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Landé g factors in tetragonal halide perovskite: A multiband k.p model
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In the framework of k.p theory, we have calculated the expressions for g factors for electrons and holes
taking into account up to 16-band contributions for materials with tetragonal symmetry with D4h as the point
group. Because the recent experimental results for Landé factors do not evidence their anisotropy in the plane
perpendicular to the tetragonal crystal c axis, we use these experimental results and the present k.p calculations
to determine the Kane energies perpendicular to and along the c axis, as well as the Luttinger parameters κ1 and
κ2 for MAPbI3 and CsPbBr3.
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I. INTRODUCTION

Halide perovskites are very versatile materials with out-
standing properties. That is why they have recently been the
center of attention in different fields of research. At first, this
interest was centered on their photovoltaic properties, leading
to a strong and very fast improvement in solar cells efficien-
cies from 3.8% in 2009 [1] to 29.8% recently in the latest
silicon-based tandem cells [2]. In parallel, several studies have
been carried out in relation to their optoelectronic properties,
concluding in the realization of light emitting diodes even
in the blue region [3–5], lasers [6–8], nonlinear devices [9],
and photodetectors [10,11]. The synthesis of halide perovskite
nanocrystals and nanostructures has also opened the possibil-
ity to enlarge their potential applications in cryptography and
the quantum information domain [12–14].

Halide perovskites exhibit other very interesting properties
which have been less explored until now. The presence of
lead and other atoms, such as iodine, is the basis of large
spin-orbit coupling (SOC) in these materials. The giant “split-
ting” of the conduction band instead of the more standard
splitting of the valence band is a clear signature of this strong
SOC, which will allow optical initialization of electronic spins
[15,16] and their manipulation by magnetic [17–19] or electric
fields. This strong coupling is also the cause of Rashba spin
splittings [20–23] and should be the origin of a strong spin
relaxation. Nonetheless, a slow spin relaxation time has been
observed due to the presence of localized electrons and holes
[18,19,24,25].

Possessing a high SOC and high charge carrier mobility
as well as exceptional optical properties, perovskites are also
promising candidates for photospintronics applications. When
these applications include the use of an applied magnetic field,
knowledge of the Landé factors for both the electron and the
hole is of prime importance. Experimental studies on bulk
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or polycrystalline films materials are very sparse [24] and
concern mainly CH3NH3PbI3 (MAPbI3) [17,19,25–27] and
CsPbBr3 [18,28]. An anisotropic Landé factor is obtained in
particular for the last two materials. Landé factors for elec-
trons and holes then take different values along the c axis
of the orthorhombic crystal and perpendicular to the c axis.
However, while these experiments were carried out at low
temperature for a crystal with orthorhombic symmetry, no
Landé factor anisotropy was evidenced in the plane perpen-
dicular to the c axis (similar to what is expected in a crystal
with tetragonal symmetry).

Theoretical studies on the Landé factor are also very sparse
but are very important for guiding future experimental and
applicative studies. Using an 8-band k.p model, calculations
for bulk crystal tetragonal symmetry were used some years
ago and were applied to MAPbI3 [29]. The main k.p pa-
rameters were deduced, in this work, from optical absorption
experiments, but the result does not completely agree with
recent experimental results [25,26]. Calculations with a qua-
sicubic symmetry and tight-binding approaches have also
been proposed [28]. In this empirical tight-binding calcu-
lation, a large difference from the experiments is obtained.
In the k.p approach, for CsPbBr3, the authors of Ref. [28]
wrote the electron and hole Landé factors as a function of
four k.p parameters in a quasicubic symmetry. They deduced
these k.p parameters by fitting their experimental results
and found a negative value for the tetragonal crystal field,
in disagreement with recent density functional theory (DFT)
calculations [30,31]. More recently, an 8-band k.p model with
an orthorhombic crystal symmetry has been proposed, in a
quasicubic approximation [26]. This simplified model uses six
parameters, while a complete model requires a much higher
number of parameters. For MAPbI3, this approximation leads
to tetragonal and orthorhombic crystal fields which are un-
correlated with absorption spectra and optical density [32] or
larger than the DFT estimates [33–36].

In this work, because the experimental studies do not show
the anisotropy of the electron and hole g factors in the plane

2469-9950/2022/106(16)/165201(10) 165201-1 ©2022 American Physical Society

https://orcid.org/0000-0001-8446-7879
https://orcid.org/0000-0003-1763-6438
https://orcid.org/0000-0003-1568-1331
https://orcid.org/0000-0002-1604-8071
http://crossmark.crossref.org/dialog/?doi=10.1103/PhysRevB.106.165201&domain=pdf&date_stamp=2022-10-03
https://doi.org/10.1103/PhysRevB.106.165201


G. GARCIA-ARELLANO et al. PHYSICAL REVIEW B 106, 165201 (2022)

FIG. 1. Schematic representation of the MAPbI3 conduction and
valence bands at the � point when considering 16 bands. The
four first double degenerate valence band states are denoted by
|SV ↑ (↓)〉, |1/2, ±1/2〉V , |3/2, ±1/2〉V , and |3/2, ±3/2〉V . The
four first double degenerate conduction band states are denoted
by |1/2, ±1/2〉C , |3/2, ±1/2〉C , |3/2, ±3/2〉C , and |SC ↑ (↓)〉. The
dashed rectangle indicates the involved valence and conduction
bands in an 8-band k.p model. The band-gap energy EG and the
energy differences (EGC, �C ) are also represented. The top of the
upper valence band is taken as the energy origin.

perpendicular to the tetragonal c axis, we assume that the
orthorhombic crystal field is small compared to the tetragonal
crystal field. We propose several improvements of the 8-band
tetragonal model proposed by Z. G. Yu [29]. First, we will
take into account that the tetragonal crystal field is positive

rather than negative as Z. G. Yu considered. Second, in the
absorption spectrum, we use an identification of optical transi-
tions different from that used in Ref. [29]. Third, we consider
a 16-band k.p model [37] to calculate the electron and hole
Landé factors. This multiband k.p approach, applied to tetrag-
onal crystal structure, is compared to the latest experimental
results, particularly for bulk inorganic (CsPbBr3) and hybrid
(MAPbI3) perovskites.

II. THEORETICAL METHODOLOGY

We apply the k.p formalism to calculate the Landé g fac-
tors of carriers for halide perovskite with tetragonal crystal
structure. To start, it will be useful to recall the main char-
acteristics of the band structure of halide perovskite with a
tetragonal lattice.

A. Band structure at the � point of halide perovskite
with tetragonal crystal structure

Various fundamental studies have been done to describe
the band diagram of bulk halide perovskite materials [33,37–
41]. In tetragonal MAPbI3 with I4/mcm as the space group
and the D4h point group, the conduction and valence band
edges are situated at the center of the Brillouin zone. The
considered compounds are hence direct band-gap semicon-
ductors in which the upper valence band is mainly built from
s orbital symmetry with total angular momentum jh = 1/2
and the lower conduction bands have orbital p symmetry. As
previously mentioned, strong SOC affects mainly the conduc-
tion band by splitting the electron states into a higher band
with total angular momentum je = 3/2 and a lower band with
je = 1/2, representing the lowest split-off conduction band.

We display in Fig. 1 a schematic representation of the
16-band k.p model around the zone center. The model in-
cludes the four first valence bands and the four first conduction
bands, twice degenerate. The energy at the top of the upper
valence band is taken as the origin. The various energy levels
represented in Fig. 1 are the band-gap energy EG and the
energy differences (EGC,�C ). These basic physical parame-
ters are associated with the interband transition energies from
the top valence band state to the conduction states | 1

2 ,± 1
2 〉C ,

| 3
2 ,± 1

2 〉C , and | 3
2 ,± 3

2 〉C and are related to the optical tran-
sitions (E1, E2, E3) observed in the absorption spectrum and
given in Table I via the equations E1 = EG − Eb, E2 = EG +

TABLE I. Energies of the optical transitions from the valence states |SV ↑ (↓)〉 to the conduction states | 1
2 , ± 1

2 〉C , | 3
2 ,± 1

2 〉C , and | 3
2 , ± 3

2 〉C ,
labeled, respectively, E1, E2, and E3, and measured by absorption. Eb denotes the binding energy of bulk perovskite. The energy of the top
valence states |SV ↑ (↓)〉 is chosen as origin. E| 1

2 ,± 1
2 〉V , E| 3

2 ,± 1
2 〉V , and E| 3

2 ,± 3
2 〉V respectively refer to the energies of the valence states | 1

2 ,± 1
2 〉V ,

| 3
2 , ± 1

2 〉V , and | 3
2 , ± 3

2 〉V .

Energies (eV)

E1 E2 E3 Eb E|SV ↑(↓)〉 E| 1
2 ,± 1

2 〉V E| 3
2 ,± 1

2 〉V E| 3
2 ,± 3

2 〉V

MAPbI3 1.633a 3.47a 3.67a 0.016b 0 −1.62 −1.88 −1.98
CsPbBr3 2.33c 3.68c 3.83c 0.032d 0 −1.82 −1.84 −1.84

aReference [32].
bReference [42].
cReference [44].
dReference [43].
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TABLE II. Spin-orbit and crystal field couplings, as well as the phase angle θ , are deduced from the transition energies. The Kane energies
EPS,ρ

and EPS,z are deduced from the experimental values of the longitudinal (gh‖) and transverse (gh⊥) hole Landé factors and from their
theoretical expressions in Eq. (3). EPX,1 , EPX,2 , and EPX,3 are the energies associated with the coupling between the p-symmetry valence states
and the p-symmetry conduction states for MAPbI3 and CsPbBr3, as defined in Ref. [37] and used to deduce the Luttinger parameters κ1 and
κ2 from the electron Landé factor and Eqs. (14a) and (14b).

Basic band parameters

Perovskite �SO (eV) T (meV) θ (deg) EPS,ρ
(eV) EPS,z (eV) EPX,1 (eV) EPX,2 (eV) EPX,3 (eV)

MAPbI3 1.90 319 40.02 11.29a 11.96a 10.59b 2.75b 6.29b

CsPbBr3 1.38 240 40.19 11.6a 14.04a 3.11 4.78 2.04

aThis work.
bReference [37].

�C , and E3 = EG + �C + EGC : Eb is the binding energy of
bulk MAPbI3 [42] and bulk CsPbBr3 [43]. The absorption
and transmission spectra [32,44] can be used to determine the
energies E1, E2, and E3. The energies of the valence states [37]
are also displayed in Table I.

The tetragonal crystal field T and the SOC �SO are related
to the band-to-band transition by the following expressions:

(E3 − EG) = 1

2
(T + �SO) + 1

2
(E2 − EG),

(E2 − EG) =
√

�2
SO + T 2 − 2

3
T �SO. (1)

Both �SO and T are associated with the parameter θ by
the expression tan 2θ = (2

√
2�SO)/(�SO − 3T ). The phase

angle θ is a fundamental parameter to determine the basis (see
Table VI) used to calculate the band diagram of tetragonal per-
ovskite materials with D4h as the point group. Table II contains
the values of these parameters obtained from experimental
results.

An 8-band k.p calculation was used some years ago to
determine the main electronic parameters of the MAPbI3

tetragonal crystal phase [29]. In particular, the author ob-
tained, for MAPbI3, gh‖ = −0.472 and gh⊥ = −0.354 and
ge‖ = 1.67 and ge⊥ = 2.281 for the hole and electron, re-
spectively [the symbol ‖ (⊥) means that the magnetic field is
parallel (perpendicular) to the c axis of the tetragonal crystal-
lographic structure]. In a recent publication, the band structure
of a bulk tetragonal MAPbI3 and other organic-inorganic hy-
brid perovskites were revisited using a 16-band k.p model
[37]. The main difference from the previous theoretical results
of Z. G. Yu [29] is the order of the conduction band states,
namely | je, jez〉C = |3/2,±3/2〉C and |3/2,±1/2〉C . This in-
version of the order is related to the sign of the tetragonal
crystal field parameter. As discussed in Ref. [32], recent DFT
calculations based on the experimental crystallographic pa-
rameters showed that the crystal field parameter has to be
positive, not negative, as was considered in Ref. [29]. Based
on these insights, we identify in this work the peaks observed
in the absorption spectra of MAPbI3 [32] in a different manner
than in Ref. [29].

To calculate the Landé g factor, we use the k.p theory
including the spin (double group in group theory) and show
that under a magnetic field B, new terms appear in the single-
carrier Hamiltonian. Some of them possess the symmetry of

an axial vector, giving rise to a coupling μ.B, with μ being
the magnetic moment. The origin of the Landé g factor and
the part of group theory in the determination of the pertinent
matrix elements are developed hereafter.

B. Electron and hole Landé factors

The explicit derivation of the Landé factor for conduc-
tion electrons and valence holes requires the evaluation of
the matrix elements of the Hk.p = h̄

m0
k.p Hamiltonian within

the 16-band model [37]. Via the k.p operator, the (s, p)
conduction bands are mixed with the (s, p) valence bands,
and we summarize this coupling following a matrix rep-
resentation [see Eq. (A1)]. Hence, all the matrix elements
needed for computing the Landé factors are given explicitly
in Appendix A. In Table VI, we give explicitly the basis func-
tions used to calculate the matrix elements of Eq. (A1) (see
Appendix A).

Due to the presence of an external static magnetic field B,
the kinetic momentum is defined as (p + eA)(e > 0, with e
being the elementary charge), where A is the vector poten-
tial of B. Consequently, the components of k =(kx, ky, kz ) no
longer commute (leading to the Landé factor):

[kα, kβ ] = −i
e

h̄
εαβγ Bγ , (2)

where α, β, γ = x, y, z denote the Cartesian components,
with εαβγ being the antisymmetric tensor of rank 3.

In a tetragonal material, the electron and hole Landé factors
are represented by second-rank tensors which can be calcu-
lated by using the second-order perturbation theory.

1. The valence band g factors

We use the following Zeeman Hamiltonian: Hh
Z =

ghμBSh.B, where μB = eh̄/2m0 is the Bohr magneton and
Sh (sh = 1/2) represents the hole angular momentum.
Within {|SV ↑〉, |SV ↓〉} subspace and due to the noncom-
mutative relations among k components [Eq. (2)], we
can write the Zeeman effective Hamiltonian for the va-
lence band [29] as (μB/2)[gh//σzBz + gh⊥(σxBx + σyBy)]
[σ = (σx, σy, σz ) are the spin Pauli matrices]. According
to the matrix elements given in Eq. (A1) and employ-
ing the Löwdin renormalization [45], we can deduce the
elements of the valence band Landé factor tensor along
and perpendicular to the c axis of the tetragonal structure.
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We get

gh‖ = g0 + EPS,ρ

[
1

(EG + �C + EGC )

− sin2 θ

(EG + �C )
− cos2 θ

EG

]
,

gh⊥ = g0 + sin θ cos θ
√

2EPS,ρ
EPS,z

[
1

(EG + �C )
− 1

EG

]
,

(3)

where g0 = 2.0023 is the free electron Landé factor and the
energy related to the interband momentum matrix PS,ρ (PS,z )
is EPS,ρ

= 2m0

h̄2 P2
S,ρ (EPS,z = 2m0

h̄2 P2
S,z ). In Appendix A, the defi-

nition of the Kane momentum matrix elements (PS,ρ, PS,z ) is
explicitly given. Because the contributions due to sV − pV and
sV − sC couplings are null when the state space is extended,
these expressions for the valence band g factors do not change
when 8-band or 16-band calculations are considered. The
methodology used here to get Eq. (3) is the same as the one
reported by L. M. Roth et al. [46] for cubic systems. It should
be noted that the valence band g factors are mostly caused by
the k.p interaction with the conduction band [29,46].

2. The conduction-band g factors

According to the derivation in Ref. [47], in the cubic

symmetry (cos θ =
√

2
3 ; sin θ = 1√

3
; EPS,ρ

= EPS,z = EPS ), the
Zeeman Hamiltonian can be written for the p conduction
bands:

He
Z = μBKL · B + μBσ · B, (4)

where L is the angular momentum (� = 1), σ is the spin Pauli
operator, B is the magnetic field, μB is the Bohr magneton,

and K is a constant induced by the coupling with the bands
outside the p conduction bands at higher or lower energy. One
commonly uses the Luttinger parameter κ , defined by K =
−(1 + 3κ ), and rewrites

He
Z = −(1 + 3κ )μBL · B + μBσ · B. (5)

In the absence of coupling, K = 0, and κ = −1/3.
For the lowest conduction band �7, in the cubic symmetry,

one has the relations

L = 4
3 Je, σ = − 2

3 Je, (6)

with Je being an angular momentum that takes the value je =
1/2. Note the extra factor of 2 in these equations, compared
to the expressions in Appendix B of Ref. [47]. This correction
has already been noted by other authors [48–50].

One can then write

He
Z = − 4

3 (1 + 3κ )μBJe · B− 2
3μBJe · B

= −2μB(1 + 2κ )Je · B. (7)

This leads to the electron Landé factors for cubic symmetry:

gC
e‖ = gC

e⊥ = −2(1 + 2κ ) (8)

In absence of coupling with other bands, κ = −1/3, and gC
e‖ =

gC
e⊥ = −2/3.

In tetragonal symmetry, one has the relations

Lz = 2 cos2 θJez, σz = −2(cos2 θ − sin2 θ )Jez, (9a)

Lx/y = 2
√

2 sin θ cos θJex/ey, σx/y = −2 sin2 θJex/ey, (9b)

and the Hamiltonian can be written as

He
Z = −2μB

[
[(cos2 θ − sin2 θ ) + (1 + 3κ1) cos2 θ ]JezBz

+ [sin2 θ + √
2 sin θ cos θ (1 + 3κ2)](JexBx + JeyBy)

]
, (10)

where (κ1, κ2) are the Luttinger anisotropic factors for tetrag-
onal structures and are associated with the coupling with
remote bands from the conduction p bands.

This leads to the Landé factors in tetragonal symmetry for
six conduction p bands:

gT −6b
e‖ = −2[(cos2 θ − sin2 θ ) + (1 + 3κ1) cos2 θ ], (11a)

gT −6b
e⊥ = −2[sin2 θ +

√
2 sin θ cos θ (1 + 3κ2)]. (11b)

In the 8-band basis (shown in Fig. 1), one has

gT −8b
e‖ = −2

[
(cos2 θ − sin2 θ ) − EPs,ρ cos2 θ

2EG
+ (1 + 3̃κ1) cos2 θ

]
, (12a)

gT −8b
e⊥ = −2

[
sin2 θ −

√
2EPs,ρEPs,z

2EG
sin θ cos θ +

√
2 sin θ cos θ (1 + 3̃κ2)

]
, (12b)

where (̃κ1, κ̃2) are the renormalized Luttinger parameters which describe the interband interactions beyond the ones existing
inside the 8-band basis. Note that these expressions are identical to the ones given in Ref. [29], where the Zeeman Hamiltonian
was defined as

He
Z = −μB(1 + 3κ1)LzBz − μB(1 + 3κ2)(LxBx + LyBy) + μBσe · B. (13)
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In the 16-band basis, using the Hamiltonian He
Z and a Löwdin renormalization, it is possible to deduce the contributions due

to couplings with lower valence bands. This leads to the following expressions:

gT −16b
e‖ = −2(cos2 θ − sin2 θ ) + EPS,ρ

cos2 θ

EG
− EPX,3 sin2 θ

(E|1/2,1/2〉C
− E|3/2,±3/2〉V

)
+ EPX,3 sin4 θ − EPX,2 cos4 θ

(E|1/2,1/2〉C
− E|3/2,±1/2〉V

)

+ sin2 θ cos2 θ
EPX,3 − EPX,2

(E|1/2,1/2〉C
− E|1/2,±1/2〉V

)
− 2(1 + 3κ1) cos2 θ, (14a)

gT −16b
e⊥ = −2 sin2 θ + sin θ cos θ

√
2EPS,ρ

EPS,z

EG
− √

2EPX,1 EPX,3 sin θ cos θ

×
[

sin2 θ

(E|1/2,1/2〉C
− E|3/2,±1/2〉V

)
+ cos2 θ

(E|1/2,1/2〉C
− E|1/2,±1/2〉V

)

]
− 2

√
2 sin θ cos θ (1 + 3κ2), (14b)

where (κ1, κ2) are the renormalized Luttinger parameters in-
duced by the coupling with valence and conduction bands
outside of the 16-band basis (Table VI) or by higher-order
contributions. The related energies EPX,i (i = 1, 2, 3) are given
by EPX,i = (2m0/h̄2)P2

X,i, with PX,i being the k.p matrix ele-
ments resulting from the coupling between the p-like valence
bands and p-like conduction bands. Note that according to
the multiplication tables of the D4h group given in Ref. [51],
we have PX,1 = (h̄/m0)〈XV |pz|iYC〉 = −(h̄/m0)〈YV |pz|iXC〉,
PX,2 = (h̄/m0)〈ZV |px|iYC〉 = (h̄/m0)〈ZV |py|iXC〉, and PX,3 =
(h̄/m0)〈ZC |px|iYV 〉 = −(h̄/m0)〈ZC |py|iXV 〉.

The expressions for the electron and hole masses in the
16-band basis at the band-gap extrema can also be deduced.
Appendix B gives the carrier masses, which are defined either
along (‖) or perpendicular to (⊥) the c axis.

III. THEORY-EXPERIMENT COMPARISON

In this section, we deduce the Kane energies (EPS,ρ
, EPS,z )

and the Luttinger parameter (κ1, κ2) for MAPbI3 and CsPbBr3

with tetragonal crystal symmetries. We do this by combining
the experimental results from the literature (see Table III)
with the current 16-band theory developed for the anisotropic
materials to calculate the elements of the Landé g factor
tensor.

Experimental studies on the Landé factors of electrons and
holes are very few. Table III summarizes the experimental
results obtained for MAPbI3 and CsPbBr3 in bulk materials
[18,26,28], polycrystalline materials [17,52], and nanocrystals
[27,52,53]. There is no experimental proof of anisotropy of
the electron or hole Landé factors in the plane perpendicular
to the c axis.

The authors of Ref. [26] considered an orthorhombic
crystallographic structure with a simplified model containing
only six parameters. They obtained theoretically anisotropy
of in-plane (gx, gy ) Landé factors that could unambiguously
be measured, but experimentally, it has not been observed.
That is why, in the following, we use the tetragonal model
developed in the previous section to deduce basic funda-
mental parameters. First, we obtain band parameters from
absorption spectra of MAPbI3 and CsPbBr3 bulk materi-
als. Second, by using the general expressions providing the
hole Landé factors [see Eq. (3)], we calculate the Kane
energies.

A. Band parameters

The fundamental band parameters are summarized in Ta-
ble II. Some of them are directly extracted from the 16-band
k.p model as the energies EPX,i (i = 1, 2, 3) related to the
interband momentum matrix elements PX,i and the values of
the others have been fixed by taking into account experimental
results.

Then, to fix the spin-orbit coupling �SO, crystal field T ,
and the phase angle θ , we use the transition energies listed
in Table I and Eq. (1). In the MAPbI3 absorption spectrum
measured by Hirasawa et al. [32], we have identified the
following energies: EG + �C + EGC = E3 = 3.67 eV, EG +
�C = E2 = 3.47 eV, and EG = E1 + Eb = 1.65 eV. We have
associated the absorption peak at 2.75 eV with the X -point
optical transition rather than the �-point transition as done
by Z. G. Yu [29]. We found a positive T value splitting
that was higher than that found in previous DFT calculations
[31,34,35] and had a sign opposite that found in Ref. [29].
�SO is larger than the value obtained in DFT calculations.

We calculate T and �SO once again by applying Eq. (1) and
injecting the bulk CsPbBr3 experimental transition energies

TABLE III. Experimental values of Landé factors for different
types of MAPbI3 and CsPbBr3 nanomaterials.

MAPbI3 gh‖ gh⊥ ge‖ ge⊥

Bulka −0.28 −0.71 2.46 2.98
Bulkb −0.28 −0.57 2.52 2.63
Polycrystalc −0.33 2.63
Polycrystald −0.299 −0.406 1.604 2.6

CsPbBr3 gh‖ gh⊥ ge‖ ge⊥

Bulke 0.75 1.96
Bulka 0.85 0.65 1.69 2.06
Nanocrystalsf 0.83 1.73
Polycrystalf 0.77 1.78
Nanocrystalsg 0.8 1.8

aReference [28].
bReference [26].
cReference [17].
dReference [27].
eReference [18].
fReference [52].
gReference [53].
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derived from Ref. [44] (E3 = 3.83 eV, E2 = 3.68 eV, E1 =
2.37 eV; see Table I). The calculated T value is higher than
or comparable to the values from DFT calculations [31], and
�SO is slightly smaller in our case than in DFT calculations.

In the next section, we describe how we have deduced from
the experimental values given in Table III the Kane energies
(EPS,ρ

, EPS,z ) for MAPbI3 and CsPbBr3 given in Table II.

B. The Kane energies (EPS,ρ
, EPS,z )

By using theoretical expressions (3) and the experimentally
determined hole g factors (see Table III), we deduce the Kane
energies (EPS,ρ

, EPS,z ). Note that in Ref. [28], the authors also
measured the components of the Landé tensor in the MAPbI3

crystal but we do not make a comparison with these experi-
mental results because the authors highlighted that the main
axes are tilted with respect to the cubic axes and underlined
the possibility of a monoclinic phase or a rotation of the
crystallographic axes with respect to the laboratory frame.
Using the hole Landé factor of Ref. [26] for MAPbI3 and
Ref. [28] for CsPbBr3, we obtained (EPS,ρ

= 11.29 eV, EPS,z =
11.96 eV) and (EPS,ρ

= 11.6 eV, EPS,z = 14.04 eV), respec-
tively. These values are of the same order of magnitude but
smaller than theoretical values previously derived via k.p
calculations for a tetragonal crystal symmetry [37,54]. These
Kane energies are also less anisotropic than the ones for
CsPbBr3 found in the supplementary information of Ref. [28],
namely, EPS,ρ

= 11.2 eV and EPS,z = 16.4 eV.
When we compare the values of the parameters used in

Eq. (3) for MAPbI3 and for CsPbBr3, we underline that the
Kane energies and the phase angle θ have comparable values
in both perovskite materials. The principal variations relate to
the band-gap energy EG and �C .

We also want to emphasize that the Kane energy values
estimated from the experimental results for the Landé factors
are smaller than the theoretical predictions obtained for cubic
materials [43,55] and compatible but slightly smaller than the
calculated values for a tetragonal crystal structure [37]. Based
on these findings, we propose in Fig. 2 a general expression
for how gh‖ and gh⊥ are related to the band-gap energy. A lin-
ear interpolation between the values for MAPbI3 and CsPbBr3

yields the value �C . We also draw the conclusion that all
iodine perovskites, whether organic or inorganic, exhibit a
negative value for gh, but all bromide or chloride perovskites
exhibit a positive value for gh. An experimental study done
recently supports that conclusion [28].

C. The Luttinger parameters (κ1, κ2 )

The experimentally measured electron g factors and ex-
pressions (12a) and (12b) for the 8-band model can be used to
get the Luttinger parameters. In order to employ the 16-band
equations (14a) and (14b), we need to know the energies of
the valence states (obtained using the 16-band k.p model) and
conduction states (extracted from optical absorption measure-
ments; see Table I), as well as the Kane energies related to
the pC − pV mixing for MAPbI3 and CsPbBr3 (see Table II).
Once the various Landé tensor components have been numer-
ically evaluated, we compare them to the experimental data
(Ref. [26] for MAPbI3 and Ref. [18] for CsPbBr3) and derive

FIG. 2. Hole Landé factors vs the band-gap energy EG. The
red line represents the values obtained with the proposed universal
expression for gh‖ [see Eq. (3)] with θ = 40◦ and EPs,ρ = 11 eV.
The blue line represents the values obtained with the expression
for gh⊥ [see Eq. (3)] with EPs,ρ = EPs,z = 11 eV. �C is obtained by
linear interpolation of �C between the MAPbI3 and CsPbBr3 values:
�C = 2.98 − 0.7EG. The green circles represent the experimental
values of gh⊥ determined in bulk MAPbI3 [26] and bulk CsPbBr3

[28]. The orange circles represent the experimental values of gh‖
obtained in bulk MAPbI3 [26] and bulk CsPbBr3 [28] and gh in bulk
CsPb(Br0.05Cl0.95) [28].

the Luttinger parameters in both configurations: 8 bands for
evaluating (̃κ1, κ̃2) and 16 bands for calculating (κ1, κ2).

The calculated values for 8-band and 16-band models for
MAPbI3 and CsPbBr3 are listed in Table IV, together with the
obtained Luttinger parameters. We underline that the correc-
tions provided by taking 16-band calculations into account are

TABLE IV. Electron Landé g factors calculated from Eqs. (12a)
and (12b) in the 8-band configuration and from Eqs. (14a) and (14b)
in the 16-band configuration in the absence of the Luttinger correc-
tion (̃κi = κ i = −1/3, i = 1, 2) and Luttinger parameters extracted
from the experimental data using the 8-band model (̃κ1, κ̃2) and
16-band model (κ1, κ2).

Electron Landé g factors

8-band model 16-band model

ge‖ ge⊥ ge‖ ge⊥

MAPbI3 3.67 4.08 3.25 2.39
CsPbBr3 2.53 2.94 1.87 2.52

Luttinger parameters

8-band model 16-band model

κ̃1 κ̃2 κ1 κ2

MAPbI3 −0.007 0.013 −0.126 −0.39
CsPbBr3 −0.092 −0.124 −0.282 −0.224
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TABLE V. Electron and hole masses deduced from the 16-band
k.p modelization for MAPbI3 and CsPbBr3. Carrier masses deduced
from the DFT calculation for tetragonal symmetry and with spin-
orbit coupling are also given. The reduced effective exciton masses
are also provided and can be compared with experimental results.

MAPbI3 CsPbBr3

Mass (in units of m0) k.p DFT k.p DFT

me‖ 0.171 0.20a 0.204 0.17b

me⊥ 0.251 0.26a 0.337 0.28b

mh‖ 0.249 0.23a 0.27 0.21b

mh⊥ 0.311 0.26a 0.384 0.24b

μ‖ 0.101 0.11a 0.116 0.09b

μ⊥ 0.139 0.13a 0.179 0.13b

μexp 0.104c 0.126d

aReference [59].
bReference [60].
cReference [56].
dReference [57].

not negligible and allow us to improve the agreement between
theory and experiments. We note that the correction beyond 8
or 16 bands is smaller as κ1 and κ2 values are close to a value
of −1/3. The results for Landé factors for the electron and
hole extracted from the 16-band k.p model with tetragonal
symmetry are closer to the experimental results than the ones
determined in the cubic approximation or tetragonal symme-
try with only an 8-band k.p model.

D. The electron and hole masses

Having estimated the 16-band parameters for MAPbI3 and
CsPbBr3, it is then possible to determine the expected electron
and hole masses from Eqs. (B1)–(B4) by using the parameters
from Tables I and II. The calculated masses are given in
Table V.

The masses deduced from the k.p analysis are in good
agreement with both experimental measurements of the
reduced exciton mass μexp [56,57] and recent DFT calcula-
tions that include spin-orbit coupling (generalized gradient
approximation+SOC) in the tetragonal phases [58].

Our k.p values for MAPbI3 compare favorably to the
masses obtained by Traore et al. [59]. Very recently, Su et al.
[60] derived the carrier masses for the tetragonal phase in

CsPbBr3. They found carrier masses which are consistent
with our k.p estimates, with both theories predicting mass
anisotropy.

IV. CONCLUSION

In a 16-band k.p modelization, we derived the electron
and hole g factors for tetragonal halide perovskites and com-
pared them to very recent experiments. The computed Kane
energies are slightly lower than the experimental results when
compared to the results of the k.p calculations. For MAPbI3

(CsPbBr3), we derived EPS,ρ
= 11.29 eV (11.6 eV) and EPS,z =

11.96 eV (14.04 eV). Extending this analysis, we provided an
expression for the two values of the hole g factors (parallel and
perpendicular to the tetragonal crystal axis) as a function of
the band-gap energy that is applicable to all halide perovskite
materials. The hole g factor is tuned from negative values
to positive values by increasing the band-gap energy, i.e., by
switching the halide atom from iodine to bromine or chlorine
in the APbX3 perovskite bulk materials (A=Cs, FA, or MA;
X=I, Br, or Cl). We showed that the use of 16-band contribu-
tions to the electron g factors improves the agreement between
theory and experiments and leads to Luttinger parameters κ1

and κ2 closer to values of −1/3, corresponding to the absence
of contributions beyond 16 bands. Finally, the same k.p pa-
rameters in the 16-band k.p framework offer an opportunity
to predict electron and hole masses in good agreement with
experimental results and DFT prediction.
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APPENDIX A: MATRIX COUPLING

We present in detail the necessary matrix elements for eval-
uating the electron and hole Landé factors within a 16-band
k.p model for the tetragonal crystal with D4h as the point

TABLE VI. Basis functions near the zone center used to calculate the coupling matrix [see Eq. (A1)].

Conduction band states Valence band states

|C+〉 = |SC ↑〉 |V1〉 = |SV ↑〉
| 3

2 , 3
2 〉C = i[| −1√

2
(XC + iYC ) ↑〉] | 3

2 , 3
2 〉V = i[| −1√

2
(XV + iYV ) ↑〉]

| 3
2 , − 3

2 〉C = i[| 1√
2
(XC − iYC ) ↓〉] | 3

2 , − 3
2 〉V = i[| 1√

2
(XV − iYV ) ↓〉]

| 3
2 , 1

2 〉C = i[| − sin θ√
2

(XC + iYC ) ↓ + cos θZC ↑〉] | 3
2 , 1

2 〉V = i[| − sin θ√
2

(XV + iYV ) ↓ + cos θZV ↑〉]
| 3

2 , − 1
2 〉C = i[| sin θ√

2
(XC − iYC ) ↑ + cos θZC ↓〉] | 3

2 , − 1
2 〉V = i[| sin θ√

2
(XV − iYV ) ↑ + cos θZV ↓〉]

| 1
2 , 1

2 〉C = i[| − cos θ√
2

(XC + iYC ) ↓ − sin θZC ↑〉] | 1
2 , 1

2 〉V = i[| − cos θ√
2

(XV + iYV ) ↓ − sin θZV ↑〉]
| 1

2 , − 1
2 〉C = −i[| cos θ√

2
(XC − iYC ) ↑ − sin θZC ↓〉] | 1

2 , − 1
2 〉V = −i[| cos θ√

2
(XV − iYV ) ↑ − sin θZV ↓〉]

|C−〉 = |SC ↓〉 |V2〉 = |SV ↓〉
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group. Within the basis explicitly given in Table VI, we get⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

∣∣ 3
2

3
2

〉
C

∣∣ 3
2

−3
2

〉
C

∣∣ 3
2

1
2

〉
C

∣∣ 3
2

−1
2

〉
C

∣∣ 1
2

1
2

〉
C

∣∣ 1
2

−1
2

〉
C

|SC ↑〉 |SC ↓〉〈
3
2

3
2

∣∣
V

Pz
X,1 0

−P−
X,3√
2

cos θ 0
P−

X,3√
2

sin θ 0
−P+

ρ√
2

0〈
3
2

−3
2

∣∣
V

0 −Pz
X,1 0

−P+
X,3√
2

cos θ 0
−P+

X,3√
2

sin θ 0
P−

ρ√
2〈

3
2

1
2

∣∣
V

−P−
X,2√
2

cos θ 0 Pz
X,1 sin2 θ A Pz

X,1
sin 2θ

2 −B Pz
z cos θ −1√

2
P+

ρ sin θ〈
3
2

−1
2

∣∣
V

0
−P+

X,2√
2

cos θ A∗ −Pz
X,1 sin2 θ B∗ Pz

X,1
sin 2θ

2
1√
2
P−

ρ sin θ Pz
z cos θ〈

1
2

1
2

∣∣
V

P−
X,2√
2

sin θ 0 Pz
X,1

sin 2θ
2 C Pz

X,1 cos2 θ A −Pz
z sin θ −1√

2
P+

ρ cos θ〈
1
2

−1
2

∣∣
V

0
−P+

X,2√
2

sin θ −C∗ Pz
X,1

sin 2θ
2 A∗ −Pz

X,1 cos2 θ −1√
2
P−

ρ cos θ Pz
z sin θ

〈SV ↑| −1√
2
P+

S,ρ 0 Pz
S,z cos θ 1√

2
P−

S,ρ sin θ −Pz
S,z sin θ −1√

2
P−

S,ρ cos θ 0 0

〈SV ↓| 0 1√
2
P−

S,ρ
−1√

2
P+

S,ρ sin θ Pz
S,z cos θ −1√

2
P+

S,ρ cos θ Pz
S,z sin θ 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

,

(A1)

where P± = Pk± = P(kx ± iky) and Pz = Pkz. For exam-

ple,
−P−

X,3√
2

cos θ = −PX,3√
2

(kx − iky) cos θ , and Pz
X,1 = PX,1kz.

We note A = − sin θ cos θ√
2

[P−
X,3 + P+

X,2], B = 1√
2
[P−

X,3 sin2 θ −
P+

X,2 cos2 θ ], and C = 1√
2
[P+

X,2 sin2 θ − P−
X,3 cos2 θ ].

We define the matrix elements associ-
ated with the operator ( h̄

m0
k.p) as PS,ρ =

(h̄/m0)〈SV |px|iXC〉 = (h̄/m0)〈SV |py|iYC〉, PS,z =
(h̄/m0)〈SV |pz|iZC〉; Pρ = (h̄/m0)〈SC |px|iXV 〉 = −(h̄/m0)
〈SC |py|iYV 〉, Pz = (h̄/m0)〈SC |pz|iZV 〉; and PX,1 =
(h̄/m0)〈XV |pz|iYC〉 = −(h̄/m0)〈YV |pz|iXC〉, PX,2 = (h̄/m0)
〈ZV |px|iYC〉 = (h̄/m0)〈ZV |py|iXC〉, and PX,3 = (h̄/m0)
〈ZC |px|iYV 〉 = −(h̄/m0)〈ZC |py|iXV 〉.

We use EPj = 2m0

h̄2 P2
j to define the energy corresponding to

the Pj elements of the interband momentum matrix. Thus,
EPS,ρ

= 2m0

h̄2 P2
S,ρ , EPS,z = 2m0

h̄2 P2
S,z, EPρ

= 2m0

h̄2 P2
ρ , EPz = 2m0

h̄2 P2
z ,

EPX,1 = 2m0

h̄2 P2
X,1, EPX,2 = 2m0

h̄2 P2
X,2, and EPX,3 = 2m0

h̄2 P2
X,3.

All the matrix elements associated with the operator
( h̄

m0
k.p) are considered a set of real-valued, adjustable

parameters.

APPENDIX B: THE CARRIER EFFECTIVE MASSES

The carrier effective masses also become anisotropic due to
the anisotropy of the halide perovskites which are the subject
of this study. For the lowest conduction band, the electron
effective mass parallel (perpendicular) to the c axis is denoted
as me‖ (me⊥). Similarly, in the upper valence band, mh‖(mh⊥)
represents the hole effective mass parallel to (perpendicular
to) the c axis.

The electron and hole effective masses are formulated as
follows in the framework of the 16-band k.p model and the
second-order Löwdin perturbation theory [45]:

m0

me‖
= 1 + sin2 θ

EPS,z

(E|1/2,±1/2〉C
− E|SV ↑〉)

+ cos2 θ EPX,1

[
cos2 θ

(E|1/2,±1/2〉C
− E|1/2,1/2〉V

)
+ sin2 θ

(E|1/2,±1/2〉C
− E|3/2,1/2〉V

)

]
, (B1)

m0

me⊥
= 1 + cos2 θ

2

[
EPS,ρ

(E|1/2,±1/2〉C
− E|SV ↓〉)

+ EPX,2

(
sin2 θ

(E|1/2,±1/2〉C
− E|1/2,−1/2〉V

)
+ cos2 θ

(E|1/2,±1/2〉C
− E|3/2,−1/2〉V

)

)]

+ sin2 θ

2
EPX,3

[
1

(E|1/2,±1/2〉C
− E|3/2,3/2〉V

)
+ sin2 θ

(E|1/2,±1/2〉C
− E|3/2,−1/2〉V

)
+ cos2 θ

(E|1/2,±1/2〉C
− E|1/2,−1/2〉V

)

]
, (B2)

m0

mh‖
= −1 + EPS,z

[
sin2 θ

(E|SV ↑(↓)〉 − E|1/2,1/2〉C
)

+ cos2 θ

(E|SV ↑(↓)〉 − E|3/2,1/2〉C
)

]
, (B3)

m0

mh⊥
= −1 + EPS,ρ

2

[
1

(E|SV ↑(↓)〉 − E|3/2,3/2〉C
)

+ sin2 θ

(E|SV ↑(↓)〉 − E|3/2,−1/2〉C
)

+ cos2 θ

(E|SV ↑(↓)〉 − E|1/2,−1/2〉C
)

]
. (B4)
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