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The dependence of the superconducting transition temperature (T,) on stress (0.) for pure In and Sn samples
was found to be in qualitative agreement with earlier work. For convenience T, is expressed as a function of
the experimentally measured strain (e), which is proportional to cr. The effect of alloying on thc initial

dependence of the T,-vs-e curves, (BT,/Be), 0 = q, was quite different for the In and Sn alloys. The In
samples were alloyed with a maximum of 4.8-at. % Tl, 7.9-at.% Sn, and 6.7-at. %%uoPb; th eSnsample swere
alloyed with a maximum of 0.3-at.% Cd, 6.0-at. % In, 0.3-at.% Sb, and 2.2-at. % Bi. The addition of
impurities had a large effect on g for the In alloys, with q reversing sign for some Sn and Pb alloy contents

(g). The T,-vs-& curves also became nonlinear for some g. The possible relationship of the In alloy results to
changes in the Fermi surface due to the addition of impurities is discussed. For the Sn alloy samples, there
was no change in q with any impurity. The change in room-temperature resistivity with strain was also
measured. There was only a slight decrease in the dependence of resistivity on strain for the In-Sn and In-Pb
data and no effect on the In-Tl or Sn alloy data.

I. INTRODUCTION

Since whiskers of indium and tin have elastic
limits an order of magnitude greater than bulk
samples of the same materials, it is practical to
study the behavior of such properties as the re-
sistivity and the superconducting transition temp-
erature T, under elastic stress 0.' ' In addition
to pure samples of In and Sn, it is also possible
to grow alloyed whisker samples. Overcash,
Skove, and Stillwell' have measured the effect of
uniaxial tension on T, for In-Cd alloy whiskers.
For convenience T, is expressed as a function of
the experimentally measured strain (g) which is
proportional to 0. They observed a minimum in a
plot of (sT,/se), ~ vs alloy content ()I), which they
connected with a change in the topology of the
Fermi surface (FS). Futhermore, they observed
nonlinear T,-vs-& curves at fixed y near the region
of the topology change. The In-Cd whisker results
are in agreement with pressure (P) measurements
on bulk Cd-doped In samples studied by Makarov
and Volynskii' (MV). Since hydrostatic pressure
and uniaxial tension are special cases of a general
stress, one expects similar results for the two
experiments. The one difference is that uniaxial
tension changes the crystal symmetry, while hy-
drostatic pressure does. not. MV found that T,
was a linear function of P for a given g, but that
(&T,/sP)~~ was a nonlinear function of y. MV'
have also found a, nonlinear dependence of
(8T,/sP)z~ on y for In alloyed with Sn, Pb, and IIg.
MV noted that impurities whose valence is larger
(Sn, Pb) than In increase the Fermi energy while
impurities with smaller valences (Cd, Hg) decrease
the Fermi energy. Thus, when the Fermi energy

increases, a cavity is produced at the FS; and when
the Fermi energy decreases, a breaking of the
"neck" occurs. MV asserted that the nonlinear
behavior of the (sT,/sP)~;vs-g curves was due
to the FS topology change produced by different
valences of the impurities added to the indium.
Other studies "have also associated the nonlinear
dependence of (sT,/sP)r, on lI with FS changes.

We have extended the In-Cd T;vs-strain mea-
surements to the In-Sn, In-Pb, and In- Tl alloy
systems. In the In-Cd work, the T,-vs-strain
results seemed to be more sensitive to the FS
topology changes than the pressure work, in that
the percentage change in the (BT,/se), ;vs ycurve-
is greater than that in the (ST,/SP)r, measure-
ments. In addition, the FS topology change was
also indicated by nonlinearities in the T;vs-strain
curves while the T,-vs-P curves showed nonlin-
earities only at pressures above 5 kbar. " In this
work we have compared the In-Sn, In-pb, and
In-Tl strain data against the pressure results of
MV. We also measured the dependence on g of
the room-temperature strain-resistance curves
for the indium samples.

Davis, Skove, and Stillwell' reported nonlineari-
ties in the T,-vs-e curves of certain crystal or-
ientations of tin. We grew Sn samples alloyed with
In, Cd, Sb, and Bi to determine if their nonlinear-
ities were due to FS changes similar to those oc-
curring in indium.

In Sec. II, we have included a brief description
of the experimental methods. In Sec. III the de-
pendence of the room-temperature resistance on
stress and the dependence of T, on stress for the
In, In-alloy, Sn, and Sn-alloy samples are report-
ed. The possible relationship of the results to
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changes in the Fermi-surface topology is dis-
cussed in Sec. IV.

II. EXPERIMENTAL TECHNIQUES

A. Sample growth

The whiskers were grown by the squeeze tech-
nique. ' The Sn, Sn-alloys, In-T1, and In-Pb
whiskers were grown following a procedure used
by Overcash, Skove, and Siillwell. ' The In and
In-Sn whiskers were grown by a modification of
this technique that ensured higher purity.

The Sn alloys were grown by vacuum-depositing
Sn with varying amounts of Cd, Sb, and Bi. In-
dium whiskers alloyed with Sn, Tl, and Pb were
similarly grown. We also attempted unsuccess-
fully to grow Sn-Zn and In-Ga alloy whiskers. The
whiskers which grew in the attempts to grow the
Sn-Zn alloys had the resistivity ratios and T, 's of
pure Sn samples. The solubility of Zn in Sn at the
eutectic temperature has been reported to range
from 0 to 11 at. %." In order to determine if the
zinc was being plated onto the washers with the Sn,
the plating was scraped from some of the washers
and analyzed. The analysis revealed 98.4%O Sn,
1.4%0 Zn, and 0.2%0 W. The fact that the Sn-Zn
alloy whiskers did not grow may indicate that Zn
is not soluble in Sn near room temperature. The
maximum solubility of Ga in In is 18.9 at. % at the
eutectic temperature. " However, no whiskers
grew at all in the attempts to grow the In-Ga alloy
whiskers.

B. Strain measurements

Strain measurements were made on the whiskers
at both room temperatues and liquid-helium temp-
eratures using an improved model of the quartz
puller used by Overcash, Skove, and Stillwell. '

One disadvantage of the quartz puller is that is
must be used at a nearly constant pressure. The
rod connecting the quartz rod to the differential
screws passes through an O- ring. Any pressure
difference across this 0-ring may cause the rod
to move slightly. This results in an error in the
stra, in reading if the rod moves opposite to the
strain direction. This error is due to the compres-
sion of the rod between the sample and linear dif-
ferential transformer core. Our method of con-
trolling the temperature above 4.4 K caused changes
in pressure in the Dewar, and thus on the rod ap-
plying strain to the sample, which made the strain
data unreliable. Therefore, we were not able to
take reproducible strain data with the quartz puller
at temperatures between room temperature and
4.4 K.

C. Resistance measurements

The resistance of the sample was measured by
a four-contact method using a Rubicon six-dial
microvolt potentiometer (model 2768) and a
Keithley 147 null detector. The sample current was
supplied by a battery operated constant current
source. The currents were accurate to within 0.1%
and stable to within 0.01%. A sample current of
100 pA was used in making the resistance and
strain-resistivity measurements. The room temp-
erature at which the resistance measurements
were made was measured for all the samples with
the exception of a few of the Sn-alloy samples. For
samples for which the room temperature was not
measured, it was assumed to be 25.0'C. This
assumption could lead to an error in sample re-
sistance of as much as 0.5/g. For the T, versus
strain measurements the sample current was re-
duced to 1 p A.

Since the voltage across the sample was often
1 p,V or less at low temperatures, careful shield-
ing of the experiment was necessary. " All mea-
surements were made in a screened room made of
a double layer of galvanized steel screen wire.
The power line into the room was filtered to elim-
inate frequencies above 1000 Hz. However, care-
ful shielding of the measuring circuits proved to
be the greatest help in eliminating noise. Shielded
cable was used in all circuits. The cable shields
and one side of the sample circuit were grounded
at the input to the Keithley null detector. In addi-
tion, all circuits were isolated from each other
and ground by at least 10" 0 at 100 V (except, of
course, at the common ground point). Even with
these precautions, we found that when the linear
differential transformer (LDT) was operating, a
dip of about, 20%p occurred at the onset of the super-
eonducting transition. This dip disappeared when
the power supply for the LDT was turned off. We
also found that we could eliminate the dip by fil-
tering the sample current and potential leads at
the entrance to the Dewar. When the LDT was off,
the shape of the superconducting transition was the
same with or without the filter. The outside of the
Dewar containing the sample mount was covered
with p-metal for magnetic shielding.

D. Low-temperature techniques

Low-temperature measurements were made
using techniques similar to those used by Qver-
cash, Skove, and Stillwell. ' The temperature
was measured using germanium resistors calibrat-
ed in a previous work. A measuring current of 10
pA was held constant in the germanium resistor to
within 0.01% by monitoring the potential across a
1000.0 0 resistor in series with the germanium
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ment to within 3% ln most samples, indicating t at
electrical and mechanical contacts were made at
the same point, most probably at the inner edge of
the silver-paint contact.

TABLE I. Initial slope of the change-in-resistance
versus strain curves for each Sn Whisker orientation
at 297 Ks

Sn orientation

F. Crystal orientation

The orientation of whisker samples can be de-
termined from analysis of rotating crystal x-ray
photographs. The whisker samples generally
grow along low index crystallographic directions.
Previous work' has shown that all squeeze-grown
indium whiskers have their axes parallel to the
(101) direction in the face-centered tetragonal
system. %e x rayed only those indium alloy sam-
ples which might have alloy contents high enough
to grow in another phase with a different crystal
structure.

The squeeze-grown tin tetragonal whiskers have
their ~es parallel to either the (001), (100), (101),
or (111)directions. ~'~0 A plot of the ratio of the
change in. resistance to the initial resistance
(AR/Re) versus strain a't room temperature ls
shown in Fig. 2. Since the data for the four orien'-.
tations are so different, it is possible to use the
initial slopes of these curves to determine the Sn
orientation. A list of the values of [M/(Re)], ,
for the four orientations is given in Table I.

(001)
(i00)
(toi)

$0.9+ 0.2
—0.84+ 0.08

0.65+ 0.06
2.6 + 0.2

G. AHoy content

Determination of the alloy content by chemical
analysis was not possible owing to the small sam-
ple mass (10 'g). Two indirect methods were used
to determine the various alloy contents. The
superconducting transition temperature and the re-
sistivity ratio, 5 =R4, /(R„o —R~,), as a function
of alloy content have been determined from many
bulk aHoy samples. R, , is the sample resistance
at 4.2 K and R,« is the sample resistance at 300 K.

There is a small contribution to 7, and 6 for
whiskers because of their small size. The size
effect on T, is not well known but is expected to be
small. The resistance at low temperature depends
on surface scattering as well as impurities. Mat-
theissen's rule states that the two contributions are
add ltlve 1.e .

10

, 400I 0
where 5,.and 6, are the contributions from impurities
and surface scattering, respectively. The ~, contri-
bution is negligible for bulk samples, but not for
pure or slightly impure whiskers (i.e. , alloy con-
tents less than 1 at. /o).

H. Indium alloys

The contribution to the resistivity ratio, 5, due
to surface scattering for In was found by Qvercash,
Skove, and Stillwell' to be given by

wI1el e g ls the cross-sectional area of the wl11sker.
Thus the part of the resistivity ratio due to impuri-
ty, 6, , for In is given by

0 0~-'~'
1 fit

0.4

STRAIN (%f

FIG. 2. Change in resistance vs strain for the four
orientations of Sn whiskers at 297 K.

The Sn alloy content in the In-Sn alIoys can be
determined from a resistivity ratio I" given by
Toxen, Burns, and Quinn" for Sn alloy content
ranging up to 5.8 at. /o. Toxen, Burns, and Quinn
have defined I' by

1' =R, ,/(R2„—R, ,),
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where R273 is the sample resistance at 273 K, and

have found the dependence of I" on alloy concen-
tration X to be represented by

ing

X=1.82p3«(6 —0.014 'i )/(6 0.012-'i +1) .

=ay- by',

where a = 4.31 && 10 and b = 0.126 x 10
Rewriting Eq. (3) in terms of R3«yields

r =R, ,/(0. 89R„,—R4.2)

(4)

(5)

(11)
The T,-vs-X values for the In-Pb whiskers agree
with the bulk sample data of Carriker and Rey-
nolds" and Seraphim, Chiou, and Quinn. "

3. In-TI

where the temperature coefficient of resistance
n =0.0047,"was used to change B,73 to +happ.
Solving 6; =R4 2/(R», —R4 2) for R, , and substituting
the result into Eq. (5) gives

r = 6,./(0. 89 —0.116,.) . (6)

Using Eqs. (2), (4), and (6) we obtain an expres-
sion for the whisker alloy content in terms of the
measured resistivity ratio 6, i.e. ,

5-- 0 012 1/2 z/s

0.89- 0.11 5 —0.01'-~ ~2

2. In-Pb

Gygax, Olsen, and Kropschot" have measured
the resistivity of polycrystalline samples of In
alloyed with up to 6-at.% Pb at 4.2 K. A lea,st-
squares fit to this data gives the following relation
for the dependence of the resistivity at 4.2 K on
alloy content:

p~, = 1.82'.
Now

(8)

The T, 's of the whisker samples deviate above
4-at. % Sn content from the bulk data of Toxen,
Burns, and Quinn, "Lambert, Brock, and Phj].-
lips,"and Merriam and Yon Herzen. '~ This is
probably owing to the limited range of data on
which Eq. (4) is based. Thus, we chose to draw a
smooth curve through the bulk T, data and to use
the T, values of the whisker samples to determine
the alloy content for y greater than l-at. /o Sn. For
g less than l-at. % Sn, the T, data cannot be used,
since over part of that range g is a double-valued
function of T,. Thus, we used Eq. (7) for y less
than l-at. %%uoSn.

Gubsen, Mapother, and Connelly" have found that
the concentration of Tl in In is related to the re-
sistivity ratio (p„) by

(12)p„=2 35 X(I —X),

where p„=R, ,/(R»3 —R, ,) and g is the concentra-
tion of Tl in molar fraction. Since p„= I of Eq. (3),
then from Eq. (7),

p„= (6 —0.01A ' ~2)/[0. 89 —0.11(6„—0.01A ' ~2) J .
(13)

Solving Eq. (12) for )(, substituting in p, from Eq.
(13), and multiplying by 100, one can write the ex-
pression for the Tl content in at. %0 as

1 —1.7(6 —0.014 ' ~2)

O 89-011(6 -'0 014 '&')

Since T, is not a strong function of alloy content
for the In-Tl system, Eq. (14) was used to deter-
mine the alloy content of the whiskers. The T;vs-
' values for the In-Tl whiskers agree with the bulk
data of Merriam, Hagen, and Luo, ' Stout and Gutt-
nian, "and Gubsen et al."

J. Tin alloys

Burckbuchler and Reynolds" have shown that
Matthiessen's rule adequately gives the resistivity
of Sn alloyed with In, Cd, Zn, or Sb up to 2%0 im-
purity. Thus the resistivity for impure Sn,
p~~T, 9), can be written

(15)p, (T, 8) = p,(T, 8) + p.(T, 8),
where p (T, 8) is the resistivity of the pure metal,
p, (T, 8) is the resistivity due to impurity, T is the
absolute temperature, and 8 denotes the orienta-
tion dependence of the resistivity. For a tetragonal
crystal, such as Sn, one can write

i P4.2 (P300 P4. 2) & (9) p&(T, 8) = p (T, 90')[1+(n- 1)cos28j, (16)

1=1.82p3«6, /(6,. +1) . (10)

To include the size correction for whiskers, we
substitute for 6,. from Eq. (2) into Eq. (10) obtain-

where p, pp is the resistivity at 300 K. Solving Eq.
(9) for p4, and substituting the results into Eq. (8)
yields

p&(T, 90') = p&(273, 90')[1+(T —273)aj, (17)

where a is the temperature coefficient of resistiv-

where 0 is the angle between the whisker axis and
the fourfold tetragonal axis, p&(T, 90') is the re-
sistivity for 6= 90', and n is a constant in the tem-
perature range 273-300 K. Near T=273 K:
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ity. The value a=0.0046/K was used in this work.
This value was obtained by averaging Bridgeman's
values" of a for the 6=0 and 90' directions, thus
the orientation dependence of the temperature co-
efficient of resistivity was neglected for this small
correction. For convenience all resistivities near
room temperature were referenced to T =300 K.
Now assuming p, (T, 8) to have the form of Eq. (16),
one can write Eq. (16) as

p (7', 8) = p (T, 8)+Kg[I+(o' —1) cos'8J, (18)

where y is the atomic percentage of impurity and
K and n' are impurity-dependent constants which
have been determined by Burckbuchler and Rey-
nolds. The resistivity pz(T, 8) at 300 K can be
found experimentally from

p (300, 8) = pi(300, 8)(1+ &,.), (19)

p~ (300, 8)=R»g/L, (22)

where pr (300, 8) = p~(300, 8)(1+ 6 ) and L is the
length of the sample.

Alley and Serin" have tabulated a resistance
ratio Z(T), for polycrystalline samples of Sn al-
loyed with Bi. The quantity Z(T) is defined by

where 6=R /(R, ,—R4 ~) and R, , and R»o are
the sample resistances at 4.2 and 300 K, respec-
tively. Using Eqs. (18) and (19) the at.% impurity
was found to be given by

y= p (300, 8)6 R' [I+(o' —1) cos 8] ' .
We used Eq. (20) for calculating the Sn-In alloys
up to 6-at.% In even though this equation may not
be accurate above 2 at.% impurity. The size de-
pendence of D,. for Sn whiskers is accounted for
by using

6,. = 6 —C(8)A 'i2

where 6 is the measured ratio for whiskers, C(8)
is a constant dependent on orientation, and A is
the cross-sectional area of the sample. The values
of C(8) were inferred from previous work done in
this laboratory. " For the (100) and (001) orienta-
tions C(8) was assumed to be 0.0043 pm, and for
the (101) and (111)directions 0.0078 pm. The
cross- sectional area was determined from

Since p, ,(273) = pr(273, 8) —pI(4.2, 8), then

Z(4.2) = 1.12 &, (24)

where the constant 1.12 corrects to 273 K the val-
ues of ~,. which are relative to T =300 K. Equation
(21) was used for 6,. with an average value of C(8)
to account for the size effect in whiskers. There-
fore, the Z(4.2) value was calculated for each of
the Sn-Bi alloys using Eq. (23), from which the Bi
alloy content was obtained using a graph of Z(4. 2)
vs y plotted from Alley and Serin's data.

A. Indium and indium alloys

1. PureIn

The room-temperature nR/R-vs-e curve for
pure In was found to have an initial slope g
= [nR/(Rc) J, , of 2.16+0.06 compared to 1.5 +0.3
from the work of Overcash, Skove, and Stillwell. '
The slight nonlinearity found in the aR/R-vs-e
curve in the earlier work was also found in this
work. The discrepancy in the values of g is prob-
ably due to the uncertainties involved in the cali-
bration of the straining device used in the previous
work.

The initial slope of the T,-versus-strain curve is
71+2 mK//0 compared to 65+9 mK/% for Over-
cash, Skove, and Stillwell. '

Z. Room-temperature strain-resistance measurements

A graph of g vs y at room temperature for the
In-Sn alloys is shown in Fig. 3. P decreases slight-
ly with increasing p for the In-Sn and In-Pb alloys,
while there is no dependence of g on y for the In-Tl
alloys. The large scatter in the data is not due to
errors in the strain measurements, but may be
partly due to inadequate temperature control of
the sample during the measurements.

III. RESULTS

The amount of selected samples on which the
following results are based are as follows In, 3.
In-Sn, 33; In-Pb, 28; In-T1, 31; and Sn and
Sn-alloys, 59.

Z(T) = &p(T)/p, ~(273), . (23)
3. T-versus-strain measurements for In alloys

where 6p~ is the resistivity due to electron scat-
tering by impurities and any other lattice defects
and p, ,(273) is the resistivity in an ideally pure and
perfect crystal at 273 K. At 7'=4.2 K, hp(4. 2)
= p,(4.2, 8), which is related to 6,. through

R4 2/( 300 4.2)

= p,.(4.2, 8)/[pi(300, 8) —pr(4. 2, 8) J .

(a) In-Sn. Aplot of T,vs E is shown in Fig. 4 for
representative In-Snalloy samplesup to 7.9-at. %%uoalloy
content. The stress was calculatedusing the elastic
constants" and lattice constants" of pure In measured
at 4.2 K. Note that the curvature increases with in
creasing alloy content and is always upward. Also
note that near 7-at.% Sn, T', actually becomes negative
as a function of strain. In Fig. 5, a graph of g vs g
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FIG. 3. Initial slope of the change in resistance-vs-
strain curve vs alloy content for In-Sn samples at 298 K.

is shown for the In-Sn alloys. The arrows indicate
the direction of curvature of the T;vs-e curves.
The pressure data of Makarov and Volynskii' are
shown for comparison. There is agreement with
the recent bulk crystal data of Skove and Qtt."

(5) In-I'b, A graph of T, vs & is shown in Fig. 6
for representative In-Pb alloy samples up to 6.7-
at. % Pb. The data are quite similar to those of the
In-Sn alloys. In Fig. 7 a graph of g vs y is shown
for the In-Pb samples. The arrows indicate that
the direction of curvature of the T,-vs-& curves
was always up, as it was for the In-Sn alloys. The
pressure data of Makarov and Volynskii' are shown
for comparison.

(c) In-Tl. A plot of T, vs & is shown in Fig. 8
for representative samples with Tl contents from
0 to 1.4 at. %0 and in Fig. 9 for Tl contents from 1.4
to 4.8 at. %O. A graph of g vs g is shown in Fig. 10.
The data of MV (Ref. 8) are shown for comparison.

ALLOY CONTENT (at. '/o Sn)

FIG. 5. Initial slopes of the change in transition
temperature-vs-strain curve vs alloy content for In-Sn
samples. Arrows indicate the direction of curvature of
the change in transition temperature vs strain curves.
Pressure data of Makarov and Volynskii (Ref. 7) are
shown for comparison. Relative change for the strain
data is more than twice that for the pressure data.

Note that there is a minimum in the q-vs-g plot
near g=1.4 at. %. For alloy contents just below 1.4
at. %0 the curvature of the T;vs-& curves is down-
ward, while for g above 1.4 at. % the curvature is
upward. The direction of curvature is indicated by
the arrows on the q-vs-g plot.

B. Sn and Sn alloys

1. Pure Sn room-temperature strain-resistance measurements

It is of interest to calculate the stress dependence
of the resistivity. We define

(1/fr r) S frr
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FIG. 4. Change in transition temperature vs strain
for In-Sn samples. Alloy content is the parameter
shown.

FIG. 6. Change in transition temperature vs strain
for In-Pb samples. Alloy content is the parameter
shown.
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FIG. 7. Initial slope of the change in transition tem-
perature-vs-strain curve vs alloy content for In-Pb
samples. Arrows indicate the direction of curvature
of the change in transition temperature vs strain curves.
Pressure data of Makarov and Volynskii (Ref. 8) and
Smith (Ref. 15) are shown for comparison. Relative
change for the strain data is more than three times that
for the pressure data.

K, -=— = (s in 8)K» + (c os 8)K»
~Pe

+ cos 8(Ki~+Ksi+ 4K44) ~

Since we can calculate Ke along four directions,
we should be able to find K„, K», and (K»+K»

(25)

where p, is the ith component of the resistivity
tensor in matrix notation and OJ is the jth compon-
ent of the stress tensor in matrix form. The ten-
sor K must obey crystal symmetry, but since it is
not a thermodynamic function, in general K~J 4KJl.
We find for tetragonal symmetry that applying
stress in a general direction 8 causes a fractional
change in the resistance along that direction given by

FIG. 9. Change in transition temperature vs strain
for In-Tl samples from 1.4 to 4.8 at.% Tl. Alloy content
is the parameter shown.

+ 4K«). The calculation of K~ involves the elastic
constants of Sn, about which there is some ques-
tion. We have therefore tried to fit our data using
four different sources" " ' for the elastic con-
stants. No such fit is possible, and the values of

etc . , obtained in this manne r are not mean-
ingful. We do not understand why these symmetry
rules are not obeyed.

2. T,-vs-c measurements for pure Sn

The graph of T, vs & for the four Sn orientations
is shown in Fig. 11. The data shown are for the
strongest sample measured for each orientation.
Samples growing in the (111)direction were quite
rare We found .only three (111) samples out of
59 Sn and Sn-alloy sa,mples measured. 'The small
bump in this strain curve is probably due to a
problem with the stra. in measuring apparatus. The
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FIG. 8. Change in transition temperature vs strain
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ALI OY CONTENT (af. % Tl )

FIG. 10. Initial slope of the change in transition
temperature-vs-strain curve vs alloy content for In-Tl
samples. Arrows indicate direction of curvature of the
change in transition temperature vs strain curves.
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I'IG. 11. Change in transition temperature vs strain
for the four orientations of Sn whiskers. Note that the
strRln ls not unl. axial.

data in Fig. 11 are in agreement with that of Nabar-
ro and Rothberg" and are in qualitative agree-
ment with the earlier work of Davis, Skove, and
Stillmell. ' Note that the strain is an experimental
parameter and not the only nonzero component of
the strain tensor. The stress is uniaxial and T„
as a function of stress, is shown in Fig. 12. Fol-
lowing Nabarro and Rothberg, me have chosen to
use the lom-temperature elastic constants of
Rayne and Chandrasekhar" to compute o. The
direction cosines with respect to the fourfold axes
were calculated from the lattice constants for Sn
obtained at 4.2 K by Burckbuchler and Reynolds. "
The dependence of 7, on o can be written

n T, =B(1)o+B(2)a',

FIG. 12. Change ln transition temperature vs stress
for the four orientations of bvo whiskers. Solid curves
represent least-squares fits to the data of the equation
T, =B&&& u+Qgs where o is equal to the stress. (001)
is linear while the (100) direction is quadratic.

the constants B(1) and B(2) and their standard
deviations are given in Table 11. The (001) sam-
ple was fitted only to the linear part of Eq. (26).
Figure 12 shows that the data can be quite ade-
quately fitted to an equation of the form of Eq. (26).
Owing to crystal symmetry, the values of B(l) for
the four orientations should lie on the same line if
plotted against cos'8, mhere 0 is the angle between
the whisker axis and the fourfold tetragonal axis.
As a, check on the results, the value of B(l) for
each orientation was plotted against cos26I in Fig.
13. The line in Fig. 13 is a least-squares fit to
the four points. The pressure dependence of T,
for polycrystalline samples of Sn was reported by

TABLE II. Constants B(i) and 8(2) and their standard
deviations S&&&) and S&&2) determined from fitting the data
to AT, =B(i)o+B(2)0 for each Sn whisker orientation.

Orientation
B(i) Sq(, )
(iO-" K m'/N)

~a&»
(to-" K In'/N')

are constants. The data for each orientation mere
fitted to Eq. (26). The lines drawn through the
points represent the fit to'the data, . The values for

(ooi)
(too)
(ioi)

4.8i
0.$4
i.23
0.74

0.04
0.33
0.1t
0.07

3.75
2+32
0.5i

0.02
0.03
0.04
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FIG. 14. Change in transition temperature vs strain
for a Sn-(0.2-at.%) Cd sample compared to a pure Sn
sample. Orientation of the samples is (001) .
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Jennings and Swenson" to be

T, = 3.732 —4.95 x 10 'P+ 3.9 x 10 ' P'
where T is in K and P is in atm. Thus

c
=(-4.89+0.1) x 10 "Km'/N.

BP ~=o

I 50

Sn
0 Sn —2.2 at. % Bi

&IOI &

From our data
E

IOO

=5.1+O.V K m'/N

which is in agreement with that of Jennings and
Swenson.

3. T;vs-e measurements for Sn alloys

The effect on T, of alloys with Cd, In, Sb, and
Bi are shown in Figs. 14-17. The Sn samples were
alloyed with a maximum of 0.3-at.% Cd, 6.0-at. /p

In, 0.3-at.% Sb, and 2.2-at. /p Bi. Within experi-
mental error, alloying has absolutely no effect on
the T, vs E curvesI

0.5
I

I.O

STRAIN (%)

FIG. 15. Change in transition temperature vs strain
for Sn-(2.2-at.i)Bi sample compared to a pure Sn sam-
ple. Orientation of the samples is (101) .
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for a Sn-(0.2-at.%)Sb sample compared to a pure Sn
sample. Orientation of the samples is (100) .

IV. DISCUSSION

The nonlinearities observed in the T;vs-e curves
as well as those observed in the q-vs- y curves in

the In alloys may be due to changes in the Fermi-
surface (FS) topology. ' " The notation of Ashcroft
and Lawrence4' is used in discussion of the FS of
In. The addition of an alloy such a,s Sn or Pb,
which has one more conduction electron than In,
increases the Fermi energy, causing the n arms
to extend towards point W in the Brillouin zone.
For both alloys the c/a ratio changes in such a way
as to slightly decrease the size of the z arm. s.
The conduction-electron effect is larger, so that
as more Sn or Pb is added, the arms extend closer
to W. It is also possible that a, bubble forms along
the line joining T to W or at point W.

The change in curvature in the q-vs- y curves
near 1-at.'fo Sn and 2-at. % Pb may be due to the
formation of such a bubble. A further increase in

the alloy content could result in the joining of the
bubble with the n arms. The curvature in the
q-vs-y curves at alloys beyond 3 at. k in the In-Sn
and In-Pb data may be due to the n arms joining.
All of this is quite speculative until detailed band-
structure calculations are obtainable.

The g-vs-p curve for the In-Tl samples is quite
similar to the same curve for the In-Cd samples, '
even though Tl ha, s the same number of conduction
electrons as In. However, the minimum near
1.4 at. % in the In- Tl data may still imply a discon-
tinuity in the density of states versus energy curve
near the FS. This ma, y be due to changes in the
c/a ratio or possibly the FS is smeared out by
the finite lifetime of the conduction electrons so
that changes in the density of states near the FS
are seen. In explaining their (sT,/sP)~~ vs y

results for In-Cd, In-Hg, In-Sn, In-Pb, and In-T1,
MV (Ref. 8) introduce a constant C, which describes
the effectiveness of the action of impurities on the
Fermi energy. The C for each alloy combines the
various factors which affect the Fermi energy,
such as the valence, the potential of the impurity-
atom ions, and the change of the parameters of
the unit- cell lattice. Making the appropriate
choice of C, MV obtain a single curve for all of the

In alloy data when plotting n(BT,/sP)~~ vs electron
density change. The results of MV are certainly
consistent with a change in FS topology due to al-
loying. MV also point out that the change in the
electronic specific heat (y) of In-Sn alloys near
0.8 at. % is also consistent with the pressure re-
sults. However, Gubsen et al ."have determined
the electronic specific heat of In- Tl alloys as a
function of Tl content and find no change in y as a
function of alloy to 7-at. % Tl in In. Yet such a
change is indicated by both the pressure and strain
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data. Gubsen et al. could see changes in y which
were an order of magnitude smaller than those
observed in the In-Sn system. So, either the y
measurements were insufficiently sensitive to
resolve the change in the density of states, or
perhaps some other mechanism, such as a change
in the electron-phonon interaction, is responsible
for the pressure and strain results in the In- Tl
system. The significance of the curvature of the

T,-vs-& data is a less clear in the In-Sn and In-Pb
data than in the In-Cd' and In-Tl data. In
the Cd and Tl alloys the T,-vs-& curvature is down

as the minimum in the g-vs-g curve is approached;
and it is up once the minimum has been passed
through. By downward curvature we mean that
increased c implies decreased BT,/s&. Thus, ap-
plying strain to the sample is just like removing more
conduction electrons. However, in the In-Sn and
In-Pb data, once the curvature begins, it is al-
ways up and increases with increasing alloy. No

change in curvature of the T,-vs-e curve is as-
sociated with the change in curvature in the q-vs-y
curves near 1-at.% Sn and 2-at. % Pb in In. Thus
the relationship between the curvature changes in
the T,-vs-& curves and the nonlinearities in the
g-vs-y curves is not clear.

The Sn-alloy data also cast doubt on the signific-
ance of the curvature in the T;vs- & curves in
relation to the changes in the FS topology. Since
none of the alloys have any measureable effect on
the T,-vs-& data, we have to conclude that curva-

ture in the (101), (111), and (100) orientations of
tin is not related to the kind of FS topology changes
suggested for the In alloys. Furthermore, we
believe that the tin-alloy results lead to questions
about the significance of q- or (sT,/sP) vs-
measurements. Do the results of such measurements
necessarily indicate changes in FS topology; do they
arise from a combination of changes in the electron-
ic density of states and the electron-phonon inter-
action; or do they arise from changes in the elec-
tron-phonon interaction alone? It would seem from
the complicated FS of tin that a topology change
would be expected somewhere in the range of alloy
contents used in this work, but no such effect was
seen. Ott and Sorbello4' attribute a large part of
the anisotropy in q to anisotropy in the Gruneisen
parameters of Sn. If this is correct, then the
highly nonlinear behavior we observe in Sn would
be due to large changes in these parameters, which
seems unlikely. Thus we feel that while the In-
alloy data may show effects of FS topology changes,
the picture is not completely consistent, and we
cannot account for the Sn data with the available
theories.
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