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There is growing interest in using multiterminal Josephson junctions (MTJJs) as a platform to artificially
emulate topological phases and to investigate superconducting mechanisms such as multiplet Cooper pairings.
Current experimental signatures in MTJJs have led to conflicting interpretations of the salient features. In this
work, we report a collaborative experimental and theoretical investigation of graphene-based four-terminal
Josephson junctions. We observe resonant features in the differential resistance maps that resemble those as-
cribed to multiplet Cooper pairings. To understand these features, we model our junctions using a circuit network
of resistively and capacitively shunted junctions (RCSJs). We find that the RCSJ model successfully reproduces
the observed multiplet features. Therefore, our study suggests that differential resistance measurements alone are
insufficient to conclusively distinguish resonant Andreev reflection processes from semiclassical circuit-network
effects.
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The Josephson effect is a centerpiece of many quan-
tum device applications, including superconducting quantum
interference devices (SQUIDs) and superconducting qubits
[1,2]. Increasing the number of superconducting terminals
beyond the typical two terminals in Josephson junctions
(JJs) leads to nonlocal coupling of superconducting order
parameters through a common scattering region. This non-
local coupling has been predicted to lead to quartet Cooper
pairings [3] and macroscopic multichannel effects such as
voltage-induced Shapiro steps, phase drag, and magnetic flux
transfer [4–7]. More recently, multiterminal Josephson junc-
tions (MTJJs) have been proposed as a platform to emulate
topological phases in artificial dimensions [8–21]. In MTJJs
with n superconducting terminals, the energy of the Andreev
bound states is a function of (n − 1) independent phases. In
this context, the phase differences between superconducting
terminals are treated as quasimomenta of a crystal forming
a Brillouin zone in (n − 1) dimensions. The resultant band
structure is predicted to display topological properties such
as Weyl singularities [10,11]. While providing strong moti-
vation for studying the multiterminal Josephson effect, the
exploration of MTJJs as a platform for engineering artificial
topological systems is still nascent.

MTJJs have been experimentally explored in vari-
ous materials platforms including graphene/MoRe [22,23],
graphene/Al [24], and InAs/Al [25–29]. These experiments
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focused on the gate and magnetic field dependence of the
supercurrent flow between adjacent and nonadjacent super-
conducting terminals [27]. Additionally, these experiments
studied the nontrivial geometric response of the critical cur-
rent contour (CCC), a generic characteristic defining the
region in which all the superconducting terminals are at zero
voltage [26]. Recent studies have also reported signatures
of quartet pairings [24,25,30], arising from crossed An-
dreev reflection processes. However, studies of three-terminal
Josephson junctions [23] and a network of tunnel junctions
[31] argue that the multiplet features may also arise from
circuit-network effects.

In this paper, we use a coordinated experimental and
theoretical approach to critically understand the current-
voltage characteristics of four-terminal JJs fabricated in
hBN-encapsulated graphene heterostructures. We model our
junctions using a circuit network of coupled resistively and
capacitively shunted junctions (RCSJs). We show that the
semiclassical RCSJ model reproduces the observed multiplet
features, which are similar in nature to those predicted for
multiplet Cooper pairings [24,25,30]. To elucidate the under-
lying mechanisms giving rise to these features, we calculate
the contribution of the quasiparticle current which reveals the
pair current contribution to the total current. We further con-
sider materials-specific properties such as the Fermi surface
geometry of the normal material and junction transparency
by incorporating the relevant current-phase relation (CPR)
into the RCSJ model. We find theoretically that the shape of
the CCC depends on the the specific form of the CPR [26].
Finally, our study demonstrates that circuit-network effects,
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FIG. 1. (a) The atomic force microscope (AFM) image of device
A. Inset shows the AFM image of device B. The Josephson junctions
are made of hBN-graphene-hBN (outlined by white dashed line)
edge contacted with superconducting Al terminals. Arrows show the
directions of bias currents. (b) and (c) Color map of the differen-
tial resistance dV13/dI1 (b), and dV24/dI2 (c) versus I1 = −I3 and
I2 = −I4 of device A at Vg = 50 V and T = 12 mK. The differential
resistances are measured using lock-in amplifiers. Arrows and black
circles mark resonant branches along local minima of dV13/dI1 and
near-zero differential resistance, respectively. Dashed white contours
outline the critical current contour corresponding to V = 0 V for all
superconducting terminals. (d) dV13/dI1 vs I1 along horizontal black
dashed lines in panel (b). The local minima and near-zero differential
resistance are marked with arrows and circles as in (b). Curves are
shifted vertically by 0.7 k� for clarity.

predicted by the RCSJ model, lead to macroscopic signatures
in differential resistance maps that are identical to those as-
cribed to multiplet pairings.

The results presented in the main text are based on two
devices: device A and B [Fig. 1(a)]. The channel length of
device A is 0.8 µm and 3 µm along current I13 and I24 direc-
tions, respectively. Device B has a circular geometry with a
diameter of 1.3 µm. We mark the current directions used for
the transport measurements in Fig. 1(a). We set I1 = −I3 and
I2 = −I4 in our experiments. We perform all of the measure-
ments using a lock-in amplifier technique with an excitation
current of 1 nA at T = 12 mK, if not otherwise specified.

Figures 1(b) and 1(c) plot differential resistances dV13/dI1

and dV24/dI2 versus I1 and I2 at Vg = 50 V, respectively. The
critical current contour (CCC) is indicated with white dashed
contours on these maps. Consistent with previous reports
in MTJJs [22–29], we observe differential resistance min-
ima corresponding to the superconducting coupling between
the terminal pairs as well as multiple Andreev reflections
(MARs). These features are discussed in more details in the
Supplemental Material [32] (see also Refs. [33–36] therein).
In the remainder of this Letter, we focus primarily on the local
minima in differential resistance maps that are attributed to
the multiplet pairings [red arrows in Figs. 1(b) and 1(c)]. To

FIG. 2. (a) Schematic of the circuit-network of coupled RCSJs
utilized to simulate a four-terminal JJ in which the third termi-
nal is grounded. The links between terminals, e.g., j and k, are
characterized by the sinusoidal CPR I jk

c sin φ jk (t ), a shunted conduc-
tance Gjk , and capacitance Cjk . (b) Calculated quasiparticle current
Iq

j as a function of the input currents obtained from the coupled
RCSJ model. The boundary of the region where Iq

j = 0 determines
the CCC.

better highlight these minima, Fig. 1(d) depicts cuts along the
dashed horizontal lines in Fig. 1(b).

To elucidate the underlying origin of the observed multi-
plet features, we consider a circuit-network model of coupled
RCSJs [Fig. 2(a)]. The RCSJ model represents the individual
junctions by a two-fluid system in which the total junction
current is the sum of a dissipative quasiparticle current iq

jk (t )
and a pair current ip

jk (t ) [37]. The quasiparticle current is
due to a finite voltage Vjk (t ) across the junction that exceeds
the superconducting gap, iq

jk (t ) = GjkVjk (t ), where Gjk is a
constant phenomenological conductance tensor. The pair cur-
rent is given by the diffusive CPR ip

jk (t ) = I jk
c sin(φ jk (t )),

where I jk
c is the critical current and φ jk (t ) ≡ φ j (t ) − φk (t )

is the gauge-invariant phase difference satisfying the Joseph-
son equation dφ jk (t )/dt = (2e/h̄)Vjk (t ). Here, we assume a
diffusive CPR for the junctions. However, we note that the
CPR for ballistic, diffusive, or ϕ0 junctions do not change our
overall conclusions. Subsequently, we assume that the junc-
tions are characterized by the presence of a shunt capacitance
Cjk , which is the characteristic of circuits involving Joseph-
son junctions in a wide family of weak links [38]. For the
numerical analysis that follows below, we start by choosing
experimentally relevant values for the modeling parameters
(e.g., resistance and critical current). We then fine tune the pa-
rameters through inspection to numerically obtain differential
resistance maps which are similar to the experimental ones.
Imposing current conservation (Kirchhoff’s current law) at the
terminal j yields

I j =
∑

k

(
ip

jk + iq
jk + Cjk

dVjk (t )

dt

)
. (1)

Equation (1) results in three coupled differential equa-
tions that may be solved for the relevant junction phases
(φ2(t ), φ1(t ), φ4(t )), assuming that one of the terminals is
grounded, i.e., φ3(t ) = 0 as shown in Fig. 2(a). The d.c.
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FIG. 3. Theoretical simulation of differential resistance dV13/dI1

(a), and dV24/dI2 (b) versus I1 and I2 = −I4 obtained from the cou-
pled RCSJ model. The white dashed contours show the CCC, which
encloses the region in which Iq = 0. (c)

∑
j n jVj as a function of

I1 for a line cut at I2 = 80 nA, along the horizontal dashed line in
panel (a). (d)

∑
j n jVj as a function of I2 for a line cut at I1 = −40

nA, along the vertical dashed line in panel (a). Each branch that
is crossed by the black dashed line in panel (a) corresponds to a
unique triplet (n2, n1, n4) satisfying

∑
j n jVj = 0. Only the narrow

branches, indicated with the small arrows, correspond to higher-order
harmonics.

voltages, relative to the grounded terminal, are obtained by
taking the time average as 〈Vj3(t )〉 = (h̄/2e)〈dφ j (t )/dt〉 ≡
Vj .

To separate out the contributions of quasiparticle and pair
currents to the total current flowing between different terminal
pairs, we take the time average of Eq. (1). We note that any
nonzero voltage between terminals j and k results in a nonzero
quasiparticle current: Iq

jk ≡ Gjk (Vj − Vk ). We define the CCC
as the region wherein the current is solely carried by the pair
contribution and, accordingly, the quasiparticle contribution
is zero. Figure 2(b) shows Iq

j ≡ (
∑

k (Iq
jk )2)

1/2
as a function of

the input currents. In the central region, the dark blue area in
Fig. 2(b), Iq

j = 0 and all the terminals are at zero voltage.
Figure 3 depicts the calculated differential resistance

d (Vj − Vk )/dIj ≡ dVjk/dIj as a function of the input currents,
I1 and I2. We observe that the RCSJ model successfully re-
produces all the major branches including those marked by
arrows in Fig. 1(b). However, as expected, it does not cap-
ture the phase-coherent processes such as multiple Andreev
Reflections (MARs) (see the Supplemental Material [32] for
more details). We further note that the multiplet branches
[marked by arrows in Fig. 3(a)] in the dV/dI maps exhibit
a radial inversion symmetry. These branches can be identified
by a unique triplet (n2, n1, n4) satisfying∑

j

n jVj = 0, (2)

where n2, n1, and n4 are integers. Figures 3(c) and 3(d) high-
light such triplets for branches crossing the black dashed lines
in Fig. 3(a).

To provide an analytical picture for our four-terminal JJ, we
consider all the terminals are at zero voltage and I4 = 0. We
note that these assumptions are made to simplify the following
analytical derivations and will not affect our overall conclu-

sions (see Supplemental Material [32] for more details). The
energy F of the system is given by

F = − h̄

2e

(
I1φ1 + I2φ2 +

∑
j<k

I jk
c cos φ jk

)
, φ3 = 0. (3)

We obtain φ4 by minimizing F with respect to φ4 for fixed
(φ2, φ1) as

φ4 = arctan

∑
k �=4 I4k

c sin φk∑
k �=4 I4k

c cos φk
, φ3 = 0. (4)

We can express the current flowing from terminal 4 to ground
as

ip
43 = I43

c sin φ4. (5)

Generically, since φ4 is a 2π -periodic odd function of
(φ2, φ1), ip

43 can be expanded as a Fourier series [31]:

ip
43 =

∑
n2,n1

In2,n1 sin(n2φ2 + n1φ1), (6)

where (n2, n1) are integers and In2,n1 is the amplitude of the
(n2, n1) harmonic. We note that in a general case of I4 �= 0, a
triplet (n2, n1, n4) may emerge [see Figs. 3(c) and 3(d)].

According to Eq. (6), a dc pair current flows if In2,n1

is non-zero and n2φ2 + n1φ1 is constant [31,39]. Inside the
CCC, the pair current is non-zero because the phases are
time-independent, leading to a zero voltage on each terminal
(V ∝ dφ/dt). We note that outside of the CCC, voltages are
nonzero and Eq. (3) is no longer valid. However, in a nonequi-
librium case in which both quasiparticle and pair currents may
flow, one may utilize the nonequilibrium Green’s functions
method [40] to recover an analogous CPR to Eq. (6). Our
numerical analysis suggests that outside CCC, a pair current
may still emerge on the resonant branches where pairwise
combinations of (n2, n1) satisfies n2φ2(t ) + n1φ1(t ) = const.

We point out that starting from a semiclassical RCSJ
model, in which terminals are pairwise coupled, the circuit-
network model may result in a nonlocal transfer of Cooper
pairs between two terminals. For example, Eq. (6) suggests
that n1 and n2 Cooper pairs are respectively transferred from
ground to terminals 1 and 2 through terminal 4 [41]. There-
fore, it is challenging to separate nonlocal phase-coherent
Andreev reflection processes from the semiclassical circuit-
network effects as both processes may result in similar
macroscopic transport observables. More sophisticated mea-
surements, such as correlated noise spectroscopy [25,42],
provide additional information required to distinguish these
processes. We finally note that the RCSJ model does not re-
produce the near-zero differential resistance, marked by black
dashed circles in Figs. 1(b) and 1(d), that re-emerges at a
nonzero voltage bias (see the Supplemental Material [32] for
more details). Understanding the origin of this phenomenon is
a subject of future studies.

We now focus on device B, wherein the graphene region
has a symmetric circular shape with a diameter of ∼1.3 µm
as shown in the inset of Fig. 1(a). Figures 4(a)–4(c) show the
dV13/dI1 maps versus I1 and I2 at three different gate voltages
Vg = 20 V, 40 V, and 60 V, respectively. Figure 4(d) depicts
the dV13/dI1 map calculated from the RCSJ model, where the
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FIG. 4. (a)–(c) Color maps of the differential resistance
(dV13/dI1) versus I1 = −I3 and I2 = −I4 of device B at three dif-
ferent gate voltages Vg = 20 V (a), 40 V (b), and 60 V (c). The
differential resistance is measured using a lock-in amplifier. All the
measurements are performed at T = 12 mK. (d) Theoretical simula-
tion of the differential resistance (dV13/dI1) for a symmetric RCSJ
configuration, i.e., I jk

c = 5 nA, and Gjk = 1/115 �−1.

same parameters are used for all the junctions. We observe
that while the theoretical map captures the main features of
the experimental data, it does not reproduce the repeating
branches of local minima (see the Supplemental Material
[32] for more details). Furthermore, we do not observe any
signature of multiplet pairings [arrows in Fig. 1(b)] in our ex-
perimental results for device B even at Vg = 60 V. We note that
the induced superconductivity is weaker in device B compared
to device A, likely due to a lower contact transparency resulted
from the fabrication process. This is supported by the fact
that a lower critical current Ic is observed between terminals
2 and 4 in device B (Ic,B ∼ 10 nA) at Vg = 60 V compared
to device A (Ic,A ∼ 20 nA) at Vg = 50 V. Moreover, we find
that the multiplet branch in device A [red arrow in Fig. 1(c)]
disappears at Vg = −50 V, where the induced superconductiv-
ity is weaker compared to Vg = 50 V (see the Supplemental
Material [32] for more details). Finally, we observe that by
decreasing Vg from 60 V to 20 V in the electron-doped regime
(note the Dirac point is at Vg = −11.25 V), the area of the
CCC monotonically decreases. In contrast to a previous report
in InAs MTJJs [26], we observe that the gate only influences
the size of the CCC; we do not see any obvious change in
the geometry of the CCC (see the Supplemental Material [32]
for the magnetic field dependence of the CCC in device A).
This discrepancy may be related to the symmetric nature of
the Fermi surface and lack of spin-orbit coupling in graphene
compared to InAs. In general, the shape of the CCC in our
devices is determined by an effective CPR which depends on
the measurement configuration and current biases [43,44].

So far we have only considered diffusive transport in the
RCSJ model. However, in graphene, it is important to consider
ballistic limit to understand the evolution of the differen-

FIG. 5. (a) and (b) Theoretical simulation of differential resis-
tance dV13/dI1 versus I1 and I2 = −I4 obtained from the coupled
RCSJ model for a different junction transparency (a) T1, jk = 0.80,
and (b) T1, jk = 0.99. (c) and (d) Theoretical simulation of differential
resistance dV13/dI1 versus I1 and I2 = −I4 obtained from the coupled
RCSJ model for ϕ0-junctions with a CPR between terminals j and
k as ip

jk = I jk
c sin(φ jk − ϕ0 ). Panel (c) is for ϕ0 = π , and (d) is for

ϕ0 = π/6.

tial resistance and resonant features. Here, we consider that
transport is mainly facilitated by the Andreev bound states
localized in the junction region. As a result, the energy of the
Andreev bound states for the junction between terminals j and
k is given by εn, jk = �

√
1 − Tn, jk sin2(φ jk/2), where Tn, jk is

the transmission eigenvalue of the transport channel n. This
results in the following CPR:

I jk = −2e

h̄

∑
n

dεn, jk

dφ j
. (7)

We note that with a strong elastic scattering at the junction
region, i.e., Tn, jk 	 1, the sinusoidal CPR can be recovered.
Therefore, we only focus on the clean regime Tn, jk ∼ 1 where
the CPR deviates from the usual sinusoidal profile by devel-
oping a skewness. Figures 5(a) and 5(b) show the simulated
differential resistance dV13/dI1 versus I1 and I2 for T1, jk =
0.8 and T1, jk = 0.99, respectively. We observe that the dif-
ferential resistance maps are qualitatively similar to the one
shown in Fig. 3(a). This indicates that in the RCSJ model, the
multiplet features are robust to the variation of the junction
transparency. However, we experimentally observe that con-
tact transparency may play a role in the observation of the
multiplet signatures (see Fig. 4 and the Supplemental Mate-
rial [32]). We note that a reduced contact transparency, e.g.,
due to an insulating barrier between graphene and aluminum,
may result in an increased capacitance, which, in turn, may
affect the width of the multiplet branches in the differential
resistance maps obtained from the RCSJ model [23]. This is
seen in our theoretical results in Fig. 4(d), where multiplet
signatures are less visible because of the large capacitance
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values in the RCSJ model (see Table 2 in the Supplemental
Material [32] for more details).

To better understand the impact of the CPR on the resonant
features, we also consider a junction with Rashba spin-orbit
coupling and magnetic order in the normal region. In this
case, the CPR may take a sinusoidal form with a phase offset,
sin(φ − ϕ0) [45]. We incorporate this modified CPR into our
RCSJ model as ip

jk = I jk
c sin(φ jk − ϕ0). Figures 5(c) and 5(d)

show the differential resistance dV13/dI1 maps versus I1 and
I2 = −I4 obtained from this RCSJ model for ϕ0 = π and
π/6, respectively. We observe that the CCC is significantly
modified by ϕ0, whereas the resonant features outside of the
CCC remain mainly independent of ϕ0 and are qualitatively
similar to those in Fig. 3(a). We note that in general, the phase
shift ϕ0 may originate from various microscopic mechanisms
such as broken inversion and time-reversal symmetries that
affect the details of the Fermi surface in the normal region.

In this work, we performed differential resistance mea-
surements of symmetric and asymmetric four-terminal JJs. In
addition to zero-resistance branches corresponding to super-
current flow between pairs of superconducting terminals, we
observed resonant features resembling multiplet Cooper pair-
ings in the differential resistance maps. We observed that the
size of the CCC monotonically increased with the increasing
gate voltage due to the symmetric Fermi surface of graphene.

We modeled our junctions using a network of coupled RCSJs
to elucidate the experimental results. We theoretically inves-
tigated the contributions of quasiparticle and pair currents
to the total current. Crucially, we found resonant features
arising from circuit-network effects that mimic signatures of
multiplet pairings. For fixed values of shunt resistance and
capacitance, our calculations demonstrated that the multiplet
features are insensitive to diffusive, ballistic, or ϕ0-shifted
CPRs. Our joint experimental and theoretical study paves the
way toward using MTJJs as a materials-agnostic platform for
engineering complex superconducting mechanisms involving
multiple Cooper pairs.

The experimental data supporting the conclusions of this
letter is available on Zenodo [46].
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