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Temperature dependence of the infrared absorptivity of the noble metals*
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The infrared absorptivity of the noble metals from 1.7 to 3.5 p, has been measured in the range of 10 to 310 K.
Electropolished bulk specimens of copper, silver, and gold and films evaporated onto polished sapphire have
been studied. The results are interpreted in terms of the Holstein theories of phonon-assisted and surface-
assisted absorption. These theories are found to provide an accurate description of the absorptivity, when
allowance is made for anisotropy of the electron-phonon relaxation time over the Fermi surface. Values of this
anisotropy are obtained. The average scattering of electrons at the metal surface is found to be nearly
completely difRse.

I. INTRODUCTION

The Mott-Zener formula' for the intraband-tran-
sition absorptivity of metals in the near infrared in-
dicates the possibility of determining the electron-
phonon relaxation time 7 from infrared data. It
has been frequently assumed that this infrared v is
identical to the dc-resistivity relaxation time,
despite Bethe's early suggestion that a substantial
difference would appear at low temperatures. The
data of gneiss and Ramanthan on copper have con-
firmed the existence of such a difference. Roberts
established that this difference could not be ex-
plained by the theory of the anomalous skin effect.

A quantum theory of v in the infrared, analogous
to the Bloch theory of the dc-resistivity relaxation
time, has been derived by Holstein and by Gurzhi.
This theory indicates that the absorptivity tends to
a nonzero value as the temperature approaches
zero, as observed by Ramanathan. Biondi and co-
workers ' measured the low-temperature ab-
sorptivities of copper and silver and found values in
agreement with Holstein's theory, after allowance
for the anomalous skin effect. They further con-
firmed the independence of absorptivity on wave-
length for photon energies well below the interband-
transition edge.

One of the two principal objectives of the present
work is to study the infrared absorptivity over the
whole temperature range from T«e to T&e (8 is
the Dek)pe characteristic temperature) for com-
parison with theory. The noble metals are particu-
larly suited for this study since they have well-
established electronic structures and are easily
electropolished.

Study of the anomalous skin effect led to the dis-
covery of a previously unsuspected mechanism of
infrared absorption by conduction electrons, in-
volving the scattering of electrons at the metal
surface. ' 5 The resulting absorptivity is pro-
portional to 1-P, where P is the fraction of elec-
trons specularly scattered at the surface. At-
tempts to evaluate p have given widely differing

results. Doremus found p = 0.5-0. 7, depending
on infrared wavelength, while both Lenham and
Treherne' and Roberts found P = 0. Bennett et gl.
found that surfaces of varying roughness gave values
from + 1 through 0 to an apparently unphysical value
of —1. The zero-temperature data of Biondi
indicate p = 0, although Doezema and Koch'9 have
recently demonstrated rather conclusively that at
least partial specularity can be achieved on elec-
tropolished copper.

The second principal objective of the present
work is to evaluate p for electropolished metals,
for comparison with these results. This paper is
a continuation and expansion of a preliminary in-
vestigation by one of the present authors. 3

II. THEORY

The absorption of photons by conduction-band
electrons requires interaction with the lattice to
conserve momentum. Interband transitions are
excluded by limiting the photon energy Au to well
below the absorption edge. Two intrinsic mecha-
nisms of momentum-conserving interactions are
known, namely, lattice vibrations and surface col-
lisions. Gurzhi has shown that the two processes
can be considered independently and the results
simply added

A. Phonon-assisted absorption

Holstein has derived an expression for the pho-
non-assisted absorption. His theory is essentially
the infrared equivalent of the Bloch theory of dc
resistivity, assuming free electrons and a single
Debye-model phonon spectrum and excluding um-
klapp interactions. The resulting expression for the
effective relaxation time, as derived in the Appen-
dix ~ 1S

where 9 is the Debye temperature and 70 is a con-
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stant for each metal. This equation is derived in
the limit Ez»K&u»keT and ksO, err»1 (Ez is the
Fermi energy). The 5 term in (1) is due to spon-
taneous emission of a phonon by a photon-excited
electron, while the temperature-dependent term
corresponds to phonon absorption and stimulated-
emission processes.

The absorptivity is given by the Mott- ..ner
formula, A = 2/u~r, where &u~ is the calculated plas-
ma frequency: u~=(4vNe /m)'~, N is the electron
density, m is the electron effective mass. At low

temperatures, the volume absorptivity thus ap-
proaches a constant value, corresponding to the
spontaneous emission term in Eq. (1). This ab-
sorptivity is independent of the bulk resistivity of
the metal and is independent of wavelength provided
that ~7'» 1 and that the effects of interband transi-
tions are negligible. At high temperatures, the
volume absorptivity reduces to the classical result,
i.e. , it is proportional to the dc resistivity. For
the noble metals the condition uv» 1 is rather
stringent at 300 K and restricts the validity of Eq.
(1) to the nea. r infrared. For greater than about 4 p, , the
correction term &u 7 /(1+ &u r ), discussed in the
Appendix, leads to a wavelength-dependent ab-
sorptivity. Figure 1 shows the temperature de-
pendence of the normalized volume term corre-
sponding to Eq. (1) and the ideal resistivity given
by Eq. (2) below.

Because of the approximations in the theory, it
is not practical to calculate the parameter rp,
which depends on the phonon-electron coupling C.
In the limit &u-0, Eq. (A14) shows that the dc re-
laxation time is given by the Bloch-Gruneisen re-

so that 7p can be obtained empirically from the dc
resistivity p =4v/&u~r If r var.ies with position on
the Fermi surface, the value of Tp for infrared ab-
sorptivity will differ from the value for dc resis-
tivity. It can be shown that'

—dS v~7 dS egdS ~1, 3

2n'k' = &, = 2nk . (4)

where v& is the position-dependent velocity on the
Fermi surface and the equality holds for isotropic
scattering.

While hen is always well below the absorption
edges of the metals in our investigation, the ex-
istence of the interband absorption does aff ect the
intraband absorptivity. The absorption edge results
in a real term added to the complex dielectric con-
stant, the additional polarizability being nearly con-
stant from well below the absorption edge to (d= 0.
The effect on the intraband absorptivity can be es-
timated using the following simple procedure. In
terms of the complex index of refraction, N=n+ ik,
the absorptivity in the regime k»n is given by
A=4n/k . "Adjusted" values for n and k can be ob-
tained by solving the equations for &, and e~ with

Beg added:
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With the same approximations used to obtain A
=4n/k, the result is A'=A(1+25e, /2k ) and corre-
sponds to a negligible correction for the present
work.

The actual phonon spectra of the noble metals are
much more complex than the Debye form used in
the derivation of (1}and (2). It is possible to get
some idea of the effects of real phonon spectra by
examining intermediate equations in the Holstein
derivation. With the assumption of an isotropic
dispersion relation, but not assuming the Debye
form, the infrared absorptivity is proportional to
the integral

1+ „dq,
where x= &(q)/ksT, and e(q) is the phonon dispersion
relation. The dc resistivity is proportional to

1 'o q dq
k T (e"—1}(1—e ") '

In the high-temperature limit [e(qo) «kT], the in-
frared and dc expressions both take the form

'oq dq
e'(q)

indicating that departures from the Debye disper-
sion relation will have the same effect on resis-
tivity and absorptivity for T»O. However, for
T-O the infrared expression takes the form

oq dq
e(q)

(8)

Hence, the zero-temperature phonon-assisted ab-
sorption involves a different weighting of phonon
modes from the high-temperature absorption.
Since the actual phonon dispersion relations differ
substantially from the Debye approximation, the
zero-temperature term in (1) may not take the
specified value —, (or, equivalently, a different To

may be required to describe the zero-temperature
absorptivity}.

B. Surface-assisted absorption

The theoretical magnitude of the surface-colli-
sion-assisted absorptivity has been investigated by
several workers. For a free-electron metal,
with specular electron scattering at the surface, the
absorptivity is given by the equation

For diffuse scattering of electrons at the surface,
the surface-assisted absorptivity is given by the
equation

Aq = 4 vy/c, (10)

which for a typical monovalent metal gives an ab-
sorptivity of about 3x10 . Kaganov and Slezov '
have extended this formula to the case of a non-
spherical Fermi surface with position-dependent
velocity. For cubic crystal symmetry, their ex-
pression for the effective velocity to be used in (10)
is

vF = vg x vx

e &4i/i sine /gP-
S (12}

where v& is the magnitude of the velocity at the
Fermi surface, v, is the component normal to the
surface of the metal, and v„ is the component along
an x axis, chosen arbitrarily in the plane parallel to
the surface. The integrals a,re over the regions of
the Fermi surface with v,)0.

This integral has been evaluated for the noble
metals, using the Halse parameterization of their
Fermi sue~aces. In contrast to the phonon-as-
sisted absorptivity, the surface absorptivity de-
pends on crystal orientation. Cubic symmetry
permits reduction of this calculation to hth of the
sphere representing all crystal orientations. Fig-
ures 2-4 show the stereographic projections of
this region for copper, silver, and gold, with con-
tours of constant v&. The values of v& are normal-
ized to the free-electron Fermi-surface velocities;
that is, v„= (12v )'/ k/moa, where a is the lattice
spacing and mo the free-electron mass.

The question of whether the surface scattering
of electrons is specular or diffuse has received a.

great deal of attention, with conflicting re-
sults. "' ' Doezema and Koch' have shown that
specular scattering can be achieved for electrons
with trajectories nearly parallel (g (1') to the sur-
face. For infrared absorption the apparent specu-
larity depends on the angular dependence of the
probability of specular scattering and the angular
dependence of the effectiveness of electrons in
photon absorption. The probability of specular
scattering of an electron incident on the surface at
angle g (measured from the surface plane) is given

by the equation '

where vE is the electron velocity at the Fermi sur-
face and c is the speed of light. This contribution
to the absorptivity is negligible, being about 1x10 '
for the noble metals compared to the zero-tempera-
ture phonon-assisted absorptivity, which is about
1x10 '.

where h is the rm s surf ace roughne ss and X„ the
de Broglie wavelength of the electron. The effec-
tiveness of an electron is proportional to cos 6},

a result that can be obtained from the Holstein
treatment' and is also apparent in the veloeity-
averaging integral (11). With a factor sing cosg
for the differential electron current, the net spec-
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Laue x-ray photographs showed that the copper and

gold samples were strain-free single crystals with
normals along the [211]and [100] directions, re-
spectively. The silver sample was polycrystalline
with grain size less than 10 p. .

Film specimens were prepared by Hoffman of
Westinghouse Research Laboratories. The films
were rapidly evaporated onto thin, polished sap-
phire wafers soldered to copper bases. The sub-
strate temperature during the depositions was 65-
85'C; the thickness of the films was 2000-3000 A.
A measure of the roughness of these films was ob-
tained by Choyke of Westinghouse Research Labora-
tories through measurement of the amplitude of the
surface-plasmon absorption of a silver film. ' This
indicated an rms surface roughness on the order of

0

16 A. A dc-resistivity measurement at room tem-
perature was made on the evaporated gold, using a
strip on a glass slide placed next to the absorptivity
sample during evaporation. The result was iden-
tical to the handbook value for bulk gold to within
10%. No residual resistivity data were obtained for
the films.

IV. RESULTS AND DISCUSSION
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FIG. 5. Apparent infrared specularity P as a function
of h/~&, where h is rms surface roughness and Q is the
electron de Broglie wavelength.

Figures 7-9 show the data obtained for the three
metals. The single-crystal data for copper are a
composite of measurements on four samples: (&)

FIG. 6. Schematic view of absorption apparatus.

annealed 60 min at 475 C, 12 p, removed in electro-
polishing; (v) the same specimen after removal of
an additional 17 p by electropolishing; (o) an-
nealed 820 C, 60 min, 48 p, removed in electro-
polishing; (0) the same specimen after removal of
an additional 11 p, by electropolishing. The close
agreement among these four sets of data is evidence
that lattice distortion produced by the mechanical
polishing has probably been eliminated. However,
there is still the possibility of absorbed oxygen
being present on all copper samples since the an-
nealing was not done in ultrahigh vacuum, and cop-
per is known to be an excellent getter for oxygen.
The samples were prepared in essentially the
same way as those described by Koch in his magnet-
ic surface-state experiments and by Biondi and
Rayne in their original low-temperature absorp-
tivity measurements. Thus the present results
should be comparable to these earlier ones. In
every case the absorptivity of the film is higher
than the absorptivity of the electropolished bulk
metal. In the case of silver the difference is
small, so the film data have been shifted up in
Fig. 8 by 0. 0010 to avoid confusion with the bulk-
silver data.

It is extremely difficult to obtain any unambiguous
information about the absorption mechanisms from
room temperature data alone. Therefore, a de-
tailed comparison of the present results with pre-
vious measurements at or near 300 K will not be
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FIG. 7. Temperature dependence of the absorptivity
for copper. The broken lines are calculated curves as-
suming isotropic 7 and the solid lines are fitted curves.
Data for films indicated by (v).

attempted. The theoretical background presented
previously shows that the temperature dependence
of the absorptivity allows a more definitive analy-
sis. Accordingly we focus attention on the curves
in Figs. 7-9, which are calculated from the equa-
tions given in Sec. II. The lower theoretical curve
corresponds to completely specular electron scat-
tering at the surfa, ce (p= 1), the upper to complete-
ly diffuse scattering (p = 0) assuming isotropic r.
The data do not agree precisely with either calcu-
lated curve. While disagreement with the P = 0
curve at zero temperature i.s small for copper and

pra, ctically zero for silver and gold, there is in
each case a divergence with increa. sing tempera-

l. o

FIG. 9. Temperature dependence of the absorptivity
for gold. Data for films indicated by (0).

ture.
There is some uncertainty in the determination

of the parameters used in obtaining the calculated
absorptivity curves. Four parameters are in-
volved in calculating the phonon-a. ssisted absorp-
tivity: the electron density N, the electron effec-
tive mass m, the Debye characteristic temperature
0, and the inverse relaxation time coefficient 1/7o.
The electron density is taken to be 1 electron per
atom, so that N=4/a, where a is the cubic lattice
spa, cing. Following White and Woods 8 is taken
to be the high-temperature limit of the specific-
heat value. Their values of resistivity at T =- 0 are
used to obtain 1/ro from Eq. (2) and the relation

p = 4v/e~r, &u~ being calculated from N and m. The
latter can be computed from the Halse parameteriza-
tion of the Fermi surfaces, using the formula

1 1
m 12m Xh

d

0.6

ba 0
JD
cf.

Ioo 200
Temperature ( K)

300

FIG. 8. Temperature dependence of the absorptivity
for silver. The broken 1.ines "Max" and "Min" refer to
the range of surface absorptivity as a. function of crystal
orientation. The calculated curve for p =0 is for an
average over-all crystal orientation. . For clarity the
film data have been displaced upward by 0. 1% in abso-
lute absorptivity. Data for films indicated by (0).

where the integral is over the entire Fermi surface.
Values obtained in this manner are listed in Table
I, which also gives empirical effective masses ob-
tained by severa. l workers from optical data. '
The calculated values, based on cyclotron reso-
nance data, should be higher than the optical values
by the factor (1+X), where X is the electron-phonon
mass enhancement. Although the mass enhancement
is supposed to be about 0. 10, ' no consistent dif-
ference is apparent;. Therefore, we have chosen to
use the optical values of Ehrenreich ef, al. in both
Eqs. (1) and (2), disregarding the question of mass
enhancement.

Calculation of the surface-assisted absorptivity
for p= 0 is straightforward, using results obtained
from Eq. (11). The appropriate values of vz for
copper and gold are taken from Figs. 2 and 4, re-
spectively, given the crystal orientations from x-
ray ana. lysis. For the polycrystalline silver an
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TABLE I. Electron effective masses for the noble
metals, as ratios to the free-electron mass. The values
in column 1 are calculated from Eq. (14) and the values
in columns 2-4 are calculated from optical data.

Metal (10 ~ sec)
Anisotropy

&.) &1/~)

TABLE III. Values of anisotropy factor ~~0 and specu-
larity p from infrared-absorptivity data.

Metal

Copper
Silver
Gold

Theory

1.43
0. 98
1.08

l. 45
0. 97
0. 98

l. 03"
1.04

Effective mass

Experiment

l.49
0. 99
o. 99'

Copper
Sil.ver
Gold

2. 39 ~0. 19
4. 00 +0.20
3.05 + 0. 20

1.30 + 0. 10
1.26 +0. 10
1.46 + 0.10

0. 10+ 0. 10
0.07+0.10
0.21 + 0. 10

Reference 28.
Reference 29.

'Reference 30.

TABLE II. Parameters used to calculate 7&+ and the
free-electron. Fermi-surface velocity vf, .

m

p(T = On)

On

~dc
0

Vfe

3.608
1.42
l. 80
310
3.111
1, 58

Silver

4. 0776
1.03
1.16
220
5. 054
l. 39

4. O7O2 A

O4 mo
l. 32 x 10 0 cm
185 K
4, 460 x 10 ~4 sec
l. 40 x 10 m/sec

Reference 26.

average over-all orientation is used, the segments
labeled "Ma,x" and "Min" in Fig. 8 indicating the
range of displacement of the p = 0 curve for extre-
mal values of v&. Table II lists the values of the
parameters used in the calculations of the absorp-
tivity.

Taking X and rn as fixed, three parameters de-
scribe the infrared absorptivity: 9, vo, and P.
Ideally, all three could be obtained by fitting curves
to the data, but the lack of structure in the absorp-
tivity and the limited accuracy of the data prevent
reasonable determination of all three. It is possi-
ble, for example, to set p= 1 and fit the copper
data acceptably by adjusting 0 and 7'0. However,
the results are difficult to accept, since the re-
sulting anisotropy factor (v, '/ro") is 2. 7 and the
Debye temperature is 470 K. The number of curve-
fitting parameters must therefore be reduced. It
is most reasonable to fix 9, taking the high-tem-
perature specific-heat value as before. Curve
fitting then proceeds by subtracting the measured
zero-temperature absorptivity from all the data
and fitting the remainder to the temperature-de-
pendent term of Eq. (1), thus giving the value of
70". Disregarding the possible effects of non-Debye
dispersion relations discussed in Sec. II, the term
0. 8/&u&ro' is subtracted from the zero-temperature
absorptivity and the remainder attributed to sur-
face-assisted absorption. Comparison with the
calculated value for p = 0 yields the value of p shown
in Table III.

The uncertainty limits listed in Table III are de-
termined by the range of values that permit reason-
able fit to the data. No allowance is made for un-
certainty in the input parameters 9 and m, nor is
allowance made for possible refinements of the
theory. One possible refinement is correction of
the approximations that lead to the expression
A= 2/m~r. Because the theory leading to Eq. (1)
was developed specifically for this expression, it is
not certain how such corrections should be made;
the simplest assumption is that T as given by Eq.
(1) can be used in the complete Drude formulation.
The effects of the approximation 1+ &u r = &u'v are
on the order of 1x10 and can be neglected. A
more ser ious approxlmatlon ls

A = 4n/[(n+ 1)'+ k' j= 4n/u' .
Taking k = &o~/&o and evaluating n from the measured
absorptivity with the exact expression, it is found
that the exact and approximate expressions differ
by about 1%. Adjustment for this approximation in-
creases the anisotropy factor of Table III by 1/p

and increases the quantity 1 —P by 1/o.
Another possible refinement is allowance for the

interband transitions, using the method described in
Sec. II. For the interband contribution to 6y,
Ehrenreich and Philipp found 5e,(or=0) to be 4. 7
for copper and 2. 3 for silver. The effects of in-
cluding this refinement are to change the anisotropy
factor and P for copper to 1.26 and 0. 13, respec-
tively, while for silver the corresponding values
are 1.24 and 0. 08. These adjustments are smaller
than the experimental uncertainties. More im-
portant is the uncertainty in the value of 9, since
one might choose to use 9&, the resistivity Debye
temperature, instead of the specific-heat value.
Small changes in 9 will change vo" approximately
in inverse proportion, mainta. ining the product
970" constant. Since ~0' will be changed in the
same manner, there is no change in the anisotropy
factor although the specularity p will be altered.
With 0=335 K instead of 310 K for copper, for ex-
ample, p increases from 0. 10 to 0. 17.

Kelly has studied the temperature dependence
of 9„, considering both the range of Debye tem-
peratures to be expected and the general validity of
the theoretical model. Over the appropriate tem-
perature range 100-300 K, 9~ for copper varies
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from 320 to 340 K while 0& for silver is less con-
sta.nt, varying from 210 to 260 K. For gold 8„
varies from 180 to 330 K, indicating a basic failure
of the theoretical model. This observation renders
our values of anisotropy and specularity for gold
of somewhat uncertain significance. There is also
the possibility that 0 is different in the infrared
case from both the dc-resistivity and specific-heat
situations. The photon energy is on the order of
one-tenth the Fermi-surface energy and this may
affect the mix of umklapp transitions, changing the
averaging over the different phonon modes and di-
rections. Only a detailed computation with realis-
tic phonon descriptions and Fermi-surface geome-
try can predict the changes in 0 and 70' due to this
complica, tion.

The values of the anisotropy factor listed in

Table III are distinctly different from unity. Few
other quantitative estimates of this anisotropy fac-
tor are a.vailable for comparison. Ziman has ob-
served that the Ha, ll effect in the noble metals im-
plies a.nisotropic T, although Dugdale and Firth, '
also using Hall-effect data, come to the opposite
conclusion. Springford ' concludes that 7 is
isotropic except at very low temperatures. Nowak

has calculated r for copper in the sma. ll-angle
scattering limit; a crude eva. luation of the integrals
of Eq. (8) with his results yields an anisotropy fac-
tor of just 1.02. The calculations of Taylor ~ indi-
cate that 7 is isotropic for T& &8. However,
Fletcher et aE. ' conclude from Righi-Leduc data
that 7' is significantly anisotropic. Our results
indicate substantial anisotropy, but must be con-
sidered conditional in the absence of the computa-
tions that would resolve the effects of high photon

energy and non-Debye dispersion relations.
As anticipated by the calculation of Sec. II,

electron scattering at the surface is essentially
diffuse. This is not in disagreement with the ob-
servation of magnetic surface-state resonances in
electropolished copper by Doezema and Koch. '
Their experiment involves only glancing-incidence
electrons, for which the probability of specular
scattering may be quite high. If h/A~ is such that
P,(9= I') is equal to 0. 98, the infrared specula, rity
p is still just 0.007. Considering the difficulty ex-
perienced by Doezema and Koch in producing copper
surfaces with adequate specularity for their ex-
periment, the p= 0 result of the infrared measure-
ment must be considered in good agreement with
their observations.

The investigation of evaporated films of the pres-
ent work was quite cursory, intended only to be a
rough check of the possibility that p might be in-
creased on smooth films. Bennett et al. ' have
found a. transition from a physica, lly anomalous
p= —1 to full specularity, p=+ 1, around an rms

0

roughness of 60 A, far above the transition rough-

ness predicted by the theory. A proper investiga-
tion of films is a formidable task, requiring metal-
lurgical and galvanomagnetic studies of film struc-
ture and theoretical work relating this structure to
the optical properties. Aggregation phenomena,
and the possibility of a waveLength-dependent re-
laxation time ' ' must be considered. Our investi-
gation was limited to measuring the absorptivity
to see if a well-prepared film on smooth sapphire
might have lower absorptivity than the bulk metal.
Such a result would be evidence that increased
specula. rity had been a.chieved. Our results are
negative, in that the films invariably showed higher
absorptivity. This result does not necessarily re-
fute the claim of increased specularity, because it
is possible that absorption related to lattice defects
is dominating in a reduction in surface-assisted
absorption. For copper and silver, the film ab-
sorptivities are related to the bulk absorptivities by
a simple vertical translation of the fitted curve,
indicating a temperature-dependent extrinsic ab-
sorption, as is expected for absorption due to lat-
tice defects. For copper, the difference in ab-
sorptivity is 0. 0019 and for silver the difference is
0. 0002. It is to be noted that the film data for sil-
ver have been shifted upward by 0. 001 in Fig. 8 to
prevent confusion. In the case of the gold film,
the fit achieved by an upward translation is not
very good, there being a, systematic divergence be-
tween the displaced curve and the data. The fit is
nonetheless within the error limits for most points.

In this paper it has been assumed that the mea-
sured absorptance is independent of wa.velength
when cur» 1 and the effect of interband transitions
is negligible. While this assumption has been shown

to be valid at low temperatures, it is less true at
room temperature, and particularly for gold some
measurements of the absorptance show a large per-
centage change in the 2-5- p, wavelength region. ~

Thus if the temperature-dependent absorption mea-
surements were made at a longer wavelength where
the theoretical assumptions were still valid, the
shape of the measured curves might be in closer
agreement with the shape of the calculated curves.

V. CONCLUSIONS

The expression derived by Holstein and Gurzhi
for the temperature dependence of the conduction-
electron intraband-transition infrared absorptivity
of metals does provide an a,ccurate description for
copper, silver, and gold, with the parameter 70
differing from its value for dc resistivity. From
the adjusted To are obtained estimates of the an-
isotropy of 7 over the Fermi surface. The infra-
red-average scattering of electrons at the metal
surface is nearly completely diffuse, as anticipated
by a simple theoretical calculation. Smooth films
show higher absorptivities than bulk samples, fail-
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ing to show positive indication of increased specu-
larity of electron scattering.
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APPENDIX

q=~(k —k') . (AS)

The quantities A "&(q) can be written in the form

&(q&( )
DP &(q + 1

Cdq
(A3)

where the bracketed terms refer to phonon absorp-
tion and emission, respectively, where n, is the
original phonon occupation number and D is a con-
stant. In terms of the usual coupling constant C,
the latter is given by

D= ((C /hl'M, (A4)

where N is the atomic density and M is the ion
mass.

Averaging Eq. (Al) over all states k' and over all
field directions with respect to k (or equivalently
with respect to q), we obtain

The transport properties of an electron-phonon
gas have been treated in detail by Gurzhi and Hol-
stein. ' In this Appendix we present a brief de-
rivation of Eq. (1) based on these references. The
electrons are assumed to have an effective mass m
different from the free-electron mass mp, while
the phonons are described by a simple Debye model.

From Eq. (5. 33) of Ref. 3 or from standard sec-
ond-order perturbation theory, the probability per
unit time for an electron to make a transition be-
tween states k and k', with simultaneous photon and

phonon emission or absorption, is given by

P&,'&(k -k') = [e (E ~ q) /4Vm ()& ]q4 "(q)

x[1 —f(E„,)]6(E„—E„.+h&d, zk(d) . (Al)

In this expression the superscript (+) refers to pho-
non emission and absorption, respectively, while
the subscript refers to the corresponding photon
processes. The electric field amplitude is E, t/'

is the sample volume, (d, , (d are the phonon and

photon frequencies, respectively, while f (E„-)
is the usual Fermi distribution function. Momen-
tum conservation gives the condition

x kpcos8+S(de+5(d 1 — E+, dpde + A5

),)
= (~ q),')tq&f (z &)/Zf(E')

3 P'"(k)f (E-) dE"(,) (A7)

where f is the Fermi energy. Substituting Eq.
(A6) into this result gives

1 e'E'
487t rn(d 8 q A "(q)G,'&(q) dq, (A6)

where kp is the Fermi wave number. The quantity
G«', »(q) is an integral

3 (0 1 (E-f+h cu Ph td )/%ATr (~)(
( ) g) = ( Iz)/ ( ~ d

0 +e +e q

(AQ)
which can be readily evaluated, namely

3 k Rd 6 S(d
&((I)

pg (q&( &/&q r (A10)

Case I (he «kze, ks T). These conditions conform
to the classical case. Here the power expended by

the electromagnetic field is

1 1
W= g I im (,&

— (,&
k&q&

(a) htv 0 ( ) (+

2 2 qp gG( )'a "&( )=
„, 34vzm~'k, , ' ' S(k~) ' (A 11)

where the summation includes both phonon emission
and absorption. From Eqs. (A3) and (A10), and the

relation &d, = c(q, where c, is the (isotropic) longi-
tudinal sound velocity, it is easy to show that this
relation can be written

2E2 qp g 5D h&q)q/k T

16(( m&d k(& (&
k»T (e"'&' 's —1)

d . (A12)

Introducing the Debye temperature 9 we then have

W ~ k ~@
~ (e/T)

16 m(d kpff c,
where g, (x) is the usual transport integral, i. e. ,

Here q(&= (6((~Ã) ~, and it is assumed that ng,
and hence A(q&(q) depend only on q the magnitude
of q. Further integration over e gives

2 2 qp

"'(")=
46 ' 'k'k4871 m(d 5 k

x[1 —f(Ez+ k~, v h&d)] dq . (A6)

Ate now average over all occupied states to obtain
expressions for the corresponding relaxation rates,
n.amely

(,&
e E

P(q&(k) 4 y z f q'A")(qlq(q ~ ~—
0

uzi) =
z' dz

(e' —1)(1—e ')
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Finally,

9m e EVNC
4 (2m)'~ k&)8M 8 (A13}

so that

1 T 1

r«0 ro' (A22)

using Eq. (A4).
At high temperatures the corresponding dc re-

laxation time r« is

Defining z=xO/T, Eq. (A20) then becomes

eE 1 2 T zdz
W= ——+4-

2m&v Tp 5 0 p
e' —1

(A23)

which when inserted into (A13}yields
which corresponds to an effective relaxation time
given by Eq. (1) of the main text, viz. ,

e~E3 1
W=

2m(d T«
(A15} 1 1 2 T zdz

5 0 p
e' —1

(A24)

ne 1
HF=mcoZ Tdc

(A 16)

Case II (S&d» ks8, k&) T}. These conditions conform
to the case of interest in the present experiments.
Here we have

This corresponds to the usual formula for the high-
frequency conductivity (&dT» 1), namely, At high temperatures (8/T«1) this equation re-

duces to

eE 10 eE 1

2rnco Tp T 2m' T«
(A25}

which is the classi. cal result. For low temperatures
(8/T» 1), (A24) reduces to

G(('')(q) -=3ff&d/2f,

G&,'&(q)= (3h«)/2f)e "" "» «G&'&(q),
(A17) eE 2 1

2m'' 5 7p
' (A26)

which gives the result

1/r") «1/T(s) (A18)

W=
e~E~gC~

32(( m&d fk+1Mc) 5'+ 2q dq
hc~q/Ag Z'

e E 9gSÃC 1 2x dx
8&apr 5' '"'-i)

It is convenient to introduce a relaxation time Tp

such that

1 9m h CN
6 (2m)' f Mko8

(A21)

The power expended by the field is now given by

1 eE ~ 'o
(('=k~ Z, (.& z z Z q'A'(q) dq,

(~) '(-') 32& ~& &&o (.) o

(A 19)
which can be written

which is a constant indePendent of the dc resistivity.
The detailed variation of the absorptivity with tem-
perature is shown in Fig. 1.

The above equations are only applicable in the
absence of interband transitions and for &or«» 1.
If the latter condition is not satisfied, then the ab-
sorptivity involves an additional factor &d 7 /
(1+ &d r ) This fact.or leads to the usual Drude
formula for the absorptivity in the classical limit.
It is responsible for the observed wavelength de-
pendence of the infrared absorptivity of the noble
metals at room temperature. However, in the
present experiments the range of wavelengths pres-
ent in the incident ra,diation satisfy the conditions
for the applicability of (A24) at all temperatures.
For example, in copper at 273 K taking T = 2. 7
0&10 ' sec, we obtain (dr= 15 and A. =3. 5 p, . The re-
sulting correction to Eq. (A24) is thus negligible
even in this worst case.

*Work supported by the NSF. Paper based on thesis sub-
mitted by one of us (J.A. M. ).

~Present Address: Code 6412, Naval Research Labora-
tory, Washington, D. C. 20375.

N. F. Mott and C. Zener, Proc. Camb. Philos. Soc.
30, 249 (1934).

H. Bethe and A. Sommerfeld, Handbueh de~ Physik, 2nd
ed. , edited by H. Geiger and Karl Scheel (Springer,
Berlin, 1933), 24-II, p. 333.
K. Weiss, Ann. Phys. (Paris) 2, 1 (1948).
K. G. Ramanathan, Proc. Phys. Soc. Lond. A 65, 532
(1952).

S. Roberts, Phys. Rev. 118, 1509 (1960).
A, B. Pippard, Proc. R. Soc. A 191, 399 (1947).
'T. Holstein, Westinghouse research reports, (1954) (un-

published) and 6 (1955) (unpublished); Phys. Rev. 96,
535 (1954).

R. N. Gurzhi, Zh. Eksp. Teor. Fiz. 33, 660 (1957)
[Sov. Phys. -JETP 6, 506 (1958)j.

M. A. Biondi, Phys. Rev. 102, 964 (1956).
M. A. Biondi and J. A. Rayne, Phys. Rev. 115, 1522
(1959).
M. A. Biondi and A. I. Guobadia, Phys. Rev, 166, 667
(1968).



R. B. Dingle, Physica (Utr. ) 19, 311 (1953); 19, 348
(1953); 19, 729 (1953); 17, 1187 (1953).

'~T. Holstein, Westinghouse Research report (1952) (un-
published).

'4R. Wolfe, Proc. Phys. Soc. Lond. A 68, 121 (1955).
M. Y, Azbel, and E. A. Kaner, Zh. Eksp. Teor. Fiz.
20, 876 (1955) tSov. Phys. -JETP 2, 749 (1956)1.
R. H. Doremus, J. App. Phys. 36, 2853 (1965).
A. P. Lenham and D, M. Treherne, J. Opt. Soc„Am.
56, 683, 10v6 (1e66I.

' H. E. Bennett, J. M. Bennett, E. J. Ashley, and R. J.
Motyka, Phys. Rev. 165, 755 (1968).
R. E. Doezema and J. F. Koch, Phys. Rev. B 5, 3866
O. ev2).
J. A. Rayne, Phys. Rev. Lett. 3, F508 (1959).
M. I. Kaganov and V. V. Slezov, Zh. Eksp. Teor.
Fiz. 32, 1496 (1957) fSov. Phys. -JETP 5, 1216 (1957)].
M. R. Halse, Philos. Trans. R. Soc. Lond. 265, 507
0.969).
S. B. Soffer, J. Appl. Phys. 38, 1710 (1967).
T. N. Rhodin, J. Am. Chem. Soc. 73, 3143 (1951).
J. M. Elson and R. H. Ritchie, Phys, Rev, B 4, 4129
(19V1).
G. K. White and S. B. Woods, Philos. Trans. R. Soc.
Lond. A 251, 273 (1958).

7M. H. Cohen. , Philos. Mag. 3, 762 (1958).
L. G. Schulz, Adv. Phys. 6, 102 (1957).

H. Ehrenreich and H. R. Philipp, Phys. Rev. 128,
1622 (1S62); B. R. Cooper, H. Ehrenreich, and H. R.
Phij. ipp, ibH, . 138, A494 (1965).
P. B. Johnson and R. W. Christy, Phys. Rev. B 6,
43vo (1ev2).
P. E. Lewis and P. M. Lee, Phys. Rev. 175, 795
(1968).
F. M. Kelly, Can. J. Phys. 32, 81 (1954).
J. M. Ziman, Adv. Phys. 10, 1 (1961).
J. S. Dugdale and L. D. Firth, Phys. Kondens. Mater.
9, 54 (1S69).
M. Springford, Adv. Phys. 20, 493 (1971).
D. Nowak, Phys. Rev. B 6, 3691 (1972).

YP. L. Taylor, Proc. R. Soc. A 275, 209 (1963).
R. Fletcher, A. J. Friedman, and M. J. Stott, J. Phys.
F 2, v29 (1ev2).
O. Hunderi, Phys. Rev. B 7, 3419 (1973).

OS. R. Nagel and S. R. Schnatterly, Phys. Rev. B 9,
1299 (1974),
T. J. Wieting an.d J. T. Schriempf, Bull. Am. Phys.
Soc. 20, 334 (1975),
G. Hass, in American Institute of Physics Handbook,
3rd ed. , edited by D. E. Gray (McGraw-Hill, New

York, 1972), pp. 6-157.
T. Holstein, Ann. Phys. (N. Y. ) 2S, 410 (1964).
A. H. Wilson, The Theory of Metals, 2nd ed. (Cam-
bridge University, Cambridge, 1954), p. 256.


