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Measurement of the anisotropic electron-phonon scattering rates in Al
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From the linewidths. . of resonant transitions between surface Landau levels, we extract electron-phonon
scattering rates. at 13 Fermi-surface locations in Al. In the temperature range 2-10 K we find that the

. scattering rate. varies. by more than a factor of 10 over the Fermi surface, the highest rates being found near
the Brillouin-zone boundaries. The observed scattering rates are compared with two recent theoretical
calculations. Deviations are found, but the overall trend in the anisotropy is well predicted by both
calculatioris. The present experiment does not confirm predicted departures from the usual T' scattering law.

. I, INTRODUt TION

Two recent calculations "have predicted the
variation: of,the electron-. phonon scatter ing rates'
over the Fermi. surface (FS) of Al. Here, we pre-
sent, a,.(iqtg, iled' experimental study of the thermal
scattering at a number of locations on the Al FS
in the temperature range 2-10 K. The scattering
routes are extraI;ted from the linewidths of micro-
wave resonances between surface Landau levels. '
Surface-Landau-level resonance (SLLH) is a meth-
od 'id'cally suited for' studying--anisotropic scatter- '

ing because the ele'ctroh states contributing to the
resonarice lines:: are lo'calized t'o small, w'ell-de-
fined- regions on the FS.

A' fuil study'of the SL-L:R spectra i.'n three sample
planes:-in Al, together with"the resulting variation
of the anisotropic mass-enhancement par'ametei
over the FS, haS been reported in a separate
paper. ' In the present work, we rely on the as-
signments' made there, which relate the resonances
to FS locations. Additional deta, ils, such as tem-
perature control and measurement, are to be found
in a similar study for Cu. '

The magnetic surface levels corresporid classi-
cally to electrons skipping along a smooth sample
surface under the influence of a weak magnetic-
field H applied in the sample plane. The reso- '

nances are observed as changes;. in the surface im-
pedance of the metal, with resonance field given by

Here ur is the microwave frequency and the a„(n
= 1, 2, . . . ) are the zeros of the Airy functions.
Peaks in the field derivative of 'the surface resis--
tance'dR/dH, occur-ne'ar the resonance condition
(1) and originate from those electrons on the FS
"effective zone" (vz parallel to sample surface),
where (K/v~)~ is extremal with respect to the 0-
space coordinate k~ along the magnetic field.' The
symbol & denotes the camponent. in the. plane per-

pendicular to the magnetic field direction. If the
FS geometry, i.e. , the FS curvature radius K is
accurately known, one thus obtains' the Fermi
velocity v~ from the observed field values of the
resonances.

The widths of the dR/dH peaks a,re related to the
electronic scattering rates. From the relative
width at half amplitude hH/H for the 1- 2 transi-
tion we measure the scattering rate I" by'

1 = ((o/1. 56)(h H/H —0.02) . (2)

We concentrate in this paper on the anisotropy of
the temperature-dependent part of the scattering
rate. The temperature, -independent part, due tg
impurities, defects, and possibly some surface-
scattering, is also expected to be anisotropic.
Very recently, the anisotropy of I', due to quench-
and irradiation-induced defects has been investi-
gated' for Al using the SLLR method. The large
anisotropy of 1(k, T) over the FS is immediately
apparent in Fig. 1, where a surface state spec-
trum containing resonances from three locations
on the FS is shown for two sample temperatures.

Although the extraction of scattering rates from
the SLLH line shape has been discussed in previous
publications, """we briefly review the relevant
concepts before turning to a discussion of our Al
data. We shall pay particular attention to the var-
ious averages involved in making up the resonance
line. This will be important in discussing -the de--
viations, predicted by theory, "' from the simple
T' power law for the scattering rate. usually ex-
pected in the low-temperature regime. '"" The
line-shape averages are also important in relat-
ing the measured rates to theoretically calculated
quas iparticle scattering rates.

For each point k on the FS the total scattering rate
is composed of a temperature-independent and a
temperature-dependent part

1

I'(k) =10(k)+ I"(k; T) .
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FEG. 1. Temperature evolution of a surface state spec-
trum containing signals from three Fermi surface loca-
tions. The 1-2 transitions are indicated by letters and
subsidiary transitions are marked accordingly. The bel-
ly series A has the lowest electron-phonon scattering
rate and, in contrast to the 2.3-K trace, dominates the
spectrum at 12.6 K.

II. DEFINING THE MEASURED SCATTERING RATE

Stated in simplest terms, the measured scatter-
ing rate is a fitting parameter which relates the
experimental line-shape to the theoretical line-
shape expression. The aim of this section is to
sketch some of the important concepts involved in
the interpretation of the scattering parameter and
to discuss in detail two interpretational aspects
which, in the case of SLLR, have not been. ade-
quately discussed up till now.

The resonant part of the line-shape function dB/
dII is an energy integral of the form'

h) —(d &+ Z
(4)

where f is the Fermi function, r, is the lifetime
parameter, and ro „ is the resonance frequency ob-
tained from (1) by making the replacements H„„
-H and & + „. The electrons which contribute
to the dR/dH peaks which result from (4) are to
be found on a strip' about the point on the FS
where w „ is extremal. . The width of the strip is
of the order 10 'k~ and its length 10"'k~, where
k„ is the Fermi wave vector.

Scattering events are effective if the scattering
wave vector is large enough to remove the elec-
tron from the strip, i.e. , to destroy its resonance.
For the case of phonons in Al, the arguments of
Ref. 9 may be applied to show that the scattering
is effective in the temperature range of interest
in this paper. We need not, therefore, weight
scattering events according to effectiveness —such
weighting would lead to an increase in the expo-
nent of the power-law dependence of the scatter-

ing rate. "
An additional cause of change in the scattering

power law is the "kH broadening. " This refers to
the contribution of electrons in the neighborhood
of the extremal point to the line shape. It has
been argued' that for u~& 5 this effect can be.
neglected, and therefore we limit our results to
this range. Although not responsible for an al-
tered power law, the "k„broadening" does affect.
the value of the measured scattering rate: it rep-
resents an averaged value over the length of the
k„strip. Using the variation of (K/@3~)~~~' about
the extremal point, one can estimate' the strip
length over which the measured scattering rate
applies.

In the remainder of this section we first discuss
the effect of the electron-phonon renormalization
on the measured value of the scattering rate and
then estimate the effect of the thermal smearing
of the FS on the measured SLLR scattering rate.

A. Electron-phonon renormalization

At temperatures low compared with the Debye
temperature e~ and for excitation energy t (mea-
sured from the Fermi energy) small compared to
k~8~, the electron=phonon interaction" increases
the particle mass over the band mass m~ accord-
ing to m~= ms(1+X). The mass-enhancement pa-
rameter is related to the real part of the quasi-
particle self-energy Maz by X = -8MSE/sc. The
imaginary part of the self-energy FsE produces
the guasiparticle scattering rate: 1/7'„= 2l'»/k.

We now ask how the expression (4) is to be in-
terpreted in the presence of the electron-phonon
interaction. The result parallels that of Goy and
Castaing" for Azbe1'-Kaner cyclotron resonance.
They in turn made use of the theoretical results
of Scher and Holstein. " When the interaction is
turned on, the resonant denominator in (4) is re-
placed by .

u)(l+&} —ur „+i/7',

where 7' now includes the temperature- and en-
ergy-dependent scattering due. to the electron-
phonon interaction

If we wish to regain the form of (4), with which
the line-shape analysis is performed, we must re-
write (4} as

CO —40~~+ Z

(For Al we may safely neglect the energy and tem-
perature dependence of X since e~» T, 5v/k~. }
Experimentally, therefore, one observes a renor-
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malized resonant frequency

~mn= ~an/I+~ ~ (8)

analyzed with the Prange-Nee theory, as if there
were an averaged scattering rate I' such that

and a renormalized scattering rate,
CO —CO~„+Z~ s&) u) —(o„*„+il(«) ' (ll)

B, Energy averaging

The electron-phonon scattering rate takes on a
minimum value of the FS. Away from the FS the
rate increases with excitation energy E above or
below the FS (where we take «= 0). Thus in any
real experiment, the thermal smearing of the FS
causes a larger rate to be measured than the rate
on the FS. In the Debye approximation, the simple
energy average of the electron-phonon scattering
rate I'(T, &) is given by"

8'(T, '))= '
, ) r(r, )a — r(r, o). (10)

The way in which I (T, «) is a.ctually averaged in a
given experiment is usually not so simple and de-
pends on the experimental line-shape function,
i.e. , not all I'(T, &) values are to be weighted
equally as in the average (10) above. Allen" has
pointed out the intimate connection between the en-
ergy averaged I,

" and the line-shape function for
Azbel'-Kaner cyclotron resonance; and Wagner
and A lbers" have discussed the energy averaging
in detail for the case of the radio-frequency size
effect. We wish here to illustrate the expected
effect of energy averaging on the electron-phonon
scattering rate measured in SLLR.

The energy integral to be performed is given by
expression (7). The experimental line. shape is.

Measurement of u&*„gives the (renormalized)
Fermi velocity at various points k on the FS
a known FS geometry. If the band velocity vs+(k)
is known, one then obtains X(k) from vz(k)
= vF(k) [1+X(k)] '. In a previous publication' values
of X(k) for. A1 were extracted from the surface-
state resonances.

The quasiparticle scattering rate is given accord-
ing to Eq. (9) by the observed scattering rate 1(k)
multiplied by the factor 1+X(k). This is a gen-
erally applicable result: Goy and Castaing" find
it, for cyclotron resonance and Wampler and Len-
geler" have recently given a clear discussion for
the de Haas —van Alphen effect.

The previous neglect' of the factor 1+1 in com-
paring theoretical and experimental scattering
rates in Cu is not too serious, since X is of the
order of 0.1 for Cu. In Al, however, X is of the
order of 0.5 and we shall therefore include the
correction when comparing to theory.

The total energy-dependent scattering rate I'(«) is
assumed to be composed of the usus, l two terms:

I'(«) = I,+I'(T, «). (12)

J „(-&f/&&)(I/F(T, «)) d«

J (-~f/~«) [1/I'(T, «)]'de
(13)

This is the same result found by Goy and Cas-
taing" for cyclotron resonance. The crossover
point between the two limits occurs near (I'(T, «))
= —I'„a condition which is usually satisfied in the
experimental temperature range. It is therefore
important to ask whether the averaging expressed
in (13) gives a substantially differ'ent result than
Eq. (10).

We have numerically performed the integrations
of Eq. (13) using the expansion"

I (T, «) —= I"(T,0) [1+ n(«/k T)—']. (14)

With the correct value for n = 0.33 we obtain
(I'(T, &))= 1.21I'(T, O), which is substantially dif-
ferent from Eq. (10). Increasing" the value of n
to simulate the effect of higher-order terms in
the expansion (14) does not alter this conclusion
[n =0.6 yields (I'(T, «)) = 1.28I'(T, 0)]. Thus for a
fixed power law of scattering, I'(T, O) =ZT", one
expects to measure a lower averaged value of y at
the higher temperatures, where I', & 1"(T) com-
pared to the very low temperature regime. Such
a decrease in y could conceivably be misinter-
preted as a decreased power-law exponent,

III. F.XPERIMENTAL RESULTS

In this section we present our measured scatter-
ing rates as a function of sample: temperature. The
rates are extracted in the usual way' from the line-
widths of the various 1-2 transitions at 36 0Hz
using Eq. (2).

In Fig. 2 the resulting scattering rates for four
characteristic points on the FS are plotted against
T'. The locations of the points on the FS aregiven
in Table I and result:from the identifications made
in Ref. 6. Due to thp large number of signals in

For I'(T, «) «I', we expand both sides of (11) and
find that the averaged rate is given approximately
by Eq. (10). This comes about because the line-
shape weighting in this limit comes from the con-
stant I',.

In the opposite limit, I'(T, «)» I'„we expand both
sides of (11) again to find
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FIG. 2. Measured scattering rates vs T for four FS
locations.

Al, it is not always possible to completely isolate
a given 1-2 transition and thus avoid "artificially"
distorting the extracted scattering rate by super-
imposed peaks. Although we attempt to correct
for such distortions, peaks distorted in this way
generally lead to the large scatter in data points,
seen for two of the locations in Fig. 2. Such dis-
tortions also tend to limit the range of tempera-
tures over which the scattering rate can be mea-
sured. Thus relatively large error bars must be
Rsslgned to the meRsured rRte of 1ncreRsewlU1 T
of the scattering for such locations.

Within the accuracy of the present measure-
ments, we are not able to demonstrate departures
from the usual T' scattering law. We therefore
analyze the data according to

I"(k) = I',(k)+y(k)Ts. (&5)

The slope y(k) is then a measure of the strength
of the anisotropic electron-phonon scattering, and
within its stated accuracy predicts the electron-
phonon scattering rate through (15) atany temper-

TABLE I. Comparison between experimental and theoretical electron-phonon scattering rates in Al.
Listed are the location angle P in the extended zone scheme; the measured scattering-rate slope versus T,
y(k); the temperature range over which'these values apply; and the experimental slopes adjusted for energy
averaging and renormalization. The two values given for each theoretical calculation refer, respectively, to
the 5-K and 10-K rates. These rates apply at the Fermi surface and should be compared to the adjusted
experimental rates.

~(k)
Point P (deg) (10' sec ' /K ) hT (K)

[ 1 + ~(k)l &(k) T /Tqp (~F T) (10' sec ' /K')
(10' sec '/K') Ref. 1 Ref. 2

A

Al

A2

10.9

B4

40.5

37.0

17.0

—36.0
30.5
87. 1

A3 -11.4
51.3

67.0

81.3

0.41 + 0.03

0.78 + 0.16

0.63 + 0.14

1.2 + 0.3

0.39 + 0.03

0.54 + O.Q5

0.71 + 0.09

0.35 + 0.04

1.2 + 0.3
3.5 +02

(3.1 + 0.3)

2.6 + 0.3
1.5 + 0.7
5.0 + 0.5

4-13

4-10

7-11

4-11

4-13

4-11

4-12

2-9

3-9

2-5

2-8

0.34 + 0.025

0.66 + 0.13

0.53 + 0.12

1.0 +0.3
0.31+ 0.025

0.44 + 0.04

0.63 + 0.08

0.29 + 0.03

1.0 + 0.3

3.0 +0.2
(2.6 + 0.25)

2.2 + 0.3
1.4 + 07
3.9 +0.4

0.20-0.22

0.27-0.33

0.24-0.27

0.33-0.36

0.09-0.18

0.18-0.23

0.24-0.38

1.3-2.2

0.8-1.7
3.2-2.3

0.23-0.23

0,22-0.22

0.22-0.22

0.3-0.4

2.7-2 9

2.9-2.2

3.0-3.3

' Measured from'the zone center with respect to „the 11001direction; positive values refer to the (110)
plane and negative values to the (100) plane.

'A(k) values trom Ref. 6.' Close to point A 1 of Ref. 6.
Measured in the (100) plane; value in parentheses measured in the (110)plane.
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FIG. 3. Measured T coefficient of the scattering rate at various locations on the central (100) and (110) Fermi-sur-
face slices. The angle Q denotes location in the extended zone scheme as measured with respect to the O00) axis.
Dashed lines indicated the region of Fermi surface over which the measured rate represents an average. The three
points without dashed lines are averaged over a length normal to the indicated plane.

ature within the measured range of temperatures
(Table I). The impurity and defect scattering rate
1,(k) is also seen from Fig. 2 to be anisotropic,
but does not vary by much more than a factor of
2. It is found to be generally higher for the third-
zone arm portions of the FS than for the free-elec-
tron-like belly portions in the present samples.

Our results for y(k) are summarized in Fig. 3.
The locations of the various FS points are again
indicated in Fig. 4 for clarity. The dashed widths
in Fig. 3 refer to the length of the FS strip for
which the indicated rates represent averaged val-
ues. The length of the strip for each location may
be simply estimated from the linewidth and known

(K/t ~)~ variation of the corresponding resonance. '

least at the lowest temperatures) and for the fac-
tor 1+X(k) from renormalization. [The experi-
mental A.(k) values are taken from our work in Ref.
6. ] The observed anisotropy is well predicted by
the theoretical calculations, although the observed
scattering rates on the belly portions are consid-
erably higher than the calculated rates.

The ratios of the theoretical scattering rates to
T' are listed in Table I for the temperatures 5 and
10 K, which span our experimental range. Varia-
tion between the ratio values at the two tempera-

IV. DISCUSSION AND CONCLUSIONS

It is evident from Fig. 3 that the electron-pho-
non scattering rates in Al are quite anisotropic.
They rise by more than a factor of 19 from the
low-belly values to the high rates on ridge and
arm sections near the Brillouin-zone boundaries.
Much of the anisotropy can be accounted for by
the increased coupling of electrons with trans-
verse phonons near the zone boundaries. ' In Table
I we have made a comparison with the theoretical
predictions for the scattering rates. In the table
we have adjusted the experimental values for the
—,', factor expected from the thermal averaging (at

&100

{100)

FIG. 4. Locations on the (100) and (110)central planes
of the Al Fermi surface where the scattering rates have
been measured.
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FIG. 5. Scattering rates for point c in the (100) sam-
ple plane plotted against T ', T3, and T ' . The solid
line represents the best fit for the T'3 relation.

tures are indicative of the predicted breakdown
of the T' relation. Reasons for the breakdown
have been discussed by Meador and Lawrence'
and by Leung et al." Examination of the uncer-
tainties associated with the experimental scatter-
ing rates together with the spread in theoretical
values. over our temperature range, shows for
most of the FS points that the present experimen-
tal results are incapable of confirming the pre-
diced T' departures. Few of our FS locations
show the T'relation as unambiguously as does
point c in Fig. 5. It is, however, clear that the
strong T3 deviation predicted in Ref. 1 for the

point B is ruled out by the experiment. In connec-
tion with deviations on the second zone, it should
also be pointed out that, for the central (110)orbit
of Fig. 4, a strict T' relation has been observed
in the radio-frequency size effect." A final com-
ment concerning the predicted T' departures is
that after the averagirig along the FS strip is taken
into account, the deviations may no longer be so
severe. [Much the same is found to occur for
the (110) arm cyclotron resonance orbit. 'j

Perhaps it is more remarkable that the reduc-
tion in the measured scattering rate increase with
T' —of the order of 30/o —which we predicted be-
cause of energy averaging in Sec. II, is not ob-
served. Nor for that matter was it observed in
Cu. ' We have no explanation for this. Maybe it
is a result of incomplete knowledge of the scatter-
ing rate away from the Fermi energy, or, alter-
natively, due to an incomplete understanding of the
SLLR line shape.

The present experiment has thus pointed out cer-
tain remaining difficulties in the theoretical de-

J

scription of the electron-phonon scattering in Al,
and in the interpretation of the SLLR line shape.
On the other hand, the power of the method in
measuring the anisotropy of the scattering has
once again been convincingly demonstrated.
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