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Oxygen on-site Coulomb energy in Pr1.3−xLa0.7CexCuO4 and Bi2Sr2CaCu2O8+δ
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We study the electronic structure of electron-doped Pr1.3−xLa0.7CexCuO4 (PLCCO; Tc = 27 K, x = 0.1)
and hole-doped Bi2Sr2CaCu2O8+δ (Bi2212; Tc = 90 K) cuprate superconductors using x-ray absorption spec-
troscopy and resonant photoemission spectroscopy (Res-PES). From Res-PES across the O K-edge and Cu
L-edge, we identify the O 2p and Cu 3d partial density of states (PDOS) and their correlation satellites, which
originate in two-hole Auger final states. Using the Cini-Sawatzky method, analysis of the experimental O
2p PDOS shows an oxygen on-site Coulomb energy for PLCCO to be Up = 3.3 ± 0.5 eV, and for Bi2212,
Up = 5.6 ± 0.5 eV, while the copper on-site Coulomb correlation energy is Ud = 6.5 ± 0.5 eV for Bi2212.
The expression for the Heisenberg exchange interaction J in terms of the electronic parameters Ud , Up,
charge-transfer energy �, and Cu-O hopping tpd obtained from a simple Cu2O cluster model is used to carry
out an optimization analysis consistent with J known from scattering experiments. The analysis also provides
the effective one-band on-site Coulomb correlation energy Ũ and the effective hopping t̃ . PLCCO and Bi2212
are shown to exhibit very similar values of Ũ/t̃ ∼ 9–10, confirming the strongly correlated nature of the singlet
ground state in the effective one-band model for both materials.

DOI: 10.1103/PhysRevB.107.195152

I. INTRODUCTION

Since its discovery more than 35 years ago [1], an under-
standing of superconductivity in high-transition temperature
(Tc) cuprate superconductors continues to attract researchers
even today. Extensive experimental and theoretical efforts to
understand the cuprates have identified important aspects of
their electronic structure, such as spin- and charge-ordering
[2–12], a dx2−y2 -type superconducting gap [13,14], the role
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of antiferromagnetic correlations [15–17], electron-phonon
coupling [18], a temperature and momentum-dependent pseu-
dogap [19,20], etc. The charge ordering favors localization
of carriers and competes with superconductivity of doped
carriers in the CuO2 layers, thereby leading to novel transport,
thermodynamic, and spectroscopic phenomena that suggest
quantum critical behavior [21–25]. However, the origin for the
high-Tc superconductivity in the cuprates still remains an open
problem [26].

Several important models have emphasized the complex
nature of the superconductivity and electronic structure of the
cuprates. Starting with the one-band Hubbard model [27,28],
theoretical models evolved along several different routes, such
as the resonating valence bond theory [29], the three-band
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Hubbard model [30,31], the t-J model [32], spin fluctuation
theory [33], marginal Fermi liquid theory [34], the pair density
wave model [35], electron-phonon coupling-induced pairing
which goes beyond the BCS model [36], etc. Although the ori-
gin of superconductivity in the cuprates remains a challenge, it
is generally accepted that the quasi-two-dimensionality of the
CuO2 layers and strong on-site Coulomb correlations provide
a suitable starting point for describing the electronic structure
of the cuprates [27–35,37–42].

Early studies using the Cini-Sawatzky method based on the
two-hole Auger correlation satellite [43,44] showed that the
O on-site Coulomb energy Up can be large (∼5–6 eV) and
close to the copper on-site Coulomb energy Ud (∼6–8 eV)
in YBa2Cu3O7 (YBCO) [45,46], Bi2Sr2CaCu2O8+δ (Bi2212)
[47], and La2−xAxCuO4 (A = Sr, Ba) [48–50]. Further,
Up ∼ Ud is also known for several oxides across the 3d tran-
sition metal (TM) series : titanium/vanadium oxides (SrTiO3,
V2O3, VO2, V2O5) [51–53], LaMO3 (M = Mn-Ni) per-
ovskites [54,55], and cuprates (including Cu2O and CuO)
[45–48,56]. A theoretical study on rare-earth nickelates
(RNiO3) with values of Ud (=7 eV) and Up (=5 eV) showed
the relation of a novel charge-order involving ligand holes
with the metal-insulator transition in RNiO3 [57]. Very re-
cently, the relation of the intersite Heisenberg exchange
interaction J with Ud and Up was recognized for the parent
cuprates as well as hole-doped cuprates [58]. In particular, it
was shown that J could be used as a bridge to connect the
electronic parameters Ũ and t̃ of the widely used effective
one-band Hubbard model with the parameters Ud , Up, �,
and tpd known from the three-band Hubbard model, cluster
model calculations applied to core-level spectroscopy as well
as resonant inelastic x-ray scattering [58], and from ab initio
electronic structure calculations [59].

Surprisingly, there is no experimental estimate of Up using
the Cini-Sawatzky method in electron-doped cuprates which
possess CuO2 planes without the apical oxygen site, i.e.,
the cuprates crystallizing in the so-called T ′ structure. For
Bi2212, the estimate of Ud and Up was made using known
cluster model parameters [56] to explain the Res-PES spectra
[47]. While optimally doped Bi2212 (TC ∼ 90 K) has been
extremely well-studied using soft- and hard-x-ray photoe-
mission [47,60–64], as well as low-energy angle-resolved
photoemission spectroscopy (ARPES) studies of its band
dispersions and Fermi surfaces [13,18–21,38], there is no
estimate of Ud and Up using the experimental Cu 3d and O
2p partial density of states (PDOS). Thus, we felt it impor-
tant to experimentally quantify on-site Coulomb energies in
an electron-doped system in comparison with a well-studied
hole-doped system. Further, recent studies on the T ′ struc-
ture Pr1.3−xLa0.7CexCuO4 (PLCCO) showed the importance
of reduction annealing to achieve electron-doped supercon-
ductivity [65–68]. From careful ARPES studies, it was shown
that the superconducting state was found to extend over a
wide electron doping range with an optimal TC ∼ 27 K [69].
Interestingly, a sharp quasiparticle feature was observed on
the entire Fermi surface of optimally doped PLCCO with
no signature of the antiferromagnetic (AF) pseudogap which
indicated a reduced AF correlation length [66]. However, the
superconducting gap still showed a dx2−y2 symmetry like the
well-known results for the hole-doped Bi2212 [13] and for

electron-doped NCCO [14], and it suggests the importance
of spin-fluctuations as a viable source of pairing even for
PLCCO [67].

In this work, we have used the Cini-Sawatzky method to
obtain Ud (= 6.5 ± 0.5 eV for Bi2212) and Up values (=
5.6 ± 0.5 eV for Bi2212 and 3.3 ± 0.5 eV for PLCCO). How-
ever, since the Pr 3d core level overlaps with the Cu 2p core
level and also the Pr 4 f valence-band states overlap the Cu
3d states, we could not separate out the Cu 3d states from
the Pr 4 f states of PLCCO. Hence, we could not estimate Ud

for PLCCO, but instead we use the Ud estimated for Bi2212.
Next, using the estimated Ud and Up values, and known values
of � and tpd , we obtain a set of parameter values for PLCCO
and Bi2212 consistent with the experimental J known from
neutron or x-ray scattering using an optimization procedure
[58]. The method also provides the effective one-band pa-
rameters Ũ and t̃ consistent with the experimental J . The
results show that Ũ/t̃ ∼ 9–10 for both PLCCO and Bi2212,
and they confirm the strongly correlated nature of the effective
one-band singlet state in spite of the significantly different
values of Up.

II. EXPERIMENT

We have carried out x-ray absorption (XAS) and resonant
photoemission spectroscopy (Res-PES) across the O K-edge
of electron-doped Pr1.3−xLa0.7CexCuO4 (PLCCO, with x =
0.1; Tc = 27 K) and hole-doped (Bi2212; Tc = 90 K) to
estimate Up. For Bi2212, we also measured XAS and Res-
PES across the Cu L-edge to estimate Ud . In addition, XAS
and Res-PES across the O K-edge was measured for PLCCO
with x = 0.0, which shows an antiferromagnetic metal ground
state, to check the doping dependence of the two-hole Auger
satellite. The Bi2212 single-crystal samples were prepared
by the traveling solvent floating zone method as reported
in the literature [70], and characterized for their supercon-
ducting Tc = 90 K. Res-PES across the O K-edge and Cu
L-edge for Bi2212 was performed at BL17SU of SPring-8,
Japan, with an energy resolution �E = 0.2 eV. Bi2212 was
peeled with scotch-tape in UHV and measured at T = 20 K.
The Fermi level EF of gold was measured to calibrate the
energy scale. Low-energy off-resonant synchrotron valence-
band PES measurements (hν = 22.0 and 53.0 eV) were
carried out at BL21 of Taiwan Light Source, NSRRC, Tai-
wan. The energy resolution was set to �E = 15 meV and the
sample temperature was T = 10 K. Single crystals of PLCCO
with x = 0.0 and 0.10 were synthesized by the traveling-
solvent floating-zone method and were protect annealed for
24 h at 800 ◦C [65]. The x = 0.1 composition showed a su-
perconducting TC = 27 K. XAS and Res-PES across the O
K-edge for PLCCO was performed at BL2A of Photon Fac-
tory, Japan, with an energy resolution �E = 0.2 eV. The XAS
and Res-PES measurements were carried out at T = 200 K.
Low-energy synchrotron PES with hν = 16.5 and 55.0 eV
for PLCCO was performed at BL9A HiSOR and BL28A of
Photon Factory, Japan, respectively. The energy resolution
was set to �E = 15 meV at HiSOR and at BL28A of Photon
Factory. The measurements were carried out at T = 9 K, and
EF of gold was measured to calibrate the energy scale.
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FIG. 1. The O K-edge (1s-2p) x-ray absorption spectrum of
PLCCO, x = 0.1.

III. RESULTS AND DISCUSSIONS

Figure 1 shows the O K-edge (1s-2p) XAS spectrum of
PLCCO, x = 0.1, measured at T = 200 K over the incident
photon energy range of hν = 526–535 eV. It shows a small
peak at ∼528.7 eV and a broad structure between 530 and
534 eV, with a weak shoulder at ∼531 eV. The states above
530 eV are attributed to the overlapping La, Ce, and Pr 5d
states hybridized with O 2p states [71], while the 528–530 eV
states are due to Cu 3d–O 2p hybridized states. The peak at
528.7 eV is quite similar to the lowest energy peak feature
seen in the O K-edge XAS of electron-doped NCCO, which
was analyzed as the unoccupied upper Hubbard band associ-
ated with Cu 3d states hybridizing with O px, py states, while
the pz states are mixed into the tail of the ∼531 eV shoulder
[71].

Figure 2(a) shows the O 1s-2p Res-PES spectra of PLCCO,
x = 0.1, obtained using incident photon energies labeled by
vertical tick marks in Fig. 1. The main valence-band spectra
show three features consisting of a rounded peak at about
1.5 eV binding energy (BE), a small sharp feature at around
2.5 eV BE, and a broad feature spread over 2.5–7.5 eV BE.
The rounded peak is attributed to the mainly Pr3+ occupied
4 f 2 states, which have a strong cross-section at these hν

values compared to Cu 3d states, which are also expected
over the same energies but hidden below the Pr 4 f states.
The small sharp feature at 2.5 eV BE is due to the Ce3+

occupied 4 f 1 states. This is confirmed by comparing the O
1s-2p Res-PES spectra of PLCCO, x = 0.0, which do not
contain Ce, as discussed in the Appendix. The broad feature
at 2.5–7.5 eV BE mainly consists of the O 2p states. The
valence-band spectrum measured with hν = 55.0 eV is also
shown in Fig. 2(a). It confirms the suppression of the Ce and
Pr 4 f states due to their low photoionization cross-sections at
low incident hν, and it also confirms the dominantly O 2p
PDOS character of the broad feature spread over 2.5–7.5 eV
BE.

In this work, our main interest is to measure over higher
binding energies and check for the O KVV Auger satellite
feature, which originates from a two-hole final state and pro-
vides a measure of Up. As can be seen in Fig. 2(a), a weak

FIG. 2. (a) The Res-PES spectra across the O K-edge (1s-2p) of
PLCCO, x = 0.1, measured at photon energies marked with vertical
bars in Fig. 2. The spectra are normalized at 8 eV BE. The off-
resonance valence-band spectrum measured with hν = 55.0 eV is
also shown. (b) The difference spectra obtained for higher energies
with respect to the hν = 526.2 eV spectrum.

feature seen at ∼11 eV BE shows a small increase in inten-
sity on increasing the incident hν from 526.2 to 527.2 eV.
For higher hν > 527.2 eV, the feature gets strongly enhanced
and shifts to higher BEs tracking the increase in hν [red
dashed line in Fig. 2(a)]. This behavior is a signature of the
Auger two-hole satellite. To characterize the evolution of the
satellite, in Fig. 2(b), we have plotted the difference spectra
with respect to hν = 526.2 eV for all higher hν. The differ-
ence spectra show a small intensity increase of the satellite
feature at ∼11 eV BE for hν = 527.2 eV (see Fig. 3 for an
expanded y-scale figure). On increasing hν, it shows a system-
atic increase in intensity with an energy shift and a coupled
suppression of the main O 2p valence-band intensity. The
energy shift is seen with a small increase in intensity up to
hν = 529.7 eV, but a small increase of the main valence-band
intensity is also observed at hν = 529.7 eV. The La and Ce
5p states are observed in Fig. 2(a) as weak bumps between
∼15 and 18 eV BE, while the Pr 5p states are between ∼20
and 23 eV and overlap with the O 2s states at ∼23 eV. A very
similar behavior was observed in the O K-edge XAS and O
1s-2p Res-PES spectra of PLCCO, x = 0.0 (detailed in the
Appendix), indicating a very similar O KVV Auger two-hole
satellite.

To estimate Up using the Cini-Sawatzky method, we plot
the PLCCO, x = 0.1 valence-band spectra with hν = 16.5
and 55.0 eV, as shown in Figs. 3(a) and 3(b), respectively.
At these energies, the overall valence-band spectrum is dom-
inated by O 2p states but it can be seen that the spectrum
with hν = 55.0 eV is slightly broader than at hν = 16.5 eV.
From a numerical self-convolution of the one-hole valence-
band spectra, we obtained the two-hole spectra, also shown
in Figs. 3(a) and 3(b). Comparing the two-hole spectra with
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FIG. 3. (a) The valence-band spectrum of PLCCO for x = 0.1
measured with hν = 16.5 eV. From a numerical self-convolution of
the one-hole valence-band spectrum, we obtained the two-hole spec-
tra. Comparing the two-hole spectrum with the difference spectra
obtained at hν = 527.2 eV (which shows the correlation satellite
feature for x = 0.1), we could estimate Up = 3.3 ± 0.5 eV for hν =
16.5 eV. (b) Similarly, we could estimate Up = 3.0 ± 0.5 eV for
hν = 55 eV. The correlation satellite feature for x = 0.0 also lies at
the same energy as for x = 0.1.

the difference spectra of x = 0.0 and 0.1 obtained at hν =
527.2 eV, which is the lowest energy that shows the two-hole
correlation satellite feature, we estimate Up = 3.3 ± 0.5 eV
for hν = 16.5 eV and Up = 3.0 ± 0.5 eV for hν = 55.0 eV.
Thus, the estimated Up from the analyses using hν = 16.5 and
55.0 eV for x = 0.1 are quite close to each other. Interestingly,
as seen in Fig. 3, since the two-hole correlation satellite fea-
ture for x = 0.0 is observed at the same energy as for x = 0.1,
it suggests that the strength of Up does not depend on the
electron doping content.

In Fig. 4, we plot the O K-edge (1s-2p) XAS spectrum
of Bi2212 measured at T = 20 K over the incident photon
energy range of hν = 526–536 eV. The spectra are quite sim-
ilar to early reports of the XAS of Bi2212 [47]. It shows a
small peak at ∼529.3 eV and a shoulder at ∼531.35 eV, which
extends as a broad feature up to nearly 535 eV. The shoulder
marks the onset of the upper Hubbard band associated with
Cu 3d states bonding to O px, py states, while states above
are attributed to the Bi, Sr, and Ca states hybridized with O
2p states. It is well-known that the peak at 529.3 eV shows an
intensity proportional to the doped hole states [72,73]. Similar

FIG. 4. The O K-edge (1s-2p) x-ray absorption spectrum of
Bi2212. The photon energies labeled (a)–(f) were used to measure
the Res-PES spectra across the O K-edge as discussed in Fig. 5.

behavior was also seen in O K-edge XAS spectra of hole-
doped La2−xSrxCuO4 [74]. At photon energies labeled (a)–(f),
we then carried out O 1s-2p Res-PES spectra of Bi2212 to
check for the two-hole Auger correlation satellite.

As shown in Fig. 5, the O 1s-2p Res-PES spectra of
Bi2212, measured over a wide BE range of 30 eV, exhibit
many shallow core levels, which are due to Bi 5d , Ca 3p, O 2s,
and Sr 4p as labeled in Fig. 8. The shallow core features be-
tween 17 and 30 eV BE allow us to consistently calibrate the
on-resonance spectra in spite of the relatively weak intensities
of the main valence-band spectra between EF and about 7 eV
BE. Importantly, we see that the peak feature at 12.8 eV BE
systematically increases in intensity on increasing the incident
hν from 527.7 to 529.3 eV (a)–(c). At hν = 530.6 eV, the
intensity reduces, reflecting the dip in the XAS spectrum and
then increases again for hν = 531.3–534.3 eV. From hν =
529.3 to 534.3 eV, the feature systematically shifts to higher
BEs tracking the increase in hν, confirming its Auger two-hole
satellite character.

To estimate Up for Bi2212, we measured the valence-band
spectrum with hν = 53.0 eV, as plotted in Fig. 6. The spec-
trum shows the dominantly O 2p states hybridized with Cu 3d
states, centered at about 3.5 eV BE, and very weak intensity

FIG. 5. The Res-PES spectra measured across the O K-edge
(1s-2p) of Bi2212 at photon energies labeled (a)–(f) in Fig. 4. The
spectra are normalized to the incident photon flux.
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FIG. 6. The off-resonance valence-band spectrum of Bi2212
measured with hν = 53 eV, which represents the dominantly O 2p
PDOS hybridized with Cu 3d states. The numerical self-convolution
of the valence-band spectrum is compared with the on-resonance
spectrum obtained with hν = 529.3 eV in order to estimate Up.

with a step at the EF . We have also measured the valence
band with hν = 22.0 eV (see Fig. 9, inset), but it is known that
the Bi2212 spectrum shows relatively high intensity features
due to the Bi-O derived O 2p states between 4 and 8 eV
BE [60]. Since we are interested in knowing the Up for the
CuO2-plane oxygen sites, we used the hν = 53.0 eV spectrum
to estimate Up. The numerical self-convolution of the one-hole
hν = 53.0 eV valence-band spectrum is plotted together with
the on-resonance spectrum obtained with the hν = 529.3 eV
spectrum, as shown in Fig. 6. The energy separation of the
main peaks between these two spectra provides an estimate
of Up = 5.6 ± 0.5 eV. Thus, the estimated Up = 5.6 ± 0.5 eV
for Bi2212 is larger than the value of Up = 3.3 ± 0.5 eV for
PLCCO, and it indicates that Up values can vary significantly
for different families of cuprates. While the origin of this
difference in Up between PLCCO and Bi2212 is not clear,
it is generally considered that the on-site Coulomb energy
in a solid is strongly reduced from the atomic values due
to solid-state screening. Considering the differences in the
crystal structure of PLCCO and Bi2212, the smaller Up for
PLCCO may be attributed to the generally smaller � (equiv-
alently, the smaller charge-transfer gap) of the electron-doped
cuprates compared to the hole-doped ones.

Next, we do the same exercise of estimating on-site
Coulomb energy but for the Cu site, Ud , in Bi2212. Fig-
ure 7 shows the Cu L-edge XAS spectrum, which exhibits
a typical single peak feature for the L3 and L2 edges. This
is consistent with early work on Bi2212 [61,73], which also
reported polarization-dependent studies to characterize the
Cu 3d states. It was shown that the single peak feature
was dominated by the 3dx2−y2 states, but also included about
15% 3dz2−r2 contribution [61,73]. At photon energies labeled
(a)–(g) marked in Fig. 7, we measured the Cu 2p-3d Res-
PES spectra of BI2212 to check for the Cu two-hole Auger
correlation satellite. Figure 8 shows the valence-band spectra
measured over a wide energy range of 30 eV BE including
the shallow core levels of Bi 5d , Ca 3p, O 2s, and Sr 4p.
The shallow core-level positions help us to confirm the energy
calibration. The spectral changes consist of a suppression or

FIG. 7. The Cu L-edge (2p-3d) x-ray absorption spectrum of
Bi2212. The photon energies labeled (a)–(g) were used to measure
the Res-PES spectra across the Cu L-edge, as discussed in Fig. 8.

antiresonance behavior of the main valence band, coupled to
a large increase of the feature at about 12.5 eV BE. This peak
shows a tenfold increase in intensity on changing hν from
930.6 to 933.4 eV corresponding to a resonant enhancement.
Please note that the spectrum obtained with hν = 933.4 eV is
divided by a factor of 10. The spectrum with hν = 933.4 eV
is very similar to the early study by Brookes et al., which
showed a strong resonant enhancement of the ∼12.5 eV satel-
lite feature [63]. The authors further identified the feature at
∼12.5 eV as the atomic like 1G-state, the very weak feature at
∼16 eV as the 1S-state and the weak feature at ∼10 eV as the
3F -state, as shown on an expanded scale in Fig. 9.

On increasing hν further from 933.4 to 940.0 eV, the
feature at 12.5 eV BE systematically moves to higher BE,
tracking the increase in hν, and this indicates that the feature
is the Cu L3VV two-hole Auger satellite, consistent with early
reports [47]. To estimate Ud , we then measured the valence
band of Bi2212 with hν = 22.0 eV and compared it with
the off-resonance spectrum obtained with hν = 927.9 eV, as
shown inset of Fig. 9. The hν = 22.0 eV spectrum repre-
sents the valence-band spectrum dominated by O 2p PDOS,
which are hybridized with Bi and Cu valence-band states. In

FIG. 8. The Res-PES spectra measured across the Cu L-edge
(2p-3d) of Bi2212 at photon energies labeled (a)–(g) in Fig. 7. The
spectra are normalized to the incident photon flux, and in addition,
for photon energies (c)–(e), the spectra were scaled by a factor to
facilitate a comparative evolution of the L3VV feature.
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FIG. 9. The numerical self-convolution of the Cu 3d PDOS
is compared with the on-resonance spectrum obtained with hν =
933.4 eV in order to estimate Ud . Inset: The Cu 3d PDOS was
obtained as the difference between the valence-band spectrum of
Bi2212 (hν = 22.0 eV) and the off-resonance spectrum [hν =
927.9 eV (Fig. 8)].

particular, it was shown that the features between ∼4 and 8 eV
BE are dominated by the Bi-O hybridized states, which get
suppressed even with hν = 53.0 eV (see Fig. 6). Hence we
used the hν = 53.0 eV spectrum to estimate Up for the O 2p
states associated with the CuO2 planes. On the other hand,
since the Cu 3d cross section dominates at hν = 927.9, the
hν = 927.9 eV spectrum is considered to have an enhanced
contribution of Cu 3d states, albeit hybridized with O 2p
states. To separate out the dominantly Cu 3d character PDOS,
we normalized the spectra in the inset of Fig. 9 at 5.5 eV BE
and obtained a difference spectrum, which is also plotted in
the same inset.

We then carried out a numerical self-convolution of the dif-
ference spectrum and compared it with the on-resonance hν =
933.4 eV spectrum, which showed the Cu L3VV two-hole
Auger satellite (Fig. 9, main panel). Although the numerical
self-convolution shows weak features at BEs of 8, 10, and
13 eV, we have checked that they are artifacts that arise from
the structures between 4 and 6.5 eV BE in the difference
spectrum (inset, Fig. 9) associated with the Bi-O states lying
at 4–8 eV BE. Hence, we used the main peak of the numerical
self-convolution at 6 eV BE to get an estimate of average
Ud in Bi2212. The energy separation between the main peak
of the numerical self-convolution and the main peak of the
Cu L3VV two-hole Auger satellite provides an estimate of
Ud = 6.5 ± 0.5 eV for Bi2212. The error bar of ±0.5 eV was
estimated by shifting the Auger spectrum by ±0.5 eV, which
leads to a width in fair agreement with the main peak of the
self-convoluted two-hole spectrum. Using the same method, a
value of Ud = 6.5 ± 0.5 eV was also estimated recently for
the three-layer cuprate superconductor HgBa2Ca2Cu3O8+δ

[75], which shows the highest Tc = 130 K at ambient pressure
[76]. Having obtained estimates of Ud and Up, we applied
them to determine the Heisenberg exchange J and the relation
between the effective one-band and three-band Hubbard mod-
els for PLCCO and Bi2212. But before that, we discuss below
the very early work by deBoer et al. [77], which clarified
the difference between the Ud deduced from Auger spectra
compared to the Hubbard Ud .

For an atom M in a solid, the Ud obtained from the two-
hole Auger satellite is the energy cost for the “reaction”

2(M+) → M + (M2+). Then, the value of Ud (Auger) is the
difference between the first ionization energy (I1) and the
second ionization energy (I2), i.e., Ud (Auger) = I2 − I1.
However, the Hubbard Ud is the energy cost for the “reaction”
2M → (M−) + (M+), i.e., Hubbard Ud = I1 − A, and it cor-
responds to the difference between the first ionization energy
I1 and the electron affinity A. While both the values represent
the energy difference between one less electron and one more
electron compared to a reference state, the reference states M
and M+ are obviously not the same. But the difference in the
estimated values of Ud (Auger) and Hubbard Ud is expected
to be small due to solid-state screening effects [77]. It is noted
that for the value of Hubbard Ud for Cu, most of the literature
uses values between 6 and 8 eV [45–50,56,78–80], while we
obtain Ud (Auger) = 6.5 ± 0.5 eV, confirming that they are
not very different.

In a recent study [58], we developed an optimization
procedure to estimate effective one-band Hubbard model
parameters Ũ and t̃ using reported three-band parameters
tpd ,�,Ud , and Up from theoretical studies [78] as well
as cluster model calculations [79,80]. In this procedure,
the Heisenberg exchange J calculated using a downfolding
method [81] for a Cu2O cluster model employing the three-
band Hamiltonian in the hole picture is given by

J = 4
t4
pd

�2

[
1

Ud
+ 1

� + Up/2

]
. (1)

This agrees with the expression obtained by fourth-order per-
turbation theory [82–85], but in the approximation of intersite
Coulomb interaction Upd = 0 (which is typically smaller than
Up and Ud [42]) and the oxygen-oxygen hopping tpp = 0
(since we used a Cu2O cluster). If we now write J = 4t̃2/Ũ ,
then we can identify

t̃ = t2
pd

�
,

1

Ũ
= 1

Ud
+ 1

� + Up/2
. (2)

As explained in Ref. [58], this expression for J does not
lead to a satisfactory agreement with J = 121 meV(Pr2CuO4)
reported from neutron scattering [86] and J = 161 meV
(Bi2212) from x-ray scattering measurements [86,87], if we
directly use reported values of three-band parameters. We
also checked it by using the J obtained for a sample of
Bi2212 doped into the antiferromagnetic regime, by scaling
the 2-magnon Raman scattering result [88] of J = 124 meV
to an effective neutron scattering result of J = 132 meV,
using La2CuO4 as a reference case, but we could not obtain
a satisfactory agreement. Then, using an optimization pro-
cedure, we first find values that provide a good agreement
with J known from the scattering experiments [86–88]. It
was found that the energy cost was minimal for the second
optimization procedure (described in Ref. [58]), in which we
modify the parameters (t̄pd , �̄; columns 3 and 4 in Table I) and
obtain optimal values (tpd and �; columns 5 and 6 in Table
I). The optimal values are sufficiently close to values of t̄pd ,
�̄ using the three-band model or cluster model calculations
reported in the literature. Next, we use our measurements of
Ud and Up, and optimal values tpd ,�, to estimate the one-band
parameters Ũ and t̃ . The results are summarized in Table
I. The results show that Ũ/t̃ ∼ 9–10 for both PLCCO and
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TABLE I. Electronic parameters (U d , U p, t pd , �) for cuprates from the three-band Hubbard model/cluster model calculations. The table
also shows an optimized parameter set of (tpd and �). J is the nearest-neighbor Heisenberg exchange deduced from scattering experiments.
See the text for details.

Optimized set
Compound U d U p t pd � tpd � J (ref.no) Ũ t̃ Ũ/t̃
(ref. no) ±0.5 eV ±0.5 eV ±1.0 eV ±0.2 eV eV eV meV eV eV

Pr2CuO4(80) 8.0 4.1 1.1 3.0 1.0 3.2 121 (86) 3.16 0.31 10.19

PLCCO(80) with 6.5 3.3 1.1 3.0 0.96 3.0 121 (86) 2.7 0.29 9.31
experimental Ud , Up

Bi2212(78) 8.5 4.1 1.13 3.2 1.1 3.5 161 (87) 3.34 0.37 9.03

Bi2212(79) 7.7 6.0 1.5 3.5 1.2 3.7 161 (87) 3.59 0.38 9.44
Bi2212(79) with 6.5 5.6 1.5 3.5 1.16 3.5 161 (87) 3.2 0.36 8.9
experimental Ud , Up

Bi2212(78) 8.5 4.1 1.13 3.2 1.07 3.4 132 (88) 3.33 0.33 10.09

Bi2212(79) 7.7 6.0 1.5 3.5 1.13 3.7 132 (88) 3.58 0.34 10.53
Bi2212(79) with 6.5 5.6 1.5 3.5 1.10 3.7 132 (88) 3.24 0.33 9.81
experimental Ud , Up

Bi2212 using experimental Ud and Up, and they confirm the
strongly correlated nature of the effective one-band singlet
state [58]. It is very interesting to note that the estimated
one-band parameters Ũ and t̃ show small differences for
PLCCO and Bi2212, although the Up values are significantly
different for them. If one looks at the small differences be-
tween PLCCO and Bi2212 more closely, one can see that
the smaller tpd for PLCCO (due to its longer in-plane lattice
parameter) is responsible for the smaller J and t̃ , in spite
of the smaller � and Up. On the other hand, the smaller �

and Up do play a major role in reducing Ũ in PLCCO. In
contrast, the larger tpd for Bi2212 (due to its shorter in-plane
lattice parameter) is responsible for the larger t̃ . Although a
larger � and Up result in a relative increase in Ũ for Bi2212,
the net result is ∼10% larger J for Bi2212 compared to
PLCCO, based on the scaled Raman scattering estimate for
Bi2212.

More interestingly, the obtained values of t̃ = 0.29 eV (for
PLCCO) and t̃ = 0.33–0.36 eV (for Bi2212) are quite close
to the values of the primary or nearest-neighbor (NN) hopping
t = 0.26 eV (for PLCCO) and 0.36 eV (for Bi2212) estimated
from fitting the ARPES Fermi surfaces of PLCCO [68] and
Bi2212 [89]. It is noted that the tight-binding fits for PLCCO
and Bi2212 also employed a second NN hopping t ′ (= 0.24t
and 0.3t , respectively) and for Bi2212 an additional out-of-
plane hopping t⊥ (= 0.3t), which are relatively small. Similar
results have been reported for La2CuO4 and Sr2CuO2Cl2 for
which the neutron scattering results could be explained by an
effective extended one-band model. For La2CuO4, a dominant
NN hopping t = 0.33 eV implied an effective U/t = 8.8 with
U = 2.9 eV, but in addition to the NN exchange J = 138 meV,
it was important to include a ring exchange term with Jc =
38 meV, and the second NN and third NN exchange J ′ = J ′′ =
2 meV [90]. For Sr2CuO2Cl2, the authors used a t-t ′-t ′′-J
model and obtained t = 0.35 eV, t ′ = 0.12 eV, t ′′ = 0.08 eV,
and with J = 0.14 eV [91,92], it implied an effective U/t = 10
with U = 3.5 eV. All these cases suggest that the NN hopping
t and U can be considered to be t̃ and Ũ of the effective
one-band model.

Thus, in spite of the differences in PLCCO and Bi2212, t̃
plays an important role in determining the value of J and also
results in a very similar value of Ũ/t̃ ∼ 9–10. Several studies
have emphasized J as being one of the most important param-
eters to achieve high-temperature superconductivity exhibited
by the family of cuprates [26,86,87,93–101]. It is clear from
Eq. (1) that Up, Ud , �, and tpd all play an important role in
determining the Heisenberg exchange J . Finally, using Eq. (2)
and writing J = 4t̃2/Ũ in the effective one-band Hubbard
model form provides a bridge to understand the connection
between the effective one-band and three-band Hubbard mod-
els of the cuprates [102,103]. While they have often been
considered as distinct models, in essence, as the present results
show, they are truly equivalent.

IV. CONCLUSIONS

In conclusion, the Cini-Sawatzky method was employed
to obtain the experimental values of Ud (= 6.5 ± 0.5 eV) for
Bi2212 and Up for Bi2212 (= 5.6 ± 0.5 eV) and PLCCO
(= 3.3 ± 0.5 eV). This indicates that the Up values can vary
significantly in different families of cuprates. Using the esti-
mated Ud and Up values, and known values of � and tpd , we
could obtain a set of optimal parameter values for PLCCO
and Bi2212 consistent with the experimental J known from
neutron, x-ray, and Raman scattering. We also obtained the
effective one-band parameters Ũ and t̃ for the experimental
J . The results show that Ũ/t̃ ∼ 9–10 for both PLCCO and
Bi2212, and they confirm the strongly correlated nature of the
effective one-band singlet state.
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APPENDIX: XAS AND RES-PES OF PLCCO, x = 0.0

Figure 10 shows the O K-edge (1s-2p) XAS spectrum of
PLCCO, x = 0.0, measured at T = 200 K over the incident
photon energy range of hν = 526–535 eV. It shows a small
peak at ∼528.7 eV, a weak shoulder at ∼530.5 eV, and a
broad structure at 532–535 eV. The high-energy states above
532 eV are attributed to the La and Pr 5d states hybridized
with O 2p states [71], while the 528–530 eV states are due to
Cu 3d–O 2p hybridized states. The peak at 528.7 eV is also
quite similar to the lowest energy peak feature seen in the O
K-edge XAS of electron-doped NCCO, which was analyzed
as the unoccupied upper Hubbard band associated with Cu
3d states hybridizing with O px, py states, while the shoulder
at ∼530.5 eV is due pz states [71]. Comparing the x = 0.0
and 0.1 spectra as shown in Fig. 10, the small peak associated
with the upper Hubbard band at 528.7 eV shows relatively
lower intensity in x = 0.1 compared to x = 0.0. This confirms
the higher electron doping content in x = 0.1 with respect to
x = 0.0.

The O 1s-2p Res-PES spectra of PLCCO, x = 0.0 shown
in Fig. 11(a) are quite similar to that of x = 0.1 shown in
Fig. 2(a). There are small differences, e.g., the small Ce3+

peak at around 2.5 eV BE is missing in x = 0.0 and the
mainly Pr3+ occupied 4 f 2 states at 1.5 eV BE are sharper with
slightly higher intensity. The Res-PES spectra also show the
two-hole Auger satellite feature at ∼11 eV BE, which shifts
to higher BEs tracking the increase in hν [red dashed line
in Fig. 11(a)]. The resonance behavior of the satellite was
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FIG. 10. Comparison of the O K-edge (1s-2p) x-ray absorption
spectra of PLCCO, x = 0.0 and 0.1.

FIG. 11. (a) The Res-PES spectra across the O K-edge (1s-2p)
of PLCCO, x = 0.0, measured at photon energies marked with ver-
tical bars in Fig. 1. The spectra are normalized at 8 eV BE. The
off-resonance valence-band spectrum measured with hν = 55 eV for
x = 0.1 is also shown for comparison. (b) The difference spec-
tra for higher energies obtained with respect to the hν = 526.2 eV
spectrum.

confirmed by plotting the difference spectra with respect to
hν = 526.2 eV, as shown in Fig. 11(b). The satellite starts
getting enhanced at hν = 526.2 eV, and its energy position
and spectral shape are very similar to the satellite observed
for x = 0.1, as shown in Fig. 3. For higher hν, the differ-
ence spectra show an increase of the satellite intensity and
shift to higher BE, coupled with a suppression of the main
valence-band states until hν = 528.7 eV. This is followed
by a suppression of the satellite coupled with a recovery of
the main valence-band states at hν = 529.7 eV. The La 5p
states are observed in Fig. 11(a) as weak features between
∼15 and 18 eV BE, while the Pr 5p states occur between
∼20 and 23 eV and overlap with the O 2s states at ∼23 eV.
The valence-band spectrum measured with hν = 55.0 eV for
x = 0.1 is also shown in Fig. 11(a). It shows that the broad O
2p states spread over 2.5–7.5 eV BE for x = 0.0 with higher
hν are quite similar to the O 2p states for x = 0.1. It is noted
that although we did not measure the low-energy hν = 16.5
or 55.0 eV valence-band spectra to estimate Up for x = 0.0,
the BE shifts of the La 3d , Pr 3d , and O 1s core-level peaks
were measured by x-ray photoemission spectroscopy [68].
The results indicated a chemical potential shift of <0.3 eV
from x = 0.0 to 0.1. Since the O 2p feature between 2.5
and 7.5 eV BE for x = 0.1 matches closely with the O 2p
feature for the x = 0.0 spectra measured with higher hν, it
indicates that for x = 0.0, the shift in the O 2p PDOS in the
valence band is also <0.3 eV. Accordingly, the change in Up

for x = 0.0 is considered to be within the error bar (±0.5 eV)
of the Up estimated for x = 0.1.
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