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Temperature dependence of the magnetic excitations in iron~
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The neutron coherent inelastic-scattering technique has been used to study the temperature dependence
of the magnetic excitations in iron from room temperature to well above the ferromagnetic transition

temperature. Most of the measurements were taken on a large single crystal of "Fe (12-at.% Si),
although a less extensive set of data was obtained with a single crystal of pure iron. In contrast to the
behavior previously observed in the small-wave-vector region, we find that the spin waves at larger
values of q are only moderately renormalized up to T ~, and persist as excitations up to the highest

temperature measured (- 1,4T~). No further renormalization of the dispersion relation is observed

above T~, Measurements of the spin-wave linewidths show that as the temperature increases to T~ the
widths rapidly increase, but above Tc no additional broadening occurs. In the paramagnetic phase the
ratios of the energy widths divided by the excitation energies for E ~ 8 meV are found to be less than

one (hE/E g 1), which has been used as the criterion for the definition of a spin-wave excitation. As

the energy decreases below —8 meV, the scattering evolves continuously into the critical scattering

around the origin (q = 0, co = 0), whereas with increasing energy hE/E decreases. The dynamical
0

correlation range corresponds to a sphere with a diameter —10 A, and this correlation range is, within

experimental error, independent of the temperature. The over-all spin-wave intensities are reduced at elevated

temperatures, but the abrupt decrease in the spin-wave intensity at high energies, interpreted in terms

of the band model of magnetism as the intersection of the spin-wave spectrum with the Stoner
continuum of spin-flip excitations, is found to be independent of the temperature. The spin-wave

energies, as well as the linewidths, are isotropic in q over the entire temperature range covered, and no

interaction of the spin waves with the phonons is observed. These experimental results are in

disagreement with present theoretical estimates of the generalized susceptbility at elevated temperatures.

I. INTRODUCTION

The magnetic properties of the 3d ferromagnetic
metals have been under intensive investigation for
many years. In fact, they have probably been
studied by more researchers and with a wider va-
riety of techniques than any other magnetic mate-
rials. The experimental evidence has established
that the d electrons in these metals occupy rela-
tively narrow energy bands which are itinerant in
character, although the strong intraatomic electron
correlations present inevitably give rise to some
properties which are localized in nature. ' Thus at
low temperatures both the "single-particle" proper-
ties (such as Fermi surfaces, photoemission spec-
tra. , etc. ) as well as the collective excitations of
these ferromagnets are best described by calcula-
tions which are based on "tight-binding" band

structures in which the electron correlations are
handled as accurately as possible. However, the
nature of the band structure and the electron corre-
lations at elevated temperatures is not yet fully
understood. '

The quantity of fundamental importance in under-
standing these magnetic systems is the wave-vec-
tor- and frequency-dependent generalized magnetic
susceptibility y(q, v). This is because lt contains
a complete description of the magnetic excitation
spectrum of the system; so, with a knowledge of

)t(q, e), the (linear) response of the system to any

magnetic disturbance can be found. This dynamic
susceptibility is directly related to the coherent
magnetic inelastic scattering of neutrons, which is
in fact the only experimental technique available to
measure both the wave-vector and frequency de-
pendence of y(q, &u).

The scattering of thermal neutrons has already
been used extensively to study the magnetic proper-
ties of iron. In particular, the techniques of small-
angle scattering, diffuse scattering, and the "dif-
fraction method" have been employed to measure' ~

the long-wave-length spin dynamics. From these
experiments it was inferred that at low tempera-
tures the spin waves are isotropic in q, with the
dispersion relation being given approximately by
E=B lql . Above the ferromagnetic transition tem-
perature, considerable information was obtained
about the nature of the diffusive modes which re-
vealed the presence of strong short-range spin cor-
relations. Unfortunately, however, the interpreta-
tion of these types of experiments, in which the di-
rections but not the energies of the scattered neu-
trons are measured, depends on a number of as-

sumptions�.

~ith the advent of high-flux reactors, g(q, (u)

could be determined directly. Collins et al. ' and

Boronkay and Collins have used the triple-axis
technique to measure the critical scattering in de-
tail. They found that in the small-wave-vector low-

energy region the spin dynamics are weQ described
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by dynamic scaling theory. The spin-wave stiff-
ness parameter D(T) was found to follow a power
law of the reduced temperature, mith the spin
waves becoming overcritically damped just below
T~. However, no centi. al dlffus1ve mode was ob-
served below T~ in Fe, in contrast to some anti-
ferromagnets, and there was evidence that a highly
damped propagating mode existed in the "transi-
tion" region. Furthermore, the spin-wave damp-
ing at the highest wave vector measured (0.26 A ')
was found to be anomalous, and this anomaly mas

tentatively attributed to a conduction-electron
screening effect.

In addition to these temperature-dependent mea-
surements, the spin-wave part of y. (q, e) has been
measured at room temperature in detail. How-

ever, the spin-wave dispersion relations in the 3d
metals are very steep; so at larger wave vectors
the energies become rather high for neutron-scat-
tering techniques to measure. Collins et al. mea-
sured a portion of the dispersion relation and found

that it was isotropic in q up to the highest spin-
wave energies they could measure (-70 meV).
This energy corresponds to a q vector mhich is
about 40% of the way to the zone boundary. Ap-
proximating the dispersion relation in this m'ave-

vector region by

they obtained values of D = 281 me& A and P = O. 96
A'. They concluded that for the Heisenberg model
to fit the dispersion relation the exchange interac-
tion would have to be of very long range. Mook
and Nicklow'o mere able to extend the room-tem-
perature measurements to higher spin-wave ener-
gies on an ~4Fe (4 at. % Si) sample. The spin-wave
intensities measured as a function of energy were
found to decrease slowly with increasing energy up
to -85 me& and then drop rapidly by more than an
order of magnitude, becoming unobservable. This
rapid decrease in intensity occurred at different
energies in different symmetry directions and mas
interpreted in terms of the band model of ferro-
magnetism as the 1ntersectlon of the spin-wave
spectrum with the Stoner continuum of single-parti-
cle spin-flip excitations.

With increasing temperature it was expected the-
oretically that the splitting between the spin-up and
spin-down electron energy bands would vary in a
manner proportional to the magnetization, and
hence the region of high density of Stoner states
would decrease in energy. In order to check this
conjecture, a study was undertaken of the tempera-
ture dependence of the spin-wave spectrum in nick-
el, in which a similar fall off of the spin-wave in-
tens1ty at h1gh energ1es had been observed. " It
mas found' that not only did well-defined spin-
wave excitations exist above the ferromagnetic

transition temperature, but also the energy at
which the spin-wave modes disappeared was tem-
perature independent. In fact, except for very
small wave vectors, the whole spin-wave spectrum
changed remarkably little between 4. 2 and 715 'K,
which is 86'K above T~.

In viem of these results it was clear that a com-
prehensive investigation of the temperature depen-
dence of the spin correlations in the ferromagnetic
3d elements would be interesting. The present
article reports the first general determination of
X(q, v) as a function of temperature for iron, with
particular attention being given to the scattering
outside the critical region. It should be noted that
preliminary accounts of the data have been briefly
reported previously.

II. THEORY

The spin-only'4 magnetic cross section for un-
polarized neutrons can be written in terms of the
generalized susceptibility of the electrons as"

where k and k' are the magnitudes of the incident
and scattered neutron wave vectors, 8K=8k —hk'
is the momentum the crystal receives from the
neutron, K, is the component of the unit scattering
vector (K/ I K I) along the direction of magnetiza-
tion, Se is the energy gained by the crystal, y is
the gyromagnetic ratio of the neutron, I, and e
are the mass and charge of an electron, f'= [e""+
+I] ', Im( ) means take the imaginary part, and
q=K- v, where q is the reduced wave vector and 7.

is the reciprocal lattice vector necessary to bring
q into the first Brillouin zone. Note that y(|l, a&) is
periodic in v, since the aperiodic functions of 7,
the magnetic form factor E(K) and the Debye-Wai-
ler factor e 2~'"', have been factored out of y(K, &u).
This factorization is a good approximation for itin-
erant systems, such as iron, mhere the d bands
are narrow.

There are two types of contributions to the in-
elastic scattering. The X"part of the scattering
does not involve the flip of the neutron spin, and at
low temperatures it is very small compared to the
spin-flip cross section (because the magnet is
saturated). However, it should be kept in mind
that as the temperature is raised the g

' part of the
scattering becomes larger, and for an isotropic
ferrornagnet above the transition temperature the
xx, yy, and zz correlations are all equal, since
there is no preferred direction remaining in the
crystal. The y" correlations give rise to the spin-
flip scattering, which includes the inelastic scat-
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tering of neutrons by spin waves and Stoner modes.
In order to compare theory with experiment a

calculation of the susceptibility is needed. The
simplest model which contains the essential fea-
tures of the scattering from an itinerant electron
system is based on the random-phase-approxima-
tion (RPA) to the Hubbard~6 Hamiltonian. For a
single band in the RPA the imaginary part of the
(spin-flip) susceptibility is given by

1m[X '(q, ~)1

=1m[X,-'(q, ~)l/(0-IRe[XO'(q, ~)]]'
+(flm[XO'(q, ~)])'),

where I is the Coulomb repulsion between electrons
of opposite spin at the same site. Here y, o'(q, &u)

is the so-called "noninteracting " susceptibility,
which is related to the single-particle excitation
spectrum via

-+( )
(k"Ps) Q fK+4 -f fi

N f, e(k+ q) —e(k)+b. —Au&+iq'

(4)
where b, is the (rigid) splitting between the spin-up
and spin-down energy bands s(k), and the limit as
7i-0' is implied. The imaginary part of Xo'(q, e)
is proportional to the density of (spin-flip) Stoner
excitations, whose energies are given by

h~»„„=e(k+q) —e(k)+6 for any k. (5)

For q =0, @(d =6 for every k, and the Stoner states
are restricted to this single energy. As q becomes
nonzero, there is an increasingly larger range of
band energies that satisfy Eq. (5), and the excita-
tion energies fan out from A. The Stoner modes
are rather diffuse in energy and hence difficult to
observe by neutron-scattering techniques.

Outside the region of Stoner states, 1m[go'(q, w)]
=0; so Im[y '(q, ~)]=0 unless 1=IRe[y,'(q, u&)].

This condition is satisfied only for specific values
of (q, e) and corresponds to the spin-wave modes.
But if the spin-wave spectrum enters the region of
Stoner excitations, then 1m[go'(q, &u)] is no longer
zero. Equation (3) therefore no longer has a true
singularity, and an intrinsic width is induced in the
spin wave. The larger Im[XO'(q, &u)] is, the larger
the induced width, and if Im[XO'(q, e)] becomes
large enough, the spin waves will become com-
pletely damped out. This has been interpreted as
the cause of the disappearance of the spin waves in
Fe and Ni at high energies. ' '

At low temperatures the band splitting is givenby

~ = f((n,) —(n, )), (5)

where (n,) —(n, ) is the magnetization per atom.
Thus in the simplest form of a temperature-depen-
dent theory b, is assumed proportional to the mag-
netization. As the temperature is raised, we would

therefore expect the Stoner excitations to lower in
energy as b decreases, and as the temperature is
raised through T~ the Stoner modes would extend to
~ = 0. In addition, the spin waves, at least in the
small-wave-vector region, will decrease in energy
with a renormalization that is independent of q and

proportional to the magnetization.
Quantitative calculations of y(q, v) for multiband

systems are generally much more difficult to do,
and the excitation spectrum can be more compli-
cated. In general, however, all isotropic ferro-
magnets have a spin-wave mode at small q with a
dispersion relation' ' given by ke =Dl q l2. At ele-
vated temperatures the theoretical problems be-
come even more complicated. Generally, as the
temperature is increased, one expects that the
spin-wave energies should decrease and the line-
widths increase. The Stoner excitations are also
expected to lower in energy as the electron-spin
correlations are reduced at higher temperatures.
At long wavelengths, of course, the spin waves will
become overcritically damped as the long-range
order vanishes. The general behavior of y(q, e) as
a function of temperature, however, is unknown.

III. EXPERIMENTAL PROCEDURES

The measurements were taken on the HB-3 tri-
ple-axis neutron spectrometer installed at the high-
flux isotope reactor. ' The triple-axis technique
has been discussed at length in the literature' ' o' ';
so no detailed explanation will be given here. How-

ever, there are several considerations that are
particularly pertinent to these experiments which
should be mentioned. "

Since the spin-wave excitations in iron extend to
high energies (compared to kT), all the measure-
ments have been taken with the incident neutron en-
ergy greater than the scattered neutron energy; so
the neutrons create exeitations in the sample. This
is necessary because the thermal occupation factor
for the high-energy spin waves is very small. A

second consideration arises because the spin-wave
dispersion relations in the 3d metals are very
steep. This necessitates measuring the higher-
energy spin waves by fixing the energies of the in-
cident and scattered neutrons and varying K, which
is called a "constant-E" scan. This type of scan
will cut directly across the dispersion surface,
giving a sharp peak in the scan. The more familiar
"constant-K" scan would almost parallel the spin-
wave dispersion surface. The resolution "ellip-
soid" mould then "drag" along the dispersion sur-
face over a large energy range, giving a very broad
distribution of scattered intensity.

Finally, in order to maximize the scattered in-
tensity the magnetic form factor E(K) needs to be
kept as large as possible, mhich means keeping K
small. This has important practical consequences
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when measuring the high-energy spin waves. In
order to satisfy the momentum and energy conser-
vRtlon condltlons fox neutron scRttexlDg and Rlso
keep K small, high scattered-neutron energies
must be employed. Thus very high incident-neutron
energies must be used. Scattered- and incident-
neutlon enex'gles Rs lRrge Rs 112 Rnd 232 meV m'ere
used. At these incident energies the flux of neu-
txons from the reactor is greatly xeduced, so that
the required counting times for measurement of
these spin wRves Rx'6 very long.

A. Equipment details

The monochromator and analyzer were beryllium
crystals with R mosRlc spl eRd of 0. 25 . To mlnl-
mize the effects of multiple Bragg reflections in the
monochromator at high incident energies, the (101)
planes were oriented for reflection, whereas the
(002) planes of the analyzer were generally em-
ployed. For the higher-energy spin waves, two-
thirds degree (full width at half-maximum) Soller
slits were used before and after the sample. For
higher-resolution measurements, &

' slits were
used,

The samples mere each mounted in a, high-tem-
perature vacuum furnace. Three calibrated ther-
mocouples [one chromel-alumel and two Pt-Pt (10%
Rh)] were spot-welded to the sample to determine
the temperature. The calibration of these thermo-
couples was checked by increasing the resolution
of the spectrometer and measuring the critical
rnagnetlc scRttex'lng Rs the teInpel Rtul6 pRssed
through the ferromagnetic transition temperature
T~. The temperature gradients across the samples
mere found to be less than 2'K, with a temperature
stability of better than 0, 5 'K over a 48-h period.
The temperature control of the samples was found
to be more than adequate.

8, Samples

Pure iron undergoes a. bcc to fcc transformation
at -1180 K, which makes the growth of large sin-
gle cxystals very difficult. However, with the addi-
tion of ~4 at. % silicon the high-temperature fcc
phase is eliminated. A large single crystal can
then be easily grown from the melt. The majority
of the iron measurements were taken on a single
crystal of "Fe (12 at. % Si) weighing 180 gm. The
crystal was approximately cylindrical in shape with
the [110]crystRllogl'Rphic Bxls tilted 25' fl'0111 the
cylinder axis. The nuclear scattexing amplitudes
of "Fe and Si are equal (b = 0. 42&& 10 '2 cm); so use
of the iron isotope eliminates incoherent scattering
as mell as reducing all the coherent nuclear scatter-
ing cross sections by a factor of - 5. 2 (br. = 0. 96).
Vhthout the large isotopically enriched crystal, ac-
curate measurements of the high-energy spin waves
would have been difficult if not impossible, pax'ticu-

larly at elevated temperatux es.
Even though the silicon in Fe(Si) alloys appears

to be magnetically inactive, the dilution of iron
with 12% Si considerably alters the magnetic prop-
erties. The spin-wave stiffness parameter D de-
creases from 280 to 230 meVA, and the transition
temperature decreases from 1042 to 970'K. Thus,
in order to ascertain if the magnetic behavior of the
alloy is really indicative of ix on, additional mea-
surements were carried out on a single crystal of
pure iron (with the natural distribution of isotopes).
This sample was a cylinder weighing 23 g, with ap-
proximately the same orientation as the alloy crys-
tal. At room tempexature, the signal to noise ratio
was more than seven times better for the alloy
(mainly because of sample size), and this ratio in-
creased as the temperature increased. Qf course,
no measurements for pure ixon could be carried
out above 1180 K.

IV. DATA COLLECTION AND ANALYSIS

The rnRjorlty of fhe IneRsux'ements m'ere tRken
around the 110- and 002-type reciprocal-lattice
points. These reciprocal-lattice points correspond
to the two smallest vectors in the reciprocal lat-
tice, Rnd hence F(K) is most favorable here. It is
not px'actical to measure the excitations around the
000 reciprocal lattice point because the momentum
and energy conservation relations cannot be satis-
fied for reasonable incident and scattered neutron
ene rgl6s.

Each scan was fitted by a least-squares proce-
dure to R slllll of GRusslRn dlstrlbutions (oils fol'
each peak) plus background. This should be a valid
procedure if the dispersion surfaces do not deviate
appreciably fxom planar dispersion surfaces over
the extent of the (Gaussian) resolution ellipsoid,
and in fact excellent fits to the data were achieved
with this method. The position, integrated inten-
sity, and width of ea.ch peak may then be extracted
from the data. It mas found that this was a reliable
and particularly convenient method for cases when
two (or more) peaks were overlapping each other,
which occurred in some of the low-energy scans
because of the presence of both magnons and pho-
nons. The positions, intensities, and widths were
also obtained by hand and checked mith the computer
results for consistency. The xesults agxeed mithin
experimental error. In addition, rather extensive
resolution calculations mere pexformed to deter-
mine the extent of the influence of the finite resolu-
tion of the spectrometer on the results.

A. Spin-wave Iinewidths

Since the scans pex'formed were constant-E scans
(varying K), the measured widths are in units of K
rather than energy. But if the intrinsic energy
widths are not too large (n, E/E«1) or if the disper-
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sion surface is approximately planar over the re-
gion of interest, then the energy widths can be ob-
tained directly by

bE=~ V;e~hq, ( f)

where I V;u t is the slope of the dispersion surface.
Above T~, however, the intrinsic energy widths are
not small. Nevertheless, Eg. (7) will still give
rough estimates of the energy widths because the
dispersion surface (at least at the higher energies)
does not have a great deal of curvature. More re-
liable linewidths can be obtained by numerically
folding the scattering cross section with the resolu-
tion function and fitting the calculations to the mea-
surements. Rather extensive numerical calcula-
tions of this type have been made. The effects of
the resolution and the specific assumptions used to
extract the intrinsic widths of the excitations will
be discussed when the linewidth data are presented.

B. Spin-wave intensities

Brockhouse et an't.
~ showed how the interpretation

of the integrated intensities of a series of scans
along a dispersion surface can be greatly simplified
if the scattered neutron energy is not changed dur-
ing the series of measurements and if the flux of
neutrons incident upon the sample is monitored by
a low-efficiency "f/v" detector. ' Mook and Nick-
low'o have discussed in detail the interpretation of
spin-wave intensities for iron taken with this ex-
perimental arrangement and using the constant-E
mode of operation. If within the region where the
resolution ellipsoid intersects the dispersion sur-
face, this surface does not deviate appreciably from
a plane and the variation of the scattering cross
section along the dispersion surface can be ignored,
then the observed integrated intensity E(E) is given
to a good approximation by

co(K„E) (1+f -) IE(K,) I'q, (E)e-""o'
I v;(u I

where Ko is the value of K at the peak position, and

y.,(E) is the spin-wave intensity. c is a complicated
function of the spectrometer parameters, but does
not vary from scan to scan. Mook and Nicklow
found that for the types of triple-axis scans used
in these measurements, Eq. (8) in fact gives a
good description of the operation of the spectrome-
ter. Precise measurements of the magnetic form
factor 4 have been made, and the Debye-%aller
factor, slope, and thermal factor are known, so
the spin-wave intensities }t,(E) can be readily ex-
tracted from the data.

The various terms in Eci. (8) occur for the fol-
lowing xeasons. If we measure an integrated in-
tensity f(E) in a constant-E scan, then to obtain a
quantity which is proportional to the "scattering
strength" of a spin-wave state we need to take into

account both the density of spin-wave states which
contribute to the scattering (- 1/ IV;e I for a con-
stant-E scan) and the thermal occupation of these
states. The magnetic form factor E(K) and the
Debye-&aller factor e ~' ~ will vary along the dis-
persion surface from scan to scan, although their
variation is small unless the scans are done axound
different reciprocal-lattice points. The effects of
all the other experimental factors which may vary
from scan to scan (e.g. , ref lectivity of the mono-
chromator and analyzer crystals, counting efficien-
cies of the detectors, etc. ) cancel each other be-
cause of the manner in which the spectrometer is
operated.

There are two points that should be clarified con-
cerning the spin-wave intensities y, (E}extracted
from the data. First, if the density of magnetic
states per unit range of K is a constant, and all of
these states lie on the spin-wave dispersion sur-
face, then the density of spin-wave states per unit
range of energy is proportional to 1/ IV;+I, as for
the Heisenberg model. In this case X,(E) would be
constant as a function of energy. The spin-wave
intensities presented are thus compared to this,
and variations in the scattering intensity may be
interpreted either in terms of a variation in the
spin-wave "scattering strength" }t,(E), or in terms
of the density of states contributing to the scatter-
ing. Second, when the intensity begins to decrease
rapidly at high energies, then the assumption that
the scattering cross section does not vary within
the resolution of the instrument is not valid, and
only an "average" scattering is measured. At high
spin-wave energies the energy resolution is quite
coarse, and this accounts for most if not all of the
smooth drop off observed. The scattering cross
section itself actually drops off more rapidly than
the observed spin-wave intensities indicate.

As a function of temperature there are several
additional quantities in the cross section which can
vary. The magnetic moment p, (analogous to 8 in
the localized model and not (8')) and the form fac-
tor E(K) may be temperature dependent. However,
measurements show~' ~ that they have (at most}
only a weak dependence on temperature, and any
temperature dependence has been retained in the
spin-wave intensities presented. The Debye-
%aller factor e ' ' does vary with temperatuxe,
and this effect will be discussed when the data ax'e

presented.

V. EXPERIMENTAL RESULTS

Since the dispersion relations were expected to
be isotropic in q, the measurements were concen-
trated in the [110]direction. However, enough data
were obtained in the other symmetry directions to
establish that the spin-wave dispersion relations,
as well as the spin-wave linewidths, are isotxopic
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FIG. 1. Fe (12 at. % Si) room-temperature spin. -wave

dispersion relations at low energies in the principal sym-
metry directions. The dispersion relation is seen to be
isotropic in q. The zone boundary in the [100] direction
corresponds to 2.20 A '.

loys of 7% and 15% Si. Our room-temperature
measurements at higher energies are shown in
Flg. 2.

The spin-wave intensities in the [110]direction
were measured as a function of energy around both
the 110- and 002-type reciprocal-lattice points and

with several different scattered neutron energies.
The spin-wave intensity slowly decreases with in-
creasing energy until - 100 meV, and then begins
to decrease more rapidly (Fig. 3). This rapid de-
crease in intensity is interpreted as being due to
damping of the spin waves by the Stoner excitations.
Although exhaustive measurements like those of
Mook and Nicklow were not carried out, it is
clear that the intensity decrease occurs at a higher
energy than in Fe (4 at. % Si). With consideration
of the resolution used for these measurements (the
energy resolution at a spin-wave energy of 120
meV is indicated in the figure by the horizontal
bar) we can estimate an intersection point of -115
meV, which is considerably higher than the - 95
meV they observed. Note (Fig. 2) that the spin-
wave modes exist only over about half of the Bril-
louin zone (the zone boundary in the [110]direction
is at 1.55 A ~).

120

in q over the entire temperature range covered.
The Stoner excitations, on the other hand, are not
isotropic in q. Because of the long counting times
required to measure the high-energy spin waves,
the temperature dependence of the spin-wave
Stoner-mode intersection was determined only for
the [110]direction in Fe(Si).

A. Room temperature
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Since no triple-axis data have been reported for
Fe (12 at. % Si), the room-temperature spin-wave
dispersion relations were examined thoroughly.
Figure 1 shows the low-energy portion of the dis-
persion relations for the principal symmetry direc-
tions. Measurements were taken in all three sym-
metry directions and around at least two different
reciprocal-lattice points at all the energies shown.
Within experimental error, the dispersion rela-
tions are seen to be isotropic in q. If Eq. (1) is
fitted to these data, then values of D = 230 +7
meVA and P= 0. 82+ 0.20 A are obtained. The
errors quoted are the least-squares statistical er-
rors. The solid curve in the figure corresponds to
Eq. (1), whereas the dashed curve is just the qua-
dratic term. These results are in reasonable
agreement with the "diffraction-method" results of
Antonini et al. ,

6 although their results are for al-
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FIG. 2. Fe{Si) spin-wave spectra at a series of tem-
peratures. The spinwaves lower in energy with increasing
temperature up to Tz, but outside the small-wave-vector
region the dispersion relation does not renormalize to
zero as T .Tz, and above Tz the spin waves persist as
excitations. No further renormalization is observed
above Vc.
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FIG. 3. Spin-wave intensity vs energy at room tem-
perature and 1.28 T~ for the [110]direction of Fe(Si).
The rapid decrease at high energies, interpreted as the
intersection of the spin-wave spectrum with the Stoner
continuum, changes little, if any, with temperature. The
horizontal bar at 120 meV indicates the energy resolution
of the spectrometer employed at that energy.

It should be pointed out that for elevated tem-
peratures and for the multiband case the region of
Stoner states may not be as sharply defined as it is
in the case of the single-band model discussed in
Sec. II. The intrinsic width of the spin-wave mode
is thought to be proportional to the density of Stoner
states, and therefore a gradua, l rise in the density
of Stoner states with increasing energy could ex-
plain the slow decrease in the observed spin-wave
intensity (up to - 100 me V). However, it is not yet
known theoretically how large the Stoner density of
states needs to be in order to induce an appreciable
intrinsic width into the spin waves, or to make them
disappear altogether.

B. Temperature dependent results

The magnetic scattering from the Fe(Si) crystal
was measured from room temperature through the
ferromagnetic transition temperature and up to 1.4
Tc (1360 'K). Although the furnace could go higher
in temperature, the vapor pressure of the sample
would have become high enough that a significant
portion of the sample would have been lost over a
period of days, and this was undesirable because
the ' Fe isotope is very expensive. The scattering
was identified as magnetic in origin both by con-
tinuously following the evolution of the scattering
from low temperatures, and from the dependence
of the scattering intensity on the magnetic form
factor F(K). Spin waves with the same q were
measured around different reciprocal lattice points
and with a variety of experimental arrangements to
detect any spurious scattering effects.

Figure 2 shows the temperature dependence of
the spin-wave spectra for Fe(Si) in the [110]direc-
tion. As the temperature is increased, the spin
waves lower in energy. Outside the immediate
vicinity of the origin, however, the spin waves
persist as excitations up to and above Tc, with no
further renormalization of the dispersion relation
occurring for T & Tc. This behavior is in contrast
to the behavior observed in the small-wave-vector
region, ' where the spin waves become overcriti-
cally damped just below Tc.

If the expression E=Dq is fitted to the data,
then D is found to decrease from 230 meVA at
room temperature to - 140 meVA above T~. About
a. 15% decrease in D can be expected'6 in going
from T = 0 K to room temperature, so that the
overall renormalization is - 50%. However, the
fit to the data above T~ is not particularly good,
and including p in the fit [Eq. (1)] results in a.

small value of D and a large negative value of P.
An adequate fit to the dispersion relation could not
be achieved without including several higher-order
terms, and the curve in the figure for T & T~ is
just a fit to a higher-order polynomial expansion
in the wave vector q. The theoretical form of the
dispersion relation is not known, although it was
expected that the lang-wavelength spin waves should
become overcritically damped just below T~, and
that D(T) should follow a, power law of the reduced
temperature [which means that D(T)-0 as T- Tc].
This behavior has been confirmed experimentally
for both iron ' and nickel.

The spin-wave energies for pure iron were found
to be - 15% higher in energy (for a given value of q)
than in the Fe(Si), and well defined spin waves were
observed above T~. Only a limited region of ener-
gy was explored, though, and of course no mea-
surements could be taken above the solid-state
transformation. The highest temperature for which
measurements were taken on pure iron was 1150 K,
which corresponds to T/Tc=1. 1 (To=1042'K).

Figure 3 shows the spin-wave intensity as a func-
tion of energy at room temperature (T/To=0. 30)
and at 1.28 Tc for the [110]direction of Fe(Si). It
is clear that the location of the abrupt spin-wave
intensity decrease at high energy changes little, if
any, with temperature. This is an interesting re-
sult since the simplest theory would predict a sub-
stantial decrease in energy of the Stoner modes as
the band splitting collapses with T- T~. It also
appears that the slow decrease in intensity with in-
creasing energy at room temperature is absent at
high temperatures.

A few high-energy spin-wave measurements are
shown in Fig. 4 for room temperature and 1240'K.
It can be seen that the spin waves are broadened in

q and reduced in intensity at 1.28 T~, but they are
still easily observable. The solid and dashed
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plicated by the fact that the intensity is partly mag-
netic in origin, owing to magnetovibrational scat-
tering. The phonon intensities mere found to fall off
fairly rapidly up to the transition temperature, but at
Tc the rate of decreas~ abruptly changed. Above
T~, the phonon intensities decreased more slowly,
in accordance with calculations of the temperature
dependence of the Debye-Wailer factor, while the
magnon intensities decreased about four times
more rapidly. This difference is most likely due
to a, decrease in y, (E), although it should be pointed
out that it could partly be due to a difference in the
thermal vibrational amplitudes of the electrons and
nuclei.

In addition to the spin-wave positions and intensi-
ties, the intrinsic linemidths may also be extracted
from the data when these widths are comparable to
or larger than the resolution of the spectrometer.
Figure 6 shows the observed full width at half-
maximum of the spin waves at 8. 27 and 29. 0 me&
as a function of temperature. Note that since the
scans were taken mith the energy transfer held con-
stant and by varying q, the widths are in q rather
than energy. The resolution of the spectrometer
has not been removed from these midths, and the
widths at room temperature may be taken as a

FIG. 4. Comparison of spin. waves with energies of (a)
70. 3 meV, (b) 95. 1 meV, and (c) 103.4 meV, at room
temperature and 1240 'K for Q = (1+g, 1+g, 0). The spin
waves at high temperatures are reduced in intensity and
broadened, but are still easily observable.

Fe (si) floI = 29 meV

curves are the result of a least-squares fit to a
Gaussian distribution plus sloping background.
The sloping background in these high-energy scans
is a consequence of scattering from the furnace and
from air scattering, which is dependent on the
scattering angle for the small angles used in these
measurements.

The overall spin-wave intensities are reduced at
higher temperatures, and Fig. 5 shows the tem-
perature dependence of the spin-wave intensity for
a fixed energy transfer of 29. 0 meV. This tem-
perature dependence is typical of all the spin-wave
intensities, although the intensities at low energies
decrease somemhat more rapidly than those at
higher energies. One contribution to this decrease
is the temperature dependence of the Debye-Wailer
factor. To check the magnitude of this effect, the
intensities of a fem phonon groups mere also mea-
sured. Below T~ the interpretation of the temper-
ature dependence of the phonon intensities is com-

Tc

I

200 400 600 800 I 000 t 200 l 400
T( K)

FIG. 5. Temperature dependence of the spin-wave in-
tensity for E =29 meV. The intensity decreases about four
times faster than can be accounted for in terms of the
Debye-Wal. l.er fact,or.
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FIG. 6. Temperature dependence of the observed full
width at half-maximum (in q) for spin waves at 8.27 and

29. 0 meV. The observed widths at room temperatur e are
indicative of the resolution of the spectrometer. Solid
curves are just a guide to the eye.

corresponding peak in a. constant-Q scan (i.e. , as
a, function of energy). 13« the width measured in 0
can be related to the width in energy if the scatter-
ing is known over a sufficiently large region of
(q, ~). For this purpose we can define a dispersion
relation by the measured peak in the scattering. If
this relation is approximately linear over an energy
range the size of the energy width, then the energy
widths can be obtained directly by multiplying the q
width by the slope of the dispersion curve [Eq. (7)].
Above T~, however, the energy widths are large;
so care must be taken in order to extract more ac-
curate intrinsic widths from the data. Numexical
convolutions of the resolution function of the spec-

measure of the resolution. Detailed resolution
calculations showed that the intrinsic widths at
room temperature are small. As the temperature
is raised to T~, the spin waves broaden consider-
ably, but above T~ no further broadening occurs.
The solid curves in all the figures of width vs tem-
perature are just guides to the eye. Unfortunately,
theoretical results for the line shapes at large wave
vectors and elevated temperatures are not avail-
able.

The widths were found to be isotropic in q, and

the majority of the measurements were therefore
taken in the [110]direction. Figure 7 shows sev-
eral scans just below and above T~ for 8. 27 meV.
Two peaks are observed in each scan, the sharp
peak being due to the longitudinal phonon and the
broad peak being due to the spin wave. Although
the presence of the phonon in the midst of the mag-
netic scattering is undesirable, it does afford a
ready comparison of the magnetic and nuclear scat-
tering, and it also gives an indication of the resolu-
tion of the spectrometer (the temperature broaden-
ing of the phonons is small, but measurable). Since
the phonons are narrow, they may be easily sepa-
rated from the magnetic scattering. The solid
curves shown were obtained by a least-squares fit-
ting procedure using two Gaussian distributions
(dashed curves) plus background. If a transverse
scan is made (q& Q), the longitudinal phonon can
of course be eliminated from the scan, but then the
transverse phonon appears (at a different position
in tg I). A variety of different scans was per-
formed, and it was found that consistent results
could be obtained by use of the fitting procedures,
with a quality of fit within the statistical errors of
the data. One interesting point that was observed
in the low-energy data is that the positions, widths,
and intensities of the phonons seem to be unaffected
by the piesence of the magnons. At the higher en-
ergies, of course, there are no phonons in the
scans.

It should be pointed out that a peak in a constant-
E scan does not necessarily imply that there is a
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peaks are LA phonons, and the broad peaks are the spin
waves. Note that there does not appear to be any interac-
tion of the spin waves with the phonons. The curves are
least-squares fits of Gaussian distributions pl, us back-
ground to the data.
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The neutron-scattering results at low tempera-
tures are best described by calculations of the gen-
eralized susceptibility based on band structures in
which the electron correlations are treated as ac-
curately as possible. The most extensive calcula-
tions to date are those of Cooke et al. ,

39 who in-
clude a momentum-dependent spin spbtting of the
electronic energy bands as well as multiband ef-
fects. These calculations yield an isotropic spin-
wave dispersion relation which is in quantitative
agreement with the measured dispel sion curve aIld

ergies and wave vectors, and we have used the
criterion of b,EjE = 1 to define the "boundary" be-
tween these two regions. We have chosen to call
these peaks in y(q, &e) at higher energies "spin
waves" since the scattering closely resembles the
scattering below T~, and because of its continuous
evolution in temperature with no apparent indica-
tion of T~ itself. Of course, these "spin waves"
above T~ are quite broad in energy, as shown ex-
plicitly in the constant-Q scan28 of Fig. 10. This
plot has been obtained directly from a series of
constant-E scans which contained the same points
Q, and shows an unmistakable "spin-wave" peak
above T~.

Finally, since the Fe(Si) alloy crystal has a con-
siderable amount of silicon in it, the question
arises whether the linewidths are seriously affected
by the silicon. Figure 11 shows a comparison of
the intrinsic linewidths for the alloy and for pure
iron at an energy of 29.0 meV. The 4q is defined
in terms of the standard deviation of a Gaussian
distribution. Clearly, the same behavior is found
for both samples, the measured linewidths being
slightly smaller for the pure iron. However, the
slope of the dispersion curve in pure iron is slight-
ly larger; so the energy widths (and hence AE/E)
are essentially identical.

VI. DISCUSSION 0,25
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FIG. 11. Comparison of the spin-wave linewidths as
a function of temperature for Fe (12 at. % Si) and pure
iron. T&~ is the Curie temperature of the alloy, T&2 is
the Curie temperature of pure iron, and T&„„indicates
the bcc-to-fee phase transformation. of pure iron.

correctly show that the spin-wave scattering inten-
sity abruptly dies out at - 100 me&. This overall
agreement gives us confidence that the description
of the low-temperature excitation spectrum ob-
tained from calculations of X(q, ur) based on band
structure is generally correct.

Temperature-dependent calculations of y(q, &u)

are much more difficult to do. The only tempera-
ture-dependent calculations available are those for
nickel by I,owde and Windsor, ' who use the RPA
"enhanced-susceptibility" expression for y(q, &u)

and employ a rigid (k-independent) spin splitting of
the electI'onlc energy bands which is propoI'tlonal
to the magnetization. Their calculations do cor-
rectly show that away from the immediate vicinity
of the cxitical region the susceptibility evolves
smoothly through T~. But the detailed agreement
between their calculations and the experimental re-
sults for nickel 'l ' is not very good. It is not
really too surprising that this type of theory, which
is based on a molecular-field approximation to the
band structure, does not give the correct spin dy-
namics above Tc, . This type of theory does not
properly describe the strong spin fluctuations which
persist above T~. It is encouraging to see that
more theoretical work is going on. '~

In comparing theory with experiment, one must
keep in mind that as the temperature increases
from T =0, the X" and g' contributions to the scat-
tering increase, and in fact above Ta all thre
components of the susceptibility are equal for an
isotropic ferromagnet. Since there are propagating
modes above T~, there must be a propagating com-
ponent of X" as well as X". Thus as the suscepti-
bility evolves from low temperatures, where the

X
' part of the susceptibility dominates the scatter-

ing, the g" part of the propagating mode must gI'ow
continuously into the spin-wave mode. Just below
T~, on the other hand, the scattering is usually
divided into scattering which is predominantly spin-
wave scattering (y") and scattering which is pre-
dominately diffusive in nature (y"). This diffusive
scattering was expected to show up as a. peak cen-
tered at +=0, and this was clearly demonstrated
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experimentally" for RbMnF„which is considered
to be an "ideal" Heisenberg antiferromagnet. For
iron ' and nickel, however, no central mode was
observed.

These short-range spin correlations may also be
important in the interpretation of other types of
measurements, for example, photoemission ex-
periments. '4 The measured energy distributions
of photoemitted electrons at low temperatures and
above Tc have been compared to the joint density
of states calculated from ferromagnetic and para-
magnetic band structures. This procedure elimi-
nates from the calculations any spin correlations
above T~, which may not be justified, particularly
if many-body effects are indeed crucial to the in-
terpretation of these types of experiments. '

In comparing the present results with other ex-
periments, it should be noted that spin waves have
been observed above T„ in a number of antiferro-
magnetic materials, " many of which are highly
anisotropic and therefore have magnetic properties
of a lower dimensionality. Experiments on ferro-
magnets such as EuQ" and Qd, "however, do not
indicate the presence of propagating modes' above
T~. It has been suggested that perhaps the mag-
netic properties of iron and nickel can be explained
in terms of a Heisenberg ferromagnet if the ex-
change interaction were extended to more distant
neighbors. It would seem to be physically more
appealing, though, to discuss such a long-range
exchange interaction in terms of the itineracy of
the magnetic electrons. In any case, it is clear
that the Heisenberg model by itself cannot describe
the sharp fall off of the spin-wave intensity at any
temperature.

VII. SUMMARY

The neutron inelastic-scattering technique has
been used to study the temperature dependence of
the magnetic excitations in iron from low tempera-
tures to well above the ferromagnetic transition
temperature. Previous measurements in the
small-wave-vector region showed that the spin-
wave dispersion relations renormalize to zero as
T- T~, with the spin waves becoming overcritical-
ly damped just below T~. In contrast to this be-
havior, the present investigation revealed that the
spin waves at larger values of q are only moderate-
ly renormalized up to T~ and persist as excitations
to the highest temperature measured (1.4Tc). No
further renormalization is observed above T~.

The spin-wave intensity as a function of energy
has been measured for Fe(Si) along the [110]direc-
tion. At room temperature the intensity decreases
slowly with increasing energy until 100 meV, and
then begins to rapidly decrease. The cause of this
rapid decrease can be interpreted in terms of the
band model of ferromagnetism as the intersection

of the spin-wave spectrum with the Stoner continu-
um of spin-flip excitations. It was expected theo-
retically that with increasing temperature the
Stoner continuum would lower in energy, but mea-
surements up to 1.4 T ~ show that, within experi-
mental error, there is no change in the location of
the spin-wave intensity cutoff. The overall spin-
wave intensities, however, are reduced at high
temperatures. These results are in disagreement
with present theoretical estimates of the generalized
susceptibility at elevated temperatures.

In addition to the spin-wave energies and intensi-
ties, the linewidths were also measured. With in-
creasing temperature, the widths of the excitations

apid y i.ncr a. e up t Tc b t abo ve Tc no further
broadening occurs. For E ~8 meV the ratios of the
energy widths above Tc to the excitation energies
were found to be less than 1 (b,E/E & 1), which has
been used as the criterion for the definition of a
spin-wave excitation. The dynamic correlation
range corresponds to a sphere with a diameter of

0-10 A, and this correlation range is independent of
temperature over the temperature range covered
above T~. With decreasing energy the scattering
evolves continuously into the critical scattering
around the origin, and with increasing energy b E/E
decreases. At energies just below the cutoff in in-
tensity, b,E/E-0. 33. The spin-wave energies and
linewidths were found to be isotropic in q over the
entire temperature range covered, and no interac-
tion of the spin waves with the phonons was ob-
served.

The overall agreement between theory and ex-
periment at low temperatures gives us confidence
that the picture of the excitation spectrum based on
band structures is generally correct. Calculations
of the generalized susceptibility at elevated tem-
peratures are much more difficult to do accurately.
One of the major problems with the theory stems
from the use of the RPA and assuming in addition
that the band splitting is proportional to the mag-
netization. This forces the renormalization of the
dispersion relations with temperature (at least at
small q) to be independent of q and substantially
lowers the region of Stoner excitations, which is
contrary to experiment. The electron correlations
at elevated temperatures will need to be incorpo-
rated into the theory in a more realistic manner in
order to produce the strong short-range spin cor-
relations necessary to support collective excita-
tions above the ferromagnetic transition tempera-
ture. Clearly more theoretical effort will be needec
in order to bring theory into agreement with ex-
periment at elevated temperatures.

ACKNOWLEDGMENTS

The author would like to express his deepest ap-



J. W.

preciation to Dr. H. A. Mook, Dr. R. M. Nicklow,
Dr. J. F. Cooke, and Dr. M. K. Wilkinson of the
Oak Ridge National Laboratory and Dr. H. A.
Gersch of the Georgia Institute of Technology for
the expert professional guidance and personal en-
couragement given the author during the course of
his doctoral dissertation. The many helpful dis-

cussions with H. G. Smith, H. L. Davis, N. Waka-
bayashi, W. C. Koehler, R. M. Moon, J. W. Ca-
ble, and H. R. Child and the valuable technical as-
sistance of Mr. J. L. Sellers are also gratefully
acknowledged. The author would also like to thank
D. L. Holcomb and A. C. Kimbrough for the design
and construction of the furnace used in these studies.

*Hesearch sponsored by the U. S. Atomic Energy Com-
mission under contract with Union Carbide Corpora-
tion.

~Oak Ridge Associated Universities Graduate Fellow.
This work comprises a portion of a Ph. D. thesis in
physics submitted to the Georgia Institute of Technol-
ogy

&Present address: Physics Department, Brookhaven
National Laboratory, Upton, Long Island, New York
11973.

A thorough discussion of the experimental and theoreti-
cal considerations pertaining to the "localized" and
"itinerant" viewpoints as well as extensive references
to the l.iterature are given in the review by C. Herring
[in Magnetism, edited by G. T. Bado and H. Suhl (Aca-
demic, New York, 1967), Vol. 4].

For a recent discussion see, for example, Q. I,onzarich
and A. V. Gold, Can. . J. Phys. 52, 694 (1974), and
references therein.

3L. Passell, K. Blinowski, T. Brun, and P. Nielsen,
Phys. Rev. 139, A1866 (1965).

D. Bally, B. Grabcev, A. M. I,ungu, M. Popovici, and

M. Totia, J. Phys. Chem. Solids 28, 1947 (1967).
~G. Shirane, V. J. Minkiewicz, and B. Nathans, J.

Appl. Phys. 39, 383 (1968).
6M. W. Stringfellow, J. Phys. C 1, 950 (1968).
7An extensive list of references is given. in a thesis by
J. W. Lynn [Georgia Institute of Technology (unpub-
lished) ].

M. F. Collins, V. J. Minkiewicz, B. Nathans, L. Pas-
sell. , and G. Shirane, Phys. Bev. 179, 417 (1969).
See also Bef. 5.

S. Boronkay and M. F. Collins, Int. J. Magn. . 4, 205
(19V3).

' H. A. Mook and 8. M. Nicklow, Phys, Bev. B 7, 336
(1973); H. A. Mook and B. M. Nicklow, J. Phys.
(Paris) 32, 11VV OeV1).

"H. A. Mook, B. M. Nicklow, E, D. Thompson, and

M. K. Wilkinson, J. Appl. Phys. 40, 1450 (1969).
2H. A. Mook, J. W. Lynn, and B. M. Nicklow, Phys.
Rev. Lett. 30, 556 (1973).

3H. A. Mook, J. W. Lynn, and B. M. Nickl. ow, AIP
Conf. Proc. 18, 781 (1974); J. W. Lynn, Bull, . Am.
Phys. Soc. 19, 231 (1974).

4Since the orbital. moment (- 5% for iron) is not expected
to introduce any new features into the excitation spec-
trum for the region of interest, the discussion is sim-
pl. ified to considering only the spin contribution to the
magnetic scattering. In addition, the present experi-
ments were performed with an unpolarized neutron.
beam incident upon. an unmagnetized sample.

'~A thorough discussion of thermal-neutron scattering,
with particular attention to itinerant electron. systems,
is given by W. Marshall and S. W. Lovesey [Thermal
Neutron Scattering (Oxford U. P. , London, 1971)]. See

also T. Izuyama, D. Kim, and B. Kubo, J, Phys. Soc.
Jpn. 18, 1025 (1963); J. B. Sokoloff, Phys. Rev. 180,
613 (1e69); J. F. Cooke, Phys. Bev. B V, 1108 (1973).

6J. Hubbard, Proc. B. Soc. A 276, 238 (1963).
T. Izuyama, Phys. Bev. B 5, 190 (1972).

BAt l,east in. cases where antisymmetric exchange vanishes.
B. L. Melcher, Phys. Bev. Lett. 30, 125 (1973).

~~M. K. Wilkinson, H. G. Smith, W. C. Koehl. er, B. M.
Nicklow, and B. M. Moon, in Neutron Inelastic Scatter-
ing (IAEA, Vienna, 1968), Vol. II, p. 253.

~oM. J. Cooper and B. Nathans, Acta Crystal. logr. 23,
35v (1967).
B. N. Brockhouse, I,. N. Becka, K. B. Rao, and A. D.
B. Woods, in Second Symposium on Inelastic Scattering
of Neutron in Solids and Jiqmds (IAEA, Vienna, 1963),
Vol. II, p. 23.
Further details can. be found in the thesis by J. W. I,ynn
(Bef. 7).
For the range of incident neutron energies up to -200
me V, the uranium fis sion detector employed as a moni-
tor has a cross section proportional to 1/v. This moni-
tor-efficiency factor cancels the factor k'/k in. the
neutron cross section. At higher incident energies a
small correction has to be applied. The monitor count-
ing rate also has to be corrected for incoherent scatter-
ing from the monochromator, which can be appreciable
at high incident-neutron energies. This has been. cor-
rected by setting the monochromator crystal off the

Bragg reflection and determining the counting rate of the
monitor. At the highest incident energies used, this
amounted to no more than 5% of the total flux, and the
spin-wave intensities have been corrected for it.

24C. Q. Shul. l and Y. Yamada, J. Phys. Soc. Jpn. 17,
Suppl. B III, 1 (1962); C. G. Shull, in Electronic
Structure and A/loy Chemistry of the Transition E/e-
ments, edited by P. A. Beck (Wiley, New York, 1963),
p. 69; C. G. Sbull and H. A. Mook, Phys. Bev. Lett.
16, 184 (1966); J. Moss and P. J. Brown, J. Phys. F
2, 358 (1972).
B. C. Maglic, AIP Conf. Proc. 5, 1420 (1971).

6B. Antonini, F. Menzinger, A. Paoletti, and A. Tucci-
arone, Phys. Bev. 178, 833 (1969).
V. J. Mlnkiewicz, M. F. Collins, B. Natbans, and G.
Shirane, Phys. Bev. 182, 624 (1969).

28For a constant-Q sqan S(Q, ~) is the same (within a con-
stant) as Im[X (q, ru)], except that S (Q, a) contains the
Bose thermal factor.

29J. F. Cooke, J. W. Lynn, and H. L. Davis (unpublished).
B. D, Lowde and C. G. Windsor, Adv. Phys. 19, 813
(1970), and references therein.
J. W. Lynn and H. A. Mook (unpublished).

3 L. C. Bartel, Phys. Bev. B 8, 5316 (1973); J. B.
Sokoloff, Phys. Bev. Lett. 31, 1417 (1973); B. H.
Brandow, Bull. Am. Phys. Soc. 19, 370 (1974).

33B, Nathans, F. Menzinger, and S. J. Pickart, J. Appl.



TE MP E HATU RE DE P E NDENC E OF T HE MAGNE TlC ~ ~ ~

Phys. .'39, 1237 (1968); A. Tucciarone, H. Y. Lau, L.
M. Coiliss, A,. Delapalme, and J. M. Hastings, Phys.
Bev. 8 4, 3206 (1971); D. H. Saunderson, C. G. Wind-
sor, G. A. Briggs, M. T. Evans, and E. A. Hutchlson,
in Neutron Inelastic Scattering gAEA, Vienna, 1972),
p. 639.

34C. S. Fadley and D. A. Shirley, Phys. Bev. Lett. 21, ,
980 (1968); A. J. McAlister, J. B. Cuthill, B. C.
Dobbyn, and M. L. Williams, Phys. Bev. Lett. 29,
179 (1972).

35See, for example, P. %. Anderson, Philos. Mag. 24,
203 (1971); S. Doniach, AIP Conf. Proc. 5, 549 (1972);
J. A. Hertz and K. Aoi, Phys. Bev. B 8, 3252 (1973);
W. Baltensperger, Helv. Phys. Acta 45, 203 (1973).

36See, for example, S. K. Sinha, S. H. Liu, L. D.
Muhlestein. , and N. Wakabayashi. , Phys. Bev. Lett. 23,

311 (1969); P. A. Fleury, Phys. Bev. 180, 591 (1969);
J. Skalyo, Jr. , G. Shirane, B. J. Birgeneau, and H.
J. Guggenheim, Phys. Bev. Lett. 23, 1394 (1969); P.
A. Fleury and H. J. Guggenheim, Phys. Bev. Lett. 24,
1346 (1970); M. P. Schulhof, R. Nathans, P. Heller,
and A. Linz, Phys. Bev. 8 4, 2254 (1971); M. J.
Hutchings, G. Shirane, B. J. Birgeneau, and S. L.
Holt, Phys. Bev. 3 5, 1999 (1962).

37L. Passell, J. A1,s-Neilsen, and O. W. Dietrich, i.n

Neutron Inelastic Scattering (IAEA, Vienna, 1972), p.
619; C. J. Glinka, V. J. Minkievricz, L. Passell. , and
M. W. Shafer, AIP Conf. Proc. 18, 1060 (1974).

38H. B. Child and B. M. Nicklow, Bull. Am. Phys. Soc.
19, 206 (1974).
This is also true of other heavy rare-earth metals; B.
M. Nicklow (private communication).


