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Reflectivity spectra of Cd„Hg, „Te mixed crystals are measured at 8 K in the far-infared spectral region; 40-125
pm with special emphasis on the semimetal-semiconductor transition (x 0, 15). The dielectric function is

analyzed as a sum of contributions: Electron interband transitions with the transitions I 8~I, for x & 0.15
and I, ~I 6 for x g 0.15, calculated within the assumption of nonparabolic bands; phonon contribution given

by a two-mode behavior for ail x calculated with a phenomenological model taking into account long-range

interactions and plasmon contribution. The experimental results can be accounted in the frame of the

adiabatic approximation for all concentrations.

I. INTRODUCTION

In a recent investigation on the dielectric func-
tion in HgTe, the reflectivity spectra in the region
80-250 cm ' (40-125 y. m) were analyzed in terms
of eleetxonic interband transitions, phonon contribu-
tion, and plasmon-phonon coupled modes. Plasmon-
phonon dispersion was obtained as a function of the
free-carrier concentration. The adiabatic approxi-
mation in this zero-gap semiconductor was ques-
tioned and it was found that the experimental re-
sults pointed to a breakdown of this approximation.
Broermana has given an extensive bibliography on
dielectric-function anomalies in zero-gap com-
pounds.

CdTe as a conventional semiconductor has its
phonon and electron contributions to the dielectric
function well separ'ated aDd their coupling ls Dot

to be eonsidex'ed in the frequency range of interest.
It then becomes interesting to investigate the

behavior of the dielectric function in the whole
range of eoneentration of Cd„Hg, „Te mixed crystals
and cheek the applicability of the adiabatic approxi-
mation.

Cd„Hg& Te mixed crystals can be obtained in all
compositions between the semimetal Hg Te and the
semiconduetox' CdTe. Hg Te has a negative band

gap I"6 —I'8 at low temperature: E~=-0.3 eV.
This energy difference increases linearly with
concentration x. It has a zero value fox xo = 9. 15
for which the two bands I'8 and I"8 cross. For
larger values of x the gap is positive (E„,—E„,)
and lncx'eases with x.

For concentrations close to F0=0. 15 phonon ex-
citation energies are of the order of the semimetal
electronic interband transitions I'8- I's and of the
semiconductor electronic interband transitions
I"8- 1"6. It is the spectral range of these transi-
tiens which is particularly explored in this paper.

Early infrared-ref lectivity measurements at
lows and high '~ temperatuxes have shown a two-
mode behavior of the optical phonons. Haman-

scattering measurements at 1.7 K, infrared trans-
mission, 7 and cyclotron resonances in a Voigt con-
figuration coDflrm the two-mode behavior, but in
none of these investigations is a dispersion mode
given for the optical constants. For HgTe such a
model has been developed' by Grynberg, I,e
Toullec, and Balkanski who showed that, at low
temperature, the electronic-interband-transitions
contribution to the dielectric function is very
strong and anomalous in the phonon frequency range.

In this paper we examine the dielectric function
for all concentrations between x= 0 (HgTe) and
x= 1 (CdTe) in terms of (i) Electronic interband
txansitions from the heavy-hole band to the conduc-
tion band: I" -I' on the HgTe side, and I' -I'
on the CdTe side. This contribution is calculated
in the framework of Kane's procedure to take into
account the bands nonparabolicity. (ii) Phonon con-
tribution in terms of two-Inode behavior. A phenom-
enologieal model taking into account long-distance
interactions is used to calculate the phonon spectrum.
(iii) Plasmon contribution.

Hence the dielectric function ean be taken as a
sum of terms

e( ) ~inter + enhnnon+ eintra ~

Since the experimental curves are fully accounted
for by the sum of these contributions, the adiabatic
appx'oximation is therefore applicable in the whole
range of concentration. %e then show that our
model for the dielectric function is applicable as
well in the semimetallic range x& 0. 15 as in the
semleonductor ra ge x O. 15.

II. THEORETKAL MODEL

The adiabatic appx'oximation is applicable when
the motion of ions and electrons is decoupled, that
is, as a rule for wide-gap semiconductors, for
instance CdTe. For small-gap or zero-gap semi-
conductors, the enexgy of lntexband electx onle
transitions is about the same order of magnitude
as t e energy of lattice vlbratlons and the applicabil-
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einter + ~inter(+) + e (2)

In the Cd„Hg, „Te series, all these contributions
are functions of x. In our model, we will there-
fore write

f(x, (d) = 6 (X) + 6e;nter(X, (d)

y b, e,.„t„,(x, (d) + he, n(x, (d} . (3)

A. Interband contribution DEinter(& ~)

An explicit expression for n, e„„,(x, (d} can be
obtained in the random-phase approximation (RPA).
The imaginary part of b, e,„„,can then be written
in the form

2

(I'&1&k+q cle "'Ik ti) I'
p 7t Q'

x(f, f„)t(5(E,(k+q) —E„(—k) —h(d); (4)

f„and f, are Fermi distribution functions for va-
lence and conduction bands:

f„=(1+e & 's ) ' f, =(1+e""~i'~'ar)

ity of the adiabatic approximation has been ques-
tioned. Blinowski has studied theoretically the
electron-phonon interaction for small moments.
His results show that the effect of this interaction
upon the imaginary part of the dielectric function
e((d) will be a slight broadening of the optical-
phonon maximum. This contribution will be neg-
ligible compared to other damping processes such
as anharmonicity and the difference with the
adiabatic case will not be accessible to experiment.
Calculations of Cd„Hg, „Te have therefore been
done in this approximation.

The total polarization induced by the macroscopic
field E is then a sum of the ionic and electronic
contributions and the total dielectric function of
the system in the low-frequency region will be

&((d) = &inter + ~& (etre+ ~&en

E,„„,corresponds to interband electronic transi-
tions, &e„„,corresponds to intraband transitions,
4E» is the polar-optical-phonon contribution.

In the far infrared, photon energies are much
smaller than that of the optical gaps Ep of classical
semiconductors. For CdTe, h&To = 0. 017 eV and

Ep E p = 1.6 eV. The interband transitions con-
tribution is therefore nearly constant at these
energies. For semimetals and small-gap semi-
conductors, the optical gap may have an energy of
the same order as that of optical phonons. The
interband contribution will therefore be a function
of energy in the far infrared. This interband con-
tribution Ae„„,((d) will be separated from the con-
tribution from other high-energy interband pro-
cesses which contribute a constant term to the
dielectric function in the low-energy regime':

E, and E„are conduction and valence band energies
in Kane's" notation, that is

E,(k) =n(q+E ),
Ee(k) = 0,

85kg=E +— E
mp

These relations hold for all x and T with+

Eo = —300+ 0. 5T+ (1910—T)x meV,

Ep = 18 300 + 2700X me V .
The matrix element in (4) can be calculated

using wave functions given by Zawadzki and
Szymanska'3:

(6)

(6)

(7)

8 is the angle between k and q.
The matrix element (9) describes I', —I', transi-

tions in the semimetallic case (Ed- 0) and I'8- I'6
transitions in the semiconductor case (Ed & 0).
Integration of these equations gives

1/2 @~—E 1/2
&f',.'...( (=e(tn, „' (f f)(».)-,

p (640

with

6t = mne /2h = 13.6 eV.
Equation (10) generalizes the parabolic-band

model in both semimetallic and seimiconductor
cases. &sf'„„(~)was calculated for a temperature
of 8 K, at which our data were measured, and for
degenerate samples.

The results of the calculations for &e f t„((d) are
shown in Fig. 1. In this figure, N=6&&10 cm~
except for pure CdTe where N=6&&10 ' cm~ in
order to have E~ —E~ &4k~T. The real part of the
interband contribution &e„, (~) is obtained by
Kramers-Kronig inversion. Kane's model holds
up to an energy E, of the order of E~+-3h. 6 being
the I', —I', splitting, that is about 1 eV above E~.

To ensure convergence, the function to be inte-
grated has been multiplied by a function of the
form (E, —8&d)/(E, —Ei) with E, =3Et so that the
result is independent of E, within the required
accuracy.

Figure 2 shows the result of the Kramers-Kronig
inversion procedure on the curves of Fig. 1.
Spectral regions corresponding to the energies of
phonons are shown by a thick line for clarity. In
this region n —k and 2nk usually vary in opposite di-
rection with frequency, and this deepens the reflect-
ivity minimum. Here, onthe contrary, the slopesof

and &e&'„with frequency have the same
sign. This qualitatively leads to an increase of
ref lectivity in the region of the minimum, as was
noted before. 1
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behavior or do so in a very incomplete fashion.
This is due for a large part to the values used for
the high-fxequency diel. ectric constant in Hg Te.

In this section, we present a model that accounts
for the observed phonon spectrum and enables us
to calculate the characteristic paxameters of
these phonons, including the contribution of
plasmons and interband transitions.

In this model two types of sites are randomly
distributed in the crystal: CdTe sites and Hg Te
sites with Nx of the first and N(l -x) of the second
per unit volume. In the equations of motion of
ions, restoring forces E& and effective charges e&

are linear functions of x. For the two types of
sites, we can write

P,(x) =P,(0) (1+8~),
Ei(x) =Pi(0) (1+8ix),

eo(x) = e, (0) (1+8~),
e, (x) = e, (O) (1+8,x);

0 and 1 subscripts refer, respectively, to Hg Te
and CdTe.

The equations of motion for ions and free elec-
trons will then be

~0

00"0= &0(x) "0 &01'0 ~o+ eo(x}Eio

jLgag = Fg(x) Qg —pgI gay+ ey(x)E)0~,

m~(E, ) r'= - m~(E„)I,r'-eE.
m*{Er) is the effective mass of electrons at the
Fermi level; p, o and p, , are the reduced masses
of Hg Te and CdTe; r is displacement of electrons;
uo and u& are the relative displacement in each
type of site; I'0, 1"„ I', are damping constants for
ions and electrons; and E and E„,are macroscopic
and local electxic fields.

Varga showed that the polarization which comes
into the relation between local and macroscopic
fields does not contain the free-carrier contribu-
tion. The reason is that the wave vector of elec-
trons is at most+~ of the Brillouin zone, which
means that the shortest response length fox elec-
trons is about 100 lattice parameters, whereas
the ionic field varies rapidly over one unit cell.
In the same way, interband transitions will not con-
tribute to the local field and E„,and E will be re-
lated by

the polarizability of elementary cells of each
type

Through the Lorentz-Lorenz transformation,
one obtains from Eq. (15)

P, =(1 -x) X(x)e,(x)a, +xQx)e, (x}u,

X(x) e„(0)-1 X(x) e„(1)-1 3
0 E„O+2 1 &„1 +2 4

(16)
A high-frequency dielectric constant e„(x) can

then be defined

(
N(x) e„(0)—1 N(x) e (1) —1 e„(x)—1
XO) e„(O)+2 X(1) e„(1)+2 e„(x)+2 '

With Eq. (17) and (14) one obtains

6~(x) +2 4v
(1 } ( ) ( }

ceo(x) +2

+—xX(x)e, (x)
"

u,
4v e„(x)+2

P„=(1-x) X(x) e,(x) " a,
e „(x)+2

e„(x)+2 e„(x)—1
+ xV x eg x) keg+

E&„can then be replaced by its value in the
equations of motion (13) in order to obtain expres-
sions for uo/E, u, /E, and r/E.

The dielectric response to the macroscopic
field is

D = cE =E+ 4mP~.

The total polarization P~ is

Pr =P„—Ner+E Se„.../4v.

(2o)

(21)

e(x, ~) = ~a„, (x, ~)+e„(x)+4vv(x)(1 -x) e,(x)

e„(x)+2 u~ . . .e„(x)+2 u~ r

t,'22)

In order to solve the equations of motion we
have to evaluate (u', (x) =P,(x)/po, (u', (x) =E,(x)/p„
eo(x) and e, (x) for x = 0 and x = 1 [Eqs. (11) and (12)].

Szigeti effective charges are given by
~

~

e; ~ c,(i) —e„(i} ~ ~ 3~.) ((dTo) ( 4v c p~ (.) e

Egoc=E+3 m'P„.

The lattice contribution P~ can be written

P„=(1 —x) X(x)e,(x) u, + xN(x) e, (x) u,

+[(1—x) X(x) a(0)+xQx) a(1)]E,.„.

{14) {23)
where p, &

is the reduced mass, e =4. 8&10 ' eV is
the electron chaxge, e is the light velocity, and
~» is the wave number of the transverse optical
mode in cm '. The value of ~,(i) is given by

Qx) = 4/a (x) is the number of ions per unit volume,
a(x) is the lattice constant, and a(0) and n(l) are

,(.) (, )
4vX(i), (.) e„{i)+2

Sp, )
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TABI.E I. Numerical values for Eq, (24).

HgTe
CdTe

4.2
3.5

118.5
140

a(10 8 CIII)

6.4616
6.4810

m(10 24 g)

129.5
99.27

12
8.5

Qur samples are Cdo. ~3Hgo. sv Te A 13% concen
tration of CdTe is one for which the interband
18- I'8 contribution to e(u) is still large since
E~ = 50 meV and the reststrahlen band of CdTe is
still observable. At liquid-helium temperature,
the free carrier concentxation from low-field Hall

Numerical values are given in Table I.
In this table, e„ is a parameter, and the values

which are given are selected for the best fit between
theory and experiment. We then have: eo(0)
=0. 54e and e,(l) =0.68e. With those values, we
find

ufo(0)=18253. 97 cm" =(135.1) cm

m~(1) =26133.23 cm ~= (161.5)2 cm ~.

To calculate 8, we need one more value which we
estimated from Haman data6 and infrared reflec-
tivity. ' We took &uo(l)=135 cm and &u~(0) =156.5
cm , and obtained

80 = —0. 002, 81 = 0.067 .
The values for I'0 and I'1 are adjusted on the

pure-compound values and I', is calculated from
mobility measure ments:

I"
0

= 4. 5 cm 1, 1"& = 5. 8 cm 1, I. , = 2 cm 1.

The dielectric function being completely deter-
mined, ref lectivity curves can now be calculated
and compared with experiment.

III. EXPERIMENTAL RESULTS

effect is (2+ 0.4) & 1015 cm~. Ref lectivity versus
wave number at 8 K is shown on Fig. 3. Hest-
strahlen bands corresponding to modified Hg Te
and CdTe modes exhibit relative intensities rough-
ly proportional to the concentration of each con-
stituent.

In Fig. 4 the two parts of the dielectric function
are plotted for 8 K since at this temperature
plasmon modes are too low in energy (co = 40 cm )

to allow Kramers-Kronig analysis from our re-
sults, which do not cover this range. Maxima of
e" = 2' correspond to dissipative (transverse)
modes. The larger peak comes from Hg Te modes

th (d1= ~19.5 cm 1 and the smaller from CdTe
at (d2= 153.5 cm 'j those frequencies being/ of
course, different from those of pure constituent
compounds.

Maxima of Im( —e ') give the frequencies of
longitudinal modes at 131.5 cm ~ (Hg Te) and 155
cm (CdTe). In these two curves, the interband
contribution 6e„„,was taken into account (Fig. 5)

IV. DISCUSSION

The experimental results near the semimetal-
semiconductor transition concentration and the
analysis of the interband contribution allow us to
explain the infrared spectrum of Cd„Hg1 „Tefor any x
and particularly near the band crossing point. Qur
working hypothesis was that the adiabatic approxima-
tion is sufficient to account for the behavior of
lattice modes in this series for all x. Confronta-
tion of our simple model with experiment entirely
confirms this assumption.

Examination of Figs. 3 and 6 clearly shows the
importance of the frequency dependence of the
interband contribution. It has been previously
shown in' Hg Te that omitting this variation led to

I I l I I i l i I I l

80

FIG. 3. Experimental
ref lectivity (dots) versus
wave number for x =0.13
compared with theory (sol-
id line). The parameters
used for the calculation
are those of Table I and

int„~(d) 1s taken Ulto ac
count.

I I I I

40 60
I l I I I I 1 I I 1 l

80 100 120 140 160
co(cm-')
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140

120
SS9S m5

100

80

40

Im (-1/~ }~1000

155

FIG. 4. Im(~) (dashed
line) corresponding to
transverse modes and Im
( —e '){solid line) to longi-
tudinal modes versus wave
number for x = 0.13 at 8 K.

20

/

m3.5

80 100 110 120 130
I

150
I

~{cm ~}

impossibilities in analyzing experimental results.
In the present case where the variation of 4e'„„,
and 4&&'„„is large in the reststrahlen regions,
using a real constant value for e„+~&„„will not
permit a fit of the ref lectivity curve in this ex-
periment. This is especially obvious in the region
of the ref lectivity minimum, the fit of which would
be completely outside experimental uncertainty
without introduction on the actual interband con-
tribution.

Regarding the model used here for lattice vibra-

tions in mixed crystals, one should note that long-
wavelength optical modes in AB~ „C„mixtures
have been analyzed along several phenomenological
approaches. The random-element-isodisplace-
ment model is most currently used. Here it is
modified to take into account long-distance inter-
actions. In this mode, cations and anions of the
same kind oscillate with the same phase and am-
plitude. In a quasi unit cell containing one A ion,
1 —x B ions, and x C ions, force constants between
first neighbors F»(x) and F~~(x) vary with con-

14
I

13

12

I [ l I I 1 I I 1 I I I I I 1 I I I I

9 „ FIG. 5. Real and imagi-
nary parts of the contribution
of I 8

—&'8 transitions to the
dielectric function versus
wave number for x = 0.13
and T =8 K: Ae&~&,~ dashed
line, &&&~t solid line.

I I

20
i I I

40 60 80 100 120 140 160 180 QJ(cm }
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} } I I } I I } } } } I } I I I

80

60

20

T=8K 0.13 0.87
FIG. 6. Experimental re-

flectivity (dots) compared
with a theory when using
real and constant value
for Dz& t . All other pa-
rameters are identical to
those of Fig. 3. This
curve is intended to show
that it is not possible to
fit the experimental be-
havior with theory without
taking into account the
real shape of the interband
contribution (cf. Fig. 3).

40 60 80 100 120 140 )60 180
M Qm

centration and can be determined from transverse-
mode frequencies ~~ in pure crystals. The sec-
ond-neighbor force constant Eec(x) is adjusted on
the values of impurity (local or gap) modes sr&.

All those force constants are computed from the
two limiting cases (x = 0 and x = 1). With this
model for Cd„sg& „Te, one obtains

E0(0)/p0 = (u02(0) = (135.1)' cm ',
F, (1)/p, =(u2, (1)= (161.5)' cm ',
+1( ) + +Cdsd( ) 2(cdrp ) (155 5)2 2

fPl Cd

+0( ) + CdHR(» 2(H rp, ) (] 25)2, -2

mag

Then

cdH2 ~2(Hgrpe) ~2(0) + 0 0
PIE Hg

'm Te mTe

ccmd ~2(( d Te) ~2(1) ~
E F

?R Cd ?ÃTQ PPlT

Thus one would get for second-neighbor forces

Ecdag —1.6EO —O. 9E~ .

In this model, second-neighbor forces between
ions of the same sign of the same order of magni-
tude or longer than forces between first neighbors

with opposite signs. For this reason we did not
use it, being unrealistic.

V. CONCLUSION

In this work, we studied the optical properties
of Cd„Hg& „Te mixed crystals in the vicinity of the
semimetal-semiconductor transition (x = 0. 13) at
5 K in the far infrared (40 —125 I2m). Our results
show that using the adiabatic approximation still
allows a correct description of lattice modes in
those compounds.

The interband contribution to the dielectric func-
tion which corresponds to transitions from the
heavy-hole band to the conduction band (I', - 1", on
the Hg Te side; I",—r, on the Cd Te side) has
been computed in the frame of Kane's procedure,
taking into account nonparabolicity.

Our model for the phonon contribution for al1. x
accounts for the two-mode behavior of those com-
pounds, in contrast with previous calculations.
All our conclusions apply both to the semimetallic
and to the semiconductor case.
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