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Observing topological phase transition in ferromagnetic transition metal dichalcogenides
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Two-dimensional transition metal dichalcogenides (TMDs) are considered a suitable platform to study
topological properties such as the quantum anomalous Hall effect. However, this quantum transport property
is usually found in systems with a small band gap. For large-band-gap TMDs, the nature of quantum transport
is difficult to find. In this work, with the analysis of the k · p model, we investigate the topological phases
of ferromagnetic TMDs in the cases of a large gap and small gap. By analyzing the orbital Berry curvature,
we reveal that the orbital Hall effect in the system possesses a nontrivial topological invariant CL = −1 when
sgn(�+1�−1) > 0, where �τ represents the band gap at the τ valley (K or K ′ valley). Consequently, the large-gap
ferromagnetic TMDs exhibit properties of an orbital Hall insulator. In the case of sgn(�+1�−1) < 0, we
demonstrate that the small-gap system transforms into a quantum anomalous Hall insulator with a Chern number
C = 1. Both topological phases are valley polarized and robust in the presence of an out-of-plane magnetic
moment. Subsequently, we illustrate this transition from an orbital Hall insulator to a quantum anomalous Hall
insulator in FeCl2, a representative ferromagnetic TMD, by tuning the Coulomb correction Ueff to manipulate
the valley band gaps.
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I. INTRODUCTION

Two-dimensional (2D) transition metal dichalcogenides
(TMDs), like MoS2, possess intriguing spin-indegenerate val-
leys located at the six vertices of their first Brillouin zone
[1–5]. The absence of spatial inversion symmetry in TMDs
leads to interesting consequences for electron movement in
these valleys [6–10]. The Berry curvature (BC) comes into
play, influencing the trajectories of electrons in different en-
ergy valleys and giving rise to charge accumulation that is
perpendicular to the direction of current injection. In recent
years, TMDs have emerged as an ideal platform for investigat-
ing a wide range of Hall effects due to their unique electronic
and topological properties [11–14]. Among these Hall effects,
the anomalous Hall effect (AHE) is particularly fascinating as
it is coupled to the valley degree of freedom in the absence of a
magnetic field [12,15–17]. The intrinsic AHE can be detected
in the system with the time inversion symmetry broken, such
as ferromagnetic TMDs [12,18–20]. Moreover, in previous
work, we induce the AHE in nonmagnetic TMD by the Janus
method. The clean and specific valley model makes TMDs
suitable for studying AHE [21].
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As the band gaps of 2D TMDs close, the electronic states
at the K and K ′ valleys become topologically nontrivial, lead-
ing to the emergence of the quantum anomalous Hall effect
(QAHE) [14,17,22,23]. In this state, the electronic states at the
edge of the material become chiral, conducting without scat-
tering, and carrying a quantized Hall conductance. In addition,
the quantization of the Hall conductance is directly related
to the Chern number, an integer topological invariant that
characterizes the nontrivial topology of the band structure.
Zhou et al. have induced QAHE coupled with valley index
in ferromagnetic honeycomb lattices [16]. The quantized Hall
conductance was observed in the K valley, with the Chern
number C = CK = −1. Recently, Hu et al. found the intrinsic
QAHE in the half-valley-metal FeCl2, which results from the
spin-orbital coupling (SOC) effect and large exchange inter-
action of the d orbital in transition metals [24]. The chiral
edge state connecting the conduction valley and valence val-
ley is topologically protected in the insulating gap. However,
as the insulating gap gradually opens, QAHE is absent in
the ferromagnetic TMDs, making them topologically trivial
[14,17,22,23]. Another question then arises: Are ferromag-
netic TMDs with large band gap topologically trivial, or can
there be quantized Hall conductance that can be detected in
the large band gap?

Here we focus on the orbital Hall effect (OHE), which
gives rise to a current with the orbital angular momentum
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(OAM) perpendicular to the applied in-plane electric field
[25–27]. Contrary to the AHE, the OHE does not require
the SOC effect. Interestingly, OHE has been used to explain
the origin of the huge AHE in some materials [28]. Fur-
thermore, the theoretical calculations predict the existence of
a significant orbital Hall conductance (OHC) with nonzero
orbital Chern number in monolayer (1L) and bilayer (2L)
nonmagnetic MoS2 [7].

Inspired by the above works, we expand the application
of OHE to ferromagnetic TMDs, and discuss the topological
properties in it. The two-band k · p model of ferromagnetic
TMDs is constructed to analyze the transport properties at
the valleys. It is found that the sign of the orbital Berry
curvature (OBC) and BC is related to the sign of �τ , where
�τ represents the band gap at the τ valley and τ = +1 (−1)
is the K (K ′) valley. We consider two regimes: (1) sgn
(�+1�−1) > 0 and (2) sgn(�+1�−1) < 0. In the first regime,
the band gap opens at two valleys. We find that the system is
an orbital Hall (OH) insulator with the orbital Chern number
CL = −1. Meanwhile, the AHE cannot be observed within the
band gap. In the second regime, the gap at one of the valleys
closes and reopens, causing the sign of �τ to be reversible.
We show that the current system is a quantum anomalous
Hall (QAH) insulator with the Chern number C = 1. Due to
the opposite sign of the OBC, the OHE is absent in this
case with CL = 0. Based on the result of the k · p model,
we use a ferromagnetic FeCl2 as a prominent example to
investigate the topological phase transition between an OH
insulator and a QAH insulator.

II. k · p MODEL FOR ORBITAL HALL EFFECT

Traditional ferromagnetic TMD monolayers, such as
H-VSe2, breaking the spatial and time-reversal symmetry at
the same time, have a space group of D3h [8]. The unique and
clean valley model at the K and K ′ points has been investi-
gated in the fields of electrical, optical, and magnetic transport
[8,29–31]. Based on the space group and valley model at
TMD monolayers, we construct a two-band k · p model with
the exchange interaction to describe the OAM transport
near the K (K ′) valley. The basis function of the valance state
and the conduction state at the K (K ′) valley is

ψτ
v =

∣∣dx2−y2

〉 + iτ |dxy〉√
2

, (1a)

ψτ
c = ∣∣dz2

〉
. (1b)

The index τ = +1 (−1) represents the K (K ′) valley, and v/c
denotes the valence/conduction state. Considering the SOC
term HSOC and exchange interaction term Hex, the effective
Hamiltonian Heff can be written as below,

Heff = ŝ0H0 + Hsoc + Hex, (2a)

H0 = Iε + �

2
σ̂z + vF (τ σ̂xkx + σ̂yky), (2b)

Hsoc = τ ŝz(λcσ̂+ + λvσ̂−), (2c)

Hex = −ŝz(mcσ̂+ + mvσ̂−). (2d)

Here, vF is the massless Fermi velocity of the Dirac electrons,
and σ̂i and ŝi (i = 0, x, y, z) are Pauli matrices for pseudospin

and spin, respectively. ε indicates the on-site energy
introduced in order to set the Fermi level at zero, and I is the
identity matrix. λv (λc) is the SOC parameter for the valence
(conduction) band. mv (mc) denotes the effective exchange
splitting of the valence (conduction) band. σ̂± is defined
as 1

2 (σ̂0 ± σ̂z ).
When considering the exchange splitting, the spin channels

at the top of the valence band for both K and K ′ valleys
are spin-down. The spin index is −1, and the Hamiltonian
eigenvalues are expressed as

E± = 1
2

(
E0 ±

√
4v2

F k2 + �2
τ

)
. (3)

In Eq. (3), we use E0 = ε − τ (λc + λv ) + (mc + mv ) and
�τ = � − τ (λc − λv ) + (mc − mv ), respectively. In addition,
k2 is equal to k2

x + k2
y . Once constructing the effective Hamil-

tonian of ferromagnetic TMD monolayers, we can calculate
the Berry curvature at the valley �z,τ

n,xy(k) and relevant Hall
conductance by the Kubo formula [32],

�z,τ
n,xy(k) = −2h̄2

∑
n �=n′

Im〈ψnk|v̂x|ψn′k〉〈ψn′k|v̂y|ψnk〉
(En′ − En)2

, (4)

where v̂i (i = x, y) is the velocity operator along the ki direc-
tion, with v̂i = 1

h̄
∂H
∂ki

. Here we use the eigenvalues of Eq. (2)
to calculate �z

n,xy(k), and the corresponding eigenstates are
given by

|ψ+〉 = [τD+
k , D−

k e−iτφ]T , (5a)

|ψ−〉 = [D−
k ,−τD+

k e−iτφ]T , (5b)

where D±
k =

√
1
2 ± �τ

2E , E =
√

4v2
F k2 + �2

τ , and φ =
tan−1(ky/kx ). The BC at the τ valley for the valance band can
be simplified as

�z,τ
n,xy(k) = − 2τv2

F �τ(
4v2

F k2 + �2
τ

)3/2 . (6)

It turns out that the sign of the BC is related to the valley index
τ and gap �τ . �z,τ

n,xy(k) has the same sign on both valleys only
if the symbols of �τ are opposite on both valleys. When the K
point moves away from the valley, the BC disappears. Thus,
the total BC �z

n,xy(k) for the valence band can be regard as the
sum of �z,τ

n,xy(k).
In addition, the OBC can be calculated using [26,33]

�z,τ,orb
n,xy (k) = −2h̄

∑
n �=n′

Im〈ψnk|Ĵx|ψn′k〉〈ψn′k|v̂y|ψnk〉
(En′ − En)2

. (7)

Compared to Eq. (4), the v̂x is replaced with Ĵx, where, the
OAM operator Ĵx is defined as Ĵx = 1

2 (v̂xL̂z + L̂zv̂x ). L̂z is the z
component of the OAM operator. In the k · p model, based on
the basis function of ψτ

c and ψτ
v defined in Eq. (11), the OAM

operator can be chosen as L̂z = diag(0, 2h̄τ ) for analytical
solution of OHE. The OBC at special valley can be simplified
as

�z,τ,orb
n,xy (k) = − 2v2

F �τ(
4v2

F k2 + �2
τ

)3/2 = τ × �z,τ
n,xy. (8)

It is found that, for the valance band, a large |�z,τ,orb
v,xy (k)| exists

at two valleys (k → 0), and the sign is independent of the
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FIG. 1. Illustration of (a) anomalous Hall effect and (b) orbital
Hall effect. The ball with arrow represents the carrier with spin
angular momentum s in (a) and orbital angular momentum l in (b),
respectively. The red and blue color of the ball is the direction of
corresponding angular momentum. By applying an electronic field
E along y axis, the flow of carriers depends on the valley index τ in
anomalous Hall insulator and l in orbital Hall insulator, respectively.

valley index. Compared to �z,τ
v,xy(k), �z,τ,orb

v,xy (k) has opposite
sign at the K ′ valley (τ = −1).

The orbital Chern number which can characterize the
topologically nontrival phases can be expressed with the
momentum sum of the corresponding BC,

CL = 1

2π

∫
BZ

∑
τ

�z,τ,orb
v,xy (k)d2k

= 1

2π

∑
τ

∫
BZ

− 2v2
F �τ(

4v2
F k2 + �2

τ

)3/2 d2k

= −1

2
[sgn(�+1) + sgn(�−1)]. (9)

In addition, the Chern number can be written as C =
− 1

2 [sgn(�+1) − sgn(�−1)]. At the same time, the corre-
sponding Hall conductance σxy of the Hamiltonian in Eq. (2)
is related to the Chern number,

σ AH
xy = −e2

h
C, σ OH

xy = − e

2π
CL. (10)

The schematic representation of the AHE σ AH
xy and the

OHE σ OH
xy is depicted in Fig. 1, and we will discuss the

phenomena in Sec. III C. Note that the nontrivial topology
is related to the gap �τ at two valleys. When the case
sgn(�+1�−1) > 0 is satisfied, only integer multiples of the
OH signal exist with CL = −1. The system is an OH insulator.
On the other hand, when the signs of the two �τ are opposite
[sgn(�+1�−1) < 0], the system reveals integer multiples of
the anomalous Hall (AH) signal with C = 1, which is a QAH
insulator. Therefore, as the gap at valleys changes, the topol-
ogy phase transition can be observed at 2D TMDs.

III. DFT RESULTS AND DISCUSSION

A. Methods

First-principles calculations are performed within the
frame of density functional theory (DFT) using the Vienna

Ab initio Simulation Package (VASP) based on the projected
augmented wave (PAW) method [34–36]. The electron con-
figurations of the Fe and Cl atoms are 4s23d6 and 3s23p5,
respectively. The plane-wave cutoff energy is set to 500 eV
and a k-point grid of 15 × 15 × 1 is used. The force on each
atom is smaller than 1 meV Å−1. A vacuum space of greater
than 15 Å is inserted along the +Z axis to avoid the interaction
between adjacent layers. The weak van der Waals interac-
tion considered in 1L FeCl2 is described by the DFT-D3
method [37]. The SOC effect is considered in the nonstatic
self-consistent calculations. The magnetic anisotropy energy
(MAE) calculation is defined as E100 − E001, where a positive
(negative) value indicates that the easy magnetization axis is
interlayer (intralayer). The Coulomb correction Ueff with the
Dudarev method has been applied to manipulate the electronic
structure of FeCl2 [38].

In addition, the mostly localized Wannier functions in-
cluding the d orbital of the Fe atom and p orbital of the Cl
atom are constructed on a denser k mesh of 301 × 301 × 1
for the 1L FeCl2 by using the WANNIER90 package [32,39–
42]. The anomalous and OH conductance as well as their
corresponding BC are computed by a modified version of the
Wanniertools program [43]. In the OH conductance calcula-
tion, the matrix representations of |py〉, |pz〉, |px〉, and |dxy〉,
|dyz〉, |dz2〉, |dxz〉, |dx2−y2〉 are

L̂p
z = h̄

⎛
⎝0 0 −i

0 0 0
i 0 0

⎞
⎠, L̂d

z = h̄

⎛
⎜⎜⎜⎜⎝

0 0 0 0 2i
0 0 0 i 0
0 0 0 0 0
0 −i 0 0 0

−2i 0 0 0 0

⎞
⎟⎟⎟⎟⎠.

(11)

B. Atomic and electronic structure of FeCl2

To investigate the possibility of a topology phase transition
in H-FeCl2, a ferrovalley material, we examine its atomic
structure, which is displayed in Fig. 2(a). Similar to H-VSe2,
H-FeCl2 has a hexagonal honeycomb crystal structure with
vertical mirror symmetry, described by the space group D3h

[8,24]. From the side view, each magnetic atomic layer of Fe
atoms is sandwiched by a single atomic layer of Cl atoms.
Fe atoms are covalently bonded by the six nearest-neighboring
Cl atoms to form trigonal prismatic coordination with the
bond length r = 2.47 Å. This gives rise to a local crystal field
on each Fe atom with the 3d orbitals splitting into the A′

1
orbital (dz2 ), E ′ orbital (dxy, dx2−y2 ), and E ′′ orbital (dxz, dyz) as
illustrated in Fig. 2(b). Considering that there are 6 electrons
in the outermost 3d orbital, the spin-up electron channels in
FeCl2 are fully occupied, while the remaining electron occu-
pies the spin-down A1 orbital. Consequently, each Fe atom
possesses a magnetic moment of 4μB. Furthermore, the bond
angle θ = 86◦ of Fe-Cl-Fe demonstrates that the long-range
magnetic order on FeCl2 comes from superexchange interac-
tions between Fe-Cl-Fe.

Out-of-plane magnetic anisotropy (MA) is crucial for
maintaining long-range magnetic order in 2D ferromagnetic
materials [14,44,45]. The Mermin-Wagner theory predicts
that in the absence of out-of-plane MA, 2D magnetic systems
with continuous symmetry will not exhibit genuine long-range
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Fe

Cl

FIG. 2. The atomic structure of 1L FeCl2. (a) The top view and
the side view of FeCl2. (b) Splitting of the 3d orbitals of Fe atom
into A′

1 orbital (dz2 ), E ′ orbital (dxy, dx2−y2 ), and E ′′ orbital (dxz, dyz)
in a trigonal prismatic crystal field. (c) The first Brillouin zone and
inequivalent valley of FeCl2.

magnetic ordering at finite temperatures [46]. This is because
thermal fluctuations strongly impact the orientation of spins in
a 2D system, preventing the long-range order from emerging.
However, out-of-plane MA hinders the influence of thermal
fluctuations on the orientation of magnetic spins, thus preserv-
ing the magnetic exchange interaction between neighboring
magnetic moments. Therefore, under specific conditions of
out-of-plane MA, the 2D magnetic system can display gen-
uine long-range magnetic order at finite temperatures. In this
work, our primary focus is on the out-of-plane MA of FeCl2.
The detailed out-of-plane MA is depicted in Fig. 3(a) (see also

TABLE I. Fitting results from DFT band structure calculations.
The unit is eV for Ueff , ε, �, vF , mv , mc, λv , and λc.

Ueff ε � vF mv/mc λv/λc CL/C

0.00 −2.47 0.43 1.25 1.23/1.20 −0.05/0.00 −1/0
1.16 −2.86 0.11 1.29 1.46/1.40 −0.03/−0.03 0/1

Table I). It can be observed that for 1L FeCl2, the out-of-plane
MA occurs at smaller values of parameter Ueff . When Ueff is
larger than 1.16 eV, the magnetic moments in FeCl2 tend to
orient within the xy plane. Therefore, our main investigation
revolves around the electronic structure and transport proper-
ties of FeCl2 in the range of Ueff from 0 to 1.16 eV.

Due to the hexagonal honeycomb structure and broken
spatial inversion symmetry, TMD materials like FeCl2 exhibit
inequivalent valley polarization at the K and K ′ points in the
presence of out-of-plane MA. The detailed band gaps are
summarized in Fig. 3(b). At small values of parameter Ueff

(0.00–1.10 eV), the band gap at the valley opens up, resulting
in a valley polarization of 110 meV in FeCl2. The band struc-
ture at the valley of FeCl2 is mainly contributed by the E ′ and
A′

1 orbitals, respectively, which determine the valence band
maximum and conduction band minimum when the valley
band gap is open [taking Ueff = 0.00 eV as an example in
Fig. 3(c)]. Using Eq. (1) as the basis function, we constructed
a model for the valley polarization splitting [21]:

�Ev = i
〈
dx2−y2

∣∣Hsoc|dxy〉 − i〈dxy|Hsoc

∣∣dx2−y2

〉
= 2|λv| cos θ,

�Ec = i
〈
dz2

∣∣Hsoc

∣∣dz2

〉 − i
〈
dz2

∣∣Hsoc

∣∣dz2

〉
= 0, (12)
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FIG. 3. The electronic structure of 1L FeCl2. (a) The magnetic anisotropy and (b) the band gap of FeCl2, where red and blue balls represent
the band gaps at K and K ′ valleys. (c), (d) The band structure at Ueff = 0.00 eV and Ueff = 1.16 eV. As is shown in the figure, the main
contribution at the valleys is A′

1 and E ′ orbitals.
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FIG. 4. The orbital Berry curvature (red) and Berry curvature (blue) with (a) Ueff = 0.00 eV, (b) Ueff = 0.00 eV. The anomalous Hall
conductance (AHC) and the orbital Hall conductance (OHC) with (c) Ueff = 0.00 eV, (d) Ueff = 1.16 eV. Up and down panels are AHC and
OHC, respectively. Black, red, and blue lines represent the corresponding Hall conductance at the total Brillouin zone, K valley, and K ′ valley.

where �Ev and �Ec denote valley polarization at the valance
and conduction bands, respectively. The spin-polarized angle
θ = 0◦ represents the magnetic moment along the Z axis. It
is found that valley polarization arises from a combination of
intrinsic SOC effect and spin polarization. When the magnetic
moment flips, the band gaps of two valleys exchange with
each other. Furthermore, when the value of parameter Ueff

reaches 1.10 eV, the band at the K valley exhibits a closure,
leading FeCl2 to undergo a transition into a half-valley-metal
(HVM) state. It is noteworthy that within the range of Ueff

values between 1.10 eV and 1.16 eV, the band gap at the
K valley reopens, but there is a change in the orbital contri-
butions. In this case, the conduction band minimum (CBM)
is mainly contributed by the E ′ orbital, while the valence
band maximum (VBM) is predominantly contributed by the
A′

1 orbital. Consequently, we consider the band gap at the K
valley to have a negative value after the orbital contributions
undergo a flip or reversal in this case.

Indeed, the changes in the Coulomb correction lead to
two distinct states in FeCl2. The first state, denoted as
sgn(�+1�−1) > 0, corresponds to the situation where the
band gaps at both K and K ′ valleys open simultaneously. The
second state, referred to as sgn(�+1�−1) < 0, occurs when

the band gap at the K valley closes and then reopens with a
negative value. These two states align with the two scenarios
discussed in Sec. II.

C. Orbital and anomalous Hall signal in FeCl2

In solids, the BC describes the phase evolution of elec-
trons in momentum space within electronic bands [17,47,48].
Nonzero BC can give rise to AHE in the system break-
ing time-reversal symmetry, which is an essential electrical
measurement technique used to probe the transport prop-
erties of ferromagnetic materials. In an AHE device, as
illustrated in Fig. 1(a), the injected currents moving along
the y axis experience an effect influenced by nonzero BC,
resulting in a Lorentz force parallel to the x axis. This
force causes the carriers to accumulate at the two ends of
the device along the x axis, generating the AH signal. In this
study, based on the two electronic structure states mentioned
in Sec. III B (Ueff = 0.00 eV and Ueff = 1.16 eV), we have
computed both the BC and the OBC by using Eqs. (4) and (7),
which are plotted in Fig. 4. The OBC and BC around valleys

can be written as �z,τ,orb
xy (k) = − 2v2

F �τ

(4v2
F k2+�2

τ )3/2 = τ × �z,τ
xy . At

the valleys, the magnitudes of OBC and BC are related to
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the band gap �τ . Therefore, we consider two cases, (1)
sgn(�+1�−1) > 0 and (2) sgn(�+1�−1) < 0, which repre-
sent Ueff = 0.00 eV and 1.16 eV, respectively.

For the first case of sgn(�+1�−1) > 0 in Figs. 4(a) and
4(c), the signs of �τ at both valleys are the same, which leads
to the same sign of OBC at two valleys. Meanwhile, the BC
has opposite sign, as the coefficient of τ compared to OBC.
By integrating the whole BC and OBC through the Brillouin
zone, the anomalous Hall conductance (AHC) σ AH

xy and OHC
σ OH

xy can be obtained [32],

σ AH
xy = −e2

h̄

∫
BZ

d2k

(2π )2
�z

xy(k),

σ OH
xy = −e2

h̄

∫
BZ

d2k

(2π )2
�z,orb

xy (k). (13)

The detailed calculation results are presented in Fig. 4(c).
For a large-gap system (Ueff = 0.00 eV), the AHC at the K
and K ′ valleys exhibits opposite signs, which results in the
inability to detect the AH signal in the valley of FeCl2. The
sign of the BC is related to the direction of the Lorentz force
experienced by carriers in the AHE device. When carriers
experience BC with opposite signs at the two valleys, they will
move in opposite directions at the two valleys. As a result, the
accumulation of carriers at the two ends of the AHE device
along the x axis becomes equal, leading to the disappearance
of the AH signal.

In addition, the OHC in this case is different from AHC
due to the valley-independent OBC. It is clear that compared
to zero AHC, the OHC at Ueff = 0.00 eV is equal to −CL

e
2π

,
with the orbital Chern number CL = −1. According to the
definition of QAHE, we believe that this integer multiple of
the OHC is a quantum transport property, which has a robust
nonzero orbital Chern number. Equation (8) supports the no-
tion that the OBC is gap dependent and has the same symbol
in the case of sgn(�+1�−1) > 0. This means the carriers with
the opposite OAM at the two valleys are subject to the Lorentz
force in the opposite direction in FeCl2, thus accumulating
on the two sides to form current with OAM. Consequently,
the large-gap FeCl2 is an OH insulator with the topological
invariant CL = −1.

In the case of sgn(�+1�−1) < 0 in Figs. 4(b) and 4(d),
the band gaps �τ at the valleys have opposite signs, which
leads to the same sign of the BC at both valleys. It is found
that the small-gap FeCl2 is a QAH insulator with integer
multiples AHC in the Fermi level. The bulk of this system
is insulated, while the edge state behaves as a unidirectional
current without the band gap. At the same time, compared
to Ueff = 0.00 eV, the OBC changes the sign at K valleys,
resulting in the negative contribution of OHC in Fig. 4(d).
Consequently, the total OHC is greatly smaller than 1 × e

2π
.

In the case of sgn(�+1�−1) < 0, FeCl2 becomes another
topological state, the QAHE with Chern number C = 1. The
topological phase diagram of the Chern number and orbital
Chern number is calculated with varied Ueff in Fig. 5. For a
large-gap ferromagnetic TMD, there is an OH insulator. As
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FIG. 5. Topological phase diagram of FeCl2 with varied Ueff .

the band gap gradually decreases to 0 eV, the system switches
to another topological state QAHE. Experimentally, through
the magneto-optical Kerr effect, the accumulation of orbital
magnetic moments is directly detected on the surface of light
metal Ti [25]. We believe that this method is also suitable for
the OHE measurement of 2D TMDs, and that 2D ferromag-
netic TMDs are suitable platforms for studying the OHE and
QAHE.

IV. CONCLUSION

In summary, we demonstrate the OH insulator for the
large-gap ferromagnetic TMDs and the QAH insulator for
the small-gap system. For the case of sgn(�+1�−1) > 0, the
large-gap ferromagnetic TMDs have robust orbital magnetic
moments and accumulate perpendicular to the electric field
through OBC, forming an OH insulator. The same sign of the
OBC at two valleys leads to orbital Chern number CL = −1.
For the case of sgn(�+1�−1) < 0, the ferromagnetic TMDs
switch to QAH insulator with quantized Chern number C = 1.
The OHE and QAHE are valley polarized and robust at the
out-of-plane MA. As a result, two topological states were
found on the magnetic TMDs. When the band gap is large,
there is an OHE with CL = −1 in the system; when the band
gap gradually closes, there is a QAHE with C = 1 in the sys-
tem. Taking a traditional TMD material FeCl2 as an example,
we observe the topological phase transition between an OH
insulator and a QAH insulator. We remark that OHE with
CL = −1 occurs mainly in large-gap TMDs, which excludes
QAHE interference. In addition, the intrinsic SOC for the 3d
transition metal is weak, so in the insulating band gap, the
influence of the spin Hall effect can also be excluded. There-
fore, 2D TMDs are a very suitable platform for studying OH
insulators. In addition, it is feasible to observe the topological
phase transition from an OH insulator to a QAH insulator by
interfacial engineering.
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