC04-76-DP00053.

For a recent, extensive review see: (a) T. Springer,
(b) T. Schober and H. Wenzl, (c) A. C. Switendick, (d)
K. W. Kehr, {e) H. Peisl, (f) J. Volkl and G. Alefeld,
(g) K. Skold, (h) A. Seeger, all in Hydvogen in Metals
I and II, Topics in Applied Physics, edited by G. Ale-
feld and J. Volkl (Springer, Berlin, 1978), Vols. 28
and 29.

2E. Veleckis and R. K. Edwards, J. Phys. Chem. 73,
683 (1969).

3D. Emin, M. I. Baskes, and W. D. Wilson, Phys. Rev.

Lett. 42, 791 (1979).
4A. M. Stoneham, in Proceedings of the International

Conference on Properties of Atomic Defects in Metals,
Argonne, Gl. , 1976 [J. Nucl. Mater. 69/70-(1978)l;
J. Nucl. Mater. 69/70, 109 (1978).

5(a) K. Skold and G. Nelin, J. Phys. Chem. Solids 28,
2369 {1967);(b) J. M. Rowe, J. J. Rush, L. A. de
Graaf, and G. A. Ferguson, Phys. Rev. Lett. 29, 1250
(1972).

J. M. Rowe, in Proceedings of the Conference on Neu-



4788 G. G. ABEL L 20

tron Scattering, Gatlinburg, Tenn. 1976, edited by
R. M. Moon {Oakridge National Laboratory, Gatlin-
burg, Tenn. , 1969. Available from National Technical
Information Service, U. S. Dept. of Commerce, Spring-
field, Va. 22161, Document No. CONF-760601), Vol. I
p. 491.

~H. K. Birnbaum and C. P. Flynn, Phys. Bev. Lett. 37,
25 (1976); C. Morkel, H. Wipf, and K. Neumaier, ibid.
40, 947 (1978).

(a) A. Magerl, H. Stump, H. Wipf, and G. Alefeld,
J. Phys. Chem. Solids 38, 683 (1977). (b) P. T. Galla-
gher and W. A. Oates, Trans. Am. Inst. Min. Eng. 245,
179 (1969); J. C. Langeberg and R. B.McLellan; Acta
Metall. 21, 897 (1973); O. J. Kleppa, P. Dantzer, and

M. E. Melniach, J. Chem. Phys. 61, 4048 (1974); P. G.
Dantzer and O. J. Kleppa, J. Solid State Chem. 24, 1
(1978) (this last reference notes an important error in
the preceding one).
J. A. Pryde and I. S. T. Tsong, Trans. Faraday Soc. 65,
2766 (1969);J. A. Pryde and C. G. Titcomb, J. Phys.
C 5, 1298 (1972).
W. Kley, J. Peretti, R. Rubin, arid G. Verdan, Brook-
haven National Laboratory Report No. BNL-940, 1965
(unpublished), p. 121.

~V. Lottner, H. R. Schober, and W. J. Fitzgerald,
Phys. Rev. Lett. 42, 1162 (1979).
J. Friedel, Ber. Bunsenges Phys. Chem. 76, 828
(1972).

3D. M. Newns, Phys. Rev. 178, 1123 (1969).
~4R. P. Messmer, D. R. Salahub, K. H. Johnson, and

C. Y. Yang, Chem. Phys. Lett. 51, 84 (1977).
~5P. W. Anderson, Phys. Bev. 109, 1492 (1958).

B.. Velicky, S. Kirkpatrick, and H. Ehrenreich, Phys.
Rev. 175, 747 (1968).

~VF. M. Mueller, Phys. Bev. 153, 659 (1967).
P. W. Anderson, Phys. Bev. 124, 41 (1961).
M. H. Cohen and V. Heine, Phys. Bev. 122, 1821 (1962).

20K. H. Bennemann, Phys. Rev. A 137, 1497 (1965).
P. Soven, Phys. Rev. 156, 809 (1967).
G. M. Stocks, R. W. Williams, and J. S. Faulkner,
Phys. Rev. B 4, 4390 (1971).

23H. A. Jahn and E. Teller, Phys. Rev. 49, 874 (1936).
(a) J. Friedel, , in Phase Stability in Metals and Alloys,
edited by P. S. Budman, J. Stringer, and R. I. Jaffee
(McGraw-Hill, New York, 1967), p. 240; (b) J. C.
Phillips in Treatise on Solid State Chemistry, edited

by N. B. Hanney (Plenum, New York, 1974), Vol. 1,
p. 14.

2~P. A. Vaughan, J. H. Sturdivant, and L. Pauling,
J. Am. Chem. Soc. 72, 5477 (1950).
E. L. Muetterties, T. N. Rhodin, E. Band, C. F.
Brucker, and W. R. Pretzer, Chem. Rev. 79, 91
(1979).
F. A. Cotton and T. E. Haas, Inorg. Chem. 3, 10
{1964).
M. B. Robin and N. A. Kuebler, Inorg. Chem. 4, 978
(1965).

29(a} E. L. Elkin and G. D. Watkins, Phys. Rev. 174, 881

(1968); (b) R. P. Messmer and G. D. Watkins, Phys.
Bev. B 7, 2568 (1973); (c) G. D. Watkins and B. P.
Messmer, Phys. Rev. Lett. 32, 1244 (1974).

3 E. B.Wilson, Jr. , J. C. Decius, and P. C. Cross,
Molecular Vibrations (McGraw-Hill, New York, 1955),
Chap. 6.
F. S. Ham in Electron Paramagn etic Resonance, edited
by S. Geschwind (Plenum, New York, 1972), Chap. 1.

32Yu. Eagan and M. J. Klinger, J. Phys. C 7, 2791
(1974).

33J. Volkl and G. Alefeld, Diffusion in Solids: Recent
DeveloPments, edited by A. S. Nowick, J. J. Burton
(Academic, New York, 1975), pp. 231-302.

340. J. Zogal and B. M. Cotts, Phys. Rev. B 11, 2443
(1975).

3~A. Magerl, W. D. Teuchert, and B. Scherm, J. Phys.
C 11, 2175 (1978).

36M. D. Sturge, J. T. Krause, E. M. Gyorgy, R. C.
LeCraw, and F. R. Merritt, Phys. Bev. 155, 218
(1967).
A. Magerl, B. Berre, and G. Alefeld, Phys. Status
Solidi A 36, 161 (1976).

3 P. W. Anderson, Phys. Rev. Lett. 34, 953 (1975).
A. C. Damask and G. J. Dienes, Point Defects in
Metals, 2nd ed. (Gordon and Breach, New York, 1971),
pI
T. B. Flanagan and W. A. Oates, in Transition Metal
Hydrides, Adv. Chem. Ser. No. 167, edited by R. Bau
{American Chemical Society, Washington, D. C. , 1978),
p. 283.
W. A. Oates, J. A. Lambert, and P. T. Gallagher,
Trans. Am. Inst. Min. Eng. 245, 47 (1969).

4 H. Metzger and H. Peisl, J. Phys. F 8, 391 (1978).
V. K. Tewsry, Adv. Phys. 22, 757 (1972).

4Y. Fukai, K. Kubo, and S. Kazama, in Proceedings of
the International Meeting on Hydrogen in Metals,
Munster, Germany, 1979 (unpublished), Vol. VI,
p. 304.

~T. Schober and H. Wenzl, Seri. Metall. 10, 819 (1976).
4 (a) W. Pesch, T. Schober, and H. Wenzl: Scr. Metall.

12, 815 (1978); (b) M. A. Pick and R. Bausch, J. Phys.
F 6, 1751 (1976).

~H. Lutgemeier, H. G. Bohn, and B.R. Arons, J. Magn.
Reson. 8, 80 (1972); K. P. Roenker, R. G. Barnes,
and H. R. Brooker; Ber. Bunsenges Phys. Chem. 80,
470 (1976).
H. Asano, Y. Abe, and M. Hirabayashi, Acta Metall.
24, 95 (1976).

49L. B. Testardi, T. B. Bateman, W. A. Reed, and V. G.
Chriba, Phys. Bev. Lett. 15, 250 (1965).
P. W. Anderson, Rev. Mod. Phys. 50, 191 (1978).

5~D. G. Westlake and J. F. MiQer, J. Less-Common
Met. 65, 139 (1979).

2J. F. Miller and D. G. Westlake, Program for 1978
TMS-AIME Fall Meeting, St. Louis, 1978 (uripub-
lished), p. 126.

3A. M. Stoneham and M. Lannoo, J. Phys. Chem. Solids
30, 1769 (1969).




