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Recently, great effort has been devoted to the search for two-dimensional (2D) ferromagnetic materials
with inherent strong Dzyaloshinskii-Moriya interaction (DMI). Here, through a first-principles approach, we
systematically investigate the effect of biaxial strain on the DMI, the Heisenberg exchange interaction, and the
magnetic anisotropy energy (MAE) of Janus Cr2X3Y3 (X,Y = Cl, Br, I, X �= Y ) monolayers. Both DMI and MAE
can be significantly enhanced by tensile strain, whereas a reversal of the chirality of DMI in Cr2Cl3Br3 and a
switch of MAE from off plane to in plane in Cr2I3Cl3 are induced by a compressive strain of 2%. Microscopically,
DMI and MAE are associated mainly with the large spin-orbit coupling of the heavy nonmagnetic halogen atoms
rather than that of the magnetic Cr atoms. In particular, the peculiar magnetic transition of Cr2I3Cl3 is explained
by competition between direct exchange and superexchange interactions. Micromagnetic simulations show that a
small external magnetic field of 65 mT stabilizes a skyrmion with a diameter of 9.8 nm in the Cr2I3Cl3 monolayer.
Our results will provide guidance for further research on DMI and skyrmions in 2D Janus materials as well as a
basis for the potential applications in spintronic devices.

DOI: 10.1103/PhysRevB.106.094403

I. INTRODUCTION

Skyrmions are quasiparticles with unique topological pro-
tection characteristics and a vortexlike noncollinear spin
texture with opposite directions between the central and edge
spins [1–4]. Driven by a very small spin-polarized current,
skyrmions can move accompanied by the skyrmion Hall ef-
fect [2,5,6]. These peculiar phenomena enable skyrmions
to be used in a variety of new types of spintronic de-
vices [7], such as track memory [8–10], microwave de-
tectors [11,12], and nano-oscillators [13,14], among which
track memory is expected to provide the next generation
of nonvolatile, high-performance, low-energy-consumption,
and high-density memory devices. The emergence and sta-
bility of magnetic skyrmions are mostly determined by the
Dzyaloshinskii-Moriya interaction (DMI) [3], which is essen-
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tially a magnetic interaction caused by spin-orbit coupling
(SOC) and breaking of spatial inversion symmetry.

Magnetic skyrmions were first found in single-crystal ma-
terials with B20 structure, such as MnGe [15] and MnSi [16].
Later, it was discovered that magnetic skyrmions can exist
in the more easily manipulated ultrathin metal layers with
broken spatial inversion symmetry, such as Fe/Ir(111) [17]
and PdFe/Ir(111) [18]. Since then, great effort has been made
to calculate the magnetic parameters [19–21] and to grow
ferromagnet/heavy metal (FM/HM) heterostructures, such as
Pt/Co/MgO [22] and Ir/Fe/Co/Pt [23], whose interface DMI
and off-plane magnetic anisotropy (OMA) can be artificially
adjusted by changing the film thickness, material combina-
tion, and other parameters [3].

However, for FM/HM heterostructures, their interfacial
defects and atomic stacking order strongly affects the facial
DMI [23] but are hard to control experimentally. There-
fore, searching for and investigating two-dimensional (2D)
magnetic materials with intrinsic strong DMI is of great
importance. Nonetheless, many 2D magnets are centrosym-
metric with an absence of DMI, examples being CrI3 [24,25]
and Cr2Ge2Te6 [26]. Recently, a class of Janus materials
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with inherent broken spatial inversion symmetry have been
reported to have strong SOC [27,28] and large DMI that can
stabilize skyrmions [29,30].

Inspired by this, on the basis of the experimentally syn-
thesized CrI3 monolayer, we replace I atoms with Cl or Br
to form Janus structures with intrinsic space inversion asym-
metry. We demonstrate by first-principles calculations that
the DMI and magnetic anisotropy energy (MAE) of Cr2X3Y3

(X,Y = Cl, Br, I, X �= Y ) monolayers can be greatly enhanced
by the application of tensile strain. In particular, with a com-
pressive strain of −2%, a chirality reversal of DMI and a
switch of MAE from off plane to in plane appear in Cr2Cl3Br3

and Cr2I3Cl3, respectively. Microscopically, the strain-tunable
DMI and MAE can be attributed to the strong SOC induced by
the heavy nonmagnetic halogen atoms. Besides, the peculiar
magnetic transition of Cr2I3Cl3 is explained by the competi-
tion between direct exchange and superexchange interactions.
In addition, micromagnetic simulations are performed with
the magnetic parameters obtained from first-principles cal-
culations, and a stable skyrmion with a sub-10-nm diameter
is found in an unstrained Cr2I3Cl3 monolayer. Our paper
provides references for the study of skyrmions and DMI
in 2D Janus monolayers as well as guidance for spintronic
applications.

II. CALCULATIONAL METHODS

A. First-principles calculations and micromagnetic simulation

We use the framework of density-functional theory as
implemented in the Vienna ab initio Simulation Pack-
age [31] to perform our first-principles calculations on
Cr2X3Y3 (X,Y = Cl, Br, I, X �= Y ) monolayers, with the
projected augmented-wave method [32–34] describing the
electron-core interaction. The generalized gradient approx-
imation of Perdew-Burke-Ernzerhof [35] is chosen to treat
the exchange correlation effects with an effective Hubbard-
like term U = 3 eV for 3d electrons of Cr [36–38]. The
plane-wave cutoff energy is set as 500 eV, and the first
Brillouin-zone integration is carried out using 9 × 9 × 1 and
5 × 10 × 1 �-centered k-point meshes for the primitive cell
and the 2 × 1 × 1 supercell, respectively. To obtain accurate
DMI parameters, we set a high convergence standard with
the energy and force less than 10−6 eV and 0.001 eV/Å,
respectively.

To explore the spin textures of the Cr2X3Y3 system,
we perform micromagnetic simulation with the Heisenberg
model and Landau-Lifshitz-Gilbert (LLG) equation [39,40]
as implemented in the SPIRIT package [41]. A 70 × 70 × 1
supercell with periodic boundary conditions is chosen, and the
number of iterations is set to 2 × 105 to reach the stable state
at each temperature point.

B. Dzyaloshinskii-Moriya interaction

To obtain the DMI strength, the chirality-dependent total
energy difference approach [21,27,28,42] is used, which has
been successfully employed for DMI calculations in frustrated
bulk systems and insulating chiral-lattice magnets as well as
in 2D Janus materials [27]. We take a Hamiltonian with the
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FIG. 1. (a) Top and side views of Cr2X3Y3 (X,Y = Cl, Br, I,
X �= Y ) monolayers. The solid lines in the top view show the prim-
itive cell. A and B are the selected reference atoms with the red
dotted line being the mirror plane perpendicular to AB. The yellow
vectors in the bottom view demonstrate the spin configurations to
obtain the in-plane DMI component. (b) Schematic of �d1 and �d2.
D is a nonmagnetic halogen atom with strong SOC. �ra, �ra′ , �rb, and
�rb′ are vectors from halogen atoms pointing to A or B as shown
by the red arrows. α1 and α2 are the angles between the �d1 and
the z direction and between the �d2 and the z direction. (c) Phonon
dispersion spectrum of Cr2I3Cl3 along the high-symmetry points in
reciprocal space.

following form [27,28,43]:

H =
∑

〈i, j〉
J1( �Si · �S j ) +

∑

〈i,k〉
J2( �Si · �Sk ) +

∑

〈i,l〉
J3( �Si · �Sl )

+
∑

〈i, j〉
�di j · ( �Si × �S j ) +

∑

i

K
(
Sz

i

)2
. (1)

Here, J1, J2, and J3 are the Heisenberg exchange coef-
ficients between nearest-neighbor, second-nearest-neighbor,
and third-nearest-neighbor Cr atoms, and �di j is the DMI vec-
tor between spins �Si and �S j . K is the single-ion anisotropy
coefficient, �Si and �S j are the spins of the i and j sites, and Sz

i
is the z component of the spin at the i site.

As summarized by Moriya [44], if there is a mirror plane
perpendicular to the Cr-Cr bond and passing through the
middle of the bond, then the DMI vector �di j between the
nearest-neighbor Cr atoms is on the mirror plane with the form

�di j = d‖(�ui j × �z) + dz�z, (2)

where �ui j and �z are the unit vectors from site i to site j and
pointing along the z direction, respectively. Approximately,
�di j = �d1 − �d2 [27,45], where �d1, �d2 will be explained in detail
later [see Fig. 1(b)].

To evaluate the in-plane component d‖, we choose the
clockwise (CW) and anticlockwise (ACW) spin configu-
rations with opposite chirality as shown in Fig. 1(a) by
yellow arrows. d‖ can be obtained from the following for-
mula (a detailed derivation can be found in the Supplemental
Material [46]),

d‖ = −ECW − EACW

4
√

3S2
, (3)

where ECW and EACW are the energies of Cr2X3Y3 monolayers
with CW and ACW spin configurations, respectively, and
S is the normalized spin [21]. To explore the microscopic
physical mechanism of DMI, we calculate the SOC energy
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TABLE I. Optimized lattice constants a, angular difference �θ between Cr-X -Cr (θ1) and Cr-Y -Cr(θ2), bond length difference �r between
Cr-X (r1) and Cr-Y (r2) [as shown in Fig. 2(e)], Heisenberg exchange coefficients J1, J2, J3, and magnetic moment MCr of Cr atoms in Cr2X3Y3

monolayers with different strains.

Strain (%) a (Å) �θ (deg) �r (Å) J1 (meV) J2 (meV) J3 (meV) MCr (μB)

Cr2Cl3Br3 −2 6.11 9.21 0.17 −4.77 −0.62 0.16 3.01
0 6.23 9.98 0.18 −4.37 −0.54 0.11 3.02
2 6.36 10.62 0.19 −3.21 −0.47 0.07 3.04
4 6.48 11.06 0.19 −1.91 −0.42 0.05 3.06
6 6.61 11.42 0.19 −0.86 −0.38 0.03 3.08
8 6.73 11.66 0.19 −0.26 −0.35 0.02 3.11

Cr2I3Br3 −2 6.60 10.23 0.20 −5.50 −1.25 0.02 3.14
0 6.73 10.77 0.21 −4.79 −1.11 −0.01 3.16
2 6.87 11.04 0.21 −3.98 −1.00 −0.02 3.19
4 7.00 11.16 0.21 −3.46 −0.91 −0.02 3.22
6 7.14 11.19 0.20 −3.41 −0.84 −0.02 3.26
8 7.27 10.10 0.18 −3.92 −0.78 −0.02 3.30

Cr2I3Cl3 −2 6.42 20.57 0.39 −2.62 −1.26 −0.20 3.10
0 6.55 21.47 0.39 −1.48 −1.09 −0.19 3.12
2 6.68 22.01 0.39 −0.45 −0.96 −0.17 3.15
4 6.81 22.22 0.39 0.17 −0.87 −0.14 3.18
6 6.94 22.01 0.38 0.16 −0.80 −0.12 3.22
8 7.08 21.31 0.36 −0.49 −0.75 −0.10 3.26

difference [21,47] �ESOC of Cr2X3Y3 to see the contributions
to DMI from different atoms. �ESOC is extracted from the
self-consistent total energy calculations of different spin con-
figurations with opposite chirality when SOC is included.

III. RESULTS AND DISCUSSION

Top and side views of Janus Cr2X3Y3 monolayers are
shown in Fig. 1(a). The Cr atoms form a honeycomb network
sandwiched by two nonmagnetic atomic planes with different
halogen atoms X and Y . We now give a detailed description of
the direction of the DMI. There are five rules to determine the
direction of the DMI between two magnetic atoms A and B
with C being the midpoint of A and B, which are summarized
by Moriya [44]. From Figs. 1(a) and 1(b), we can see that the
symmetry of Cr2X3Y3 satisfies the second of Moriya’s sym-
metry rules: when a mirror plane perpendicular to AB passes
through C, �d ‖ mirror plane or �d ⊥ AB. However, this does not
give us a precise direction of the DMI. Thus, from the further
discussion in Ref. [45], we can determine the direction of �d1

along �rb × �ra and �d2 along �rb′ × �ra′ with �d = �d1 − �d2. Phonon
dispersions are calculated to examine the stability of Cr2X3Y3

in Figs. 1(c) and S1 (in the Supplemental Material [46]). There
is no imaginary frequency in the case of Cr2I3Cl3, which
suggests that it is dynamically stable. The small imaginary fre-
quencies of Cr2Cl3Br3 and Cr2I3Br3 indicate slight structural
instability, which is often encountered in the phonon spectra
of other 2D materials [27,48].

As shown in Table I, the relaxed lattice constants a
of Cr2Cl3Br3, Cr2I3Cl3, and Cr2I3Br3 are 6.23, 6.55, and
6.73 Å, respectively, and they increase as functions of the
radius of the nonmagnetic atoms X (Y ). In our paper, we do
not further investigate the magnetic behaviors of Cr2X3Y3 with
compressive strain greater than −2% because the DMI tends

to become weaker as the compressive strain increases, which
is not conducive to the creation of skyrmions.

We also note that J1 and J2 of both Cr2Cl3Br3 and Cr2I3Br3

are negative in the range of −2% to 8% biaxial strain, as
shown in Table I, whereas J3 plays a less important role
because it is more than an order of magnitude smaller than
J1. According to Eq. (1), a negative value of the Heisenberg
exchange coefficient corresponds to FM coupling, whereas
a positive value corresponds to antiferromagnetic (AFM)
coupling. Thus, the ground states of Cr2Cl3Br3 and Cr2I3Br3

are FM in the range of biaxial strain from −2% to 8%. For the
Cr2I3Cl3 monolayer, we find that J1 changes sign twice when
tensile strain is applied. To understand this peculiar behavior,
we extract the energies of four spin configurations (FM, Néel,
Stripy, and Zigzag) and calculate the bond angles of Cr-Cl-Cr
(θ1), Cr-I-Cr (θ2) and the bond lengths of Cr-Cl (r1), Cr-I (r2),
and Cr-Cr (r3) as shown in Fig. 2. The system favors the FM
configuration in the range of −2% to 3.5% biaxial strain.
However, a transition from FM to AFM occurs at a strain of
4% with the energy of the Néel AFM configuration being the
lowest as shown by the cyan area in Fig. 2(b). Then, with
increasing strain, another transition from AFM to FM appears
at a strain of 6.5%, after which the system favors the FM
configuration again. We note that the trend of the change in
energy of the Néel AFM configuration is similar to that of J1.
We further explore the microscopic physical mechanisms of
the transitions of J1 using direct exchange and superexchange
interaction theory [49–51]. As shown in Fig. 2(e), J1 can be
expressed as J1 = JS1 + JS2 + JD, where JS1 and JS2 represent
the superexchange interactions of the paths Cr-I-Cr and
Cr-Cl-Cr, and JD represents the direct exchange interaction of
Cr-Cr. Then, it can be seen from Fig. 2(c) that θ1 and θ2 are
both close to 90◦ when the tensile strain is small. Thus,
according to the Goodenough-Kanamori-Anderson
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FIG. 2. (a) Heisenberg exchange coefficients J1, J2, J3, (b) energies of the four spin configurations (FM, Néel, Stripy, and Zigzag), (c) bond
angles of Cr-Cl-Cr (θ1) and Cr-I-Cr (θ2), and (d) bond lengths of Cr-Cl (r1), Cr-I (r2), and Cr-Cr (r3) as functions of biaxial strain. The red
dashed line in (d) illustrates the slope of r2. (e) Schematic of θ1, θ2, r1, r2, r3, superexchange JS1 and JS2, and direct exchange JD. (f) Schematic
of Heisenberg exchange interactions as functions of biaxial strain.

rules [49–51], both of the superexchange interactions JS1

and JS2 are FM (JS1, JS2 < 0), whereas the direct exchange
interaction JD between nearest-neighbor Cr atoms is AFM
(JD > 0), and, thus, J1 = JS1 + JS2 + JD has a negative
value, corresponding to a FM coupling. Then, as the
strain increases, θ1 deviates from 90◦, causing the FM
superexchange interaction JS1 to become weak. A transition
of JS1 from FM to AFM occurs when the strain increases
further as shown by the red dashed line in Fig. 2(f). The first
transition of J1 is caused mainly by the AFM JS1 and JD,
which compete with the FM JS2. Then, a second transition of
J1 from AFM to FM occurs, mainly as a result of the AFM JS1

and JD decaying more rapidly than the FM JS2. This can be
attributed to the more rapid increases in r1 and r3 compared
with r2 as shown in Fig. 2(d).

From the differences in bond angles (�θ ) and bond lengths
(�r) in Table I, we can clearly see that the spatial inversion
symmetry of Janus Cr2X3Y3 is broken in the off-plane direc-
tion. A large DMI can then be induced by the broken spatial
inversion symmetry as shown in Fig. 3(a). Here, we focus
mainly on the in-plane component d‖ of the DMI, which plays
a leading role compared with the off-plane component dz (a
comparison between d‖ and dz can be found in Table S2 on
the Supplemental Material [46]). As illustrated in Fig. 3(a),
intrinsic large d‖ values of 0.38 and 0.36 meV are found in
unstrained Cr2I3Cl3 and Cr2I3Br3 monolayers, respectively.
Then, with increasing biaxial strain, d‖ can be significantly
enhanced up to 0.99 and 0.96 meV, which are more than two
times larger than the values in the absence of strain. As shown
by the inset in Fig. 3(a), positive and negative values of d‖
correspond, respectively, to CW and ACW arrangements of
the in-plane DMI components.

To further understand the origin of strong DMI in Cr2X3Y3

monolayers as shown in Fig. 3(b), we calculate the DMI-
associated SOC energy difference �ESOC [21,27] of different

atoms in Cr2X3Y3 at a tensile strain of 4%. The inset in
Fig. 3(b) shows the algebraic sum of �ESOC for each Cr2X3Y3

monolayer, which corresponds to the strength of d‖. Strong
DMI is mainly associated with the large �ESOC located on
the heavy nonmagnetic halogen atom X or Y , which is sim-
ilar to what occurs in Co/Pt [21] and MnXY [27] systems.
Besides, in Cr2X3Y3 monolayers, the �ESOC of X and Y
atoms have opposite signs, which can be explained by the
Fert-Levy model [21,27,52]. Owing to the strong SOC of the
halogen atoms X and Y , when a polarized electron transfers
between Cr atoms through the intermediate atom X or Y ,
the spin direction of the electron is tilted by spin-orbit scat-
tering, which leads to a tilt of local spins on adjacent Cr
atoms. This tilt of local spins has two possibilities, namely,
CW and ACW. When the local spins are tilted CW (ACW),
�ESOC = EACW

SOC − ECW
SOC > 0 (�ESOC = EACW

SOC − ECW
SOC < 0).

For halogen atoms on opposite sides of the Cr layer, the CW
and ACW are also opposite with the result that the �ESOC of
the X and Y atoms have opposite signs. Figure 3(c) shows
the atom-resolved �ESOC values of Cr2Cl3Br3 for a strain
of −2%. The results show that the �ESOC of the Br atom
plays a leading role, resulting in a negative total �ESOC, which
induces a negative d‖ in Cr2Cl3Br3.

Not only do the DMI and Heisenberg exchange interaction
affect the magnetic structure of 2D ferromagnets, but also
the magnetic anisotropy plays a vital role in the formation
and stability of skyrmions. As we know, both the DMI and
the magnetic anisotropy originate from SOC [44,53,54]. The
MAE is defined as the energy difference between in-plane (Ex)
and off-plane (Ez) FM states: MAE = Ex − Ez with MAE >0
and MAE <0 corresponding to OMA and in-plane magnetic
anisotropy (IMA), respectively. As shown in Fig. 4(a), the
MAEs of Cr2I3Br3 and Cr2Cl3Br3 are positive and gradually
increase as the strain changes from −2% to 8%. Interest-
ingly, for the Cr2I3Cl3 monolayer, there is a switch from
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FIG. 3. (a) In-plane DMI component d‖ of Cr2X3Y3 monolayers as a function of biaxial strain. The inset shows the d‖ (red arrow) between
nearest-neighbor Cr atoms. (b) Atom-resolved localization of the SOC energy difference �ESOC for Cr2X3Y3 monolayers calculated with
opposite chiralities under 4% biaxial strain and (c) that of Cr2Cl3Br3 under −2% biaxial strain. The total SOC energy variation in each
material is shown in the inset in (b).

OMA to IMA at a compression strain of −2%. To explore
the microscopic physical mechanisms of MAE, we calculate
the atom-resolved MAE of Cr2I3Cl3 as a function of biaxial
strain. As shown in Fig. 4(b), the heavy nonmagnetic atom I
rather than the magnetic atom Cr makes the most significant
contribution to MAE. A similar phenomenon has been found
in CrI3 [55,56] and CrXTe (X = S, Se) [28] systems. Further-
more, we calculate the orbit-resolved MAE of the p orbitals
of the I atom in Cr2I3Cl3 at strains of 0% [Fig. 4(c)] and 4%
[Fig. 4(d)]. At a strain of 0%, the hybridization between px

and py orbitals contributes to positive MAE (OMA), whereas
the hybridized px and pz orbitals contribute to negative MAE

(IMA). The competition between the hybridized px-py and px-
pz leads to the small OMA (MAE >0) of Cr2I3Cl3 at a strain
of 0%. In the case of a strain of 4%, both the hybridization
of px-py and that of px-pz contribute to OMA, and the OMA
contribution from px and py hybridization is enhanced more
than twofold, which is responsible for the large OMA at a
strain of 4%.

With the magnetic parameters obtained from a first-
principles approach, we perform micromagnetic simula-
tions with the LLG equation [39,40] in the framework of
SPIRIT [41]. As shown in Fig. 5(a), when no magnetic field
is applied, we obtain wide domains separated by Néel-type
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0 mT 65 mT 9.8 nm60 mT

0 mT 170 mT160 mT 13.3 nm

(a)
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FIG. 5. Spin textures of Cr2I3Cl3 at strains of (a) 0% and (b) 2% under different applied magnetic fields.

domain walls. Then, with a small magnetic field of 60 mT, the
spin-down domain shrinks to a wormlike one. When the mag-
netic field is increased further to 65 mT, an isolated skyrmion
is induced with a small diameter of 9.8 nm. Figure 5(b) shows
the evolution of spin textures in Cr2I3Cl3 under different ap-
plied magnetic fields at a strain of 2%. Similar to the case
at a strain of 0%, a small-sized skyrmion with a diameter of
13.3 nm can be induced by a magnetic field of 170 mT. Such
a small skyrmion (∼10 nm) is technologically desirable since
it can significantly enhance the storage density of skyrmion-
based next-generation information memory devices [57,58].

IV. CONCLUSIONS

To sum up, by first-principles calculations and micromag-
netic simulations, we have investigated in detail the magnetic
parameters and spin textures of Janus Cr2X3Y3 monolayers un-
der biaxial strain. We have found that the DMI and MAE can
be significantly enhanced by tensile strain. With a compres-
sive strain of −2%, a chirality reversal of DMI and a switch

of MAE from off plane to in plane appear in Cr2Cl3Br3 and
Cr2I3Cl3, respectively. We have also explored the microscopic
physical mechanisms of DMI and MAE in view of the strong
SOC induced by the heavy nonmagnetic halogen atoms. In
particular, we have explained the mechanisms of the peculiar
magnetic transition in the Cr2I3Cl3 monolayer in terms of
direct exchange and superexchange interactions. Moreover, in
the unstrained Cr2I3Cl3 monolayer, an isolated skyrmion with
sub-10-nm diameter has been found which is desirable for
spintronic applications. Our paper has enlarged the family of
2D Janus materials as well as providing guidance for further
research on the DMI and chiral spin textures.
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