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A mixed semiconductor crystal with graded composition (i.e., a heterojunction) is characterized by a
position-dependent effective mass, which leads to an additional force acting on free carriers. Taking this
force into account, as well as the carrier-concentration gradient, the Boltzmann equation is solved in
the presence of two oscillating electric fields of arbitrary frequencies, and a general expression for the
second-order conductivity tensor is obtained. This tensor is linear in the effective-mass gradient and in
the carrier-concentration gradient, and independent of carrier statistics. Limiting cases wr > 1 and
w7 € 1 are discussed in detail. For w7 > 1, the expected second-harmonic generation associated with the
mass gradient is at least comparable with that observed in homogeneous semiconductors. For o7 <1,
nonlinear effects are much stronger than in a homogeneous material in this frequency range.
Measurement of the nonlinear current offers a method of directly determining the effective-mass

gradient.

I. INTRODUCTION

In recent years much theoretical and experimen-
tal work has been devoted to the investigation of the
properties of mixed semiconductor crystals with a
graded, slowly varying composition. Many mixed
semiconducting alloys can be prepared with compo-
sition varying over a wide range. Typical exam-.
ples are alloys whose two components have similar
crystal structure and lattice constants, e.g.,
Cd,Hg;.,Te. The properties of such alloys are usu-
ally described in terms of composition-dependent
band structure. For mixed crystals with slowly
varying composition, band parameters (energy gap,
effective mass, etc.) are treated as position de-
pendent.

There are several specific physical effects which
can be observed in graded mixed semiconductors.
In particular, two groups of effects seem to be of
special interest: effects due to position dependence
of the energy gap, and those produced by the ef-
fective-mass gradient,

Variation of the energy gap with position yields a
difference between fields acting on electrons and
holes (so-called “quasielectric” fields)* and seri-
ously modifies effects such as, for example, the
photovoltaic effect?™® and the photoelectromagnetic
effect.*”™® Energy-gap variation leads also to an
anti-Stokes effect, i.e., to the electric field de-
pendence of luminescent spectra in electron-hole
recombination, 8101

Less attention has been paid so far to the effects
produced by the effective-mass gradient, although
this gradient may be large in narrow-gap graded
mixed crystals because of the strong dependence of
the effective mass on composition. Influence of the
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effective-mass gradient on the photovoltaic effect
in Cd,Hg;.,Te was already recognized, 5 and this
gradient was taken into account also in the calcula-
tion of the photocarrier distribution in graded mixed
semiconductors, 12

The classical Hamiltonian for a free particle with
position-dependent mass m*(T) is

H=0%/2m*(¥)+€(¥) + U(T, 1), (1)

where P is the particle momentum canonically con-
jugated with T, and () + U(%, #) is the potential en-
ergy in external fields. For free carriers in
graded mixed crystals expression (1) was written
by Verié.®® Here U(F, ¢) is interpreted as the po-
tential energy induced by a macroscopic external
electric field and «(r) as the position-dependent
band edge in the absence of an external field (i.e.,
potential energy in the “quasielectric” and macro-
scopic internal fields for carriers under consider-
ation). Expression (1) turns out to be the classical
counterpart of the quantum-mechanical effective-
mass Hamiltonian derived in the “virtual-crystal”
approximation under the following assumptions!*~1é;
The composition (and hence both band edge and ef-
fective mass) varies very slowly over the lattice
constant; the energy-band extrema are parabolic
and nondegenerate; and their locations in the Bril-
louin zone are independent of composition. If,
moreover, the band extrema are spherical and the
crystal symmetry is high (e.g., cubic), *® we ob-
tain expression (1) as the classical limit of the ef-
fective-mass Hamiltonian.

From the classical Hamiltonian (1) we obtain
equations of motion

5= [3/2m ()] V,m* () - v,€() -V, UG, 1), (2)
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T=p/m () ®)
which can also be written in the form
@)= = ELE - 9,0 ()] - § X [FX G ()]
-v,e(r) -V, U, t) . @)

Thus, the relation of velocity and momentum is
similar to that for a particle with constant mass.
However, an additional force appears in the equa-
tion of motion (2). This force is proportional to
V,m*(r) and is independent of momentum direction.
Two additional terms appear also in the expression
for acceleration, Eq. (4). The first one is paral-
lel (or antiparallel) to the velocity, and the second
is perpendicular.

An important feature of the equations of motion
(2) and (3) [or Eq. (4)] is that they are nonlinear
even for a homogeneous field - V,[¢(r)+ U, #)], in
spite of parabolicity of the band. Hence for par-
ticles obeying these laws of motion, a nonlinear
response to external electric fields may be ex-
pected. For an individual particle, this response
depends on the initial velocity of the particle.
Therefore the Drude approach is inapplicable to
calculation of the nonlinear response of a system
of particles.

Grinberg and Kastalskii have already suggested
the possibility of nonlinear optical effects produced
by an effective-mass gradient, and have estimated
the nonlinear polarizability of the free-electron
gas. n However, they used the Drude approach and
incorrectly omitted the first term in the equation
of motion (2) (see Note added in proof),

The purpose of the present paper is to solve the
Boltzmann equation for free carriers obeying Eqgs.
(2) and (3) in the presence of two oscillating non-
uniform electric fields of arbitrary polarizations
and frequencies, and to calculate the second-order
conductivity tensor for this system. In graded
mixed semiconductors the effective-mass gradient
is usually accompanied by a band-edge gradient and
a carrier-concentration gradient (determined by
the previous two). We therefore also take into ac-
count the band-edge gradient (as well as the carri-
er-concentration gradient) in the calculation. The
case of several equivalent band extrema is also
included.

In Sec. II we solve the Boltzmann equation up to
terms of second order in the electric fields and
linear in the effective-mass gradient, band-edge
gradient, and nonuniformity of electric fields. In
Sec, III the second-order conductivity tensor is
calculated and discussed. The general results of
that section are then applied to the specific cases
of low and high frequencies of external electric
fields in Sec. IV. As will be shown in Sec. V, the
expected ‘second-harmonic generation and combin-
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ing of frequencies are at least comparable with
those observed in homogeneous semiconductors at
high frequencies, and significantly stronger at low
frequencies.

II. BOLTZMANN EQUATION

In this section we consider a single band extre-
mum, Obviously, if there are several equivalent
band extrema, the distribution function, carrier
density, current, etc. are the same for all of them.

Suppose two oscillating electric fields of arbi-
trary polarization and of angular frequency w,; and
wy, respectively, are acting on the carriers, i.e.,

—V, U, t)= qRe[E,(F) e *“1t + E,(F)e 92!] . (5)

Here g is the carrier charge, and E,(F) and E,(F)
are complex vectors, It is assumed that electric
fields of the space charges induced by the external
oscillating fields are already included in Eq. (5).

We assume that the charge density of ionized im-
purities (defects) is constant in time. This holds,
for example, if w; and w, are much higher than the
generation and recombination rates, or if all im-
purities (defects) are ionized. With this assump-
tion, the sources of field (5) are only the changes
in local carrier density.

In the collisionless case the motion of carriers
is described by the classical Hamiltonian (1), and
Liouville’s theorem holds. Therefore, the left-
hand side of our Boltzmann equation is

] > >
-a_Zf'{'p 'Vﬁf"'r'vrf, (6)

where f(p, T, ¢) is the distribution function, and
and T are given by Eqgs. (2), (3), and (5).

The collision term in the Boltzmann equation
will have the simplest form if we assume the ex-
istence of a relaxation time 7 independent of posi-
tion and energy (i.e., also of electric fields).
However, one should take into account that the car-
rier density at a given point may oscillate. Then
the relaxation process changes the distribution
function towards the equilibrium distribution cor-
responding to the carrier density at a given point
and time (see, e.g., Ref. 18), Thus, the right-
hand side of the Boltzmann equation is

~[£ (B, F, 0) = fol D%/ 2m*(F) + €@) -n(F, 1) V7,
Q)
where f; is the Fermi-Dirac distribution function
and 7(T, t) is defined by

n(r, t)= ff(ﬁ, T, 1)d%

- [ £ /2m* @)+ <) -0, )% . (©)

Here n(T, t) denotes the carrier density at a given
point and time. By definition, n(?, t) is the differ-
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ence between the actual quasi-Fermi level and the
Fermi level in the absence of external electric
fields, For m*, €, E;, and E, varying not too rap-
idly in space, it is justified to neglect all terms of
the second and higher orders in first derivatives
of m*, € E; and E,;, as well as terms involving
the second or higher derivatives of m*, €, E;, or
Ea. Also, we will neglect all terms of the third
and higher orders in El, Ez, and their derivatives.

LI vm*(T)=0, v,€(f)=0, and the fields E1 and
Ez are uniform, then 7(T, t) 0 even in the pres-
ence of E1 and E,. Therefore n(%, ¢) is of at least
first order in V,m*, V€, or first derivatives of
E; or E;, and we can expand

Fo(P2/2m* () +€(¥) =n(F, ) = fo - fin(E, ) . (9)

In the right-hand side of Eq. (9) and everywhere in
the following, the argument of f,, f{, fg’, etc. is
(p%/2m*(T) + €(T)), and the single and double primes
denote first and second derivatives with respect to
the argument.

We have

[ fod®p=nof®) (10)
J rsaso=-5 [ 12w G/i1nats

e I (11)

where 7y(t) and (§ 1) (also depending on T) denote
the carrier concentration and the average recip-
rocal kinetic energy, respectively, in the absence
of external electric fields. Integrating Eq. (9) and
making use of Egs. (8), (10), and (11), we obtain

n=28"YYn =ng)/ng . (12)

Of course, n —nq is of at least f1rst order in V,m*,
v.€, or first derivatives of El or E2

From Egs. (9) and (12), the collision term (7)
has the form

—[f'“f0+2<g_1>-1f6(7l""o)/no]/”'- (13)

We shall calculate n - »n, using the equation of
continuity

] - -
_g(n_n0)=qlvr"]-y (14)

where 3(;, t) is the free-carrier current density.
As was already mentioned, we perform all calcula-
tions keeping only terms independent of and linear
in V,m*, V,€, or first derivatives of El or Ez.
Thus, we neglect the contribution to V, . J from the
part of J_lmear in V,m*, V,e, or first derlvatlves
of E; or E;. The part of J 1nd.ependent of V, m*,

V,€ and of first derivatives of E1 or Ez does not in-
volve terms of the second order in E, and/or Ez
because of inversion symmetry. Therefore the

only contribution to Vv, . Jis given by terms of J
independent of V,m*, V. € and of first derivatives
of E; and E,, and linear in E; or E;. These terms
have the same form as for a homogeneous semi-
conductor in a uniform field but with the local val-
ues of m*, ny, El, and Ez

o Nwy, D EL(F) e1t + 01w, T) E,(F) e izt | (15)
where
oM@, T) = ¢*ng(F) 7, /m* (¥) (18)
7,=7/(1 —iwT) . 17)

In Egs. (15)-(17) and everywhere in the follow-
ing we use complex quantities; of course, only
their real parts have physical meaning.

As was already mentioned, the sources of field
(5) are only the changes in local carrier density:

k(wy)V, - El e 1 4 k(wp)V, - Ege 2t =4nq(n —ny) .
(18)

Here k(w)is the lattice dielectric constant at the fre-

quency w, assumed to be position-independent.

Inserting Eq. (15) into Eq. (14), using (18), and
solving for n —n, we obtain

_ _ qnoTa V,m* _ Vrno
AR g

{[©@2, - o) 7 iy T E et

+[(@2, - wp) 72 —iw T Epem2tl | (19)
where €, is the plasma frequency
22 = angPny/k(w)m* . (20)

Writing Eq. (18) [or, rather, writing Eq. (5)],
we have assumed implicitly that there is no time-
independent part N(T) of # —#, (and no time-inde-
pendent part of V, U). In fact, N(r) vanishes, as
can be seen from the following argument. N(r)
should be linear in V,m*, V., or first derivatives
of E; or E,. ‘Terms _of the second order in and in-
dependent of El and Ez and linear in V,m* or V,€
vanish because of inversion symmetry, The same
is true for terms of the first order in E,; or E; and
linear in first derivatives of ii):l or EZ. If we shift
the origin of the time scale, E;, E, and their de-
rivatives are multiplied by phase factors. This
will change the values of the remaining terms. On
the other hand, N(r) is independent of time and,
consequently, of the choice of its origin, There-
fore, N(r) vanishes.

One can observe from Eq. (19) that in the partic-
ular case of E,, Ez perpendicular to V,m*, V,u,
the quantity # —#y=0 and the collision term is of the
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usual form - (f = f3)/7. It can also be seen that V0= 3 ng(V,m* /m*) —5n 8 1) V,€ . (21)
n —ng is independent of carrier statistics and de-
pends only on carrier concentration, From Egs. (2), (3), (5), (6), (13), (19), and (21)
Expressions (10) and (11) yield we finally obtain the Boltzmann equation in the form
|

) - - .
ﬁf +[(P%/2m*?) V,m* =V, + gRe (Ey "1 + E, e7892%)]. V, f+ (D/m*) . V,f

= —{f —f0+( )fo (V € (g1 "f‘n—> {l(2, - W) 7% —jw 7V E, emert +[(@2, - §) T2 —iw,T]™ E, e"“’at}] 1

(22)
The distribution function f can be expanded in powers of El, Ea, and of first and higher derivatives of El,
Ez, m*, and €, The coefficients of this expansion are functions of w* and €. We insert f in that form into
Eq. (22) and then neglect all terms of the second and higher orders in first derivatives of m*, e, El, and
Ez, and terms involving the second or higher derivatives of m¥*, €, El, or Eg. We neglect also all terms of
the third and higher orders in E;, E, and their derivatives, Comparing coefficients, we obtain a set of re-
current equations, Solving them, we find

F(B, T, 8)=fo+ ¢1(w1)E1 ettt 4 ‘Pl(wz)ﬁa e et 4 fpz(wn - w1)ﬁ1ﬁr + 902(032, - wz)ﬁzﬁg + 902(0)1, w1)ﬁ1§1 et
+ ¢ (wy, wz)ﬁzﬁz ezt + 20%(w,, wz)ﬁjz e 12 4 20wy, — wz)i3.1§;e-“w1-w2” s (23)
where cpl and gaz are tensors of first and second rank, respectively, defined by

= - (22 78 [F -5+ @ - 9,00 (n s 7100 e -ior ) - (B T222)

m*
-.2 - . . - .
(B r@t - oty i)« B 9 T -Telp v, E - 9] (o1)

\
- = Tyt a0 ? = o 2 2 a0 = (2 Vum*
gt o BB = Lt il § BN e - rm @ DE” )

- v.m
- (Til - Twu)m* 1(E #) (E” p)+[T ¢+ 'thl F Tytaper (Tw‘ + Twll)}

- - - K - -
st @& BN (5. L) Z 2 kB O D)) - r2eem*E - V,(E - D)]
m* !

(72 T e (Tus + Tu)I* LB (B VIE] (T80 4 Trager (Tgr + 7o) Im* B [(D - V,)E']]
2

+%¢n'_;§ﬂf6’ [(Tw’ t T )E DB D) {72 + Ty (Tugr +Tppes )+ 7T, [( Q20 = 0®) 72 —j00’7]}

X\(E V) E D) +{T200 + Ty ragre (Tr + Ture) + T e[ (@200 —0"#) 72 =" '7]™)

‘2 .
><(E p)(E . V,€) - ([ T2t Tyra  (Tyr + 7o u)]2 T+ TTo J@2 — 0?72 —iw'7] 8 1>

(B, L) @ p) —\[72.. +7, (T + Ted)] 5= P + 1T [ Q20 =P T2 0" 7]
. e P w!? w’ 4wt \ Tyt Wt Y e w?t = W Tw

- o[~ * - V.m*
X(g'l)'1> & . p)(E"- V;ﬂ’il >+[Til+Tin+27'wo+wu(1'w'+7'wu)]m* l(p. A )

m*
X (E' . 5)(%’, . ﬁ) - [Tf)' + Twl.)wll (Tw; + Twu)] m*'l[ﬁ ° VT(E, ° E)] (E” . 5)

=780 o+ T agr (Togr + Typoe ) m* 1E . DI V,(E" . ﬁ)]] . (25)
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III. CONDUCTIVITY

Because of relation (3), the current density is given by

i@, t)=%f§f(§, %, 0d% .

Integrating Eqs. (23)-(25), expressing V,€ by V,n, [see Eq. (21)], and using Eq. (18) and (19) to eliminate

V,* E; and V,* E, we obtain

- > - . - . - - - - - o
I(x, 1)=0Yw)E e 1 + 0 Y (wp)Ey e 7928 + 0 %(wy, — w)ELEY + 02wy, — w)EES +0%(wy, w)E4E, e 21t

-—- . - - . -
+0%(ws, wp)EaEpe 2 + 203 (wy, wo)E By e 91792 1 20 (w,, — w,)E,Ej e H@1%2 ! (28)

where o!is given by Eq. (16), and the third rank tensor 02, which determines the nonlinear contribution to

the current, is defined by

2
2 1 tnparir [ 3 T oo (T + Tyer g 5
o2(w’, w'"E'E -(q pps:

‘ w72 (1 . iTgre )
liTyee[(Q20 — )15 =i "'T] O T vt e (Tyr + Tygre)

<[ (T T,
m g

- V.om*
x[ ’. <—~'——_
E m* Ny

Obviously,
cz(wr’ w")ﬁ'ﬁ": O’Z(w", w')ﬁ"ﬁ’ ,

0'2((.0,, w")ﬁ'ﬁ"= 02*( - wl’ _ w")f)’ﬁ" .

Integrating Eqs. (23)—(25) one can calculate »
and check Eq. (19) and continuity equation (14).
One can also observe that the second-order terms
in current are produced by both V,m* and V,ng,
and also by nonuniformity of electric fields.

An important feature of the second-order con-
ductivity tensor o2 given by Eq. (27) is that it is
independent of carrier statistics and depends only
on carrier density, The sign of o2 depends on the
sign of the carrier charge. -

It appears that the case of -ﬁl, E, perpendicular
to

*
Vf m _ Vrnu
m* Mg

is of particular interest., As was already men-
tioned, carrier density is then time independent.
The electric fields may therefore be uniform. In
that case only the third term in Eq. (27) does not
vanish, and second-order components of the current

%
v,m

Ving)| g, @ L B

w'r? 1+ L )
iTo [ (@2, —wB) T2 =i T] \ 7 0 Tr sore (Tus + Tyrs)

CL Y R )

r

density are parallel to the effective-mass gradient
and do not depend on the carrier-density gradient.

For several equivalent band extrema the distri-
bution function, carrier density and current density
are the same for each extremum, and are given by
Egs. (16), (19), (20), and (23)-(27). One has only
to remember that n, denotes the equilibrium car-
rier concentration in a single extremum, except for
Eq. (20) where ng is the total carrier concentration.
Summing up contributions from all extrema one ob-
tains the total carrier and current densities ex-
pressed by the same expressions (16), (19), (20),
(26), and (27), but with ny denoting everywhere the
total carrier concentration.

IV. LIMITING CASES

In this section we will present approximate ex-
pressions for the second-order conductivity tensor
in different ranges of frequencies w’and w”. There
are four limiting cases which are all discussed in
the following.

A jw'llw”<<1/r

Keeping only terms of the lowest order in | w’l 7
and | w”’| T we obtain from Eq. (27)

. - * -
c¥w’, wE'E" = (%?){-21-[(92,, B LR i [E "'(M— ~—Y—’£‘l\):lE'+é[(Qf,, —w'¥)r? ']

2m m*’ g
- v * - - - * - - - -
x[E'-(—;’;" ——L—Vn:’°>]E"+(E’-E”)—-'———VmT —(E"V,)E"—(E"'V,)E'}. (28)



3042 LEIBLER, MYCIELSKI, AND FURDYNA

11
If E' and E’’ are perpendicular to
v,m*  V,ng
m* g ’
the second-order conductivity tensor does not depend on frequencies w' and w”’.
B. lw'I<<K1/7<<jw"|
Here we keep only terms of the lowest order in | w'l 7 and in (I 'l 7)™, obtaining
2( 1 INTIRE I, 4’y 12,_271(02 may-a . w_qaa|mer, (Vem*  Vomg\ |z
o(w,w )E E'x= <W>{—w T [(an—w )T -1lW T] [E (;}’l* —T E
- * - -, = *
—iw"'T[(@, - )72 —iw'T]'l[E" (——L—-—V m Yt n°>]E"+(E'° BT
m Ny m*
-E'-V)E"-E"- v,)ﬁ’} . (29)

If E' and E'’ are perpendicular to

v, m* V,m

m* No ’

the second-order conductivity tensor depends only on the higher frequency w’’.

We thus have a type of
electro-optical effect.

C. ', lw"[>> 1wt w1 <<1/r

In this case we retain only terms of the lowest order in (lw'l 7)?, (I’ 7)™  and | w’+w'’I 7. This yields

3
2t InZrmer q°Tng L 122 2 TN N -1[ ’ (V,,m* V., ng ]-»,
cw, w )E'E""= -3 Q2,, — - ol _Tr70
(W, @) <~—z——,—n—2m* e I){ s AR (Q2 ., —w " B) TR =i 7] E - ) JE

1122 2 2\ _2 R ] =N V. m* v g ]—»,, =, =,V m*
-z w TR —w )T —dw'T O (B r
2 [( w ) 1w ] [E ( m* ”0 > ( E ) m*

~-EV)E-E"- v,)ﬁ'} . (30)

D. |w'llw"lw'+tw"|>>1/r

Keeping only terms of the lowest order in (I /I 7)™, (I 0”17, and (lw’+w’’| 7)., we obtain from Eq. (27)

. 3
2(,, 0 INBIE o tq My PRITN: m_2 2 ey 2 1 - The, v, m* __V no)]fr
0¥w’, w)E'E"" = (4m*zwiw”(w'+w")){ 0w +w)TE(Q2., -~ ") T2 —iw’ 7] [E (————-m* —’-—-no
al=, (V,.m* V. ng\|= =, =, V¥
o m._2 2 72y 2 . 1 -1 ’, 0 ’” -1
—w(0'+w)T2[(QE —w' ¥)Te —iw'T] [E (—————;1* -—-—1;0 )]E +E'-E )_;n*_
—EV)E @ v,)ﬁ'} . (31)

-

If Q,.7>1 (or Q,..7> 1), 02 has a resonancelike fields are not discussed at this point. We shall

behavior in cases B, C, and D for w’~ &, (or v’
~ an).

V. DISCUSSION OF RESULTS

We shall not consider here the detailed behavior
of the general expressions for the second-order
conductivity tensor, Eqgs. (26) and (27). In partic-
ular, combining of frequencies (heterodyning), and
effects originating specifically from the carrier
density gradient and from nonuniformity of electric

restrict further consideration to the case of a sin-
gle electric field (i.e., E;=0) perpendicular to

3
Vem* V,ng

m* ny

and we shall assume that this field is uniform. We
shall present some semiquantitative estimates for
both frequency regions w,<1/7 and w, > 1/7. For
simplicity the subscript 1 will be omitted in the fol-
lowing. This case appears to be the most interest-
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ing (and the most practical) from the experimental
point of view,

A w1/
From Eqs. (16), (26), and (28) we have
3 *
pag meg"-,., qBTnQ v,m
J(r,t)=<m*>Ee ? +<2m* ) ;n*
x (E.E*+E . E e7%ivt), (32)

For a linearly polarized electric field, Eis real,
and

2 3
> o (P \ = 4 Tngy \ =2
ReJ(r, t)= (—;ﬂ—;g—) E coswt +<Tm~;z°-> E

X

v *
;;Z (1+cos2wt) .

(33)

Thus, the uniform electric field of frequency w per-
pendicular to the effective-mass and carrier-den-
sity gradients produces a current density parallel
to the effective-mass gradient. This current den-
sity is proportional to cos?wt, i.e., it has a time-
independent component and a component oscillating
with the frequency 2w.

Instead of measuring the oscillating component of
current parallel to the effective-mass gradient one
can measure the electric field E ,,, cos2wf compen-
sating this current. From Eqgs. (16) and (33)

Ecomn/ﬁzzé quvr(WZ*-l) == (MZ/ZCI) vrm* ) (34)

where u(F)= gl 7/m*(¥) is the carrier mobility. If
u(?) is approximately constant between the points
T, and T,, the compensating potential difference be-
tween these points is

men(;z) - Ucomn(;l): (uz/le)[m* (;2) —-m* (;l)] E? .
(35)
It can be noted that Eq. (34) may be derived in a
less formal but simpler and more intuitive way
without explicitly solving the Boltzmann equation
up to terms linear in V,m* and V,€. From the so-
lution of the standard Boltzmann equation for free
carriers (in the case of V,»*=0 and V,£=0) one
finds that the oscillating part of average peis

m*2uE? cos2wt |

and this gives a contribution to the average D [see
Eq. (2)].

This contribution is to be canceled by the elec-
tric field Eoopp cos2wf. Thus from Eq. (2) one ob-
tains

(m*2uE? cos2wt/2m*®) V m* + qifcm,, cos2wt=0

and, consequently, Eq. (34).

Let us put | V,m*| ~4me/cm (mq is the free-elec-
tron mass) and u ~10° cm?/V sec, which corre-
spond roughly to n-type Hg, ,Cd,Te with x changing
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from 0 to 1 in a distance of abqyt‘one millimeter.
Equation (34) then gives E ny,/E?~ 10" cm/V. For
E~1V/cm, E q,~10 pV/cm. If the sample is

0.2 mm thick, we have | m*(F3) — m*(%;)| = 0. 08mq
and | Ugpmy (Fz) = Ueomp (T1)120.2 pV, It seems,
therefore, that the effect considered may be used
as a method of determining the effective-mass gra-
dient.

In this paper we have not distinguished between
the momentum- and energy-relaxation times. If
the energy-relaxation time is much longer than the
momentum-relaxation time (as it usually is), one
may expect strong nonlinear effects from the in-
crease of carrier temperature in the presence of
Vv,m* and V,ny. There is probably one more effect
contributing to E compy Namely, the thermoelectric
effect originating from an oscillating inhomoge-
neous temperature increase produced by the elec-
tric current. If the oscillation of lattice tempera-
ture is considered, it should decrease rapidly with
increasing frequency w. The carrier temperature
oscillations will decrease only for w higher than the
inverse energy-relaxation time. It should also be
noted that position dependence of the relaxation time
7, neglected in the present paper, may produce an
additional nonlinear current contributing to -F:wm,.

B. w>>1/r
From Egs. (16), (26), (30), and (31)

;2 3 *
> g\ i ™ v,m
J(r, t)=<rz*w>Ee ! +(8€n*21)3> m*

x [4wE . EX - (G/T)E - E %%,  (36)

We therefore have here a second-order electric
polarization P(T, ¢) oscillating with frequency 2w:

P(F, )=x(FEE ¢¥* (37)
where
3
- any \ = V. m*
X(r)EE= (16m*2w4) 2 ;n* . (38)

Let us put 7= 3x 10" cm™, m* = 0. 02y and
| v, m*| /m*~10* cm™, corresponding roughly to
n-type Hg;.,Cd, Te with x~ § at the point in question
but changing from 0 to 1 over a distance of about
20 pm. For the wavelength of the CO, laser (10.6
um), x is approximately 6x107® esu, i.e., of the
order of nonlinear susceptibilities observed in ho-
mogeneous materials, For lower frequencies, the
above effect will dominate other mechanisms of
second-harmonic generation.
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