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Model calculation of dynamical spin susceptibility of paramagnetic nickel
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The dynamical spin susceptibility of paramagnetic nickel is investigated using a noninteracting isotropic band
model based on the energy-band calculations of Hanus. The free-electron wave function and the simple tight-
binding wave functions are used for s and d conduction electrons, respectively. Explicit expressions are
obtained for the intraband and interband parts of the susceptibility function. Numerical computations are
carried out for paramagnetic nickel for the atomic configuration (3d) '(4s) for field wave vector fi along the
[100] direction and energy-transfer range 0.01-0.4 eV. The intraband and interband parts are compared and
the intraband part is found to be dominating. The exchange enhancement of the susceptibility function is also
studied and the results are compared with other existing theoretical calculations and the experimental
measurements. The agreement is found to be. reasonably good.

I. INTRODUCTION

The quantum theory of the static susceptibility
of simple metals has been put forward by many
authors' ' through the use of pseudopotential
formalism. Attention has recently been focused
on the response of a metallic system to a spatially
and time varying magnetic field, as this can di-
rectly be compared with neutron scattering mea-
surements. ' The formal functional forms of dy-
namical spin and orbital susceptibilities are
rigorously obtained' but their explicit evaluation
for a realistic multiband system is still awaited.
Doniach' used the formalism due to Izuyama, Kim,
and Kubo' to calculate the spin susceptibility of
'paramagnetic palladium in the random-phase ap-
proximation, in a one-band itinerant- electron
model. Refinements of the model were sub-
sequently considered by Allan et al."and Lowde
and Windsor' who calculated the spin susceptibility
)f(q, +) of nickel in the paramagnetic and ferro-
magnetic phases. These authors used the free-
electron and tight-binding approximations. In the
free-electron approximation the role of overlap
matrix elements in the expressions for the un-
enhanced susceptibility function is completely
neglected. In the tight-binding approximation, the
contribution of all the five d subbands is explicitly
evaluated but the effects of an s-like band are
completely ignored. Yamada and Shimizu" eval-
uated the dynamical spin susceptibility for a multi-
band system and calculated it, in the two-band
model scheme for ferromagnetic nickel. Sokoloff'
investigated the case of chromium in detail using
a simplified free- electron- like band structure but
Gupta and Sinha" calculated the static susceptibility

of paramagnetic chromium using augmented-plane-
wave band- structure calculations. Cooks and
Wood" also calculated the static spin suscepti-
bility function of ferromagnetic nickel using real-
istic band- structure calculations. Rath and
Freeman" recently studied the static suscepti-
bility of scandium using the augmented-plane-
wave band- structure calculations. However, cal-
culations are still awaited for the dynamical spin
susceptibility of a transition metal.

It is a prohibitively difficult task to include the
realistic multiband structure and actual crystal
wave functions in the evaluation of the dynamical
spin susceptibility )f(q, &c) as this demands heavy
computational efforts. Earlier the noninteracting-
band model scheme was used successfully to in-
vestigate the dielectric screening, phonon fre-
quencies, and effective ion-ion potential of noble
and transition metals. " "The model was also
tested to investigate the wave-vector dependence of
the spin susceptibility of paramagnetic nickel"
and the results were found to be in good agreement
with other detailed theoretical calculations. In
view of the computational simplicity, we extend in
this paper the formalism for the dynamical spin
susceptibility and apply it to paramagnetic nickel.
The plan of the paper is as follows: the formalism
is presented in Sec. II. The calculations and the
results are presented in Sec. III and these are
discussed in Sec. IV.

H. THEORY
/

The frequency- and wave- vector- dependent spin
susceptibility function in the random-phase ap-
proximation is given by the well-known expression
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where n, „,(k) is the Fermi occupation probability
function which is unity for an occupied state and
zero otherwise. 4',„,(k) and E, ,(k) are the Bloch
functions and energy eigenvalues for an electron
with wave vector k. l, m, and cr are the orbital,
magnetic, and spin quantum numbers and act as
band indices. q is the field wave vector and G and
6' are the reciprocal-lattice vectors. & is the
frequency of the applied magnetic field, g is the
Landd' splitting factor, and p.~ is the Bohr mag-
neton. q is a small positive infinitesimal cor-
responding to ag, adiabatic turning on of the per-
turbing field. The summation k is over all the
occupied electronic states. k and k' (=k+q) are
restricted in the first Brillouin zone.

The susceptibility matrix consists of both the
diagonal and nondiagonal parts, the latter giving
rise to local-field corrections. It may be in-
teresting to investigate both the diagonal and non-
diagonal parts of the susceptibility matrix for a
transition metal in which both the s and d elec-
trons are itinerant. Because there exist other
theoretical calculations only for the diagonal part,
therefore we limit our calculations to the evalua-
tion of the diagonal part of the susceptibility ma-
trix. Retaining only the normal-process con-
tributions Eq. (1) reduces to

o- g'~', ~ ~ n,„(k)-n,,~ (k)

l'm'

x l&~,„(k)le-"'I e, (k ))l

(2)

In Eq. (2), the orthonormality of spin wave func-

tions is used. The spin index o has been dropped
for a paramagnetic system and the right-hand side
of Eq. (2) is multiplied by a factor of 2 for spin
degeneracy.

In a transition metal the itinerant electrons are
distributed in the s and d subbands. These elec-
trons undergo the intra- and interband transitions
and readjust themselves in response to the applied
magnetic field. We can, therefore write the sus-
ceptibility function as

x'(q, ~) = x.'.(q, ~) + x'„(q, ~) + x',.(q, ~) + x'.,(q, ~),

where the expressions for X',,(q, e), etc. , can
readily be written with the help of Eq. (2).
X'..(q, ~), Xda(q, ~), Xa.(q, to), and X'a(q, to) c»-
respond to the transitions from 8 band to s band,
from d subbands to d subbands, from d subbands
to s band, and from s band to d subbands, re-.

spectivelyy.

A. Evaluation of y~, (if m)

We use the free-electron approximation for the '

wave function and the parabolic-band approxima-
tiori for the energy eigenvalues, for the electrons
in the s band. The real and the imaginary parts
of the spin susceptibi1ity function are separated
using the identity

lim (xai&) '—= 1/xwix6(x),

and the sum over k is replaced by integration. We

get the explicit expressions for the real and the
imaginary parts as follows:

1 m, w ' 1 —m,w/X —A,

SX X 1+m, w/X+ X

(5)

where

X = q/2k+, , w = &a/2k~+,

and 8(x) is step function which is unity if x & 0 and zero otherwise. p is the number of unit cells in

the crystal and 0, is the volume of the unit cell. m, and k~, are the effective mass and Fermi
mo mentum of s electrons. Equations (5) and (6) are similar to those obtained by Dpniach. a
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B. Evaluation of &&dd(if; o&)

Using the simple tight-binding wave function and
parabolic band approximation for the itinerant d-
electrons, '""we get

Xdd &l o&)

g'((i' n,„(iT)—nd„, (k+ &1)

2 Z Z E, (k+„.T) —ir,„(k)—hio+ik)
mf m

(8)

where the explicit expressions for the overlap ma-
trix elements bd„d„, (&i) are the same as given by

Prakash and Joshi." Here the overlapping be-
tween d wave functions on the same atomic sites is
included and the overlapping on the different atomic
sites is neglected. Therefore 4d„d„,(q) reduces
exactly to what we call the atomic form factors.
Only the normal-process contribution is retained '
in the derivation of E&l. (8). We call the first
factor in parentheses in Eq. (8), the band-structure
part, and the second factor in square brackets,
the overlap- integral part.

For intra-d- subband transitions, i.e. , when
m = m', we evaluate Xdod(g, &o) exactly in the same
manner as X'„(&l, &o). The expressions for the real
and imaginary parts are

gjU, AQ 1 1 md„to', ' 1 —md t&)'/A. '+A. '
Xdd&in&ra&(&lr &0) =

4 a mdmktdmIdm 2+ 8
1 — ", —X' 1

1
d™g,Xr-I7T m + mdmN) /

"'NQ ~ m k m nr' '- I m zo'
ln& o (» o&)

t O B o '~ dm &rdm I 1 dm Xr g( 1 dm
Xdd&intra& 'Zi 32& ~ XI dm

m »

] dm +yI g ] &t +yI

where

&&'=q/2kpd„, w'=~/2ka~d, I, =&d„d„,(g)&d„d„,(q).

rn„and k~„are the effective mass and Fermi momentum for the d subband with magnetic quantum num-
ber m and 8(g is the step function as defined earlier. In the &l-0 and o&-0 limits, the intraband part re-
duces to the value of the density of states of d electrons at the Fermi surface. It was pointed out by Gupta
and 3inha" and by Prakash and Singh' that the overlap matrix elements reduce the magnitude of sus-
ceptibility and also change the nature of susceptibility function.

For the inter-d- subband transitions, i.e. , when'm0nz, the analytical expressions for real and imaginary
parts of the susceptibility function are as follows:

Xdd&iater&(qi ~) = (I,+t'I, )hd„d, (&l) bd„d„,(q),
f5 m

where

(12)

(13)

kid q 1
2 md„, o& 2k'„q —'gk'zdm+ q' 2md, o&—

(14)

md ~
1

2k& d„,q —$'k& d„, + q'+ 2m „&(&
(15)

7, =Ax
2)k~d +2q- v'-4 2$k~d —2q —v'-b,

v'- b 2gk~d +2q+ v'-b 2$k~d„-2q+ v-(kln +ln if 4& 0
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, 2(2 k„,„ + q , (2 k,„ —q)
)(/ 2 )l1)2 (g q)1 /2 (g ))1/2

F =a'x (2

22'k q+22-(-k')'' 22'k, „—kq (-k'-)''
)2$'k F„a., +2q+(-b, ')+ 2 2$'kF„, —2q+(-6')2/2

and

(18)

(19)

NQg isa NQo,
( )

16mq
(2o)

k~q -k, if k, k~„k„p,, o 0

m d 222"

k, -k,

0

if k, &k~„;
'f kzum & ki&

if p~ &Oy

p, )+~ 0

p, , -0

(21)

b =-4[q'(g +1)—2ma ~ alt],

b ' = —4[q ($'+1) +2ma (d)'jq

$ =ma„ /ma —1; g' =ma /m„—1,

by Czachor" for the interband transitions in the
evaluation of the dielectric function for a semi-
metal. In the limit q -0, Xao„«„„&(tl,(d) reduces
to zero as &„„2„"(0)=0, because of the orthogonal-
ity of the d wave functions.

Izuyama, Kim, and Kubo' pointed out that the
reduced susceptibility can be related to the neu-
tron scattering measurements, therefore for com-
parison we also calculate the reduced spin suscep-
tibility. Qur results for intra- and inter-d-sub-
band transitions directly reduce to the reduced
spin susceptibility if we take the atomic factor
b,a„a„,((I) to be unity. These', expressions become
equivalent in principle to those obtained by Allan
et al. '0 and Lowde and Windsor. '

C. Evaluation of Xdaq(if, 2o)

g2™,„x (
k, -k,

0

it, = -4/4m22„, ,

F12 = -&'/4m„'„,

k, =q/g -v'-~ /2],
k, =q/g+v' ~/2g,

k'=q/P ( 4')'/2/2$'

if k,'&k~„.;
if k~„., &k,',
if p,,&0;

JtL2 +~ 0

)2+~ 0

(22)

(23)

(24)

(25)

(28)

(2V)

kl q/gl + ( l/)I1k/ /2t2l (28)

These expressions are similar to those obtained

Using the free-electron approximation for s
electrons and the simple tight-binding wave func-
tion for d electrons, we get

2 0, ~+ E,(k+tl) —Ea„(k)-Sto+ie

C„* r e'"' r

xi @~m r
(29)

The real and imaginary parts are separated using
the identity (4) and are evaluated exactly in the
same manner as done by Prakash and Joshi" and

by Prakash and Singh" for the static susceptibility.
The explicit expressions for real and imaginary
parts of }to~((I, (2)) are as follows:

dm dk k6

(k'+ n', )'(k'+ n/2)'

2g '
p, sl)/m, (48)'

Rex0, (q, (u) =

kgxggq, q, q, q, g( )) f-.
m 0

ImXo, ((I, o)) = -2g 2 itasca)/m, (48)'

ZZ. ,'. . .g(-1)" I""
0

dk k6

(k'+ n', )'(k'+ n/)'

(30)

(31)
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Io 4 (2I no @ns+ 2I»4)I

Ii —
4 (-I„2+I„4)

Is = s (2Ino Ins + 2 n4)

1 b-aI =-—ln
b b+a

1 2a a2 b-a 'I
I»= ——— + zln

(32a)

(32b)

(32c)

(33a)

(33b)

Here D', are the elements of the rotation matrix
with argument (-y, -8, -a) while a, p, and y are
Euler's angles. a& and n, are the parameters of
the 3d radial wave function. '4

of the integral over k and put that equal to unity to
obtain g, (q, o/). This approximation is justified
because the maximum response of electrons is
due to the electrons in the vicinity of the Fermi
surface. However, this may underestimate the
reduced g, (q, o/), yet the final results may not
be seriously affected because the contribution of

X„,(q, o/) is itself very small as found in the calcul-
ation of the static susceptibility' and dielectric
function of nickel. " The expressions for the real
and imaginary parts of the reduced susceptibility
thus obtained, are as follows:

Rey '„,(q, o/)

and

1 2a 2a' + b -a
b 3b b b b

—1 if 1 ——o0

0 if(l —a'/b') & 0;

—1 jLf 1 ——
2 ~~ Oq

0 if(l - a'/b') &0;

15 I'a'
16b

if 1-—, &0,

if (1 a'/b') &0;—

a = (1 —mn/ms„)k'+ q' —2m, &or

(33c)

(34a)

(34b)

(35)

Imp, (q, &u)

g' ilsNAPf,
16mq

k~, -k, '
k»' -k"'

2

0

where

& k2 &kzgm~

if kz~~&k»

if p, '&0

+~ 0

p. +~ 0

(38)

SZ 4)
2 4 4)rl g» 2)ll

g p&N API ~ k/rs 1
4y ~ ~»

- +2 -
4~»2 ~s)

(3V)

(36}

The radial integration over k in Eqs. (30) and
(31) is carried out numerically. The rotation ma-
trices and the parameters of the M radial wave
function are taken from the paper of Prakash and
Joshi."

iso, (q, o/) should reduce to zero in the q-0 limit
if an orthogonal set of eigenfunctions is used for
s and d conduction electrons. However in our cal-
culations, the s and d wave functions are not ortho-
gonal, therefore y~, (q, o/) does not reduce exactly
to zero at q = 0 but we have taken it to be zero at
q = 0 and evaluated it exactly for finite values of
q.

Because of the k dependence of the overlap in-
tegrals, it is not possible to separate the band-
structure and overlap-integral parts of yo„, (q, o&).

Therefore it is not straightforward to have an ex-
pression for the reduced susceptibility as we did
in the ease of yo«(q, o/). However, to have an ex-
pression for the reduced susceptibility which may
be compared with the experimental data, we take
k= k~„ in the overlap integrals and take, them out

2k/, „„q—$ k/„„„+q' —2m, &o

2k/„„„q+ g k/2„„-q'+2m, o/
(39)

r =Lhltx

p'= (m,') '[q'(g" + 1) —2m, o/g ],
Q» 4 pl

q/g» (~Ills/Pr
kll q/gll + (pl)1 2/g/»

jf Q»& 0 (40)

(41)

(42)

(43)

(44)

&"= m, /m, „-l. (45}

2, 2($"k~,„+q)
(~rr}I/2 (g )I&I/2

tan' ' '" q'~ if S"&0
(/2 Il)1 / 2

1
~

2$»k»„+ 2q —(-4 )'/'
( 6»)'/' 2/%/, s + 2q+ (-&")'/'

2ge„„-2q+ (-~ )'/'
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D. Evaluation of X,d(q, u)

The expressions for the real and the imaginary
parts of y',2(j, cu) are evaluated exactly in the same

manner as for yo2, (q, o/). In this case the transi-
tions to be considered are from s band to d sub-
bands. The explicit expressions for the real and
the imaginary parts are as follows:

Rexo~(j, o/) = I
pa&a&c/&n/ g(-I)" mz dkk2[Do2 Do Io2+(D1 D 1 +D, D1 )I21

+0

+ (D2„D'2 „+D',„D', )I,'], (46)

Im)p„( j,o/) = -2,g'p, AN(48)2 g g a,a/a, c// g (- 1)"m„
~o

Here

5 " ' (3b't + 2bt+ 2q'- b2)2
d8, , 8'(a'+ bt)

15 " ' b2(t2 —, 1)(At+ q)4, 8 (a/'+ bt)

(48)

(49)

I

the same manner as for X '„,(j,o/) and these are
given as follows:

„—o (~ )
g i/sNQo4'

(50)

if 1 — -2 I)0b' )

if (1 —a' /b') & 0 l

(51)

15 1 $4(t2 1)2

16 „', S'(a'+bt)

~:—-~ &- .-- l +&l -&~' /&
.5. a' 1

i 0

Im)( o~(q, (u)

g p.~NO
162q

/@2~, —b' 2

I2le2. I2ln2

xgm, x(
0

0

(56)

if k,"&k„;
if k, &k,";
if I

"&0;

p. +» 0

p p»0

(5V)

if k"'&k, &k" p. '~0Fs 2s

where

16b b~

0

a' = (1 —m2„/m, )@2+q'- 2m~„o/1

(52)

(54)

4 4 4~ill i
+ ~ill

2 2(g 'b2, +q)
(gill)1/2 (gill)1/2

(58)

(b2+ q2 ~ al2 al)4(b2+ q2+ ol2 al)4 (55)

$/ (b2+ q2+ ol2+bt)4(b2+ q2+ oI2+ bt)4

The integrations in the expressions for I,', I'„
and I', are carried out using the method of partial
fractions. The expressions for these partial frac-
tions are very lengthy and therefore these are not
given in the text. go, (g, &o) also does not reduce to
correct limit for q- 0, but expressions are exact
for finite values of q.

The expressions for the real and imaginary parts
of the reduced susceptibility are also obtained in

+arctan ' ~' '.
I

1fn"') 0
(t2 lll

)
1 /2

2g pl+ll2q ( t2lll)1/2

2)lltb ' ~ ( t2lll)1/2

2)lily 2 ( gill)1 2/
if& &0, (59)

(60)

(61)

p,
"= (m'„„) '[q2($'"+1)—2m, (og "],

1// Ill 4p Il
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III. CALCULATIONS AND RESULTS

A. Model band structure
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We use the noninteracting-band model due to
Prakash and Joshi" and use the same values for
physical parameters, effective masses, and Fermi
momenta. Prakash and Joshi assign a fixed mag-
netic quantum number m to a particular d subband.
But in the construction of the isotropic-d-band
model, the d components of the wave function hy-
bridize and this nz assignment does not remain
valid. Therefore we count the bands from one to
five in the ascending order of energy and give
equal weight to every m component of the wave
function for each d subband while evaluating the
susceptibility function. Such an averaging was al-
so used in the earlier calculations of the dielectric
function for nickel, chromium, vanadium, plati-
num, and palladium. "

B. Unenhanced susceptibility function

In the present calculation we fix q along the [100]
direction and evaluate the real and imaginary parts
of the susceptibility function of paramagnetic nic-
kel for the atomic configuration (3d)"(4s)". The
results for the different values of q in the energy-
transfer range 0.01 to 0.4 eV are shown in Fig. 1,
where the inter- and the intraband parts are also
shown separately by dashed lines. The contribu-
tion of the interband part varies from 1 to 10%
that of the intraband part for different momentum
transfers. The interband part also shows oscilla-
tory nature. For q=(—,',) [100], Re)P(q, &u) de-
creases rapidly and becomes negative for Nv
~ 0.23 eV; Its magnitude again starts increasing
beyond @w & 0.28 eV. The imaginary part increases
almost linearly and shows a singular behavior in
the vicinity. of I~ = 0.26 eV. This anomalous be-
havior is found only in the intraband part. The
interband part does not show such anomalies. As
the value of q increases, the anomalous behavior
starts variishing. The intraband part of Rey'(q, ~)
becomes almost constant but the interband part
still shows the oscillatory nature which is re-
sponsible for the broad features in the susceptibil-
ity function for k~ = 0.12, 0.21, and 0.31 eV when
q=( —,',) [100] and for k&v=0. 12, 0.27, and 0.36 eV
when q= [100]. For higher values of q, Imp'(q, &u)

increases with increasing values of ~. The os-
cillatory behavior is absent in both the intra- and
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0FIG. 1. X {q,) vs @& for paramagnetic nickel.
Dashed lines represent the intra- and interband parts
and the solid line represents the total susceptibility.

0g (q, co) is measured in units of g p, eV ~ per atom.

interband parts. The qualitative behavior pre-
sented by our results is similar to that obtained
by Julien et al. 26 and by Hebborn and March. '

The real and imaginary parts of the susceptibil-
ity function are also studied as a function of q for
different values of energy transfer. These results
are shown in Fig. 2. For low-energy transfers
Rey'(q, &o) decreases with increasing q but for
higher-energy transfers, the susceptibility func-
tion shows a broad maximum at q = 0.4V. The
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the unenhanced reduced susceptibility function
which is shown in Fig. 3 by a dash-dot line. The
results for S(q, &o) obtained from the unenhanced
reduced susceptibility function due to Allan et a/. "
are also shown in Fig. 3. The qualitative behavior
of S(q,~v ) is consistent with the calculation of
Allan et a/. " The value of I,« is then varied to
get the best fit with the experimental results. A
reasonably good agreement is obtained for I,«
=0.29 eV which is close to the value 0.32 eV sug-
gested by Allan, et a/. "

IV. DISCUSSION
FIG. 2. X (q, ~) vs q along [100] for paramagnetic

nickel. q is measured in inverse Bohr units.

imaginary part of the susceptibility function also
decreases for increasing values of q for low-en-
ergy transfers and shows a broad maximum for
high- energy transfers. The singular behavior for
low q for Sco = 0.2 eV corresponds to the anomalous
behavior shown in Fig. 1. The qualitative behavior
of the real part is again consistent with the calcu-
lations of the static susceptibility due to Hebborn
and March' and Julien et a/. 2

C. Exchangewnhanced susceptibility function and

comparison with measured $(f,u}

In this section we compare our results with the
neutron scattering measurements. For a para-
magnetic system the reduced susceptibility is re-
lated to the scattering function S(q, &u) via

In the evaluation of the dynamical spin suscepti- '

bility in this paper we use a model band structure
which has reduced the computational efforts as it
made possible to evaluate many expressions analy-
tically. In principle one should use a wave func-
tion for s electrons which is orthogonal to core
and d wave functions. An orthogonalized plane
wave is a suitable choice, but it has been found that
orthogonalization corrections are very small" and
therefore the use of a simple plane wave for s
electrons is justified. The d bands are in fact flat
near the zone boundary, which gives the structural
features in the susceptibility function. The para-
bolic-band approximation is, however, crucial
and does not reproduce the exact structural fea-
tures. The temperature dependence of the sus-
ceptibility function is also neglected in our cal-

I.O

S{q,v) = —(ff/s g'ps) {I —e ""s ) 'Im}T(q, ~), (64)

where Im}i(q, &u) is the imaginary exchange en-
hanced reduced susceptibility function and p'
= I/ksT. In the random-phase approximation the
exchange-enhanced reduced susceptibility can be
written"

Im}T(q, &u) = Im}i '(q, &o)/

([I (2/g'un)1, «(q) Re}7'(q, ~)]'

+ [(2/g'p, ' )I„,(q) Im}Y'(q, &u)]']; (65)

0 ~ 8-

0 6-

0.4-

0.2-

y= ' (ioo)-
2

Allan et a/. " reviewed the static and momentum-
dependent values of I,«. They also extracted out
the momentum dependence of I,«while comparing
their results with neutron scattering measure-
ments. But all those expressions for I,«are valid
only for a small region of q. Singwi et a/. ' cal-
culated I,«(q) self-consistently in the free- electron
approximation which is hardly adoptable for d
electrons. In view of these uncertainties, the pre-
sent calculations for the exchange-enhanced sus-
ceptibility function are performed for the static
values of I,«. First, S(q, &u) is calculated from

0.0

~a~ Wo
+'+ag ~ «~~» ~

W %

0.02 0.04 0-06 0.0 B O. l

h(d (eV)

FIG. 3. S(q, ) vs ~& for paramagnetic nickel. Dash-
dot line shows S(q,~) as calculated from the unenhanced
reduced susceptibility function and the solid line repre-
sents S(q, ~) as calculated from the enhanced reduced
susceptibility function. Dotted line shows S(q, ~) as
calculated from the unenhanced reduced susceptibility
function by Allan et al . (Ref. 10) and the filled circles
denote the experimental values.
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culations. The contribution due to the orbital sus-
ceptibility which is assumed to be small as already
pointed out by Hebborn and March, ' is again ne-
glected while comparing our results with the ex-
perimental data. Our results obtained with con-
siderably -reduced computational effort, agree well
with the calculations of Allan et a/. "where a real-
istic band- structure calculation is used.
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