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We have performed self-consistent (SC) band-structure calculations for the 215 compounds V3X and
Nb, x, X = Al, Ga, Si, Ge, and Sn, using the augmented-plane-wave (APW) method. Relativistic effects
{except the spin-orbit interaction) have been included in each SC cycle, along with corrections to the usual
muffin-tin approximation. The latter apply the APW wave functions outside of the muon-tin spheres to
compute the interstitial charge densities and potentials. The resulting interstitial potential has full cubic

: syinmetry (no spherical averaging), although a spherically averaged muffin-tin form is retairied inside the
spheres. The final SC potentials were used. to generate energies and wave functions on a cubic mesh of 35 k
points in 1/48th pf the Brillouin zone. These results were interpolated onto a finer mesh of 969 k points
using a symmetrized Fourier method; the densities of states (DOS), 1V{E), were determined using
tetrahedral integration. These accurate interpolation methods allow us to determine the DOS on a fine
energy scale {+3 mRy) around the Fermi level EF, where we find large variations for the compounds V36a,
V3Si, and Nb, Sn. This correlates well with the fact that these compounds have high superconducting
transition temperatures (T,) and anomalous electronically derived properties. The energy bands of the A 15
materials exhibit significant variations even amongst the isoelectronic compounds, both as to band shapes
and positions of EF. All compounds possess very flat bands that evolve from the I » state near EF and give
rise to the sharp peaks in N(E). For V,Ga, V,Si, and Nb, Sn, EF falls within several mRy of I » so that
these flat bands are responsible for the sharp structure in N(E) at EF. We find that Nb, Ge and Nb3Si have
relatively low values of N(EF), which suggests that the high T, 's observed in films of the former and
predicted for the latter are due to unusual mechanisms. We argue that the high T, in Nb, Ge may be related
to soft-phonon modes, disorder, or impurities in the films. Soft x-ray-emission calculations (including matrix
elements) of I|. and L spectra for the vanadium compounds are shown to compare well with experiment.
Calculated x-ray photoemission spectra for V,Si, Nb, Ge, and Nb, Sn are also in reasonable agreement
with the available data.

I. INTRODUCTION

The A-15 compounds include materials having
the highest superconducting transition tempera-
tures (T,) known. Many of the A-15's also exhibit
unusual or anomalous low-temperature behavior of
electronically derived properties such as elastic
constants, Knight shifts, electrical resistivity,
and magnetic susceptibility. In addition two of the
high-T, members of the A-15 family, V,Si (T,
=17'K) and Nb, Sn (T, =18'K), have martensitic
cubic-to-tetragonal structural phase transitions as
the temperature is lowered to T', which is somewhat
above 7,. There is some less definitive evidence for
structural transitions in V3Ga and Nb, Al. As a result
of these unusual properties of theA-15's, and the de-
sire to obtain even higher g, materials throughunder-
standing their underlying physics, these compounds
have been extensively studied both experimentally
and theoretically over the past 20 years. Recent
review articles by Testardi, ' %'cger and Goldberg, ~

and Izyumov and Kurmaev' describe all but the
most recent work on these materials.

There have been several A-15 band-structure
studies during the past 13 years. The first calcu-
lations were done by Mattheiss4 in 1965 using the
augmented-plane-wave (APW) method for several
A-15 compounds, among which was V,Ga included
in our studies. These 1965 calculations were non-
self-consistent, were done only at symmetry points
in the Brillouin zone, and were relatively poorly
converged (-80 mRy) due to computer limitations.
Subsequent calculations by Mattheiss' in 1975 for
V3Si, V3G e, Nb, A 1, and Nb, Sn had an orde r- of-
magnitude better convergence, and, in addition, a
linear combination of atomic orbitals (LCAO)
interpolation was used to determine density-of-
states PV(E)] curves, and other band-related quan-
tities. Klein eI; al.e" performed the first self-con-
sistent APW calculation for V3Si using techniques
similar to those reported here. Jarlborg and
Arbman' have done linear-muffin- tin-orbital
(LMTO) band-structure calculations for several

A, -15 compounds. Weger, Goldberg, and
Barak ' "have carried out tight-binding calcula-
tions for the A-15's, fitting their tight-binding pa-

6411 1978 The American Physical Society



KLEIN, BOYER, PAPACONSTANTOPOULOS, AND MATTHEISS

rameters to Mattheiss' earlier APW results, and
then empirically adjusting selected parameters to
correct for what they believe are limitations of the
muffin-tin APW method. Klein eI; a/. " have re-
cently reported self-consistent APW band-struc-
ture results for V3Ga.

The present work involves ab initio self-consis-
tent APW calculations of the band structures and
densities of states of ten different A-15 com-
pounds: V,X and Nb, &, X=A1, Ga, Si, Ge, and
Sn. These include both high- and low-T, compounds
with valence electron per atom ratios of 4.5 and
4.75. By studying a variety of A-15's using the
same band-structure formalism, we hope to obtain
a coherent and consistent picture of the properties
of these materials.

In 1961 Clogston and Jaccarino'3 suggested that
the unusual temperature dependences observed in
the properties of A-15 materials could be explained
by the existence of sharply peaked structure in the
electronic density of states near the Fermi energy
E~. Weger" observed that the chainlike structure
of the A atoms in the A38 A-15 compounds could
produce a very narrow one-dimensional-like d-
band structure which might give such sharp peaks.
Subsequently N(E) models by Labbe and Friedel"
and Cohen ef z/. "were applied successfully, to ob-
tain detailed quantitative interpretations of the
electronic properties of these materials. The for-
mer model has an N(E) singularity of the form
(E —E~) '~2 while the latter model has a step dis-
continuity at E~. More recently, symmetry-based
models by Gor'kov, "Lee et cl. ,

"and Bhatt" have
also been successful. One of the major results of
the present work is that such sharply peaked N(E)
structure follows directly from our first-principles
band- structure calculations. Furthermore, the de-
tails of the A-15 electronic structure in the pres-
ent work do not justify the basic assumptions of
any of the proposed models. It is our view that
these models merely parametrize the sharp den-
sity-of-states structure which occurs naturally in
first-principles calculations.

Testardi" has proposed a theory of the A-15
materials which emphasizes anharmonicity in these
compounds rather than the purely electronic insta-
bilities (resulting from the peaked density of
states). Although the electronic structure (ener-
gies and wave functions) are a key ingredient in any
theoretical treatment of phonons or anharmonicity,
we are not at the stage where our present results
for the A-15's can be used in this type of analysis.

This paper will present and discuss the energy
bands and N(E) results for ten A-15 compounds,
along with a comparison of theoretical and experi-
mental soft-x-ray emission and x- ray photoelec-
tron spectroscopy (XPS) spectra for a number of

these materials. Subsequent papers will deal with
predicted Fermi surfaces, electron-phonon inter-
actions, detailed analysis of the density of states
near E~, and electronic charge densities.

The remaining sections in this paper are as fol-
.lows: Sec. II discusses the band-structure and
density-of-states techniques that we have used; in
Sec. III we discuss the calculated energy bands and
densities of states, including comparisons with
previous band-structure work; in Sec. IV we com-
pare calculated and measured x-ray arid XPS spec-
tra ~

II. BAND-STRUCTURE METHODOLOGY

Our band-structure calculations follow the sym-
metrized APW method as discussed by Mattheiss,
Wood, and Switendick, "with some modifications
for including self-consistency, relativistic effects,
corrections to the muffin-tin (MT) approximation,
and some additional computer code modifications
which we discuss below.

The A-15 crystal structure is cubic with two

A,B formula units per unit cell (see Fig. 1). The
six A atoms in the unit cell lie in pairs on the cube
faces and the two B atoms occupy a body-centered
lattice. The maximum possible APW radii for non-
overlapping spheres are R„=—,a and Rs=-,'(v 5 —1)a,
with a being the cubic lattice constant. This choice
of radii leads to 64$ of the cell volume being en-
closed inside the APW spheres. In each of the
present calculations we have chosen B~ =A~ =- a
such that the 8-atom APW radius is decreased by
19%%u, from its maximum value. This choice of Rs
reduces (by 12'%%uo) the total volume inside the APW
spheres but has the advantage of increasing the
volume of the interstitial region where a fully non-
spherical potential is used (see below). There is
no loss of convergence with this choice of AB,
since this is governed by the A-atom (V or Nb)
valence-conduction d states for which R„=R„(max)
has been used. ' Table I lists the lattice constants
and APW sphere radii that we have used.

A. Starting configurations

All of our calculations begin with starting MT
spherical charge densities that are obtained by
overlapping atomic spherical charge densities from
five neighboring shells of atoms. These atomic
charge densities are obtained from the relativistic
Hartree-Fock-Slater atomic-structure code of
Liberman, Cromer, and Waber, " suitably modif-
ied for the different local exchange approximations
that we have used (see below). From the MT
charge densities the starting Coulomb and exchange
potentials are formed using standard techniques. "'4

We have divided the eigenstates of these com-
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(a)

allows us to calculate these eigenstates on a rather
course mesh in k space (see below).

The valence-conduction band states are formed
initially from A-atom s and d orbitals, and B-
atom s and p orbitals as shown in Table I. As we
will discuss, these states are calculated on a finer
k-space me'sh than the semicore states.

Finally note that for Vgl the V 3s states were
included in the core. This was done because of the
overlap in energy between these states ahd the very
narrow Al 2p band (-1 mRy bandwidth) which was
also included in the core. Although this V 3s band
had a bandwidth of -20 mRy, the aforementioned
overlap made it very inconvenient for us to include
it in the semicore due to the nature of our compu-
ter codes. We believe that this change will have a
negligible effect on our self-consistent (SC) V,Al
valence-conduction states.

B. Relativistic effects

FIG. 1. (a) Primitive unit cell for A-15 compounds.
(b) Brillouin zone for the simple cubic Bravais lattice.
(c) Symmetry of the irreducible wedge representing*
of the unit ceG.

pounds into three groups: core, semicore, and

valence-conduction states. Table I shows this di-
vision for the A.-15 compounds for which we have
performed calculations. The core states lie deep
in energy and have negligible bandwidths, so that
we treat them self-consistently in an "atomiclike"
approach. That is, the eigenvalues and wave func-
tions of these states are calculated using the
atomic-structure code,"but with the ct'ysta/ MT
potential as input.

. The semicore states, defined in Table I, have ~

relatively narrow bandwidths of less than 100 mRy
for the A-atom s and p semicore, and -3 mRy for
the B-atom semicore. The charge in the APW
spheres is 95% or more for these states The.
strongly localized nature of these semicore states

Our calculations are carried out using a relativ-
istic modification to the APW method which neg-
lects spin-orbit coupling. " In this approach the
terms corresponding to the spin-orbit interaction
are effectively dropped from the Hamiltonian so
that spin and orbital angular momenta remain good
quantum numbers, the relativistic APW equations
are significantly simplified over the fully relativ-
istic case, and the symmetrization proceeds using
single rather than double groups. The approach we
have used is that of Koelling and Harmon" which
avoids the "double-asymptote" problem that arises
in the method of Mattheiss. " We have found that
in the valence-band energy range, away from as-
ymptotes, both methods give nearly identical en-
ergies and wave functions; the energy differences
are 0.5 mRy or less for the cases we checked.
However, the Koelling-Harmon approach is com-
putationally much more convenient in the semicore
and conduction-band energy ranges due to the
presence of asymptotes there. Our neglect of spin-
orbit coupling is probably not very serious (except
possibly for details of the Fermi surface), especi-
ally for those states near the Fermi energy which
are strongly dominated by 7 or Nb d orbitals,
given the fact that these elements are of relatively
low atomic number. A full quantitative assess-
ment of the effects of the spin-orbit interaction
will have to await future work. The core eigen-
states were determined using the crystal muffin-
tin potentials and the full Dirac-Slater Hamiltonian
which includes spin-orbit coupling. '

C. Exchange approximations

The main body of our calculations were done us-
ing the local density functional approximation
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TABLE I. Lattice constants (a), muffin-tin radii (&~ and Rg), configurations of the core
and semicore states, and the starting open-shell configurations used to generate the initial
potentials for the A-15 materials.

Core
configuration

A(B)

Semicore
configuration

A(B)

Starting
open-shell

configuration A(B)

V3Al

V)Ga,

V,Si

V3Ge

V3Sn

NbsAl

Nb, oa

Nb3Si

Nb36e

Nb3Sn

4.830

4.818

4.722

4.769

4.984

5.187

5.171

5.030

5.100

5.200

5.160

5.282

2.282

2.276

2.231

2.253

2.355

2.451

2.443

2.376

2.409

2.457

2.438

2.495

Ne + 3s2(Ne)

Ne(Ne)

Ne(Ne)

Ne(Ne)

We(Kr)

Ar(Ne)

Ar(Ne)

Ar(Ne)

Ar(Ne)

Ar(Ne)

Ar(Ne)

Ar(Kr)

3p 6( ~ ~ ~ )

3s 3p (3d )

3s23p6( ~ ~ ~ )

3s 3p (4d )

3s 3p (5d )

4s24pe( ' )

4s'4p'(3d")

s24p 6
( ~ ~ ~ )

4s24p6 ( ~ I ~ )

4s'4p'( ~ ~ ~ )

4s'4p'(4d")

4s 4p (5d )

3d 4s (3s 3p )

3d34s~(4s24p~)

3d 4si{3s23p2)

M34s~(4s24p2)

3d 4s {5s 5p )

4d 5s (3s 3p )

4d 5si(4s 4p~)

4d 5s (3s 3p )

4d 5s (3s 3p )

4d45s'{3 '3p')

4d 5s (4s 4p )

4d 5s (5s 5p )

(LDA) of Hedin and Lundqvist 7 for both the MT and
interstitial regions. The exceptions are additional
calculations that we did for V,Ga and Nb, Ge using
a statistical p' ' exchange with e = 3—known as the
Kohn-Sham-Gaspar exchange approximation. "'"
The latter was done to assess the effects of
changes in the exchange approximation on the A-15
band structure and will be described subsequently
in this paper.

D. Corrections to the Muffin-Tin approximation

Our band-structure calculations have included
corrections to the muffin-tin approximation, fol-
lowing the ideas of Schlosser and Marcus, "
DeCicco, 3' Budge, a.nd Koelling et al.3 These MT
corrections remove the common approximation of
treating the charge density and potential outside of
the APW spheres (interstitial region) as con-
stants —equal to the average values in this region.
The remaining MT approximation, using spherical-
ly averaged charge densities and potentials inside
the APW spheres, has been retained. This overall
approach is known as the warped muffin-tin (WMT)
approximation. ~

The detailed method that we have used closely
follows the work of Refs. 32 and 33, although ad-
ditional complications result from the fact that the
A-45 crystal structure has a nonsymmorphic
space group. Budge" has shown how the use of
symmetrized APW's may be handled within the
framework of the. WMT approach for symmorphic

space groups; his techniques are readily extended
to the nonsymmorphic case, although the algebra
and computer programs become considerably more
complex. Here we will briefly outline the methods
that we have followed, using the case of unsym-
metrized APW's. We refer the reader to Rudge's"
paper for a discussion of the relevant group-theo-
retic modifications.

In the APW method the wave function in the inter-
stitial region is given by

(r )
—Q (k + G ) t ( Ic + Gj ' t

G

with G a reciprocal-lattice vector, k a vector in the
irreducible Brillouin zone (IBZ }, and n a band in-
dex. If we define the total interstitial potential to
be Vz(r) outside the APW spheres and zero inside,
it is easy to see that the WMT correction to the
(G, G') APW matrix element is V, (G —G'). There-
fore, all that is needed to include the WMT correc-
tions in an APW calculation are the Fourier com-
ponents of the WMT potential. Note that only the
reciprocal-lattice vector components are required
because of translational symmetry; and only those
reciprocal-lattice vectors which are contained in
I', are nonzero due to cubic symmetry.

Writing

V (r) V~»(r }+ V exch (r)

for the Coulomb and exchange contributions,
Rudge'h shows how Eq. (1) can be used to generate
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the Fourier components of the interstitial charge
density, and using Poisson's equation, the values
of VP"' (G —G'). Since V,'"'"(r) is a nonlinear func-
tion of p, (r), generating it requires additional ef-
fort. There are two ways to proceed.

(a) DeCicco" and Budge" suggest linearizing the
real space-charge density,

tp (r)]"'= l p:"1"9+ l &p,(r)/p;"],

&p, (r) -=p, (r) —p,'",
where p,'" is the average charge density in the in-
terstitial, region. This linearization allows one to
use the same techniques for obtaining VI" (G —G')
as was used for the Coulombic part.

(b) Because the linearization of p~~
' may be a

serious approximq. tion, we have used an improve-
ment which follows the approach of Koelling et al."
In this approach one uses the APW values of pz(G)
to obtain pz(r) by inverting the Fourier series. We
thereby obtain VI"'"(r) directly, and finally deter-
mine Vz"'"(6 —G') by doing a, least-squares Fourier
fit, using a Monte Carlo sampling of r points in the
interstitial region. " By sampling 800 r values, we
have obtained fits such that the rms error is ap-
proximately 1/p of the average value of the intersti-
tial exchange potential. We find that the method of
DeCicco" and Budge" yields results for the ex- .

change Fourier components which are nearly iden-
tical to the method of Koelling et gE.33 in the few
cases where we have compared them. We there-
fore conclude that, for reasonably slowly varying
pr(r) as are present in the A-15 materials, the two

approaches give virtually equivalent band struc-
tures.

Both the Coulomb and exchange interstitial po-
tentials are defined to have zero average values in
the interstitial region. However, the Coulomb and

exchange potentials within the APW spheres have
arbitrary constants associated with them (for each
inequivalent sphere). These constants have been
determined by matching the spherical MT potential
to the spherically averaged interstitial potential at
each sphere radius in each SC cycle. Finally we
note that the values of Vz(G —G') from the previous
cycle were used in generating the eigenstates for
the following cycle.

All of our calculations were done using spheric-
ally averaged potentials inside the APW spheres.
Although there will be some corrections to our re-
sults due to nonspherical potential components
within the APW spheres, we do not feel that these
corrections will be very large. A previous esti-
mate by Mattheiss' showed that these nonspherical
corrections produced eigenvalue shifts in V,Si av-
eraging -3 mRy. Mattheiss made this estimate by
doing WMT, non-SC, APW calculations for two dif-

ferent sets of V APW radii, one reduced by I'Fo
from the other. The reduced' APW radii transfers
the largest nonspherical corrections into the inter-
stitial region where a full general potential is
used, so that comparing the energies for the tw'o

calculations gave the above-mentioned estimate of
the nonspherical corrections inside the A%V
spheres.

E. Computational procedures for self-consistency

Since calculations for ten different 4-15 com-
pounds were being done, it was computationally
convenient to calculate and store those parts of the
APW matrices which depend on the structure alone.
This procedure avoids having to repeat the time-
consuming symmetrization procedures in each SC
cycle for each compound. Mattheiss t.g g$."show
how these structure-dependent terms may be
stored and reused, subject to the condition that the
APW radii keep the same ratios to the lattice con-
stant for each calculation, as we have done. It is
also possible to calculate once and store matrix
quantities associated with the WMT aspect of the
calculation; we have also done this.

In the SC procedure, eigenvalues and eigenfunc-
tions are calculated for the semicore and valence-
conduction states on a k-space mesh, states are

' filled up to the Fermi level by occupying them with
the appropriate number of electrons, and an oc-
cupied charge density is formed for the APW
spheres and the interstitial region. The core
charge density is obtained by using the crystal po-
tential in the relativistic atomic-structure pro-
gram, "and the WMT potentials are calculated us-
ing the procedure described above. To ensure sta-
bility we mixed 25%%u~ of the new charge density with
75%%u~ of the charge density from the previous cycle
in forming the MT Coulombic and exchange poten-
tials used in the fo1lowing cycle. The WMT poten-
tial coefficients were not averaged, but were sub-
stituted in total into the next cycle. Convergence
was considered to be achieved when the maximum

1

change in valence eigenvalues between two success-
sive cycles was less than 1 mRy, with the average
eigenvalue change usually being less than 0.5 mRy.
We found that 6-10 SC cycles were needed to reach
convergence for these materials.

The first SC cycle in each calculation was per-
formed without the warping correction. The output
of the first cycle included the warped interstitial
charge density, and each successive SC cycle had
both input and output WMT charge densities and
potentials.

F. k-space meshes

Table II summarizes the k-space meshes used in
the different aspects of our calculations. For the
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TABLE II. Summary of Brillouin-zone (BZ) meshes
discussed in the text. IBZ denotes the irreducible BZ.

The computer used was a Texas Instruments Ad-
vanced Scientific computer.

Points in
IBZ

Points along
rx

(inclusive)
Points in

BZ
No. of

Tetrahedra' in IBZ

4
10
35

165
969

6545

2
3
5
9

17
33

8
64

512
4 096

32 768
262 144

1
8

64
512

4096
32 768

Assumes all tetrahedra have the same volume, +6 that
of a subcube.

narrow bands of the semi-core states we used an
iteration mesh of four k points in the IBZ. This
mesh corresponds. to eight points in the full BZ and
includes the symmetry points I'(000), &(010)
M(110), and B(111), in units of v/a.

For the valence-conduction states a mesh of ten
k points in the IBZ (64 k points in the full BZ) was
used in the SC iterations. In addition to the four
symmetry points, this mesh includes k points at
the midpoints of the symmetry lines:

z(OnO), Z(n10), g(nn0),

A(nnn), S(nln), T(11n)
(4)

with Q'= p.
After self-consistency was achieved, a final APW

run was done on a mesh of 35 k points in the IBZ
(512 k points in the full BZ) for determining the
density of states (DOS) using techniques described

'in Sec. IIG. This mesh includes the four symme-
try points, three points along each symmetry line
)n= —,', —,', ~ in Eq. (4)J; the twofold-symmetry points
(in units. of v/4g) (210), (211), (221), (310), (311),
(320), (322), (331), (332), (421), (432), (431); and
the general point (321).

Symmetrized APW's were constructed for these
k points using the irreducible representations de-

. termined by Mattheiss" and the convergence cri-
terion ik+Gi, „=9(v/a) [see Eq. (1)J. Thisyielded
eigenvalues converged to better than 1 mBy for all
points except the general point, where some addi-
tional degradation of convergence was tolerated
(-3 mRy) in the interest of making the computer
runs shorter. The dimensions of the symmetrized
APW matrices were: less than 100 for the symme-

. try points; -100-185 fear the symmetry lines; -200
for the twofold points; and 300 for the general
point.

Our computer codes ran -12 min for each SC
cycle and a total of -90 min for each of the 35 k-
point mesh runs (five separate runs for -40 bands).

G. Density of states calculations

For the determination of N(E) and the site-angu-
lar-momentum decomposed density of states N,'(E),
we used a two-step procedure. We first interpo-
lated the 35 k-point mesh APW results onto a finer
mesh in the IBZ using a symmetrized Fourier (SF)
method. " We then used the tetrahedral method, "'
which involves linear interpolation, to perform the
integrations necessary for obtaining the densities
of states.

The SF method is designed to make the maximum
use of the crystal symmetry, translational and ro-
tational, in the choice of interpolating functions.
Translational symmetry is built in through the use
of a properly periodic Fourier series. Rotational
symmetry leads to band crossings for k points on
symmetry lines and planes. We account for this
by first interpolating the band structure along sym-
metry lines using a one-dimensional Fourier ser-
ies, and allowing bands of different symmetry to
cross.

Next, these interpolated results are used, to-
gether with the compatibility relations, in the de-
termination of the coefficients of two-dimensional
Fourier series for the symmetry planes. In other
words, the interpolated results along symmetry
lines are used to force the interpolating function
for the symmetry planes to have the proper behav-
ior in the neighborhood of symmetry lines. In this
way, sharp structure resulting from a symmetry-
line band crossing, which is not allowed on the ad-
joining plane, is built into the two-dimensional
Fourier series. Similarly the interpolated results
along both symmetry lines and symmetry planes
are used to determine the full three-dimensional
Fourier series.

The N(E) results shown in this paper were ob-
tained by first using the SF method to interpolate
from 35 to 969 k points in the IBZ, and then using
the tetrahedral method" " (4096 tetrahedra in the
IBZ).

III. BAND-STRUCTURE AND DENSITY-OF-STATES
RESULTS

Figures 2-14 show the energy bands and DOS for
the A.-15 compounds. The energy bands are plotted
along the six symmetry directions shown using the
E(k) values from the interpolation scheme that we
have described (35 APW input k points). The sym-
metry labels for the eigenvalues come directly
from the computer storage, thus eliminating the
chance of transcription errors.

The DOS shown in the lower part of Figs. 2-14
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energy bands and densities
of states for V3Al with the
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have been computed using the tetrahedral method
in conjunction with the new interpolation scheme'
we have described. The 35 point mesh eigenvalues
have been interpolated onto a mesh of 969 k points
in the IBZ, which corresponds to dividing the IBZ
into 4096 tetrahedra (see Table II). By comparing
DOS results for a 35-165 point mesh and a 35
-6545 mesh interpolation (corresponding to 512
and 82 768 tetrahedra, respectively), we conclude
that the DOS values from the 969 point mesh are

accurate to -1%. It should be noted that in all
cases, the input to the tetrahedral program are in-
terpolated energies and wave functions derived
from the 35 point APW mesh. Consequently, the
term "accuracy" is used here in a restricted sense
that refers primarily to the validity of the linear
interpolation that is utilized in the tetrahedral
method.

The values of N,'(E) shown in Figs. 2-14 were ob-
tained by weighting the contributions to N(E) with
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the appropriate fractional charges that are con-
tained within the six A. -atom and two 8-atom
spheres with a given angular momentum /. These
results do not include interstitial charge, so that

Q f A„', ,(E)dE'
l Ebt

is the total valence charge in six A-atom (two B-
atom) spheres. Eb„corresponds to the bottom of
the valence bands. These N,'(E) values are also

calculated within the tetrahedral approach.
The Fermi energies shown are determined by in-

tegrating N(E) to the energy where appropriate
number of states are filled. Table III gives the
values of N(E~) and N,'(E~) for our calculat. ions.
For those compounds with sharply peaked struc-
ture in N(E) near E~ (V,Ga, V,Si, Nb+i,
Nb, Ga, and Nb, Sn), there is an estimated uncer-
tainty in N(E~) due to interpolation of -10//&, with
the exception of V,Ga. In this compound, even
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though the calculations involving two different ex-
change approximations (Figs. 3 and 4) give band
structures that are almost identical in appearance,
the fine structure near E~ is so delicate that the
N(E~) values differ by -20% For the remaining
compounds, where N(E) is relatively flat around

E~, the values in Table IG should be accurate to
within a few percent,

A. General discussion of the energy bands

Some of the general features common to all of the
band structures are the following.

(a) A low-lying (centered =0.5 Ry below E~) pair
of bands whose wave functions consist primarily
of 9-atom s-type oribtals. With the exception of
Vpl, these bands are separated by an energy gap
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from the higher hybrid bands to be described. For
the Nb compounds, these bands are systemically
narrower and the N(E) peak in this energy range is
sharper than in the corresponding V compounds.
This is apparently due to the larger lattice con-
stants for the Nb compounds (see Table I) which
results in a correspondingly smaller interaction
between the s and p states of the A and B atoms.

(b) The next group of -20 bands include a mani-
fold of s-p-d hybrid states which extend from M,
up to the I'» state which is consistently near E~.

The DOS show a number of peaks and valleys in

this region corresponding to the particular loca-
tions of the critical points and the shapes of the
bands. This energy-band complex can accomodate
more than 30 electrons, and is dominated by the
A-atom d-like wave functions, especially in the
vicinity of E~.

(c) Slightly above E„, N(E) systematically ex-
hibits a minimum, above which a superposition of
broad s-p bands and narrow A-atom Rntibonding
d bands combine to give rise to more sharp struc-
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ture in N(E). The total range of energy shown in
Figs. 2-14 includes a total of between 70-80 avail-
able electronic states per cell (35-40 bands).

8. Electronic structure near EF

It is clear from Figs. 2-14 that many of the
corn'pounds liave extremely sharp structure in N(E)
near E~ hit!h' arises either from very flat energy
bands or band minima along the Z and A directions.
Among the high-T, materials, Nb, oe and Nb, Si are

exceptions to this rule which we will discuss sep-
arately below.

The compounds V,Ga (Figs. 3 and 4), V,Si (Fig.
5), and Nb, Sn (Fig. 14) stand out for their very flat
bands at E~ along the 5, A, and g directions
around the I"„point. These materials are re-
nowned, not only for their high-T, values, but also
for their anomalous low-temperature behavior
which has been ascribed to just such a sharp N(E)
structure. In examining Figs. 3-5 and 14 by eye,
it is clear that any quantitative interpretation is
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limited by the "pen-width, " so that we refer to Ta-
ble Iv where the ab iriitio APVf eigenvalues corres-
ponding to the states a„b,„Z„Z4, and P, (near
E„)are tabulated. From Table IV we see that
significant fine structure on a scale of 1 mRy or
less can certainly be anticipated from our APW re-
sults. %'e note that these qualitative conclusions
are not sensitive to the exchange approximation
(see Figs. 3 and 4 and the discussion in Sec.:IIIC).

Figure 15 shows plots of N(E) for Nb, Sn and' V,Sn
in a range +3 mIIy (-w 450'R} around E~ for each

compound. The rather dramatic difference between
N(E) for these two isoelectronic materials is quite
striking. For Nb, Sn, H(E) varies by =5lgq in a
range of =+I mHy around E~, while N(E) for V,Sn
is nearly constant. We have found equally abrupt
variations in N(E) near E~ in both VSSi and V,Ga;
all three of these materials exhibit- low-tempera-
ture anomalies. These rapid variations in N(E)
near E~ are of the right magnitude to explain the
observed anomalies in elastic constants, suscepti-
bilities, Knight shifts, etc. ,' ' without any adjust-
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able parameters or model assumptions pertaining
to the electronic structure. For the remaining A-
15 compounds that we have considered, N(E) varies
by «1(Pp or less within +3 mRy of E~.
' In attempting a quantitative study of such fine
N(E) structure, we are faced with. two fundamental
problems. The first is. that our APW eigenvalues
and eigenfunctions have an intrinsic convergence
limitation:that is governed by the size of the basis
set. We estimate that within the APVf approach

that we are using the energies are converged to
better than 1.0 mRy (-3 mRy for the general point).
A second limitation results from our k-space in-
terpolation procedure, which starts with hmited
APW input data (35 point mesh energies and eigen-
functions), and then systematically generates in-
termediate values on higher-order meshes using
the procedure which we described. The flexibility
of this interpolation scheme will enable us to quan-
titatively assess the accuracy of the present N(E)
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results in future work. In such studies, we can in-
put more first-principles APW data in the vicinity
of E~, so that these regions of very flat bands will
be more accurately interpolated. The reader
should bear in mind that N(E) is determined by the
slope of the bands which are likely to be more ac-
curate than the absolute value of the eigenvalues.

An additional concern is the role of spin-orbit
coupling, neglected in the present calculations, on
the DOS fine structure. Fortunately the flat bands

near E~ in V,Ga, V,Si, and Nb, Sn (I',','-Z, 4 and
I'»-A, ) are not spin-orbit-sp1it at all at I'. ' Spin-
orbit splitting can occur along A"(A', state), 'but
this splitting is expected to be small near F»
where the bands are very flat. Spin-orbit. coupling
can shift the bands at I'.and along the Z and 6
lines, but it will not further reduce their degener-
acy. We conclude that spin-orbit effec'ts ar e likely
to by important for predicting an accurate repre-' '

sentation of the Fermi surface in at least sotne of



SELF-CONSISTENT AQGMEQTKD-PLANE-%A VE. . .

hJ~fV ~ Vl
MVlV'/ K/

fV Ul Ul
Vl FO fg

I I XII/ I

I:I I

Cd
I'/''IX X I

WOVE~ ~
I

IV

CD

R
QwW Mw

t' I X I4 I
~MVl CO Ul

M /l'i
CD

FIG. 10. Self-consistent
energy bands and densities
of states for NbeSi (a=5.03
A) with the local density
approximation exchange.

300-

~ 200-
I—

100-

100-

5-
C3

0.3
I

0.5
I

Nb35i

a=503A

TOTAL D

Nb:d

Nb:p

Nb:s

ENERGY (Rg)
0.7

I I

0.9
I

'
I

I

f~ EF
I

I

I

1.3
I

40-K
C3

Si:p

5i:s

the A-15 materials, particularly those compounds
with heavy I3 atoms such as Nb, Sn. This will be
explored in subsequent publications.

C. Sensitivity of the band structures to the exchange
approximations

A common concern in all band-structure calcu-
lations and thej, r interpretation is the fact that ap-
proximations are made for treating exchange-cor-

relation effects, In the present set of A. -3.5 calcu-
lations, the majority of the work was performed
using the local density approximation (LDA),2' as
it is widely agreed that this approach has the
firmest theoretical foundation of all of the present
one- electron approximations. Previous work that
has b@en done on the bcc transition metals V and
Nb (Ref. 40) showed that the band structures and
Fermi surfaces have a quantitative dependence on
the exchange potential used (-1(Pc variation in Fer-
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mi surface areas). In the case of the more complex
A-15 materials, where it is of great importance to
obtain a good quantitative understanding of the band
shapes and &(E) near Ez, it is crucial to determine
the sensitivity of the calculated electronic struc-
ture to the exchange-correlation approximation.

In the present set of calculations we have per-
formed independent SC calculations for V,Ga using
a Kohn-Sham-Gaspar (n' =-,') (Refs. 28 and 29) local
exchange potential (both inside and outside the
APW spheres), all other calculational procedures

remaining the same. Comparing Figs. and 4 it
is seen that the energy bands are nearly indisting-
uishable for the two V,Ga calculations, including
th gion near E where the extremely flat bands

f I2near I'» persist in both calculations (see Ref.
for a comparison of the numerical eigenvalues for
the two exchanges). Although there is some quanti-
tative difference in the N(E) fine structure near
E„, the energy scale (see Table IV) of the fine
structure is nearly the same. We note, however,
that our preliminary studies show that the predicted
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A.-15 Fermi surfaces are considerably more sensi-
tive to the exchange approximation used.

Finally let us note that after the bulk of our cal-
culations mere completed me did an n =-,'SC calcu-
lation for NbsGe (not shown) to ensure that our con-
clusions with regard to the superconducting prop-
erties of 'this material were not exchange sensitive.
Again the changes in the band structure for this
material were minor; and in addition, the N(Ez)

values for the two calculations were within -1% of
each other (see further discussion below).

D. Nb3 Ge and Nb3 Si

We nom discuss separately our electronic struc-
ture results for Nb, oe and Nb, Si. There is special
interest in these materials due to the discovery of
superconductivity in excess of 23'K. (Refs. 41 and
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42) for the former and the prediction of T,'s in ex-
cess of 30'K for the latter. 4'

Beginning with Nb, ae, we see from Fig. 13 that
the position of the Fermi level is atypical of the
other high- T, materials since E~ falls below the
T»-region flat bands [corresponding to a peak in

N(E)] by =7 mRy. Similarly, Ez falls above the
minima in the g and A branches jagain an N(E)
maximum] by 14 mRy. From Table HI we find that
N(E~)=107 (states/Ry unit cell) for Nb, Ge, a
considerably smaller value than we found in the

other high-T, materials. Detailed calculations, to
be described fully in a subsequent paper, shows
that the electron-phonon interaction for Nb, Ge has
a value more consistent with that of VSGe (rela-
tively low-T, ) than the high- T, materials (V,Si,
Nb, A1, etc.), primarily due to the small value of
N(E

To make sure that these results for Nb Qe are3
not sensitive to either the lattice constant we used

o
(5.16 A), or to the exchange potential approxima-
tion (LDA), we performed two additional SC cal-
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culations: (a) lattice constant 5.13 A (closer to the
thin-film values44), LDA exchange; and (b) lattice
constant 5.16 A, e = —', exchange. These calculations
also show that E~ falls between the two peaks, with
states around E~ shifting by -1 mRy or less from
our original calculation. Within reasonable varia-
tions of lattice constant and exchange potential ap
proximations the band structure and N(Ej of NbsGe
shocos minor variations from Fig. 28.

For Nb, Si we performed SC-LDA calculations for

three different lattice constants: 5.03, 5.10, and
5.20 A; the first value being that reported by Pan
et al. ,

4' and the latter two spanning the range of
predicted lattice constants4'4' for this material
which has not been made in an equilibrium bulk
configuration. The 5.20 A value is close to the
estimate of the sputtered-film value obtained by
Somekh and Evetts. 4' The energy bands and N(E)
near E„are very similar in appearance to Nb, oe,
with the three N(Ez) values from Table III being
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TABLE III. Fermi level E~, . total density of states &(E~), and the site-angular momentum
densities of states &~~g~(E~) for the A-15 materials. All densities of states are in units of
(states/By unit cell}, and are for both spin orientations.

E~ (Ry) X(E~)

V3A1

V3Ga (LDA)
V,Ga (~ =~3)

VSSi
V3Ge
VSSn

Nb3Al

Nb3Ga
Nb38i (5.03 A)
Nb3Si (5.10 A)
Nb3SL (5.20 A)
Nb3Ge
Nb3Sn

0.8186
0.8265
0.8357
0.8889
0.8714
0.8031
0.8366
0.8507
0.9351
0.8905
0.8315
0.8656
0.8329

188.9
295.6
237.7
200.2
114.7
123.0
199,2
191.8
61.42
69.20
83.61

106.7
158.6

0.7818
0.9533
0.8159
0.4903
0.3717
0.3344
1.877
1.722
0.4293
0,4323
0.4831
0.5242
0.6629

8 ~ 128
13.05
10.28
7.883
3.508
3.749
8.713
8.979
2.588
2.859
3.394
4.311
7.016

130.6
211.3
168.7
142.6

84.16
92.33

111.2
108.0
35.15
39.89
49.46
64.19
98.19

0.7916 0.2970
0.9994 0.2280
0,8978 0.2072
0.8531 0.2195
0.5851 0.1375
0.6166 0.0883
1.883 0.7157
1.757 0.5340
0.6248 0.2160
0.6937 0.2116
0.7841 0.2141
l.010 0.3427
l.378 0.3822

2.832
3.614
3.265
1.854
1.242
1.267
3.445
4.599
1.094
1.178
1.180
1.372
2.151

2.665
2.460
2.287
2.954
1.417
1.237
5.816
3.481
1.475
1.801
2.121
1.947
2.025

0.1896
0.2622
0.2385
0.1942
0.1436
0.2139
0.2694
0.3358
0.1266
0.1291
0.1456
0.1924
0.3560

61, 6S, and 84 (states/Ry unit cell), respec-
tively. Our electron-phonon interaction calcula-
tions show, as they do for Nb, oe, that bulk stoichi-
ometric Nb, Si does not appear to be a high-T, ma-
terial.

Thus we suggest that the high T, observed for
sputtered films of Nb, Ge must be due to some un-
usual property of these films (impurities, disor-
der, or very soft phonons for instance). Somekh
and Evetts ' have obtained enhanced values of T,
for V,Ge of up to 11'K (versus 6.1'K for the bulk);
and values of up to 14'K for sputtered Nb, Si. There
thus seems to be strong evidence, both ezperi-
mental and theoretical, that there are anomalous
properties of sputtered films of A-15 materials
that remain to be elucidated. Further quantitative

discussion of these points will be made in a subse-
quent publication.

E. Charge transfer

In Table V we tabulate the electronic charge in
the A and & APW spheres (Q„and Qs) for the A,B
compounds we have calculated, and also the total
charge in the interstitial region Q,„,. We include
results for both the starting overlapping atomic
charge-density configurations and the final SC
charge density. The last three. columns in Table V
give the differences Q, (final) —Q, (start). The value
of Q,„, is determined by the relation Q,„,=6(Z„
—Q„)+2(Zs —Qs), with Z„and Zs being the atomic
number of atoms A and B, respectively. The rea-

LLJ

I

cP 200

Nb35n

I

I

I

I

TABLE IV. Eigenenergies near EE for several k points
and irreducible representations for V3Ga, V3Si, and
Nb3Sn. The energy values listed are lE(k) -E~] in units
of mRy.

k(~/4a)
V3Ga
(LDA)

V,Ga
(u =+3)

V38i
( LDA)

NbsSn
(LDA)

I 100

I—
07
LU
C5

I

-2
I I I

-1 0
ENERGY (mRg)

FIG. 15. Total density of states in the vicinity of the
Fermi level Ez for VSSn and Nb3Sn.

~„(000)
&g (100)
4, (200)
&, (100)
4, (200)
X, (110)
Zg (220)
Z, (110)
Z4 (220)
A, (111)
A3 (222)

-0.5
0.7
4.1

-0.3
1y2

1.1
5.4
0.5

-9.1
1.3

-7.6

0.1
1.0
4.2
0.1

-1.1
1.5
5.6
0.9

-9.4
1.3

-7.6

0.6
1.5
2.8
0.0
303

1,2
3.9
0.7

-15.6
0.9

-13.8

-2.7
-1.9

0 4
-2.8
-5.6
-1.7

3.3
-2.9

-18.9
243

-16.2
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TABLE V. Charge-transfer results for -the A-15 compounds. Tabulated are the starting
(atomic) and final (self-consistent) values of the electronic charges inside (Q~ and Q~) and
outside (Qo I) the muffin-tin spheres. The differences between the final and the starting
charges are shown in the last three columns.

Starting
Qg

Final
Qa

Q(final) —Q(start)
&@a &@ouf.

V,Al
VSGa
V38i
VSGe
V3Sn
Nb3Al

Nb3Ga
NbgSi {5.03 L)
NbgSi {5.10 A)
Nb3Si {5.20 A)
Nb3Ge
Nb3Sn

21.51
21.48
21.46
21.48
21.60
39.26
39.22
39.15
39.19
39.25
39.22
39.34

11.75
29.83
12.56
30.54
48.06
11.92
30.04
12.78
12.80
12.84
30.82
48.34

11.44
11.46
12.12
12.04
12.28
12.60
12.60
13.54
13.26
12.82
13.04
13.28

21.21
21.22
21.21
21.27
21.48
38.54
38.57
38.51
38.56
38.62
38.64
38.82

11.62
29.59
12.29
30.19
47.41
12.16
30.19
12.94
12.95
12.97
30.85
48.03

13.50
13.50
14.16
14.00
14.30
16.44
16.20
17.06
16.74
16.34
16.46
17.02

-0.30
-0.26
-0.25
-0.21
-0.12
-0.72
-0.65
-0.64
-0.63
-0.63
-0.58
-0.52

-0.13
-0.24
-0.27
-0.35
-0.65
+0.24
+0.15
+0.16
+0.15
+0.13
+0.03
-0.31

2.06
2.04
2.04
1.96
2.02
3.84
3.60
3.52
3.48
3.52
3.42
3.74

der is reminded that the APVF sphere radii that we
have used are given by R„=B~=4 a.

Table V shows that all of the vanadium compounds
give up charge to the interstitial region from both
the A- and B-atom APVF spheres, with the value
s@,„,-2 electrons per unit cell. The situation is
different for the niobium compounds, where in all
cases each Nb atom gives up 2-4 times more
charge to the interstitial region than the vanadium
compounds with the same B atom; and the B atoms
in Nb, B gain some charge in all cases except for
Sn.

A full charge-density analysis, including the di-
rectional properties of the charge density con-
tained within the APW spheres, will be presented
in a future publication. At present we can draw
some interesting conclusions from the integrated
results in Table V. Ne find that the charge-trans-
fer results for V,Al, V3Ga, V,Si, V3Ge, and Nb3Sn
are very similar, as is the nature of their energy
bands and N(E) near E». All of these compounds
have flat energy bands around the I'» state which
produce sharp N(E) peaks within a few mRy of Ez.
The transfer of substantial amounts of charge to
the interstitial region for both the A and B atoms
in these compounds probably indicates the presence
of covalent A.-B bonds in addition to the strong
A-A. bonds and metallic bonding that is present.
This is in qualitative agreement with the charge-
density measurements of Staudenmann et al. on

V,Si.4' For V,Sn, E~ falls well above (-15 mRy)
the flat I',~-derived bands; for this compound AQ „
is negative. We also note that (bQ~„( & jugs( for
each of the other A,B materials discussed. This
suggests that the bonding is substantially different
for V,Sn.

k

The niobium-based compounds Nb3Al Nb3Ga,
Nb, Si, and Nb, Ge all have very similar charge-
transfer characteristics, with negative sQ, and

positive (small in the case of Ge) sgs. In all of
these compounds E~ fall.s below the flat region
around I'» by -15-20 may, with the Al and Ga
compounds having high values of N(E~), and the Si
and Ge compounds much smaller values. Again the
distinction between high and low N(E~) in these
compounds is not discernable from our charge
analysis, although it is clear that the charge densi-
ties are quite likely to be qualitatively different
from the materials with age &0.

As we have remarked, our charge-transfer anal-
ysis is in qualitative agreement with the measure-
ments on V,Si by Staudenmann et al. ' These au-
thors have applied a less definitive charge-transfer
analysis to their V,Si data following the method of
Coppens. 4' In this method a generalized radius is
assigned to the V and Si atoms, and charge is as-
sociated with either atom depending on the distance
of the charge from each atomic position. By in-
specting their plot of V or Si versus "radius ratio"
they conclude that the appropriate V to Si "radius
ratio" is -1.5, and consequently there is a n'et

charge transfer of 1.8-2.4 electrons per silicon
atom to the vanadium atoms. Since there is no di-
rect relationship between the generalized 'Wigner-
Seitz radii defined by Staudenmann et al.~' and the
APW sphere radii in terms of which we have de-
fined charge transfer, our results are not directly
comparable. The method of Coppens4' associates
interstitial charge with either an A or B site in a
specific but somewhat arbitrary manner. It is
noted, however, that for a "radius ratio" of unity,
the results Staudenmann et gg."suggest essentially
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zero charge transfer, a result that is in qualitative
agreement with our equal. APW sphere radii calcu-
lation for V,Si.

Bongi et ai.""have developed a theory of super-
conductivity in the A,B compounds based on the
notion of charge transfer from the B to the A
atoms. As we have discussed, our calculations
show no evidence of 8- to A-atom charge transfer;
in addition, as shown in Table V, there does not
seem to be any universality in charge-transfer be-
havior amongst all of the A,B compounds for which
we have done calculations. In fact we find evidence

for charge transfer from Nb to j9 in several of the
Nb, B compounds.

F. Comparison with previous calculations

There have been a number of previous A-15
band-structure calculations. These include the
non-SC AP%' calculations of Mattheiss '; the
LCAO calculations of Weger, Goldberg, and
Barak' "; the LMTO calculations of Jarlborg and
Arbman', the SC pseudopotential calculations by
Ho e] p)."; the non-SC APVf calculations by van
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FIG. 16. Calculated (solid curves) and measured (dashed curves) x-ray K-emission spectra of (a) V site of
VSAl, (b) V site of VSGa, (c) V site of VSSi, (d) Si site of V3Si, (e) V site of VSGe, (f) V site of VSSn. Experi-
mental spectra are taken from beefs. 59 and 60.
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Kessel et a).53; and the SC-APW calculations by
Klein eg g

Mattheiss'4 1965 APW results for a number of
A-15 materials represented the first accurate
electronic-structure results for these compounds.
In these calculations he used the non-SC APW
method with a convergence accuracy of 10-30 mHy
due to the computer limitations at that time. Even
so his energy bands for V,Ga (for E~ at I'») are
very similar to the ones that we have now obtained
with more than an order-of-magnitude better con-
vergence accuracy, although of course there are
important differences in the ordering and shape of
bands near E„. Subsequent WMT non-SC calcula-
tions by Mattheiss' were done for V,Si, V,Ge,
Nb, AI, and Nb, Sn, with -3 mRy convergence. In
these calculations APW eigenvalues were deter-
mined at the symmetry points I, X, M, and A,
and a LCAQ interpolation scheme was fit to these
values. These LCAO results were used to deter-
mine N(E) and to plot the bands for these mater-
ials.

Comparing the present SC results with those of
Mattheiss ' it is found that the gross features of
the energy bands and N(E) curves are similar,
with the major difference being the location of the
low-energy B-atom s bands with respect to E~
(which are too low in the non-SC results). In addi-
tion, there are more detailed differences in band
shapes and widths whichare due to self-consistency
effects and the limited accuracy of the LCAO inter-
polation procedure. In particular, the LCAO re-
sults of Mattheiss fail to reproduce the extremely
flat bands that evolve from I'» in many of these

compounds and also the resulting fine structure in
N(E). The biggest differences near Ez occur for
the compound Nb, Al, where the energies of some
states differ by more than 20 mRy with respect to
E~. This is probably due to the effects of self-
consistency, as evidenced by the fact that for
Nb+i we have found that charge-transfer effects
are important, viz. , ag„&0 and gQA, &0 (see Sec.
III Z).

The recently published LMTO calculations by
Jarlborg and Arbman on V38i, V,Ga, and V,Ge
show only density-of-states plots so that a de-
tailed comparison of the band structures, especial-
ly details near E~, is impossible. Jarlborg and
Arbman' find, as we do, that the gross features of
N(E) of these three compounds are very similar,
although as we have shown here there are import-
ant differences among them on the scale of several
mRy around E~.

The work of Weger, Goldberg, and Barak
(WGB),"" using an adjusted tight-binding method,
predicts band structure and N(E) results for V,B
and Nb, B compounds which are in considerable dis-
agreement with our work, the previous work of
Mattheiss, "and the calculations of Jarlborg and
Arbman. ' In the WGB calculations, the tight-bind-
ing parameters have been adjusted so that the Fer-
mi level coincides with a sharp peak in N(E) aris
ing from flat bands near the 2,', state. In the pres-
ent calculations, this I,', state consistently falls
below E~ by 50-100 mRy for the different com-
pounds. Mattheiss' gives a critique of the WGB
calculations which we agree with and refer the
reader to. We believe that the "empirical" adjust-
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and N&:are. the site (j=A, B)-,angular-momentum
(l).decomposed DOS.

The dipole matrix. elements are given by

Ry

m{s&, I~ 1,E).= Z'„,(r, E,) Z"„,(~, E) 'dr,
0

where 8& is the AP%' sphere radius and g'„, and
A"„, are the core and valence radial wave func-
tions, respectively, both normalized to unity within
the APW spheres. The radial wave functions are

' obtained by solving the wave equation with the crys-
tal potential at the energy E.

To facilitafe. a comparison with experiment we
have broadened Io with a Lorentzian function to
Srm

lVI-EMISSION FROM V-SITE OF V3Si

EF

E
& r, (E')y(E') dE'

( ) (E E )2 [
& (El)]2

with E, the bottom of the valence bands.
We have included three separate broadening con-

tributions to the total Lorentzian width y(E),
namely,

y(E) =y,p„+y. + yg(E)-
I

Here, y ~„represents the spectrometer resolu-
tion, y, is the width of the core level, and y~(E)
represents the energy-dependent final-state broad-
ening due to the Auger effect. We have used the
experimental values of y, „,while the values of
y, were determined from Ref. 55.

Vfe have determined the final-state broadening
by the expression

0

y E b N(E dE f N(Z
s - is'-s'I

xN(E, +
(

E'- E()dE, .
(9)

In Eq. (9), b is a constant and all energies are
measured from E„. This equation accounts for
Auger transitions from energy E' filling a hole at
energy E, with the excitation of an electron from
E& to (Eo+ (E'-E ~). Further diecussion of this
formula may be found in Hefs. 56 and 57. 'The only
free parameter in Eq (9) is b, .and its value was
determined for each spectrum by varying it to ob-
tain a good visual fit to the measured spectrum.

Our XPS calculations were done by broadening
the DOS with a Gaussian function. No matrix ele-
ment, lifetime, or core asymmetry corrections
were included in these calculations. The complex-
ities introduced by the variation in photoelectric
cross sections for the g, p, and d electrons for the
g and 8 atoms are likely to introduce significant
corrections to our simplified calculations. " We
hope to return to more detailed XPS calculations
in future work. In the present work we compare

12 11 10 9 8
I I I I I I I I

7 6 5 4 3 2' 1 0

broadened N(E) and also B-atom d DOS [Ns(E))
with the available XPS measurements on V,Si,
Nb, Ge, and Nb38n.

B. X-ray emission results

Figures 16-18 show a comparison of calculated
K, I., and M spectra with experimental results. '~"
Table VI lists the broadening parameters used in
these calculations. The agreement between theory
and experiment is generally very good for all of
the K spectra (Fig. 16), the most serious deviation
being for V,Sn, where the low-energy shoulder (Sn
z states) is approximately 1 eV higher in energy
than the experimental results. Note that for V3Ga
the calculations are for the local density exchange
band structure. The e = —,

' band structure gives
nearly identical results.

The I. spectra shown in Fig. 17 are also in good
agreement with experiment, especially so for the
Si I, spectrum. The experimental L, spectra from
the vanadium sites in V,oa and V,Si are somewhat

TABLE VI. Broadening parameters used in the x-ray
emission spectra calculations for the A-15 compounds
csee Eqs. (7)-(9) and Figs. 16-18]. The units are Ry.

+spec

&-vanadium
L-vanadium
M-vanadium
&-silicon
L-silicon

0.022
0.022
0.022
0.022
0.-022

0.07
0.09
0.09
0.03
0.06

0.1
0.1
0.2
0.25
0.25

ENERGY (eV)

FIG. 18. Calculated (solid curve) and measured
(dashed curve) x-ray I-emission spectrum of the V site
of Vssi. Experimental curve is from Ref. 59.
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corrected- for the background inelastic electron
scattering. In comparing the theory and experi-
merits-two points should be emphasized: (a) due to
the neglect of matrix elements, the broadened N(E)
includes, a11., of the site-angular-momentum comp-

onents�.of the DOS equally weighted and (b)
Nvo„»(E) refers to the DOS inside the APW spheres
as discussed in:.Sec. III.

The Gaussian broadening had a 1.2-eV FWHM in
all cases. This broadening approximately accounts
for the spectrometer broadening (W.6 eV} and life-
time and core broadening effects. Small changes

in the FWHM does not effect the appearance of the
theoretical curves very much. An examination of
Fig. 19 shows that the broadened N(E) gives a good
overall fit to the major features of the XPS mea-
surements. There is some mismatch, especially
as to absolute intensities, which is likely due to the
neglect of matrix elements. The broadened
Nv&„,,&(E} gives a significantly poorer fit to the ex-
periments, especially for the energy range 3 eV
and below E~. This is the region where the other
site-angular-momentum components of N(E} are
significant (especially the B-atom s and p states).
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