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Slow spin dynamics and quantum tunneling of magnetization in the dipolar antiferromagnet DyScO3
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We present a comprehensive study of static and dynamic magnetic properties in the Ising-like dipolar
antiferromagnet (AFM) DyScO3 by means of DC and AC magnetization measurements supported by classical
Monte Carlo calculations. Our AC-susceptibility data show that the magnetic dynamics exhibit a clear crossover
from an Arrhenius-like regime to quantum tunneling of magnetization (QTM) at T ∗ = 10 K. Below TN = 3.2 K,
DyScO3 orders in an antiferromagnetic GxAy-type magnetic structure and the magnetization dynamics slow
down to the minute timescale. The low-temperature magnetization curves exhibit complex hysteretic behavior,
which depends strongly on the magnetic field sweep rate. We demonstrate that the low-field anomalies on the
magnetization curve are related to the metamagnetic transition, while the hysteresis at higher fields is induced by
a strong magnetocaloric effect. Our theoretical calculations, which take into account dipolar interaction between
Dy3+ moments, reproduce essential features of the magnetic behavior of DyScO3. We demonstrate that DyScO3

represents a rare example of an inorganic compound, which exhibits QTM at a single-ion level and magnetic
order due to classical dipolar interaction.

DOI: 10.1103/PhysRevB.106.104427

I. INTRODUCTION

Timescale of spin dynamics—the time required to flip a
single spin—in conventional magnetic materials is of the or-
der of femto- to picosecond [1–3]. Anomalous slowing down
by multiple orders of magnitude down to the millisecond
range is known take place in some single-molecule mag-
nets and is induced by strong uniaxial anisotropy [4–6]. In
that case, the strong crystalline electric field (CEF) splits
the ground-state multiplet J of a magnetic ion and creates
a doublet ground state, which consists of two states with
maximal projection of angular momentum, pointing in the
opposite directions, |ψ0

±〉 = |±J〉. Thus the direct transition
between |ψ0

+〉 and |ψ0
−〉 states requires a change of the total

momentum �J by more than one, and thus is forbidden by
selection rules of many conventional single-(quasi)particle
emission/absorption processes. Therefore the matrix element
for this transition is low, see Fig. 1(c).

In this case, there are two possible ways to change the spin
momentum: (i) via an activation process to the excited doublet
with wave functions |ψ1

±〉 = | ± J ∓ 1〉; or (ii) as a direct
transition between |ψ0

+〉 and |ψ0
−〉 via the quantum tunneling

of magnetization (QTM) process [4]. The first mechanism
dominates in the temperature range T � �CEF/kB (�CEF is
the energy gap to the excited doublet and kB is the Boltzmann
constant), but it becomes ineffective at lower temperature
where the QTM dominates the magnetic relaxation.

*Corresponding author: Nikita.Andriushin@tu-dresden.de

QTM is a well-known process in single-molecule mag-
nets, however, to the best of our knowledge, among inorganic
crystals there are only few well-documented examples includ-
ing Dy2Ti2O7 [7–12] and Ca3Co2O6 [13,14]. In both cases,
the strong CEF produces large uniaxial anisotropy, which
freezes magnetic moments below a crossover temperature
T ∗ ≈ 13 and ≈9 K, for Dy2Ti2O7 and Ca3Co2O6, respec-
tively. However, in addition to the QTM both materials also
show complex collective magnetic behavior, classical spin-
ice physics in case of Dy2Ti2O7 and a frustrated spin-chain
behavior in Ca3Co2O6, which obscure the QTM physics. An-
other prominent example is a dipolar ferromagnet LiHoF4

and its diluted modifications LiHoxY1−xF4 [15–18], where
electronic and nuclear spins of Ho3+ ions are coupled because
of large hyperfine interaction, which produces complex slow
dynamics at low temperatures.

In this work, we focus on a classical Ising-like dipolar
AFM DyScO3. This material crystallizes into a distorted
perovskite structure with the Pbnm space group [Fig. 1(a)].
Because of octahedral distortion, Dy3+ ions occupy a low-
symmetry position with only one symmetry element—the
mirror plane perpendicular to the c axis. DyScO3 is com-
monly used as a substrate for thin films growth, because of
good mechanical properties and lattice match with perovskite
superconductors [19–21]. Another active field or research
is related to the sister compound, DyFeO3, which displays
multiferroic properties below the magnetic ordering temper-
ature of Dy moments [22]. Until recently, the Dy3+ moments
were thought to order into a commensurate AFM struc-
ture [23–25] and exchange striction mechanism involving
both Fe and Dy subsystems was proposed to explain the
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FIG. 1. Crystal (a) and magnetic (b) structure of DyScO3. Red,
green, and violet balls represent O2−, Sc3+, and Dy3+ ions, re-
spectively. Red and light blue arrows represent arrangement of Dy
moments at two neighbor layers for GxAy spin configuration [28].
(c) Sketch of the energy diagram of J = 15/2 multiplet of Dy3+ in
DyScO3, shown in |MJ〉-E coordinates. Spin-orbit coupling (SOC)
produces the J = 15/2 multiplet, which is split into 8 doublets by
CEF. The ground state doublet consists of |±15/2〉 wave functions,
following by excited |±13/2〉, |±11/2〉, etc. While the tempera-
ture dependence of the spin excitation associated with |±15/2〉 →
|±13/2〉 transition follows Arrhenius law, the direct transition be-
tween |±15/2〉 states is the temperature-independent QTM process.

multiferroic properties. However, very recently a high-
resolution neutron diffraction study reported incommensurate
elliptical spiral or spin density wave (SDW) order of Dy
moments with k = (0 0 1 ± δ). Such an incommensurate
magnetic structure could potentially have an impact on the di-
electric response of DyFeO3 due to lowering of the symmetry
[26,27].

DyScO3 is reported to exhibit noncollinear AFM order-
ing below TN = 3.2 K with the propagation wave vector
k = (0 0 1) (GxAy configuration) as shown schematically in
Fig. 1(b) [28]. Magnetization and neutron diffraction mea-
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FIG. 2. Temperature dependencies of the magnetization of
DyScO3 measured using VSM at B = 0.1 T (a) and calculated by
Monte Carlo (b) with different temperature sweep rates as described
in Sec. II C. Red and blue lines represent data collected on warming
and cooling, respectively. Data are in (a) and (b) are shifted respec-
tively by +0.5 μB/f.u. and +1 μB/f.u. vertically for clarity.

surements show that Dy have strong uniaxial anisotropy at
low temperature and the easy axis lies in the ab plane, with a
±28◦ angle to the [010] direction [28–30]. Inelastic neutron
scattering (INS) measurements show that the ground state
doublet is well-isolated from the first excited doublet located
at 290 K. Point-charge model calculations supported by mag-
netization measurements show that the wave function of the
ground state doublet consists of almost pure |±15/2〉 states,
making DyScO3 a prospective material to search for the QTM
effect.

In this work, we performed a comprehensive study of
the low-temperature magnetic behavior in DyScO3. We
confirmed that Dy moments orders antiferromagnetically
below TN = 3.1 K via specific heat measurements. Our neu-
tron diffraction data indicate that the ordering wavevector
of DyScO3 is—within the resolution of ≈0.01 r.l.u.—
commensurate, which is a difference to DyFeO3. We observed
a clear peak in imaginary part of dynamical spin suscepti-
bility χ ′′. It exhibits a crossover between an Arrhenius-like
regime at high temperatures and a temperature-independent
regime below �10 K, which is a fingerprint of QTM behavior.
The M(B) curves taken below TN demonstrate complex hys-
teretic behavior. By using classical Monte Carlo simulations
with dipolar interactions we reproduced essential features
of magnetic behavior of DyScO3: (i) the type of magnetic
ordering and the ordering temperature TN; (ii) temperature
dependencies of the magnetic specific heat and magnetization;
(iii) behavior of magnetic correlation length above the TN; and
(iv) kink and a broad magnetic hysteresis on the M(B) curves.
Our results demonstrate that the low-temperature behavior of
DyScO3 is described by a combination of CEF-induced QTM,
dipolar intersite interaction and the strong magnetocaloric
effect.

II. RESULTS AND ANALYSIS

A. Slow dynamics at low-field regime

We start the presentation of our results with the mag-
netization data collected as a function of temperature with
different sweep rates as shown in Fig. 2(a). Note that the
magnetic field was applied along the easy direction, which we
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FIG. 3. Temperature dependence of real (a) and imaginary
(b) parts of the complex longitudinal AC susceptibility of DyScO3

measured with 5 Oe drive field for f = 1, 10, 100 Hz and 2.5 Oe for
1000 Hz applied along [010] at zero DC field. The static spin sus-
ceptibility M/B measured at B = 0.1 T using VSM is shown in (a).
Crossed black lines in (b) illustrate how the crossover temperatures
was determined for f = 10, 100, and 1000 Hz curves.

define as the direction, for which the bulk magnetization is
maximal, B ‖ [010] [28], in all measurements and calcula-
tions. All curves collected upon warming up show a clear cusp
anomaly associated with AFM ordering. Noticeably, the posi-

tion of the cusp shifts with the sweep rate dT/dt . One can also
see that the field-cooling (FC) curves differ considerably from
those collected upon warming up (i) the cusp associated with
the AFM transition becomes less well-defined and is almost
gone for dT/dt � 1 K/min and (ii) the FC and warming up
curves show considerable hysteresis below TN.

These results indicate the presence of a considerable mag-
netization relaxation at low temperatures, that takes place on a
timescale of minutes, which is unexpected for a conventional
antiferromagnet. In order to get further insight to the slow
dynamics of DyScO3, we have measured temperature and
frequency dependencies of the complex magnetic suscepti-
bility χ ( f , T ) and the results are shown in Figs. 3 and 4.
Figure 3(a) displays the temperature dependence of the real
part of the AC susceptibility, χ ′(T ), measured at different
frequencies along with the static spin susceptibility, M/B,
measured with VSM. The curves collected at f = 1 Hz and at
static regime agree well above TN, and display a single peak at
the transition temperature. The qualitative behavior changes
when the frequency is increased. The low-temperature sus-
ceptibility measured at f � 10 Hz is reduced, but returns
to M/B above a frequency-dependent crossover temperature.
The high-temperature tails of all curves follow the same
Curie-Weiss law.

The χ ′′(T ) curve measured at 1 Hz shows a strong diver-
gence at TN, as expected for an AFM system. With increasing
frequency the shape of the peak at the ordering temperature
changes significantly and becomes similar to the one ob-
served in χ ′(T ). Moreover, we observed the second peaklike
anomaly, whose positions shifts with frequency. We quantified
the positions of the second anomaly using the inflection point,
as shown for f = 10, 100, and 1000 Hz curves in Fig. 3(b).
The obtained frequency-dependent timescales characterize the
magnetization dynamics and are plotted with green circles in
Fig. 6.

To reveal the frequency dependence of the spin sus-
ceptibility in DyScO3 we measured χ ′( f ) and χ ′′( f ) at
multiple temperatures, and several representative curves are
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FIG. 4. Frequency dependence of the AC susceptibility measured at multiple temperatures between 2 and 20 K. (a) and (b) show the real
[χ ′( f )] and imaginary [χ ′′( f )] parts of the AC susceptibility, respectively. (c) shows the Cole-Cole plot χ ′′(χ ′). All data are shown with a
constant vertical offset for clarity.
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FIG. 5. Time dependence of magnetization taken after switching off 0.01 T magnetic field. Color dots and black lines in panel (a) show
experimental data and relaxation calculated with ILT. (b) Relaxation time distribution function calculated for T = 1.8 K curve using different
regularization parameter α as detailed in legend. (c) Relaxation time distribution function calculated for α = 10 and different temperatures.

shown in Fig. 4. The χ ′( f ) demonstrates a plateau at low
frequencies and a gradual decrease above temperature-
dependent crossover frequency. The χ ′′( f ) curves display a
strong broad peak at T � 3 K. The position of the peak shifts
down with decreasing temperature, however between T = 10
and 4 K χ ′′( f ) remains almost unchanged. When cooling
below TN the peak height decreases and shifts towards lower
frequencies, which could not be followed further with our AC
setup. Figure 4(c) shows Cole-Cole plots χ ′′(χ ′) at different
temperatures. For a system with a single relaxation channel
(or symmetrical distribution of the relaxation channels), the
curves should follow a semicircular trajectory. However, the
curves measured with DyScO3 are asymmetric, indicating a
more complex distribution of the relaxation times [31–33].

To characterize the timescale of the magnetization dynam-
ics below TN we used a VSM magnetometer and measured
magnetization relaxation after switching off 100 Oe DC mag-
netic field. Further discussion of the protocol details is given
in Sec. A of Appendix. The relaxation curves collected at
several selected temperatures above and below TN are shown
in Figs. 5(a) and 5(b). The most striking feature is that the
magnetization displays slow exponential-like relaxation at
T � 2.6 K. At T = 3 K (close to TN), the relaxation takes
place considerably faster and the relaxing moment decreases,
while at 6 K, two time TN, we did not observe any relaxation
within the resolution of our setup, which clearly shows that
the dynamics on minute time scale is associated with magnetic
ordering.

Conventionally, the relaxation process M(t ) can be de-
scribed with an exponential function with a single character-
istic relaxation time τ [Eq. (1) with β = 1]. In systems which
have a distribution of relaxation times, for example, due to
an overdamping or disorder, the simple exponent model may
fail [34]. A commonly used, more advanced, approach to a
relaxation description is the time-stretched exponent:

M(t ) = M0e−(t/τ )β . (1)

Here, the new parameter β ∈ [0, 1], introduces a stretching
of exponential decay. For this function the characteristic relax-
ation time is not a single value but a continuous distribution of

relaxation times with a maximum near the τ parameter and the
width given by β. However, we were not able to obtain good
fit of our experimental data taken at T < 3 K using a Eq. (1)
meaning that the distribution of relaxation times in DyScO3
cannot be described in this way.

By choosing a fitting model for relaxation data, we always
assume a certain distribution of relaxation time: a delta func-
tion for a single exponent, a set of delta functions in case if
we use a sum of several exponent relaxations or a continuous
peak of certain width in case of stretched exponent. All these
models can be generalized using the relaxation-time distribu-
tion function as follows:

M(t ) =
∫ ∞

0
P(τ )e−(t/τ )dτ. (2)

Equation (2) describes a Laplace transform of a relaxation
time distribution P(τ ), the values of which give a probability
that system will relax with a time constant τ . In an exper-
iment, we measure M(t ) and afterwards extract information
about a relaxation time distribution P(τ ) by fitting with a
phenomenological function. Direct calculation of P(τ ) from
the experimental data is difficult, because the inverse Laplace
transform (ILT) is a mathematically ill-posed problem and it
may have far more than one solution. However, there are some
algorithms which make use of the fact that the relaxation time
distribution only has physical meaning if τ is a non-negative
real number. We performed the ILT of our magnetization data
using the regularized non-negative least-square method, for
details of the method see Appendix A.

The ILT algorithm we applied to the analysis of our data
requires a single regularization parameter α as input. The
parameter α controls how broad in τ the distribution function
P(τ ) is. Therefore, as the first step, we selected α by calculat-
ing the ILT for 1.8 K data using several different regularization
parameters α. The relaxation time distribution function for
four representative α are shown in Fig. 5(c). For small α =
0.05 and 1, the relaxation times distribution shows a complex
profile with multiple peaks, some of which are located very
close to each other. For α = 10, the distribution function
becomes simpler and exhibits two peaks: a broad peak at
30 s and the second peak at τ ≈ 1500 s, which is 5–10 times
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FIG. 6. Arrhenius plot log( f )(1/T ), reconstructed from our re-
sults along with data from Ref. [35]. The grey dotted line shows the
transition temperature TN. The blue and green points show the peak
positions extracted from the frequency and temperature dependen-
cies of imaginary part of AC susceptibility χ ′′, and the black squares
show the high-frequency data from Ref. [35]. Red solid line shows
the calculated CEF activation curve with experimentally determined
� = 290 K. Red points show inverse relaxation constants 1/τ ex-
tracted as positions of probability density maximum calculated with
the ILT.

weaker than the primary fast relaxation. Both observed peaks
are broad, which correspond to finite distribution width of the
relaxation times [β < 1 in Eq. (1)]. With further increase of α

the distribution function does not change qualitatively and two
peaks in τ remain its primary feature. We note that ILT con-
volutions with different α provide similar quality of the data
description and therefore we cannot uniquely identify, which
time distribution is realized in DyScO3. However, having no
physical justification to assume that the relaxation dynamics
in DyScO3 is associated with multiple narrow-in-τ relaxation
channels and taking into account that for α > 10 the P(τ )
function shows only weak quantitative changes we have fixed
empirically α = 10 throughout our analysis. In Fig. 5(d), re-
laxation times distributions obtained with the ILT calculation
are shown for T = 1.8–3 K. At T = 3 K, the weak slow peak
becomes nonvisible in the ILT profile. To check quality of the
ILT we calculated Laplace transform of it and compare the
result with the original M(t ) data as shown by solid black
lines in Fig. 5(a) and one can see very good agreement. From
the ILT calculations, we conclude that DyScO3 has single
relaxation channel at T = 3 K (τ = 2 s) and two channels at
τ ≈ 28 and ≈1500 s below 3 K. Note that we quantify τ as
position of the maximum of the peaks in P(τ ) curves.

The temperature dependence of observed relaxation times
extracted from AC susceptibility and magnetization relax-
ation measurements is summarized in Fig. 6. Informed by
our own INS measurements [28], we highlight three different
regimes: (i) Arrhenius regime at high-temperature, T > 10 K;
(ii) temperature-independent relaxation between 10 K and TN;

FIG. 7. Magnetization curves M(B) measured at several temper-
atures as indicated at each panel. The curves were measured with
different sweep field rates as shown in legend.

and (iii) slow relaxation in the AFM phase. The temperature
dependent AC susceptibility in DyScO3 was also studied in
Ref. [35], where the authors observed peaklike anomalies
in χ ′′(T ) curves, which shifted with frequency. The authors
associated this peak with an Arrhenius-like relaxation process,
taking the population of the CEF level into account, and
extracted �/kB = 229 K. Our own later INS measurements
indicated that the first CEF level is located at higher energy,
�/kB = 290 K [28]. The calculated curve for a 290 K gap is
shown in Fig. 6 by a red line, and one can see good agree-
ment with experimental points at high temperature and a clear
crossover between regimes (i) and (ii).

The behavior seen in DyScO3 strongly resembles the
slowing down of the spin dynamics in a classical spin-ice
compound Dy2Ti2O7, which also shows three regimes at dif-
ferent temperatures: (i) Arrhenius relaxation at T > 15 K;
(ii) plateau at 1.5 < T < 15 K; and (iii) another Arrhenius
regime below 1.5 K due to development of the spin-ice regime
[7,9,10]. The difference in the low-temperature regime (iii) is
a consequence of the different ground states, AFM in DyScO3
vs. spin-ice in Dy2Ti2O7.

B. Field-induced anomalies

We next proceed with a description of the field-induced
physics in DyScO3. Authors of Ref. [28] reported magnetiza-
tion curves measured at T = 2 K along three crystallographic
directions. Interestingly, the curves measured along [010] and
[100] axes show two consecutive hystereses at low field and
just below the saturation. These features were interpreted as
two field-induced first-order phase transitions. Motivated by
those observations we measured the magnetization of DyScO3
at several temperatures with magnetic field applied along the
[010] axis. Figure 7 shows magnetization curves collected at
several temperatures below and above TN. One can see that
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at T = 2 K magnetization curves measured with high sweep
rates (50, 500, and 700 Oe/s) show considerable hysteresis
over the whole field range. However, we can clearly high-
light two distinct transitions: the first kink at B ≈ 0.4 T and
the second anomaly at B ≈ 1 T. Noticeably, when the sweep
rate decreases, only the low-field features remains visible,
while magnetization at higher fields shows simple Brillouin-
like behavior. Figures 7(b)–7(d) demonstrate magnetization
collected above TN and one can see that the magnetization
is perfectly linear at the low-field regime in agreement for
the expectation for a paramagnet. However, the clear kink as
well as the hysteresis at 0.7–2 T are clearly seen for high
field-sweep rates, while the low-sweep curves show simple
Brillouin-like behavior.

Based on these data we can associate the first transition
with the field-induced destruction of the AFM order, while
the high-field hysteresis is associated with single-ion physics,
because it persists to temperatures up to ∼8 K, which is much
larger than the characteristic energy scale of magnetic inter-
actions in DyScO3. We associate this effect with the strong
magnetocaloric effect (MCE) in DyScO3 [36] and in the next
section we show that Monte Carlo simulations, which take
into account the MCE, are capable to reproduce this effect.

C. Monte Carlo simulations

As discussed above, DyScO3 shows strong Ising-like
single-ion anisotropy of magnetic moments, meaning that
Dy moments can be pointed up or down along the CEF-
dictated easy magnetization direction at each site. In addition,
a previous report associated magnetic order with the dipole-
dipole interactions between Dy moments [28]. The standard
approach to describe physical properties of an Ising system
on a 3D lattice is by Monte Carlo modeling and here we make
use of the metropolis algorithm to describe magnetic behavior
of DyScO3 [37]. We considered a 10×10×10×4 cluster of
Ising spins, which are coupled by dipole-dipole interaction
and are in thermal contact with a reservoir at temperature Tres.
Most parameters of our model, such as interatomic distances,
the field and temperature dependence of the thermal conduc-
tivity (approximated from the data measured on isostructural
DyAlO3), the magnetic moment of Dy3+ and the direction
of easy axis were fixed from the experimental data [28,38].
The only free parameter is the coefficient which converts the
number of Monte Carlo steps to the experimental time, which
we fixed by comparison of calculated and experimental χ ′′( f )
curves and the absolute value of the thermal conductivity. See
Appendix B for details.

We start the presentation of our calculations with the low-
temperature magnetic structure. First, our MC calculations
show that the GxAy is the ground state of DyScO3 and has the
lowest energy among the four possible k = 0 magnetic con-
figurations in DyScO3, in agreement with previous estimates
for smaller clusters [28,36]. As the next step we calculated
the static magnetic structure factor, S(Q), and found that the
AFM order manifests itself with a strong magnetic Bragg peak
at Q = (001). We plot the calculated temperature dependence
of (001) peak in Fig. 8 along with the experimental mea-
surements of the ordered moment [28]. Fitting of calculated
data near the critical temperature was performed using the

FIG. 8. AFM ordering at zero field. (a) Temperature dependence
of (001) Bragg peak. Red dots represent experimental data extracted
from neutron powder diffraction [28]. Orange dots show data ob-
tained by single-crystal neutron diffraction on TASP instrument. The
solid line is the result of Monte Carlo calculations. (b) Calculated and
measured low-temperature specific heat. The nuclear contribution
was approximated by C(T ) = βT 3 with β = 0.23 mJ mole−1 K−4

and added to the calculated curve. The nuclear contribution reaches
0.047 J mole−1 K−1 at T = 6 K and therefore is barely visible at this
temperature scale. (c) Temperature dependence of the correlation
length measured by neutron diffuse scattering (red and pink dots)
[28] and calculated by Monte Carlo (blue and light blue dots). The
filled area represents the estimated uncertainty of the calculation.
(d) Simulated neutron diffraction pattern in the (H0L) scattering
plane calculated at TN < T = 3.5 K showing anisotropic diffuse scat-
tering around the primary AFM peak (001). (e) Neutron scattering
intensity of (001) peak measured at multiple temperatures using
TASP instrument. (f) Neutron scattering intensity of (001) peak at
2 K, measured along (H00) direction.

following expression:

S =
{

0, for (T > Tc)

S0
(
1 − (

T
Tc

)β)α
, for (T � Tc)

}

and yielded the critical temperature TN = 2.853(1) K. The
very good agreement with the experimentally determined
TN = 3.11 K indicates that the dipolar interaction is the
primary magnetic interaction in DyScO3. We have also
modeled the magnetic diffuse scattering above the transition
temperature. The representative diffuse pattern calculated at
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T = 3.5 K is represented in Fig. 8(d), which was obtained
from averaging a number of Monte Carlo runs. We extracted
the temperature dependence of the correlation length
[Fig. 8(c)] and compared it with experimental results mea-
sured at the CNCS instrument [28]. Clearly, the measured and
the calculated curves show good agreement with ξc > ξab over
all temperature range. The reason is the mutual arrangement
of crystal axes and directions of Dy3+ moments: the nearest
neighbor Dy moments along the c axis have strong antiferro-
magnetic interaction, while interaction between in-plane Dy
moments is nearly canceled out for the GxAy magnetic con-
figuration [36]. To further characterize the magnetic transition
we calculated the specific heat of DyScO3 and show it along
with the experimental curve in Fig. 8(b). Both curves show
a sharp λ-like peak at TN due to AFM transition with only
weak shoulders above TN, which indicates weak magnetic
correlations in the paramagnetic state. The entropy change
associated with anomaly in the specific heat is in agreement
with the value expected for a Ising system: R ln(2S + 1)
for S = 1/2.

Note that very recently, an incommensurate AFM order of
Dy moments with propagation wave vector k = (0 0 1 ± δ)
was observed in the isostructural compound DyFeO3. In order
to verify that DyScO3 shows simple commensurate order we
performed high-resolution single crystal neutron diffraction
measurements using TASP triple axis instrument at PSI and
the scans at along h and l directions of reciprocal space around
(0 0 1) peak are shown in Figs. 8(e) and 8(f). No splitting
of the AFM peak observed within the resolution of ≈0.01
r.l.u. This result indicates that the zero-field magnetic order in
DyScO3 is commensurate in agreement with previous report
[28] and our MC calculations, but in contrast to DyFeO3. We
further speculate that our results supports the hypothesis that
the splitting of (0 0 1) peak in DyFeO3 could be associated
with interaction between Dy and Fe subsystems.

To reveal the origin of the bifurcation between the M(T )
curves shown in Fig. 2(a), we performed Monte Carlo sim-
ulations of the temperature dependences of magnetization
[see Fig. 2(b)] with different sweep rates of the reservoir tem-
perature, dTres/dt . We found that the calculated magnetization
curves are in qualitative agreement with experimental data.
Specifically, the magnetization curve calculated for dT/dt =
0.1 K/min shows a clear cusp at TN and a weak hysteresis
below the transition. With increase sweep rate dT/dt the
hysteresis becomes wider and the peak for warming up curves
shifts towards higher temperatures in good qualitative agree-
ment with the experiment. The reason for this behavior is the
poor thermal stabilization due to both, weak thermal conduc-
tivity and slow thermalization during the temperature sweeps,
because of which the actual temperature of the sample can
differ considerably from Tres. This effect causes bifurcation
between cooling and warming M(T ) curves and the sweep-
rate dependence of the transition temperature.

As the next step we calculated the magnetic field depen-
dence of the magnetization at three characteristic tempera-
tures of the reservoir, Tres = 1, 2, and 3.5 K and the results
are summarized in Fig. 9. We performed two versions of
calculations, (i) isothermal magnetization with TSample = Tres

strictly maintained, and (ii) by taking into account the strong
magnetocaloric effect [29], see details of calculations in

FIG. 9. [(a1)–(c1)] The magnetization curves calculated tak-
ing into account magnetocaloric effect at various temperatures of
reservoir and corresponding system temperature dependence. The
magnetization curves were calculated for external field ramped from
zero to 2 T and backward, the shaded areas show width of the
hysteresis curves �M(B) = M(B) ↑ −M(B) ↓. Additional panels
(a2)–(c2) show temperature change during simulation, grey horizon-
tal lines denote reservoir temperatures. Reservoir temperatures are
indicated in each panel. The contour map (d) is the calculated mag-
netic structural factor for the incommensurate state around B = 0.4 T
and T = 1 K [red circle at (c1)].

Appendix B. The field sweep rate for all curves in Fig. 9 was
0.5 T/min.

First of all, let us consider the magnetization curves cal-
culated at T = 3.5 K above the ordering temperature, which
are shown in Fig. 9(a1). The isothermal magnetization calcu-
lated at T = 3.5 K shows featureless Brillouin-like behavior
in agreement with expectations for a paramagnet. Introduc-
tion of the magnetocaloric effect changes qualitative behavior
of the magnetization curves and opens a broad hysteresis at
B ≈ 0.4–1.2 T, because of the field-induced change of Tsamp,
which is shown in Fig. 9(a2). Thus we conclude that the
hysteresis at intermediate fields observed in our magnetization
measurements for dB/dt � 50 Oe/s (Fig. 7) is caused by
the magnetocaloric effect, which however plays a minor role
when the field ramp rate is small compared to the thermaliza-
tion time, meaning that Tsamp = Tres.

Below the magnetic transition temperature the magneti-
zation curve changes considerably. The curves calculated at
Tres = 2 K demonstrate a metamagnetic transition and a broad
hysteresis at low fields, B < 0.3 T, which behaves similarly
for both, the isothermal and nonisothermal curves [Fig. 9(b1)].
Above the metamagnetic transition the isothermal curves
merge and show the featureless Brillouin-like behavior, while
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a narrow hysteresis emerges at B = 0.5–1 T for the curves
calculated with magnetocaloric effect. We note that the ex-
act shape of the calculated curve depends considerably on
the thermal conductivity of DyScO3, which depends on both
magnetic field and temperature, λ(B, T ). This quantity was
not measured in the low-temperature regime, T < 10 K and
in our calculations we make use of the data measured in
the paramagnetic phase on the isostructural DyAlO3 [38],
which we approximate down to the temperature range of
interest (see Appendix B for details). This procedure does
not provide quantitatively precise values for the thermal con-
ductivity, especially below TN where thermal conductivity
can exhibit strong anomalies near the critical field [39–41].
Therefore the exact shape of calculated and observed magne-
tization curves does not match quantitatively. However, our
calculations allow us to associate the high-field hysteresis
with the magnetocaloric effect, while the low-field anomalies,
including the metamagnetic transition and the hysteresis of
magnetization, are associated with collective behavior.

Figure 9(c1) shows magnetization calculated at Tres = 1 K
and one can see that isothermal and nonisothermal curves
coincide over all field scales, meaning that the magnetocaloric
effect has a minor influence on the magnetization curve at
this temperature. Moreover, the curves calculated for B =
0 → 2 T demonstrate a narrow Ms/2 plateau at B = 0.4 T.
In a system with Ising-like anisotropy, the magnetic moments
can point parallel or antiparallel to the easy-axis direction,
therefore below the ordering temperature, one can expect to
see the formation of SDW-like incommensurate phases at
the intermediate magnetic fields [42,43]. Figure 9(d) shows
the calculated static spin structure factor at T = 1 K and
B = 0.4 T, which corresponds to the plateau field range. One
can see clearly formation of the incommensurate peaks at
q = (0 0 0.55), which can be associated with the formation of
↑↑↑↓ type of order along the c axis. Two other reflections
correspond to the primary magnetic reflection of the zero-
field AFM phase, q = (0 0 1) and ferromagnetic q = (0 0 0)
peak. We note that a similar field-induced incommensurate
magnetic order with k = (0 0 1 ± δ) was observed previously
in the isostructural material YbAlO3 [44,45]. Moreover, very
recently an incommensurate order (SDW or eliptical spiral)
with k = (0 0 1 ± δ) was reported in another isostructural
compound DyFeO3 [26,27], where it could be related with
interaction between Fe and Dy magnetic subsystems. Low-
temperature in-field neutron diffraction measurements would
be required to verify the presence of the incommensurate
field-induced magnetic phases in DyScO3.

III. DISCUSSION AND CONCLUSION

We demonstrate that DyScO3 exhibits slow dynamics of
magnetization below T ∗ = 10 K, which is caused by strong
CEF-induced uniaxial anisotropy of Dy3+ moments. We note
that similar behavior was observed previously in multiple
organic-based magnetic molecules [4–6], while such a be-
havior in inorganic materials remains relatively rare. Several
representative examples are Dy2Ti2O7 and Ca3Co2O6. How-
ever, in addition to the QTM, both aforementioned materials
display complex magnetic behavior due to frustration of
magnetic interactions. The presence of the competing inter-

actions makes it difficult to disentangle the effects of QTM
and magnetic frustration on spin freezing in these systems,
contrary to the case of DyScO3. We have characterized the
low-temperature spin dynamics of DyScO3 using AC suscep-
tibility and magnetization relaxation measurements and have
observed three regimes: Arrhenius-like behavior at T > T ∗,
a plateau between T ∗ and TN, and slow relaxation of magne-
tization below TN. Thus DyScO3 represents a so-far unique
example of a classical dipolar AFM, which combines a clas-
sical magnetically ordered ground state with QTM.

Our Monte Carlo simulations appear to capture the essen-
tial physics of DyScO3, including the magnetic ground state,
the temperature of the AFM transition, slow dynamics of mag-
netization at low temperatures and bifurcation between M(T )
curves collected upon cooling and warming. In addition, by
taking into account the magnetocaloric effect we were able
to describe the magnetization curves and demonstrate that
the hysteresis in the paramagnetic phase is caused by consid-
erable field-induced change of the sample temperature during
the measurements. Our simulations also predict the formation
of an incommensurate spin-density wave magnetic phase at
low temperatures and intermediate magnetic fields, similar to
that observed in YbAlO3 [44,45], whose existence in DyScO3
awaits experimental verification with elastic neutron scatter-
ing measurements.

We note that although our model captures the main features
of magnetic behavior in DyScO3 there are minor quantitative
disagreements such as the exact shape of the hysteresis curves
shown in Figs. 7(a)–7(c), which could probably be improved
by including in the model exact results for the field- and
temperature-dependence of thermal conductivity. In addition,
the χ ′′(χ ′) curve has an asymmetric shape indicating a com-
plex distribution of the relaxation times, while our model
implies a single relaxation channel for simplicity.

To conclude, we have applied AC susceptibility and DC
magnetization measurements, supported by specific heat,
neutron diffuse scattering and Monte Carlo calculations to
characterize spin dynamics in DyScO3. Our results indicate
that DyScO3 represents a rare combination of single-ion QTM
behavior with classical dipolar interactions and stimulate fur-
ther search of rare-earth based condensed matter systems with
QTM.
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APPENDIX A: EXPERIMENTAL DETAILS

High-quality single-crystals of DyScO3 were obtained
commercially [46]. The samples for magnetic and
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specific-heat measurements were oriented using a
backscattering x-ray Laue machine and then cut using a
wire saw. Magnetization and AC-susceptibility measurements
were performed in a temperature range 1.8–100 K, using
an MPMS SQUID VSM instrument by Quantum Design.
For the magnetic measurements we used a sample with
mass of 1.4 mg. The sample was fixed on a quartz paddle
using GE varnish. The DC magnetization data were collected
using VSM technique at sample vibration frequency of
14.1 Hz. Magnetic field was applied along the [010] direction,
which is the easy axis of magnetization. The specific heat
measurements were carried out by the relaxation time method
using a Quantum Design PPMS. The sample was attached to
the platform using Apiezon-N. Contribution of the Apiezon-N
was measured separately and subtracted from the data. The
single crystal neutron scattering measurements used for
extraction of the correlation length were done at the Cold
Neutron Chopper Spectrometer (CNCS) [47,48]. To quantify
the correlation lengths ξH , ξL we perform a two dimensional
fitting of the (0 0 1) magnetic peak using the following
function [28]:

Smag(Q) = sinh a/ξH

(cosh a/ξH − cos πqH )

sinh c/ξL

(cosh c/ξL − cos πqL )
,

(A1)

where a and c are the lattice parameters. The calculated mag-
netic structure factor (see Appendix B 3) was fitted using the
same equation.

To verify that DyScO3 orders into commensurate AFM
structure with k = (0 0 1) we performed high-resolution
neutron diffraction measurements using TASP triple-axis in-
strument. The data were taken with ki = kf = 1.4 Å−1 and
to improve Q resolution we installed 40′ and 20′ collimators
between the monochromator and the sample, and the sample
and the analyser, respectively.

Magnetization shows very slow dynamics below TN and
we measured it using following protocol: (i) ZFC to the
base temperature T = 1.8 K; (ii) apply 100 Oe external field;
(iii) wait for 3000 s; (iv) decrease the external field to zero
with sweep rate of 700 Oe/s; (v) collect time-dependent M(t )
for 3 hours; (vi) increase temperature to the new target T
and repeat from the step (ii). When choosing the protocol
we consider the following reasons: (1) DyScO3 exhibits a
metamagnetic transition at 0.4 T and our primary target was to
characterize magnetic dynamics of the zero-field AFM phase,
therefore the target field should be <0.4 T. Moreover, DyScO3
shows strong magnetocalloric effect and therefore we de-
creased the target field, so that it does not change temperature
of the sample. (2) The waiting time at the target field of 100
Oe was chosen so that magnetization saturates for at least 95%
of saturation at this field. Representative time dependencies of
magnetization and magnetic field, which displays our protocol
are shown in Fig. 10.

It was not possible to reproduce the character of low tem-
perature relaxation data with relatively simple models like
double exponent or single stretched exponent. Therefore here
we made use of the inverse Laplace transform (ILT) analysis
as it is occasionally done, for instance, for analysis of NMR
and NQR data [49,50]. The formulation of ILT problem can
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FIG. 10. Protocol used for magnetization relaxation measure-
ments. Orange and blue points show time dependence of magnetic
field and magnetization collected at T = 1.8 K.

be written as follows:

F (t ) =
∫ ∞

0
f (z)e−(tz)dz. (A2)

The F (t ) is the function we want to invert, our measured
data, f (z) is the inverse Laplace transform and the z = 1/τ

is inverse relaxation time. The f (z) related to the relaxation
time distribution as z f (z) = τP(τ ). But the problem of the
ILT is ill-posed and hence it has no unique solution. In case
of numerical calculation of the ILT, it is a good approach
to make use of the non-negativity of relaxation times and
introduce some regularization parameters to decrease effect
of data noise and discreetness. In this work, we used the
regularized non-negative least-square method [51,52], which
can be used not only for the ILT problem but also for any other
inverse problems expressible in terms of linear equations. The
method rewrite the ILT problem as the problem of the least
squares problem:

min[||A − Cx||2 + α2||r − Rx||2]. (A3)

The vector A represents measured data, the relaxation time
distribution values are contained inside the vector x and the
matrix C, which elements are exponential coefficients e−(tz), is
ill-conditioned. The second term is the regularization part with
α describing a significance of the regularization. The form of
regularization term can be chosen differently and depends on
particular problem, here the form enhancing solution smooth-
ness was used:

||r − Rx||2 =
∫ zmax

zmin

( f ′′(z))2dz. (A4)

The regularizator leads the x vector toward a smoother so-
lution when α is increased. The noise in measured data can
overtake the minimization process if α is too small, and
smoothness of the solution can be overestimated if α is too
high. A reasonable value of α depends on the noise level
and on the sampling of original data. After the construction
of the least-square problem, it is needed to solve it for the
condition x > 0. For this purpose, the method uses Least
Distance Programming algorithm [53].
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APPENDIX B: MONTE CARLO SIMULATIONS

1. Magnetic Hamiltonian

At low temperature magnetic system of Dy3+ ions can be
effectively described by dipole-dipole interaction. Since the
magnetic properties of DyScO3 exhibit Ising-like behavior, it
is convenient to theoretically study these with Monte Carlo
(MC) simulations. In this work we performed MC simulations
of a 3D Ising system of Dy3+ moments using the classical
Metropolis single-flip algorithm [37]. The Hamiltonian used
in the calculations was taken as a combination of dipole-
dipole interaction energy and a Zeeman term due to the
external field. The Hamiltonian reads

H = −1

2

μ0

4π

∑
i, j

[
3( �mi, �ri, j )( �mj, �ri, j )

| �ri, j |5 − ( �mi, �mj )

| �ri, j |3
]

− B
∑

i

�mi , (B1)

where the first term is the dipole-dipole interaction energy
and the second one is the energy of Zeeman interaction of the
magnetic moments and external field. Because the summation
goes over each interaction twofold there is the 1/2 factor in
front of the first term. The μ0 corresponds to vacuum per-
meability constant, �mi is the magnetic moment on the i site,
�ri, j is the radius vector between the i site and j site magnetic

moments, the B is the external field. In the calculations the
magnitude of magnetic moments was taken as 10μB.

The crystal structure of the DyScO3 was taken into account
during the simulations by implementing the 3D Ising system
with inter-atomic distances corresponding to the crystallo-
graphic data. This is necessary because inter-atomic radius
vectors appear in the expression for the dipolar energy. The
size of the system in the simulations was 10×10×10 unit
cells each containing 4 spins (4000 spins in total). The dipole-
dipole interaction was calculated for up 62 interactions per
one site (the cutoff distance between neighbours was 9.5 Å)
as a compromise between calculation time and accuracy. A
test simulation showed that an inclusion of further neighbors
produced minor effects on the magnetic behavior. The peri-
odic boundary conditions were used. Each Ising spin can be
in the s = 1 or s = −1 state corresponding to the spin vector
�S = s(± sin(φ), cos(φ), 0), where the sign in front of the sin
term depends on the position of site in unit cell (see Fig. 1).
φ is the angle between spin vector and the [010] or the [01̄0]
direction determined by CEF and is equal to 28◦ [28].

2. AC susceptibility

AC susceptibility data were used in our simulations to ad-
just the time-scale transformation coefficient. For calculations
of real and imaginary parts of AC susceptibility the following
expressions were used:

χ ′( f ) = 1

B0Ntotal

Ntotal∑
i=0

Mi sin

(
2π f

i

A
− π

2

)
, (B2)

χ ′′( f ) = 1

B0Ntotal

Ntotal∑
i=0

Mi cos

(
2π f

i

A
− π

2

)
, (B3)
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FIG. 11. Calculated and experimental AC susceptibility at
T = 4 K.

where χ ′ and χ ′′ are real and imaginary parts of AC sus-
ceptibility, B0 and f are the magnitude and the frequency
of the alternating external field, and Mi is the magnetization
of the system at ith MC step. The alternating external field
at the ith MC step is taken as B = B0 sin(2π f i/A − π/2).
Used external field amplitude B0 is 0.1 T . The A parameter
is the conversion factor between real time and simulation
time tsim = Atreal. In the above expressions, an averaging was
performed over numerous periods, with Ntotal up to 106 MC
steps per spin. In Fig. 11, experimental and calculated AC
susceptibility at temperature 4 K were drawn on the same
layer for comparison. The calculated imaginary part of sus-
ceptibility χ ′′ consists of one symmetrical peak associated
with a particular relaxation time. In contrast, the experimental
dependence of χ ′′ is more broad and asymmetric. As it was
discussed in Sec. II A, the shape of experimental χ ′′ curves
can be interpreted as a presence of more then one relaxation
channel. The value of the A parameter was adjusted for fitting
the calculated position of χ ′′ maximum to the experimental
value and later the A parameter was fixed when used in further
calculations.

3. Magnetic diffraction

The magnetic structure factor was calculated as a spatial
Fourier transform of the spin-spin correlation function taking
into account the polarization factor of neutron scattering using
the following expression:

Smag(�q) =
∑
α,β

[{
δα,β − qαqβ

| �q|2
}

×
∑
j, j′

S j,αS j′,β exp(i �q( �Rj − �Rj′ ))

]
, (B4)

where �q is the wave vector, α and β are Cartesian components:
x, y and z, the j and j′ are the variables which go over all the
sites in system, the S j,α is the α component of spin vector
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on jth site. The term in front of the second summation is the
polarization factor. The isotropic magnetic form factor of Dy
ions, which gives a monotonic suppression of the intensity at
large Q, was not included to the calculations.

4. Thermodynamic properties

In order to achieve a better agreement with experimen-
tal measurements the magnetocaloric effect was taken into
account for calculations of the field dependence of mag-
netization. The heat capacity used in the magnetocaloric
calculations was the combination of the lattice contribution,
which was obtained from approximation of experimental
measurements, and the magnetic contribution which was cal-
culated from energy fluctuations:

Cmag(T, B) = 〈H2〉 − 〈H〉2

kBT 2
, (B5)

where kB is the Boltzmann constant and the angle brackets
means averaging over numerous MC steps. The total heat
capacity can be written as Cp = Cmag + Clat, the lattice part
was approximated from experimental data above ordering
temperature TN. The magnetocaloric effect was implemented
in calculations of the field dependence of magnetization as a
variable system temperature. The temperature change comes
form the magnetocaloric effect itself and also from thermal
contact with the temperature reservoir. If the external field
changes from B1 to B2 during time �t the system temperature
change �T can be written as follows:

�T = T
1
2 (Cp(B1, T ) + Cp(B2, T ))

1

2

[
∂M(B1, T )

∂T

+ ∂M(B2, T )

∂T

]
dB − T − Tres

1
2 (Cp(B1, T ) + Cp(B2, T ))

× 1

2
(λ(B1, T ) + λ(B2, T ))�t, (B6)

where the first term is the magnetocalorics and the second
expresses thermal contact with reservoir. dB = B2 − B1 is the
change of external field, T is the system temperature before
the correction, Tres is the reservoir temperature, λ(B, T ) is
the thermal conductivity coefficient. The field change dB is
assumed to be small enough in order to justify the replacement
of the integral from original thermodynamic formula by this
simple expression. The heat capacity Cp(B, T ) values were
obtained as it was mentioned above. The time �t was recalcu-
lated into Monte Carlo steps with help of previously discussed
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FIG. 12. (a) Calculated magnetic part of the heat capacity as
function of external field and temperature. (b) The heat conductivity
extrapolated in nonzero external field region.

A parameter. The partial derivative ∂M(B,T )
∂T was calculated

beforehand from equilibrium values of magnetization:

∂M(B, T )

∂T
= 〈M(B, T + �T )〉 − 〈M(B, T − �T )〉

2�T
. (B7)

In order to numerically estimate the derivative the averaging
was done over more 106 MC steps per spin.

The exact shape of the field dependence of thermodynamic
properties can significantly affect the magnetization behavior
in magnetocaloric calculations. Since the experimental data
for the heat conductivity λ(B, T ) is unknown in presence
of external field and in low temperature for DyScO3, we
had to use values obtained from extrapolation process and
turn into account assumptions. The heat conductivity λ(B, T )
values in zero field were taken from data for the isostruc-
tural DyAlO3 material. We assumed the following when
extrapolating the values to nonzero field: (i) the heat conduc-
tivity λ(B, T ) slowly decreases in the external field [38], and
(ii) near the region of metamagnetic transition the heat con-
ductivity λ(B, T ) has a pronounced drop, which often occur
in AFM systems [39–41]. The points of critical field at which
the heat conductivity λ(B, T ) drops were determined from
anomaly on the calculated heat capacity. The heat capacity
Cp(B, T ) and the heat conductivity λ(B, T ) as functions of
external field and temperature, as these were used in our
calculations, can be seen in Fig. 12.
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[14] N. G. Hegde, I. Levatić, A. Magrez, H. M. Rønnow, and I.
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