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Simple yet clear local evidence for the tetrahedral triple-Q magnetic ground
state in the triangular antiferromagnet Co1/3NbS2
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In this work, we demonstrate a simple yet effective procedure for identifying the exotic tetrahedral triple-Q
magnetic ordering over the domain averaged collinear single-Q magnetic state for the triangular antiferromagnet
Co1/3NbS2. Our density functional theory (DFT) calculations show that the hyperfine magnetic field exhibits
a significant anisotropic dependence on the angle between the spin direction and the c-axis, which means
that the atoms with different spin directions in the triple-Q state can be divided into two subgroups with a
ratio of 1:3 that can be distinguished by local probing methods. Mössbauer spectroscopy measurements on
(Co0.99

57Fe0.01)1/3NbS2 crystals confirm exactly our DFT predictions and thus give possible evidence of the
tetrahedral triple-Q magnetic state. These results provide important insights into the magnetic ground state of
Co1/3NbS2, which shall shed light on the understanding of the anomalous Hall effect in Co1/3NbS2 and other
related materials.

DOI: 10.1103/PhysRevB.109.094401

I. INTRODUCTION

Exotic non-collinear magnetism, including spiral/helical
magnetism [1–3], chiral antiferromagnetism [4–6], and mag-
netic skyrmions [7,8], usually lead to novel properties and
functionalities and thus hold great promise for next generation
spintronic applications [8,9]. For instance, the transition-metal
intercalated dichalcogenide system Mx(Nb,Ta)S2 (M is 3d
transition metal) with a metallic triangular lattice have been
attracting much attention due to their various non-collinear
magnetic structures and resulting exotic properties, such as the
anomalous Hall effect (AHE) [5,6], electrical magneto-chiral
effect [10], and magnetic soliton confinement [11]. In con-
trast to the normal collinear magnetic states, the microscopic
mechanism of these states is less clear. It is generally believed
that they are induced by magnetic frustration arising from
competing interactions and/or lattice geometry. Moreover, the
specific non-collinear magnetic structures of these compounds
also depend highly on the intercalated M element and the
exact intercalation level x [1,2,12]. For example, chiral heli-
magnetism was observed for Cr1/3NbS2 [1–3] and Mn1/3NbS2

[12]. A-type antiferromagnetic (AFM) ordering with a sub-
tle canting of the XY spins in the c-axis was observed for
V1/3(Nb, Ta)S2 [13]. For FexNbS2 [14], distinct AFM stripe
and zigzag orders with wave vectors of (0.5, 0, 0) and (0.25,
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0.5, 0), respectively, indexed in the lattice shown in Fig. 1(a)
were found depending on the value of x. Recently, it was also
reported that Ni1/3NbS2 develops an AFM helical order with
a very long period of 33c along the c-axis whereas the sister
compound Ni1/3TaS2 orders in the simple A-type magnetic
structure [15].

More interestingly, the Co1/3NbS2 might be the most
promising candidates to exhibit quantized AHE since an ex-
tremely large AHE with a Hall conductivity comparable to
e2/h per single layer was discovered in this system [5,6].
However, understanding of the observed AHE, which requires
the knowledge of the magnetic structure, is still challenging
[16–18]. Early neutron scattering measurement has reported
collinear AFM structure with a complicated domain structure
for Co1/3NbS2 and a possible 120o ordering [see Fig. 1(c)]
with wave vector (1/3, 1/3, 0) for Co1/3TaS2 [19]. Recent
neutron scattering experiments, however, have shown that
more complex magnetic orderings could also be possible
[16,17]. These experiments have revealed magnetic peak po-
sitions at the M-points of the Brillouin zone ((0.5, 0, 0) and
symmetry related positions) for both Co1/3NbS2 [16] and
Co1/3TaS2 [17] in contrast to the early result at (1/3, 1/3, 0)
[19], suggesting that Co1/3TaS2 does not exhibit the so-called
120o magnetic ordering.

These results can be interpreted as either a single-Q [see
Fig. 1(b)] magnetic ordering with three equally weighted
magnetic domains that differ by a ±120o rotation about the
z-axis (C3z) axis (C3z) or a single-domain triple-Q magnetic
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FIG. 1. (a) Crystal structure of Co1/3NbS2. (b) Magnetic unit
cell (2 × 2 × 1 of the structural unit cell) of the tetrahedral triple-
Q (χi jk > 0 [17]) magnetic structure showing only the Co atoms
with their spins for clear view. (c) Schematics of the coplanar 120o

3-sublattice magnetic ordering, (d) the single-Q 2-sublattice stripe
magnetic ordering, and (e) the 4-sublattice tetrahedral triple-Q mag-
netic ordering (same with (b)) showing only one Co triangular layer.
Note that the spins shown in (c) and (d) could be purely in plane
or c-axis canted. This figure was drawn by using the VESTA [20]
software.

ordering [see Figs. 1(b) and 1(e)]. The tetrahedral triple-Q
magnetic ordering, as shown in Fig. 1(b) that represents the
short-wavelength limit of a magnetic skyrmion structure, is
predicted to appear in the metallic triangular lattice when
effective four-spin interactions arising from the exchange
interaction between itinerant electrons and localized spins
were considered [21–23]. It was first observed in the hcp-Mn
monolayer samples [24] by spin-polarized scanning tunnel-
ing microscopy, and recently in bulk samples of Co1/3NbS2

and Co1/3TaS2 [17,25] by neutron scattering measurements.
Distinguishing between the domain averaged single-Q and
triple-Q magnetic state in bulk form by experiments, however,
is challenging. It requires detailed measurements of higher
order neutron scattering peaks, comprehensive analysis of the
scattering peaks in different neutron spin polarization chan-
nels, or analysis of the magnon symmetries along certain
trajectories in the magnetic Brillouin zone [17,25,26], all of
which need to coalign significant amounts of crystals due to
the weak signal of these kinds of measurements.

In this work, we demonstrate a simple local probe pro-
cedure to identify such a triple-Q state with respect to
the domain averaged single-Q state in the Co1/3NbS2 com-
pound. As an important complement to the neutron scattering
method, we exploit the fact that these two states might ex-
hibit different local properties due to different local spin
orientations. Our theoretical calculations predict a signifi-
cant anisotropic hyperfine magnetic field for the different
spin-oriented atoms in the triple-Q state that can be mea-
sured by local probing methods. Our Mössbauer spectroscopy
measurements on (Co0.99

57Fe0.01)1/3NbS2 crystals at 4.2 K
confirm exactly our predictions and thus support the triple-Q
magnetic ordering over the domain averaged single-Q mag-
netic ordering in this compound.

II. DFT CALCULATIONS

Let us first consider the two magnetic ground states as
shown in Figs. 1(d) and 1(e), which produce the same neu-
tron diffraction pattern, by density functional theory (DFT).
The crystal structure was first optimized by using the Vienna
ab init io simulation package (VASP) code [28,29]. All other
calculations were done using the optimized crystal structure
with the ELK code [30], which is an all electron code im-
plemented using the full-potential linearized augmented plane
wave method. Details of the parameters used in our DFT cal-
culation, sample preparation, and characterization details are
given in the Supplemental Material [27] (see also references
therein [31–38]). Consistent with earlier work [16], the total
energy for the single-Q and coplanar 120o magnetic states are
found to be 7.91 meV and 18.36 meV, respectively, higher
than that of the triple-Q state. Spin orbital coupling (SOC)
effects were found to be small in earlier studies [16,18,39]
since the bands of interest are dominated by Co 3d orbitals
with weak SOC. However, an orbital moment of ∼0.1 µB was
calculated to be parallel to the Co spins in our case if SOC
were considered. The effect of such an orbital moment should
produce a reduction of the hyperfine fields [40] for all the
atoms in the calculated cell leading to minor contributions to
the anisotropy of the calculated hyperfine field (see Fig. S3 in
the Supplemental Material [27]).

Next, we calculated the local hyperfine parameters at
the Co site, such as the isomer shift (δ), electric field
gradient (EFG) [principal component Vzz and asymmetry pa-
rameter η = (Vyy − Vxx )/Vzz], and hyperfine magnetic field
(Bhf ), which can be probed using hyperfine interactions by
Mössbauer spectroscopy and/or other microscopic methods
[41] such as nuclear magnetic resonance (NMR), perturbed
angular correlation (PAC), etc.. For the collinear single-Q
state (whether spins canted to the c axis or not), our calcula-
tions show that all the Co atoms are equivalent, thus exhibiting
the same calculated values of the local hyperfine parameters
for all eight atoms in our 2 × 2 × 1 cell. This means that only
one subspectrum is enough to model the Mössbauer data in
experiments. On the other hand, for the noncollinear triple-Q
state, the eight atoms are divided into four sublattices from a
symmetry point of view. However, from our calculations, the
local hyperfine parameters can be divided into two subgroups
with one subgroup (SP1) for the two atoms with their spins
directed along the c axis and another subgroup (SP2) for
the remaining six atoms, see Figs. 1(b) and 1(e). The main
difference for the two subgroups is the calculated hyperfine
magnetic field with Bhf ∼ 10 T for SP1 and Bhf ∼ 16 T for
SP2. Other hyperfine parameters, δ and Vzz, exhibit similar
values for all eight atoms (see Table. S2 in the Supplemen-
tal Material [27]). These results suggest that the hyperfine
coupling tensor A might be highly anisotropic (note that
Bhf ∝ A • μeff ). Therefore, one should observe two different
hyperfine magnetic fields with a probability ratio of 1:3 in the
Mössbauer experiments for the triple-Q state.

The above super-cell calculations suggest that the local
hyperfine parameters might depend on the direction of the Co
spins. To clear this out, we made further calculations by fixing
the spins along various directions using the 1 × 1 × 1 single
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FIG. 2. Calculated (a)–(c) in-plane and (d), (e) out-of-plane
anisotropic dependence of the isomer shift, δ, electric quadrupole
coupling constant, eQVzz, and the hyperfine magnetic field, Bhf , on
the Co atom spin directions. These data were obtained by subtracting
the smallest value in the corresponding rotation plane. Data in (a) and
(d) were obtained by using the calculated contact charge density at
the Co nucleus with a conversion factor of 0.4 mm s−1a.u.3 (see
details in the Supplemental Material [27]). The Bhf data in (c) and
(f) were multiplied by a factor of 0.323 mm s−1 T−1 to clearly show
how the anisotropy of Bhf will manifest itself in real Mössbauer
experiments. These calculations were done with 1 × 1 × 1 structural
unit cell other than the 2 × 2 × 1 super-cell to save computational
time. Arrows in the figure indicate the crystallographic directions.

unit cell. Collinear and antiparallel alignment between the two
spins in the cell were set in these calculations and the resulting
hyperfine parameters are close to the corresponding ones in
our 2 × 2 × 1 super-cell calculations. The calculated in-plane
and out-of-plane anisotropies of the δ, electric quadrupole
coupling constant, eQVzz, and Bhf are summarized in Fig. 2.
It is clear that both the in-plane and out-of-plane anisotropies
of the δ and eQVzz are rather small (contribution to the peak
shifts in real Mössbauer experiments are all below the value
of ∼0.1 mm/s, which is much smaller than the natural line
width of the 57Fe isotope ∼0.19 mm/s [42]). For the in-plane
anisotropy of the Bhf shown in Fig. 2(c), the resulting peak
shift is comparable to the the natural line width, which might
lead to a broadening of the observed Mössbauer spectra. On
the other hand, the out-of-plane anisotropy of the Bhf is signif-
icant, which would shift the Mössbauer absorption peaks by
about ∼2 mm/s if the spins were changing from within the

ab plane to the c-axis direction, see Fig. 2(f). These results
explain well our super-cell calculations where the four sub-
lattices in the triple-Q state are divided into two subgroups.
Importantly, these calculations indicate that the triple-Q
state can be well resolved from the multidomain averaged
single-Q state by Mössbauer spectroscopy or other local prob-
ing methods due to the out-of-plane anisotropic dependence of
the local hyperfine field Bhf on the spin directions of the Co
atoms.

III. MÖSSBAUER SPECTROSCOPY MEASUREMENTS

In order to be able to make Mössbauer spectroscopy mea-
surements, the 57Fe probing nuclei need to be doped into
the Co site of the Co1/3NbS2 crystal. Therefore, Co1/3NbS2

and (Co0.99
57Fe0.01)1/3NbS2 single crystals were grown us-

ing the chemical vapor transport method similar to other
reports [5,6]. The quality of our crystals were checked by
structural, magnetic, and transport measurements as shown in
Figs. S4–S7. Importantly, the (Co0.99

57Fe0.01)1/3NbS2 crys-
tals exhibit similar AHE to that of the pristine Co1/3NbS2

crystals [5,6] with an AFM transition temperature of TN ∼
28 K. The (Co0.99

57Fe0.01)1/3NbS2 crystals were then cleaved
into thin pieces with thicknesses in the range of 30∼40 µm
for our Mössbauer spectroscopy measurements. Mössbauer
spectra were taken in the temperature range of 4.2∼300 K
with a closed-cycle cryostat. The room temperature data, as
shown in Fig. 3(a), exhibits an asymmetric doublet spectrum
which can be well fitted with only one subspectrum in agree-
ment with the only 57Fe /Co crystallographic site in the crystal
structure. The determined spectral line width is rather narrow,
∼0.258(5) mm/s, indicating good crystal quality consistent
with other characterizations. From our DFT calculations and
symmetry analysis, the asymmetry parameter η of the EFG is
zero and Vzz is along the c axis. This is consistent with the
fitted intensity ratio of the high temperature spectra shown in
Fig. 3(a) and Fig. S8, which is close to the theoretical value of
three for the Vzz directed along the c axis.

The Mössbauer spectrum taken at 4.2 K is shown in
Figs. 3(b) and 3(c) together with different fitting models. As
shown in Fig. 3(b), we first tried to fit the data with only
one subspectrum corresponding to the collinear single-Q state
shown schematically in Fig. 1(d). Clearly, the matching be-
tween the theoretical curve and the experimental data is bad
[see the second, third, and fourth peaks from left to right in
Fig. 3(b)]. This result is clearly inconsistent with the collinear
single-Q magnetic structure. With a careful check of the ex-
perimental data, one finds an inhomogeneous line broadening
of the sextet with the most inner peaks (third and fourth peaks)
much narrower than the outer peaks (first and second). The
inhomogeneous line broadening effect is usually found for
samples with hyperfine magnetic field distributions [42–45].
Although the intercalated Co atoms are known to form the
so-called

√
3 × √

3 ordered phase [17,19], disorder to some
extent can not be avoided. This is especially true when the
intercalation level deviate from the exact value of 1/3 [14,46].
Early Mössbauer studies on FexNbS2 have also reported dis-
tribution of the hyperfine magnetic field [47]. Therefore, we
tried to model the experimental data using hyperfine field
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FIG. 3. (a) Room temperature Mössbauer spectrum together with theoretical fit assuming Vzz along c axis. (b) Mössbauer spectrum taken at
4.2 K. The data was fitted with only one subspectrum corresponding to the collinear single-Q state shown in Fig. 1(d). (c) Modeling the 4.2 K
spectrum with a hyperfine field distribution by assuming a simple linear correlation between θ and Bhf (due to the out-of-plane anisotropy
of Bhf ), where θ is the angle between Bhf and Vzz/c axis. The determined probability profile showing two Bhf centers is shown in (d). The
fitted Mössbauer hyperfine parameters, isomer shift δ(T ), and quadrupole splitting �EQ(T ) = eQVzz/2, of (Co0.99

57
0.01 Fe)1/3NbS2 crystals

are shown as a function of temperature in (e) and (f), respectively. Solid line in (e) is theoretical curve calculated by the Debye model using a
Debye temperature of �D = 440 K and δ(0) = 0.864 mm/s. Solid line in (f) is theoretical curve calculated using Eq. (1) with � = 17 meV as
described in the text.

distribution by assuming a simple linear correlation between
θ and Bhf (due to the out-of-plane anisotropy of Bhf ), where θ

is the angle between Bhf and Vzz/c axis. As shown in Fig. 3(c),
the agreement between theory and experiment improves con-
siderably. Most importantly, the determined hyperfine field
distribution profile as shown in Fig. 3(d) exhibits a two peak
feature having centers at ∼9 T and ∼16 T with a probability
ratio close to 1:3. The resulting average 〈θ〉 amounts to 52.7◦,
which is very close to the theoretical average value of 53◦ for
the two subgroups of spins in the triple-Q state. This coincides
exactly with our DFT predictions for the tetrahedral triple-Q
magnetic ground state where two different Bhf s should be
observed. That is, the eight atoms within the 2 × 2 × 1 super-
cell are divided into two subgroups with a ratio of 1:3 due to
the different spin orientations, namely two atoms with their
spins along the c axis exhibiting a smaller Bhf ∼ 10 T and the
remaining six atoms with their spins forming an angle of ∼71◦
with the c axis exhibiting a larger Bhf ∼ 16 T. Therefore, our
local Mössbauer spectroscopy measurements clearly support
the triple-Q magnetic ordering, proposed for Co1/3TaS2 [17],
over the domain averaged single-Q magnetic ordering for the
title compound Co1/3NbS2.

The sufficiency of the above described fitting model can
be seen from the overall good agreement between theory and
the experimental data as shown in Figs. S8 and S9 in the Sup-
plemental Material. The deduced temperature dependence of
isomer shift δ(T ) and quadrupole splitting �EQ(T ) are shown

in Figs. 3(e) and 3(f), respectively. A sudden increase of δ(T )
can be observed upon entering the AFM ground state below
TN = 28 K, indicating an increase of the 3d electron density
at the nucleus (stronger shielding effect of the s electrons
by the 3d electrons). The theoretical line shown in Fig. 3(e)
was calculated using the Debye model with a Debye tempera-
ture of �D = 440 K and δ(0) = 0.864 mm/s. The determined
quadrupole splitting is in the range of 0.4 ∼ 0.5 mm/s, which
leads to Vzz values in the range of 2.4 ∼ 3.0 × 1021 V/m2.
The temperature dependence of the �EQ can be attributed to
the temperature dependent valence contribution to the EFG
resulting from the unequal population of 3d orbitals [48,49].
According to the crystal structure, the local symmetry of the
intercalated Co/ 57Fe atoms is D3d , which means that the 3d
orbitals will split into the so-called doubly degenerated eσ

g
(dxz, dyz) and eπ

g (dxy, dx2−y2 ), and nondegenerated a1g (dz2 )
states [50]. In this case, the �EQ can be divided into a tem-
perature independent part, EQ0, and a temperature dependent
part, EQ(T ), that can be expressed as [48,49]

EQ(T ) =
∑

i

(EQ)ie−�i/kBT )/
∑

i

e−�i/kBT , (1)

where �i is the separation energy between the involved orb-
tials and the sum runs over these orbitals (here we will
consider only the low-lying eπ

g and a1g orbitals). The fitted
theoretical curve is shown in Fig. 3(f) and the determined
energy separation between eπ

g and a1g orbitals is ∼17.3 meV.
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The temperature dependent Bhf (T ), determined by fitting
the low temperature data with the hyperfine field distribution
model described above are shown in Fig. 4. We used an
empirical formula Bhf (T ) = B0[1 − (T/TN )]α to fit the data.
The fitted results are Bhf (0) = 9.7(3) T for the SP1 atoms and
Bhf (0) = 17.7(2) T for the SP2 atoms, and the determined
transition temperature are both ∼28 K. The fitted critical
exponents are ∼0.12 and ∼0.2, respectively, which fall
well into the universal window for two dimensional sys-
tems [51,52]. The observation of different values for the two
species of atoms is interesting, the value of 0.12 for SP1 atoms
is close to the theoretical value of 1/8 for the 2D Ising model
while the value of 0.2 for SP2 atoms is close to the theoretical
value 0.23 for the 2D XY model [51,52]. These results are
again consistent with the local symmetries of the two species
of atoms in the triple-Q state. However, due to the limited data
points of our measurements, we can not determine the critical
exponent more accurately and therefore it should be revisited
in a future time with greater accuracy.

IV. DISCUSSION AND CONCLUSIONS

Understanding the observed AHE in Co1/3NbS2 requires
(i) noncollinear, noncoplanar, or other possible magnetic tex-
tures [5,6]; or (ii) interplay between electronic and magnetic
degrees of freedom, such as large Berry curvature embedded
in the Dirac-like chiral fermions with weak symmetry break-
ing by SOC/ferromagnetic canting [18]. Tanaka et al. have
argued that the weak ferromagnetism which appears along the

c axis is responsible for the emergence of the AHE by show-
ing the simultaneously appearing/disappearing of the weak
ferromagnetism and AHE [53]. Recently, Park et al. have
shown that the similar compound Co1/3TaS2 actually orders in
the so-called tetrahedral triple-Q magnetic state by ruling out
the domain averaged single-Q state with nonzero AHE and
weak ferromagnetic component along the c aixs (Mz) [17].
Spin polarized neutron diffraction analysis by Takagi et al.
also supports that both Co1/3TaS2 and Co1/3NbS2 order in
the tetrahedral triple-Q magnetic state. Clearly, knowledge of
the true magnetic ground state is the key to resolve all these
possible scenarios to account for the observed AHE.

Our microscopic local probe measurements clearly support
that the tetrahedral triple-Q state, proposed for Co1/3TaS2

and Co1/3NbS2 by neutron scattering [17,25], is the magnetic
ground state. Then the resulting nonzero scalar spin chirality,
〈Si · S j × Sk〉, explains naturally both the weak ferromag-
netism along the c axis and the large AHE [22,23,54]. Due
to the complexity of the magnetic structure of this system,
we can not fully rule out other possibilities that may also
produce the two different hyperfine magnetic fields with exact
probability ratio of 1:3 in Co1/3NbS2. However, we do think
that this is not likely since the tetrahedral triple-Q magnetic
structure has been proposed by neutron diffraction for both
Co1/3NbS2 [25] and Co1/3TaS2 [17], and the proposed mag-
netic ordering is the most symmetric one among other triple-Q
states [17,24]. Moreover, the proposed triple-Q states have
been shown by many theoretical works that they could be the
state with lowest energy and can be used for the interpretation
of the AHE observed in related materials [16,21–23,54–56].
Thus, as an important complement to the neutron scattering
measurements, our results provide important insights not only
to the magnetic structure but also the AHE in Co1/3NbS2 and
other similar materials. Moreover, our work demonstrates a
simple but effective procedure for identifying the exotic triple-
Q state over the domain averaged single-Q state, not only
applicable to the title compound but also for other materials
such as the Na2Co2TeO6 [26] compound, which is a subject
of future works also for other local probing methods such as
PAC and NMR [57], etc.
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