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Single crystals of n -Bi2Se3 were prepared with free-carrier concentration N in the range
5)& 10" & N & 2)& 10 cm '. Results of the measurements of infrared reflectance, Seebeck coefficient, and
Hall voltage are interpreted using the nonparabolic two-band approximation under the assumption of
isotropic relaxation time. Good agreement between the experimental and theoretical values of the Secbeck
coefficient is obtained provided the scattering of free carriers by the optical branch of the lattice vibrations is
taken into account. The values of the perpendicular component of the effective mass m„0 = 0.07mo and the
density-of-states effective mass mdo ——(0.16+0.01)mo were obtained for the bottom of the band. Taking
into account the inequality m, p & m~) p & mo and making use of the assumptions discussed in the paper it is
concluded that, in the crystals studied, the value of the m~I/m, ratio decreases with increasing
concentration of free carriers.

I. INTRODUCTION

Considerable attention has been paid in recent
years to the properties of n-Bi,Se, crystals, whose
space group is D',~. Results of the study of gal-
vanomagnetic phenomena have led to the assump-
tion that the six-valley model should apply to the
description of the conduction band. Using this idea,
the results of the infrared-reflectance and Hall-
effect measurements on the n-Bi, Se, crystals were
analyzed' and the concentration dependence of the
free-carrier effective mass has been reported.
The galvanomagnetic phenomena in the n. -Bi,Se3
were studied by Caywood and Miller' and some
results given by Hashimoto' were corrected. Pro-
ceeding from the analysis of a Shubnikov-de Haas
effect study, the idea of the single-valley model
was suggested to apply to the description of the
conduction band of n-Bi,Se, crystals. Making use
of this idea, the nonparabolicity of the conduction
band was then studied in more detail. ' ' The in-
terpretation was then suggested' using the empiri-
cal nonparabolic dispersion law or the Cohen mod-
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The scattering mechanism of the free carriers
was studied by von Middendorf et al. ' and Bogaty-
rev et a/. " In both cases, both making use of the
parabolic approximation, the authors report that
there is a mixed mechanism of the scattering of
free carriers, i.e. , by acousticalbranch of lattice
vibrations and by ionized impurities.

The influence of impurities on some physical
properties of the n-Bi,Se, crystals was investiga-
ted in recent works. "" So far, however, there
have appeared no discussions of the relations among
the optical, electrical, and thermoelectrical prop-
erties of n-Bi, Se, crystals. The present paper
summarizes the results of the infrared reflectance

in the plasma resonance region, Hall effect, and
Seebeck coefficient of thermopower, obtained on
n-Bi, Se, crystals with the free-carrier concentra-
tion jn the range 5 x 10"& X& 2 x 10"cm

The results are interpreted using the two-band
approximation and assuming isotropic r elaxation
time. The paper aims at an analysis of the rela-
tions among the optical properties in the plasma
resonance-frequency region, the Hall constant,
and the Seebeck coefficient for the investigated
crystals.

II. EXPERIMENTAL

A. Technique

'/he Bi,Se, single crystals were grown using the
technique described in our earlier work. " The
free-carrier concentration was adjusted by doping
the crystals with elemental copper, or by adding
copper and selenium in the atomic ratio 2:3 to the
stoichiometric charge of elemental bismuth and
selenium. Elements of 99.999/o purity were used.
The as-prepared single crystals, approximately
40 mm long and 10 mm in diameter, were cleaved
along the mirrorlike natural growth faces (0001).
Their orientation was checked by means of Laue
back-reflection method. The homogeneity of the
crystals was checked by measuring the location of
the ref lectivity minimum in the infrared region,
and that on the upper, intermediate, and lower
part of the natural cleavage face. For a given
composition (dopant concentration) the location of
the ref lectivity minimum was in all cases identical
within the accuracy of +0.05 p, m. Samples used
for the measurements of the investigated proper-
ties mere cut from the central part of the single
crystals with a diamond saw; their dimensions
mere 8 x 4 x 1 mm. The infrared reflectance was
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TABLE I. Values of the Hall constant, the Seebeck
coefficient, and the location of the reflectivity minimum.

Sample Dopant
~H

{cm3A ~sec ~)

& expt ~min

{pV./K) gm)

1
2
3
4

6
7

2Cu+ 3Se
2Cu+ 3Se
2Cu+ 3Se

Cu
Cu
CG

1.2
. 0.514
0.322
0.23
0.141
0,0724
0.032

206
115
90.25
72.1
69.2
42.1
23.8

22.6
17.8
14,8
13.4
10.8
8.5
6.4

B. Results

measured at room temperature using a spectro-
photometer UR-10 equipped with a special adapter. "
The measurements were performed for E&c (E is
the vector of the electric-f&eld intensity of the
electromagnetic radiation). The Hall voltage was
measured at room temperature, in a, weak field
parallel to the c axis (Hll c- 1.1T), using a con-
ventional method. The contacts were made with
indium solder. The thermoelectric voltage was
measured at room temperature for V T & c(VT is
the temperature gradient). Since on exposure to
air (for a duration of the order of 10' h) the sur-
face (Iuality of the Bi,Se, ('Cu) crystals deteriorates
(due to the formation of Cu oxides"), the measure-
ments of the investigated quantities were carried
out within 3 h from the crystal preparation and re-
peated after 24 h. In no case was the relative dif-
ference of the measured values larger than 5~/o.

with respect to the results given by Hyde et al. '
(ii) The relaxation time is isotropic. From the
results of the reflectance study of n-Bi2Se, crys-
tals having carrier concentration N-10" cm '
one deduced the value m()/Mg 4 35, whereas for
the ratio of the electrical conductivities the value
o,/o;, = 4.4 Was obtained. ' A value close to this
(Iuantity, o,/o„= 4.35, was reported by Bogatyrev
et al." Therefore, in the first approximation,
one can take the assumptiog of isotropic relaxa-
tion time to be acceptable also. (iii) The con-
stant-energy surface has the shape of an ellipsoid
of rotation. '""' (iv) The values of the reduced
Fermi level (q = E~/KsT) inthe investigated range
of the free-carrier concentrations lie in tQe range
0& q& 15, and the value of the effective mass at
the bottom of the band (m, ,) lies in the interval
0.04 ~ m, , ~ 0.13. The last mentioned assumptions
are realistic with regard to the results reported
by Hyde et al 8

B. Energy dispersion law

As follows from Ref. 16, in the case of a two-
band interaction and nonparabolic energy bands,
the k p method leads to the following expression
for the dependence of the energy & on the wave vec-
tor k:

2m. 2

g2 2 2g 2 2 - j. /2kk ~ 1 mLP tolls 1 milo
4 2m', o mo 2mii, o mo

The values of the Hall constant and the Seebeck
coefficient and the location of the ref lectivity mini-
mum are summarized in Table I for all crystals
studied. From the dependence of the investigated
properties on the character of impurities, it is
evident that on doping the Bi,Se, crystals with ele-
mental Cu the free-carrier concentration increas-
es, whereas the doping with copper and selenium
mixture in the 2; 3 atomic ratio leads to a marked
decrease of the free-carrier concentration. This
phenomenon was discussed" using the ideas of in-
terstitial and substitutional defects in the
Bi,Se,(Cu) and Bi,Se,(2Cu+ 3Se), respectively.

E is the forbidden-gap width, the remaining sym-
bols have their usual meaning. Expressing the
components of the reciprocal effective mass tensor
in the form

1 1 8E 1 1
m, 8'k, Bk, ' m 52k„8k„' (2)

26x 1+—'

E
m, , P 5'kg m)l P

then, provided thy. t m, ,«m„p- 1, the approxima-
tion linear in e/E yields

(m, ) '=(m, ) '+ (m, ,)
'

III. INTERPRETATION OF RESULTS

A. Assumptions

In the analysis of the experimental results, let
us make the following assumptions: (i) The trans-
port properties in'the n-Bi2Se, crystals at room
temperature are governed by one type of free cur-
rent carriers only. This assumption is acceptable

(I„')'=(I,)'+ ((. — "') (m„„)'
mp

mJ
m(~ o

m p

If, further, the relation e+2E» 5'0,'/2m, , holds,
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we have

(m,) '= (m, ) '+ (m, ,) '(1+ 2&/E, ) ', (5)

beck coefficient & and Hall constant B~ then r'ead"

(m„) '=(m, ) '+(1-m„,/m, )( „o) '( + ~)
'

(6)

In the case when m, o«rno and rn„o«m„ the re-
lations (3) and (4) acquire the well-known form:

RH=A„/Ne, (12)

where y is the structure factor (y= 1 in the con-
sidered case of the single-valley model). The
scattering factor is

m, = m, ,(1+2e/E~),

m„= my (o1 + 2E/E ).

C. Transport coefficients

(»)
b)

OL 3/2 Og2y +1/2(01 y'+1) 2
0 4 X 2 l ~

The relation between the susceptibility effective
mass of the free carriers and the effective mass
at the bottom of the band has the form"

Supposing that the dependence of the relaxation
time 7 on energy e can be expressed in the form"

m„, = ('L,'~'/'L'~')m, , (13)

D. Calculation

"L,"= ——' x"(x+Px')"(1+2Px)"dx,sx.

x = e/Ke T; P = Ke T/E .
The relation between the concentration of free car-
riers and the Fermi level than takes the form

~= [(2m + T)3&2/3g2+3]OL3&2 (10)

where m„p is the density-of-states effective mass
at the bottom of the band, for which the single-
valley model in our case gives the expression
m~, ,= (m,',m„,)'~'. The expressions for the See-

where 'Tp „ is a constant dependent on the scatter-
ing mechanism only and E~ is the Boltzmann constant,

, the parameter x takes on different values accord-
ing to the dominating mechanism of the scattering
of free carriers, viz. : x=0 for scattering by
acoustical branch of lattice vibrations; x = 1 for scat-
tering by optical branch of lattice vibrations; and
r= 2 for scattering by ionized impurities, and the
transport coefficient can be advantageously de-
scribed using the two-parameter .Fermi integrals
nLm(~ P)

18

In the plasma resonance-frequency region the
spectral dependence of the ref lectivity can be de-
scribed using the well-known relation of the Drude
theory, "

n'-K'= ~„(1-B'),
2nK= (e„/e(v))B ',
R = [(n —1)'+K']/[(n+ 1)'+K'],

(14)

(15)

(16)

where B= [(&o/e&)'+(1/+~(r))'] and up, n, K, R,
(v), and e„denote, respectively, the frequency,
index of refraction, index of absorption, reflectance,
mean relaxation time, and the high-frequency di-
electric constant.

The angular frequency of the plasma vibrations
~& is given by

(o, = (Xe'/~, e„m„)'", (1'f)

where e, is the permitivity of vacuum. Making use
of relations (14) —(16), the theoretical spectral de-
pendences R(X) were calculated. The best agree-
ment of the theoretical and experimental curves
(see Fig. 1) was obtained for c„=29 and for the
values of co& given in Table II, column 3. The cal-

TABLE II. Calculated values of the plasma resonance frequency, the ratio N/m~, the Fermi level, the Seebeck co-
efficient, the scattering factor, the free-carrier concentration, and the components of the effectiv'e mass.

Sample
0

Dopant
10 (op 10 (N/m xc)
(sec ~) (cm 3)

+theor

&z (eV) (p V/K)
N

(cm 3)

m*
Calc. mb)

2Cu+ 3Se
2Cu+ 3Se
2Cu+ 3Se

Cu
Cu
Cu

0.77
1.02
1.26
1.37
1.70
2.14
2.85

0.539
0.956
1.438
1.74
2.627
4.182
7.429

0.025
0.07
0.083
0.132
0.163
0.238
0.332

204
119
109
83.7
73.5
50.0
25.0

1.007
1.02
1.05
1.01
1.01
1.01
1.018

6.25 x 10
1.24 x 10"
1.94x 10
2.72 x 10"
4.46 x 10&9

8.64 x 10i
1.9 && 10~

0.116
0.129
0.135
0.156
0.169
0.206
0.256

0.084
0.109
0.116
0.147
0.161
0.203
0.256

0.859
0.888
0.894
0.912
0.92
0.936
0.949



gpX ~ ANOE gpNDUpF 'fHAH, ABOL

R[Q

60
Spectral dePeF ' ~' P

~ce g|'A)ences
st ls. Curve

of reflec
f tudied c»

1-7 correspo
Tab].e»Seesamples

and II ~

20 23

m = N/m, (taking intoculated v x=N/m „N
i )

t the experaccoun
X~fl ctance m easuree

g
lations (12) and

OL 2y +1/2 0 3/2N
m, ,('L, (18)

26

22

es are shown independencesculated S vs q
Figs.
= 0.04m„

these depen e
correspo
factor @, were re

d n calculation ofused ln

the case m, oOnly for
ent

o rela iot;on (11). O
d agree~enin a goo

cord ng
d.d we o

erimenta
and +

and the e»
= 0.0~ o

l es of Q theireen the va uebetween e

= 'gK~T) an6 Qth

values of n.
lated va

6 F thII l 5 and . sea in Table
etc=1 pral lf the Fermi

eofthe re rt td

rier concen rfree-carri
8. Using r

ues of the

the known val
e iven

'

ues o
tive mass, m„,— tates effectivei -of-s a

ith the results g'reement wi
calculated ro

good Rgr i

a iven in Tab e
ated using re

N/
d with o acompared

calculated from re a
= 0.863m, .m j o ~

18

10

I

12
I

8 10 14 E M~T62

o th reducede of the factor 8. on e2. Dependence o
)fFermi levee 1& or

I

10 EJKT12
I

62 4

Sont eh reducedce of the factor. 3. Dependence o
()f 1Fermi level g



1130 L. TICHY AND J. HORAK

22

r=2; && =0, 25eV

1 m = 0,04mo

18

10

2

10

I

12

I

1¹ E /KT

FIG. 4. Dependence of the factor S on the reduced
Fermi level (q) for r=2.

IV. CONCLUSIONS

(a) The relations among the transport coefficients
and the optical properties of Bi,Se, have been
clarified on assumptions that the transport proper-
ties are due to one. type of the free carriers only,
that the relaxation time is isotropic, and that the
single-valley model is applicable to the descrip-
tion of the conduction band, i.e. , the constant ener-
gy surface has the form of an ellipsoid of rotation.

(b) The agreement between the experimental val-
ues of the thermoelectric power and the theoretical
values calculated using the model described in the
paper leads to a conclusion that, in Bi,Se„crys-
tals having the free-carrier concentration within
the range 5 & 10"-2x 10"cm ', the scattering of
free carriers by optical phonons dominates at
room temperature.

(c) In calculating the values of the effective
masses m„m„and m„„ the inequality m»
&m„, ~ m, was taken into account. On increasing

the free-carrier concentration there is an increase
of the effective masses m, as well as m„, hence
also of the density-of-states effective mass m, .
The m, values, however, grow faster than m„.
Consequently the m„/m, ratio decreases with in-
creasing free-carrier concentration —from the val-
ue of 8.8+1.4 for N=6. 25&10 cm" down to 3.7

,for N=1.9~ 10"cm"'. This phenomenon, which in-
dicates that with increasing free-carrier concen-
tration the nz, and m„values approach each other,
was taken into consideration also in the case of
similar layer crystals Sb,Te3."

(d) Comparing our results with those of other
authors, it is evident that there is a fair agreement
in the obtained values of the effective masses m,
and rn~, . From the study of the Shubnikov-de Haas
effect on a Bi,Se, crystal with concentration
N= 9.1 x 10", Hyde et al. ' derived the value (0.25
+0.05)m, for the effective mass m, . At the same
concentration of free electrons we obtained the val-
ue m, = 0.21m„which points to a good agreement
even though different methods were used.

The values of m, in the concentration range
10"-10"cm" obtained by Gobrecht and Seeck are
somewhat higher than those given in the present
paper. Taking into account the different methods
of analyzing the experimental results, however,
the observed difference, (0.02 —0.03)m„ is not
significant. The dependence of the effective mass
value m, on the free-carrier concentration, ob-
ta. ined by Hyde et a/. ,

' is very close to our data.
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