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Spin-gapless semiconductors (SGSs), with intrinsic magnetism, 100% spin polarization, and zero-gap band
crossing points, have attracted great scientific interest owing to their potential applications in spintronics. In
this Letter, using first-principles calculations and symmetry analysis, we demonstrate that the realistic material
Sr2CuF6 is a spintronic material with multiple dimensions of spin-gapless semiconducting states. Tetragonal
Sr2CuF6 has a zero-dimensional zero-gap nodal point, a one-dimensional zero-gap nodal line, and a two-
dimensional nearly zero-gap nodal surface in one spin direction. Moreover, it hosts a wide band gap in the
other spin direction. Our results extend the SGS members from nodal point SGSs and nodal line SGSs to nodal
surface SGSs. Furthermore, we report a SGS candidate in an experimentally realized material exhibiting different
dimensions of zero-gap points in momentum space. It is hoped that spintronic materials with multiple dimensions
of spin-gapless semiconducting states may have significant applications in new-generation spintronics.
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Introduction. Spintronics [1,2] is one of the most promis-
ing next-generation information technologies. It uses the
electron spins as information carriers and has the potential
advantages of accelerating data processing, high circuit inte-
gration density, and low-energy consumption. Owing to these
advantages, new classes of spintronic materials have been
proposed one after another [3–8]. In 2008, Wang [9] pro-
posed a new type of zero-gap material, that is, a spin-gapless
semiconductor (SGS) with 100% spin-polarized carriers, high
carrier mobility, and zero (or negligible) low excitation en-
ergy of electrons from the valence band to the conduction
band. Motivated by this work, several SGSs [10–15] with
a zero-gap state and parabolic or linear energy-momentum
dispersions were predicted using first-principles calculations.
Moreover, the SGS behaviors in some well-known Heusler al-
loys, such as Mn2CoAl [16], CoFeCrGe [17], and CoFeMnSi
[18] with parabolic energy-momentum dispersions, have been
confirmed by measuring the transport properties through ex-
periments. The origin of the SGS behavior in Heusler alloys
based on the Slater-Pauling rule and a semiempirical gen-
eral rule for designing Heusler-based SGSs, in theory, are
discussed in Ref. [12]. Xu et al. [19] proposed a new spin
injection scheme based on SGSs and typical semiconductors
that can retain the high-spin polarization of the injection
source and overcome the conducting mismatch between the
half metals and typical semiconductors.

In addition to designing the Heusler-based SGSs with
parabolic energy-momentum dispersions mentioned above,
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researchers have also made significant efforts in design-
ing SGSs with linear energy-momentum dispersions. Among
them, SGSs with a zero-dimensional (0D) nodal point [20–24]
and a one-dimensional (1D) nodal line [25–29] in momen-
tum space are of great importance and have very recently
attracted significant attention. Dirac-point SGSs [30,31] are
mainly proposed among two-dimensional (2D) materials, and
they possess fundamental massless Dirac fermions and dis-
sipationless transport properties. The 2D Dirac SGSs have
yet to be experimentally realized because they are monolayer
materials; hence, they are hard to synthesize. Moreover, some
monolayer materials are not stable in the ambient environ-
ment. Thus, new nanotechnology is needed for fabricating
monolayer Dirac-point SGSs. Dirac-point SGSs have isolated
0D band crossing points at the Fermi level and in momentum
space. In 2020, Zhang et al. [25] proposed nodal line SGSs
[32] in three-dimensional (3D) solids. For nodal line SGSs,
the band crossing points at the Fermi level are not isolated and
can form a 1D line or a geometry, which is formed by more
than one 1D line, in momentum space. Nodal line SGSs pos-
sess 100% spin polarization, high carrier mobility, zero-gap
nodal line states at the Fermi level in one spin direction, and
spin-polarized hallmark drumhead surface states. In a review
of recent advances in the field of nodal line SGSs, Ding et al.
[26] reported that a series of 2D and 3D materials, which are
potential nodal line SGSs, has been proposed in the last five
years. They have also suggested some theoretical prediction
approaches for 3D nodal line SGSs as future prospects, which
is encouraging.

The outcomes of the studies mentioned above lead to some
interesting questions: (1) Is it possible to find a nodal surface
SGS with zero-gap band crossing points at the Fermi level
that can form a 2D nodal surface in momentum space? (2)
If yes, then is it possible to find a realistic material that can
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cohost 0D nodal point, 1D nodal line, and 2D nodal surface
spin-gapless semiconducting states? In this Letter, we address
the above questions. We select tetragonal Sr2CuF6 with a
P4b2 structure and space group (SG) 117 as an example to
discuss the 0D nodal point, 1D nodal line, and 2D nearly
nodal surface spin-gapless semiconducting states in its band
structure. Sr2CuF6 is a prepared material [33] whose crystal
structure was determined in 1970. Moreover, we show that
the multiple dimensions of spin-gapless semiconducting states
in tetragonal Sr2CuF6 are robust to uniform strains and the
on-site Hubbard Coulomb interaction. This Letter proposes,
in theory, a nearly nodal surface SGS and reveals a realistic
material with multiple dimensions of spin-gapless semicon-
ducting behaviors. Moreover, this study discusses possible
alternative physics and potential applications of SGSs with
different dimensions of zero-gap band crossing points in
momentum space.

Ground state and electronic structure. Before calculating
the electronic structure of tetragonal Sr2CuF6, we determined
the magnetic ground state for Sr2CuF6. Figure S1 [see Sup-
plemental Material (SM) [34]] shows the energy comparison
of Sr2CuF6 under four collinear magnetic configurations, in-
cluding one ferromagnetic, two antiferromagnetic, and one
nonmagnetic configurations. The arrows in Fig. S1 indicate
the spin directions of the Cu atoms. It can be seen in Fig. S1
that the ferromagnetic configuration is the ground state for
Sr2CuF6, because the ferromagnetic configuration has lower
energy than the other three magnetic configurations. The total
magnetic moment (Mt ) of Sr2CuF6 is 4 μB, and the main
contribution to the total Mt is from the Cu atoms (see Table
S1 in SM [34]). The magnetic moments listed in Table S1
are computed by placing a sphere around each atom with the
radius given in Table S2 (see SM [34]). The optimized lattice
constants for ferromagnetic Sr2CuF6 are a = b = 5.807 Å
and c = 16.558 Å, which correspond well with the experi-
mental data (a = b = 5.710 Å and c = 16.458 Å) [33]. The
Sr, Cu, and F atoms are located at the 4 f /4e, 2a/2d , and
8i Wyckoff sites, respectively [see Fig. 1(a) and Table S3 in
SM [34]].

Based on the selected high-symmetry paths
�-X -M-�-Z-R-A-Z|X -R|M-A [Fig. 1(b)], the spin-polarized
band structures for ferromagnetic Sr2CuF6 at the equilibrium
lattice constants are shown in Figs. 1(c) and 1(d). It can
be seen that the bands in the spin-up direction exhibit a
semiconducting behavior. A large energy gap of 4.34 eV
appears in the spin-up direction. Moreover, the bands in the
spin-down direction exhibit a metallic behavior and overlap
with the Fermi level, forming various band crossing points
with ultraclean energy dispersions that are, without other
rambling bands nearby, along �-X , M-�, Z-R, and A-Z , at the
Fermi level. Interestingly, as shown in Fig. 1(d), these band
crossing points along �-X , M-�, Z-R, and A-Z are zero-gap
band crossing points, that is, the lowest conduction band
and the highest valence band cross at the Fermi level along
�-X , M-�, Z-R, and A-Z [in regions A and C of Fig. 1(d)].
Hence, ferromagnetic Sr2CuF6 is a typical SGS with linear
energy-momentum dispersions at the Fermi level [Fig. 2(a)]
[9,62]. As a SGS, Sr2CuF6 shows 100% spin polarization
[64] and it may have applications as a spin-polarized current
source for magnetic tunneling junctions and spin injectors

FIG. 1. (a) Crystal structure of Sr2CuF6. (b) Three-dimensional
Brillouin zone and some high-symmetry points. (c) and (d) Spin-up
and spin-down band structures for Sr2CuF6, respectively. The dotted
lines in (c) and (d) represent the positions of the Fermi level.

to semiconductors. In the spin-down direction of Sr2CuF6,
besides the multiple zero-gap band crossing points at the
Fermi level, the magnetic Weyl (in region B) and quadratic
(in region D) nodal lines [63,65] coexist around the Fermi
level (see Figs. S2–S4, and the discussion in SM [34]).
Furthermore, the effects of an on-site Hubbard Coulomb

FIG. 2. (a) Schematic illustration of the spin-polarized band
structure of SGS with linear-type zero-gap band crossing points.
(b)–(d) Schematic illustration of the 0D Weyl point, 1D open nodal
line, and 2D nearly nodal surface spin-gapless semiconducting states
in the 3D Brillouin zone of Sr2CuF6.
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FIG. 3. (a) Schematic illustration of hourglass dispersions along the nonsymmorphic path. (b) Selected E -F path and (c) the spin-down
band structure for Sr2CuF6 along the E -F path. (d) Shapes of the open lines in the kx = 0 plane calculated by DFT. (e) 3D Brillouin zone and
the projected (110) surface. The open nodal line of the extended Brillouin zone is projected onto the (110) plane. (f) Surface spectrum for the
(110) surface along the M-�-A-Z-M surface paths. The projections of P1–P4, corresponding to the open nodal line in the bulk, are represented
by green circles.

interaction, uniform strain, and the spin-orbit coupling (SOC)
for the multiple zero-gap band crossing points at the Fermi
level are shown in Figs. S5 and S6 in SM [34].

The lattice structure of Sr2CuF6 belongs to SG 117 that is
generated by a twofold rotation symmetry C2z, glide mirror
˜My : (x + 1

2 ,−y + 1
2 , z), and S4z rotation symmetry. In addi-

tion, the lattice structure also has a glide mirror ˜Mx : (−x +
1
2 , y + 1

2 , z) when considering a combination of generating
elements. Because this system has a ferromagnetic ground
state, the spin-up and spin-down states are separated. Notably,
the states around the Fermi level are fully spin polarized; thus,
we focused on the zero-gap points at the Fermi level in the
spin-down direction and showed the 0D nodal point, 1D nodal
line, and 2D nearly nodal surface spin-gapless semiconduct-
ing states in the spin-down band structure of Sr2CuF6.

0D spin-gapless semiconducting states. In region C of
Fig. 1(d), two obvious zero-gap band crossing points along
the M-� and A-Z high-symmetry paths can be observed.
Around the Fermi level, four bands are present, and the band
connections of the two band crossing points exhibit a typical
hourglass shape [66–70]. The two band crossing points at
the Fermi level are isolated magnetic Weyl points with the
absolute value of Chern number equal to 1, i.e., |C| = 1.
Figure 2(b) shows the schematic diagram of multiple 0D
Weyl point spin-gapless semiconducting states in Sr2CuF6.
The blue and green dots represent the locations of the multiple
spin-down Weyl points with C = +1 and C = −1, respec-
tively, in the 3D Brillouin zone.

It is noteworthy that the Weyl points on the high-symmetry
lines M-� and A-Z are accidental degeneracies associated
with rotation symmetries such as C2a. To confirm this, our

calculations indicated that the irreducible representations for
the crossing bands are {�1, �2}, which are characterized by
opposite eigenvalues of C2a. Consequently, their crossings are
stabilized by C2a.

1D spin-gapless semiconducting states. In region A of
Fig. 1(d), two obvious zero-gap band crossing points along
the �-X and Z-R paths are observed. Owing to the presence of
˜Mx, these two band crossing points are not isolated but belong
to a nodal line in the kx = 0 plane, as shown in Fig. 3(b). In
Fig. 3(b), we selected the E -F symmetry path, and E and F
are points on the Z-� and R-X paths, respectively. The spin-
down band structure along the E -F path is shown in Fig. 3(c).
Similar to the band structures along the Z-R and �-X paths, an
hourglass-shaped zero-gap band crossing point appears at the
Fermi level. Using the first-principles calculation, we screen
the shape of the line in the kx = 0 plane, and the results are
shown in Fig. 3(d). The open nodal lines, which traverse in
the kz direction of the bulk Brillouin zone and are formed by
the zero-gap band crossing points with an hourglass disper-
sion, are apparent. Figure 2(c) shows the schematic diagram
of 1D open nodal line spin-gapless semiconducting states in
Sr2CuF6, in which the green lines represent the spin-down
open nodal lines in the 3D Brillouin zone.

The open nodal lines on the kx = 0 plane are formed by
band switching between two bands enforced by a glide mirror.
The plane kx = 0 is the invariant subspace of ˜Mx; thus, each
Bloch state |u〉 on the plane can be chosen as the eigenvalues
of ˜Mx. In addition, on the plane kx = 0, ˜M2

x = e−iky . Hence,

the eigenvalues of ˜Mx are given by gx = ±e− iky
2 , which is k

dependent. It is noteworthy that although the time-reversal
symmetry (T ) is broken for the ferromagnetic system, we still
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FIG. 4. (a) Selected Zn-a/b/c/d paths of the L1–L4 planes. The green dots represent the zero-gap band crossing points from the open nodal
lines, while the red dotted lines show the nearly nodal line formed by the nearly zero-gap band touching points. (b) Schematic illustration of
an open square cylinder nearly nodal surface (highlighted by the red color) and the open nodal lines (green lines) in the 3D Brillouin zone.
(c)–(f) Spin-down band structures along the Zn-a/b/c/d (n = 1, 2, 3, 4) paths of the L1–L4 planes.

consider its presence only when focusing on one spin chan-
nel, that is, T = K, where K is the complex conjugation. In
addition, the path �-Z is invariant under a combined operation
(S4zT )2 = −1, manifesting a Kramers-like degeneracy. On
this path, two 1D irreducible representations exist that could
be related by S4zT degeneracy, leading to a nodal line. In
addition, S4z ˜Mx = ˜MxS3

4z, such that the Kramers-like partners
|u〉 and S4zT |u〉 have the same eigenvalues. A 2D irreducible
representation exists on the path X -R, with the eigenvalues
of ˜Mx equal to ±i. Consequently, owing to different pairings
from �-Z to X -R, there must be a partner switching from path
�-Z to X -R, forming an hourglass band dispersion [Fig. 3(a)].
Owing to the presence of the mirror symmetry, such an hour-
glass point is not isolated but belongs to a point on a nodal
line, as shown in Figs. 3(b) and 3(d).

In Fig. 3(e), we projected one open nodal line, which be-
longs to the extended Brillouin zone, into the (110) plane. As
shown in Fig. 3(f), P1–P4 are the projections of some zero-
gap band crossing points of the open nodal line. The surface
spectrum of the (110) surface along the M-�-A-Z-M path is
shown in Fig. 3(f). Indeed, the surface states (the lines marked
with white arrows) can be depicted from the projections of the
zero-gap band crossing points (P1–P4).

2D nearly spin-gapless semiconducting states. In Fig. 4(b),
we selected L1–L4 planes, which are normal to the kz

axis. In each plane, some symmetry paths, Zn-a/b/c/d (n =
1-4), were selected [see Fig. 4(a)]. The spin-down band
structures along the Zn-a/b/c/d paths of L1–L4 planes are
shown in Figs. 4(c)–4(f). From Figs. 4(c)–4(f), it is evident
that a series of zero-gap points exist along the Zn-a/b/c/d
(n = 1-4) paths. However, these zero-gap points are not under

the protection of symmetry and they exist because the lowest
conduction band and the highest valence band of the same
spin component have their extreme values at the same k points
and at the Fermi level. Hence, in this study, we used band
touching points instead of band crossing points to describe
the zero-gap points along the Zn-a/b/c/d paths of the L1–L4
planes. Due to the Pauli repulsion, the lowest conduction band
and the highest valence band of these band touching points
cannot absolutely touch at the Fermi level [27], that is, the
almost negligible value of the opened gaps can be observed.
As shown in Fig. 4(c), the value of the opened gaps for these
band touching points is up to 2.4 meV, which is below the
resolution of angle-resolved photoemission spectroscopy and
significantly less than the energy scale of room temperature
(26 meV).

Figure 4(a) shows a schematic illustration of a nearly nodal
loop on one of the Zn paths. The green dots represent the
zero-gap band crossing points (from the open nodal lines and
under the protection of symmetry), whereas the red dotted
lines represent the nearly nodal lines (formed by the nearly
zero-gap band touching points and not protected from the
symmetry). Nearly nodal loops formed by the zero-gap band
crossing points and nearly zero-gap band touching points with
an hourglass-shaped dispersion in every plane normal to the
kz axis can be observed, resulting in a 2D nearly nodal surface
[71–80] in momentum space [Fig. 4(b)]. Thus, ferromagnetic
Sr2CuF6 is a SGS with 2D nearly spin-gapless semiconduct-
ing states [Fig. 2(d)]. The following points are noteworthy: (i)
The nearly nodal surface structure is an open square cylinder
traversing in the kz direction of the bulk Brillouin zone di-
rection. (ii) In experiments, the nearly nodal surface structure
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in Sr2CuF6 is intrinsic and does not require any external
conditions, such as electric field, pressure, doping, or element
substitution. (iii) The band touching points forming the nodal
surface are nearly flat in energy and fully spin polarized. It
is well known that the coarse-grained quasiparticles, excited
from a nodal surface, have intrinsic pseudospin degrees of
freedom [71] and unique plasmonic behaviors [81]. Moreover,
the nodal surface SGSs provide a magnetic platform to realize
the spin-polarized nodal surface states and investigate their
spintronic properties.

Conclusion. In this Letter, we extended the SGS fam-
ily from SGSs with 0D nodal points and SGSs with 1D
nodal lines to SGSs with 2D nearly nodal surfaces. Fur-
thermore, we considered an example of a realistic material,
Sr2CuF6, to demonstrate the coexistence of 0D nodal point,
1D nodal line, and 2D nodal surface spin-gapless semicon-
ducting states within the material. Sr2CuF6 exhibits several

exotic physical behaviors, including different spin-polarized
zero-gap nodal structures in momentum space, 100% spin
polarization, and a spin-polarized surface spectrum (arising
from the zero-gap band crossing points of the open nodal
line). This work can help enrich the diversity of spintronic
materials and promote the development of next-generation
spintronics.
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