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Ghost surface polariton in antiferromagnets
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A surface polariton was predicted in antiferromagnets in a simple geometry. It exhibits interesting char-
acteristics. Its electromagnetic fields and energy-flux density both oscillate and attenuate with the distance
from the surface. It is a ghost surface polariton (GSP) and is a magnetic-field-tunable surface polariton. The
branch-interference produces a series of rapidly attenuated fringes. It exists only in an external magnetic
field along the easy axis. The attenuated total reflection spectra obtained in the Otto configuration accurately
demonstrate this GSP and show its excitation or observation path.
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I. INTRODUCTION

Some magnetic materials or magnetic metamaterials were
demonstrated to be a kind of hyperbolic material in specific
situations [1–5]. In the case of no external magnetic field,
the principal components of the permeability tensor in an
insulative antiferromagnet (AFM) have opposite signs in the
reststrahlen frequency band, so the dispersion equation is hy-
perbolic in this material. This hyperbolicity is supported by
its permeability tensor rather than its permittivity (a positive
scalar quantity), and is different from that of hBN and MoO3

[6,7]. Naturally insulative AFMs form a large family includ-
ing transition metal oxides, fluorides, and sulfides (e.g., NiO,
MnO, FeF2, and MnF2) [8–10]. Due to their hyperbolism,
they have been attracting the attention of physicists again
[11–13]. Engineering surface magnon polaritons (SMPs) were
investigated in an external magnetic field orthogonal to the
AFM easy axis [11], where the effect of external field on the
SMPs was focused on. The Goos-Hänchen shift of reflected
light beam from the AFM surface was investigated [12] and
hyperbolic dispersion and negative refraction of the AFMs
were discussed [13]. Recently, we predicted Dyakonov sur-
face magnons and magnon polaritons [14].

Surface polaritons possess a common feature, i.e., their
electromagnetic fields exponentially decay with the distance
away from the surface. A conventional surface polariton
propagates along the surface and has a definite polarization,
e.g., a SMP is of TE polarization in an antiferromagnet or
ferromagnet [9,10,15–18], a surface phonon or plasmon po-
lariton is of TM polarization in polar crystals [10], metals
or graphene systems [19–20]. We should mention surface
hybrid-polarization polaritons in anisotropic materials, for
example the Dyakonov-like surface phonon and plasmon po-
laritons [21–23], and Dyakonov magnon polaritons [14]. The
surface hybrid-polarization polaritons are composed of two
branches in the materials, whose branches generally decay
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out of sync with the distance from the surface. A ghost sur-
face phonon polariton was predicted [24] and was observed
in experiment [25] recently. Its mathematical expression is
similar to the ghost waves (or nonuniform plane waves) in
anisotropic transparent materials [26–28]. Its main feature is
that its electromagnetic fields not only exponentially attenuate
but also sinusoidally oscillate with distance from the surface.

II. DISPERSION EQUATION AND SMP FIELDS

In this paper, we will report another ghost surface polariton
supported by an insulative AFM in the simplest geometry.
The geometry and coordinate system are shown in Fig. 1,
where both the external magnetic field (H0) and AFM easy
axis are vertical to the surface. The permeability tensor is a
nondiagonal matrix, namely

↔
μ = μ0

⎛
⎝1 0 0

0 μ1 iμ2

0 −iμ2 μ1

⎞
⎠, (1)

where μ1 = 1 + ψ+ + ψ− and μ2 = ψ+ − ψ− with ψ± =
ωmωa/[ω2 − (ω ± ω0 + iτ )2] with damping constant τ

[9,10]. We should remind the reader that the specific fre-
quencies included in the formulasformulas are defined with
the AFM physical parameters. For the FeF2 crystal, its
sublattice magnetization 4πM0 = 7.04 kG is converted to
ωm = 0.74 cm−1, exchange field He = 540.0 kG to ωe =
56.44 cm−1, and anisotropic field Ha = 200.0 kG to ωa =
20.9 cm−1 [12,15]. The zero-field resonant frequency ωr =
{ωa(2ωe + ωa)}1/2 ≈ 52.877 cm−1 and ω0 = γ H0 and gy-
romagnetic ratio γ = 0.1045 cm–1/kG. The AFM has two
resonant frequencies linearly changing with H0, ωr − ω0 and
ωr + ω0. Its permittivity is εa = 5.5. In order to be consis-
tent with the experiments [10,17] and for convenience, all
frequencies included in the above formulas have been divided
by 2πc (c is the vacuum light velocity), or these frequencies
are reduced frequencies and their unit is cm−1. In the subse-
quent theoretical analysis and derivation, the wave-vector and
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FIG. 1. Geometry and coordinate system used in theory, where
both the AFM easy axis and external magnetic field are vertical to
the surface and the surface polariton propagates along the y axis.
The y-z plane is the surface or the air-AFM interface. Two dashed
arrows with ±kx indicate the propagating directions of two branches
in the AFM.

attenuating constants will be divided by 2πc and have the
same unit as that of frequency ω.

For convenience, we ignore the damping term and assume
that a surface magnon polariton propagates along the y axis
and its fields attenuate with the distance away from the sur-
face. Leaving out the common factor exp[2π i(kyy−cωt )] in
the expressions of SMP fields, the magnetic field is written
as H′ exp(2π�′x) with attenuating constant �′ = (k2

y − ω2)1/2

above the AFM. We use H exp(−2π�x) to express the mag-
netic field in the AFM, where � is a formal attenuation
constant whose real part is the actual attenuation constant and
the imaginary part is the oscillating constant and meanwhile
ky is the wave vector. H and H′ are the field amplitudes at the
surface and H fulfils the following equations:(

k2
y − εaω

2
)
Hx − iky�Hy = 0, (2a)

−iky�Hx − (�2 + εaμ1ω
2)Hy − iεaμ2ω

2Hz = 0, (2b)

iεaμ2ω
2Hy + (

k2
y − �2 − εaμ1ω

2
)
Hz = 0. (2c)

By the conventional method [9,10] as shown in Sup-
plemental Material 1 [29], we find two solutions of � to
satisfy

�2
± = [−b ± (b2 − 4c′)1/2

]/2, (3a)

with

b = μ1
(
εaω

2 − k2
y

) + (
εaμ1ω

2 − k2
y

)
, (3b)

c′ = μ1
(
εaμ1ω

2 − k2
y

)(
εaω

2 − k2
y

)
+ εa(μ2ω)2

(
k2

y − εaω
2
)
. (3c)

We define the discriminant D = b2−4c′ for convenience
and it is specifically written as

D = [
μ1

(
εaω

2 − k2
y

) − (
εaμ1ω

2 − k2
y

)]2

− 4εa(μ2ω)2(k2
y − εaω

2). (4)

For H0 = 0, μ2 = 0 so that D > 0. In this case, applying
the boundary condition of electromagnetic fields, we easily

find one conventional SMP with TE polarization, which satis-
fies μ1�

′ + � = 0 with � =
√

μ1(k2
y − εaω

2) and it exists in
the region of μ1 < 0 and ky <

√
εaω. Its dispersion curve is a

curve segment in the ω-ky space. To the best of our knowledge,
we have not found any research that specifically discusses
surface magnon polaritons at the antiferromagnetic surface in
this geometry and case.

For H0 �= 0, μ2 �= 0 and then the three components of
magnetic field couple with together in the AFM. If there is
any SMP, it is neither a TE wave nor a TM wave, but it is a
hybrid-polarization surface wave. It is useful to discuss two
cases according to the discriminant value. In the first case,
D > 0, a SMP is found in the ky range similar to that range
where the zero-field SMP appears. It is an ordinary hybrid-
polarization surface wave. In the second case, D < 0, we will
find a unique SMP. Subsequently, we discuss and analyze only
this unique SMP in the second case. Because the first term of
D is certainly a positive value, ky in the second term of D
must be large enough to guarantee D < 0. It proves that the
unique SMP exists in the range of large ky. In addition, D > 0
in the limit of large ky, so the dispersion curve of the unique
SMP is only a finite curve. It is obvious that �2

± certainly is
two complex quantities in this case, so �± have four complex
solutions. We can select only two solutions with Re(�±) > 0
for the SMP. Therefore, we achieve from Eq. (3a) that [29]

�+ = α + ikx, �− = α − ikx, (5)

which indicates that the SMP consists of two branches in the
AFM and is of hybrid polarization. The two branches have the
same attenuating constant

α = [a′ + (a′2 + b′2)1/2]1/2/
√

2, (6a)

and opposite-sign oscillating constants or ±kx,

kx = [−a′ + (a′2 + b′2)1/2]1/2/
√

2, (6b)

where a′ is the real part and b′ is the imaginary part of
�2

±. It is evident that they are real quantities. Therefore, the
two branches have the same attenuating constant α but have
different wave vectors, (−kx, ky) and (+kx, ky). Thus, we
use h = H+ exp(−2π�+x) + H− exp(−2π�−x) to express
the SMP magnetic-field in the AFM, where H± are the am-
plitude vectors of the branch fields at the surface. The field
components of either branch couple together in the response
frequency range, so the other components can be expressed
as functions of the y component. Using Eqs. (2a) and (2c) we
have H±

x = iλ±H±
y and H±

z = iη±H±
y with

λ± = ky�±/
(
k2

y − εaω
2
)
, (7a)

η± = εaμ2ω
2
/(

εaμ1ω
2 − k2

y + �2
±
)
, (7b)

where �∗
+ = �−, λ∗

+ = λ− and η∗
+ = η−. The electric-field

tangential components of either branch are necessary for one
to solve the dispersion relation of SMP, so according to e =
i∇ × h/ε0εaω and introducing δ =

√
μ0
ε0

εaω
for convenience, the

electric amplitudes at the surface are achieved to be

E±
y = −δ�±η±H±

y ,

E±
z = iδ(kyλ± − �±)H±

y , (8)
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which also indicate the relations between the electric and
magnetic fields, and meanwhile the electric-field tangential
amplitudes of SMP are E+

y + E−
y and E+

z + E−
z . The electro-

magnetic boundary conditions at the surface lead to dispersion
equation [30]

Im{η(εa�
′ + �)[εaω

2 + �′(kyλ
∗ − �∗)]} = 0, (9)

with � = �+, λ = λ+ and η = η+. We will readily find a
surface-polariton solution from the above dispersion equation.

In order to discuss the electromagnetic fields of SMP in
the AFM, we assume that H−

y = H+
y . From the continuity

of hz and ey at the antiferromagnet-air interface, we find
that  = −η(εa�

′ + �)/η∗(εa�
′ + �∗) with ∗ = 1 and

[/(1 + )]∗ = 1/(1 + ). We easily prove |H+
y | = |H−

y |,
|H+

x | = |H−
x | and |H+

z | = |H−
z |, and find similar relations

between the branch electric fields. It means that the two
corresponding branch-field components have the same field
amplitude but have different phases. It completely differs from
the existing surface hybrid-polarization polaritons [14,21–23],
where there are different amplitudes but the same phase. The
superposition of the branch magnetic fields produces the SMP
magnetic field [31] to be

hy = 2H ′
ye−2παx[Ry cos(2πkxx) + Iy sin(2πkxx)], (10a)

where Ry and Iy are the real and imaginary parts of 1/(1 + ),
and

hx,z = 2iH ′
ye−2παx[Rx,z cos(2πkxx) + Ix,z sin(2πkxx)],

(10b)

where Rx and Ix are the real and imaginary parts of λ/(1 + ),
but Rz and Iz are the real and imaginary parts of η/(1 + ).
H ′

y is the magnetic-amplitude component on the surface. Due
to the relation e = iδ∇ × h, the electric field is easy to be
obtained,

e = δ

[
−kyhz, −i

∂hz

∂x
, i

(
∂hy

∂x
− ikyhx

)]
. (11)

The phase difference between hy and hx or hz is equal to
±π/2 and that between ey and ex or ez also is ±π/2. The

phase relations between the electric and magnetic fields
also are very simple. The SMP moves along the y axis.
We realize that the main features of the SMP as follows.
(i) Its two branch fields have the same amplitude but have
different phases, which leads to their interference in the
AFM. (ii) There are very simple phase relations among its
electromagnetic-field components. (iii) The SMP moves along
the y axis (or along the surface) and its electromagnetic fields
oscillates and attenuates with the distance from the surface.
The SMP is a ghost surface polariton (GSP) propagating along
the surface plane. (iv) no GSP exists when there is no external
magnetic field. The external magnetic field is a necessary
condition for the existence of GSP.

In contrast to the previous GSP [24,25], this GSP is a
hybrid-polarization wave composed of the two branches and
its field-oscillating factors are real functions of kxx. It is the
most interesting that the GSP intensity will exhibit interferent
fringes on the plane normal to the propagation direction in
the AFM. It should be noted that the previous GSP actually

FIG. 2. (a) Dispersion curves of the GSP for various values
of H0, where the dot line is the scanning line of ATR numerical
simulation with incident angle θ = 45o and prism permittivity 21.9
(CdO). (b) The attenuating and oscillating constants as functions of
wave number, where the solid curves show α and the dotted curves
represent kx . kx and α have the same unit as ky.

propagates in the x-y plane and the corresponding oscillating
factor is exp(ikxx) [24,25].

III. NUMERICAL CALCULATIONS

Numerical calculations are based on antiferromagnetic
FeF2 with the physical parameters given previously. Fig-
ure 2(a) illustrates dispersion curves of the GSP. We see that
the GSP is situated in the region of ω < ωr = 52.877 cm−1

and k > 150 cm−1. The GSP is a magnetic-field-tunable SMP
and its dispersion curve is a finite curve segment, as described
in Fig. 2(a). Attenuating constant α and oscillating constant
kx are very important to characterize the GSP. α shows the
localization at the surface and kx reflects the oscillating be-
havior. Figure 2(b) shows the two constants. The oscillating
phenomenon is obviously visible only if kx is larger than
α, so this phenomenon is weaker for a larger value of H0.
Figure 2(b) also reflects that the left and right endpoints of
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FIG. 3. Polariton-spectrum structure for H0 = 4 kG. The dotted
line is obtained from b2−4c = 0 and the red solid line represents the
GSP. The bulk modes occupy the grey areas or bulk continua. The
inset enlarges the vicinity of the GSP dispersion curve.

each dispersion curve in Fig. 2(a) both correspond to kx = 0,
where D = 0 and the oscillating effect disappears.

In order to examine the polariton-spectrum structure in
the present geometry, we offer Fig. 3 for H0 = 4 kG as an
example. The GSP exists only in the region surrounded by the
dotted curve obtained from D = 0. Bulk polaritons move in
the x-y plane and form bulk continua as shown by the grey
areas. The horizontal boundaries of the grey areas correspond
to the two resonant frequencies of the AFM, respectively. We
see that the GSP dispersion curve starts from a point and
terminates at another point on the dotted curve.

It is clearly seen from the inset that the GSP and bulk con-
tinua are completely separated by the dotted curve. Figure 3
partially shows the spectrum-structure diagram including the
GSP. The rest contains only bulk continua and can be imag-
ined [10,16].

Figure 4(a) illustrates the distribution of magnetic field in
the AFM. We see the evident attenuating-oscillating effect,
where α is obviously smaller than kx. At the surface, the x and
y components are much larger than the z component, so a TE
incident radiation is more suitable in the Otto configuration for
one to excite and observe the GSP. The energy-flux density
[S = Re(e∗ × h)/2] represents both the GSP intensity and
energy transmission. Expressions (10) and (11) imply that S
is along the y axis. Figure 4(b) shows the energy-flux-density
distribution in the AFM. The attenuating-oscillating effect
also is obviously reflected. S is either parallel or antiparallel
to the y axis, dependent on x. Thus, the radiation intensity of
the GSP exhibits a series of interferent fringes on the plane
normal to the y axis and its maximum is situated inside the
AFM, not lying on the surface. These phenomena come from
the interference of the two branches.

H0 is important for the existence and dispersion properties
of the GSP. The inversion of H0 leads to that η, hz, ex, and ey

change in sign, so the polarization feature is changed. Despite
this, the dispersion equation and energy-flux density both are

FIG. 4. (a) The magnetic-field distribution of GSP in the AFM
for H0 = 0.5 kG and ky = 250.16 cm–1, where i in the legend indi-
cates the phase difference between Hy and Hx,z. (b) The distribution
of energy-flux density in the AFM for various values of H0, where S
has only the y component and is measured in δ f |H ′

y|2.

unchanged, different from those of conventional SMPs in the
Voigt geometry [9,10]. The difference originates from the easy
axis or H0 normal to the surface in our geometry. For the
previous GSP [24,25], the energy-flux density monotonously
decays with x, so there are not oscillating behavior and inter-
ferent fringes. Therefore, this new GSP is more interesting.

According to the standard numerical simulating method
[32] of attenuated total reflection (ATR) in the Otto geome-
try [10,14,17], we obtain the ATR spectra for a TE incident
radiation, where the incident angle is fixed at 45o and the CdO
prism with dielectric constant εp = 21.9 [33] is applied. The
gap width is 10 μm between the AFM and prism. Figure 5
illustrates the ATR spectra along the scanning line in Fig. 2(a).
It is found that the sharp dips of ATR curves accurately
correspond to the intersections of the dispersion curves and
scanning line in Fig. 2(a), respectively. It further demonstrates
that the solution of dispersion Eq. (9) represents an actual
GSP. For H0 = 1 kG, besides the sharp dip, the green curve
shows another evident decrease about ω = 53 cm−1. The de-
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FIG. 5. ATR spectra in the Otto configuration for various values
of external magnetic field, where the TE incidence is used and the
incident angle is 45◦. The gap thickness is 10 μm and the dielectric
constant of the CdO prism is equal to 21.9 [29]. We take the damping
constant τ = 0.01 and R is the reflective ratio.

crease is related to the bulk continuum like the upper-right
bulk continuum illustrated in Fig. 3 for H0 = 4 kG. For the
other external fields, the similar picture also can be found
outside the figure window. The excitation of bulk polaritons is
closely related to the polarization of incidence. Bulk-polariton
excitation is very weak in the figure window for the TE
incidence. In addition, we found that the dips related to the
GSP are small and blunt but bulk polaritons are remarkably
excited for a TM incident radiation in the same circumstance,
especially in the figure window. Therefore, the GSP is more
easily excited and observed with TE incident radiations.

IV. CONCLUSIONS

In the simplest configuration shown by Fig. 1, no surface
magnon polariton has been found in the past. However, one
GSP has been predicted here. It is composed of two branches
in the AFM, which have the same attenuation amplitude, but
possess different phases. Its electromagnetic fields oscillate
and attenuate with the distance (x) from the surface. The main
differences from the previous ghost surface polariton are (i) it
is composed of two coherent branches and propagates along
the surface plane (the y axis), the maximum of its radiation
is situated inside the AFM, and (ii) its energy-flux density
exhibits the oscillating-attenuating behavior and forms inter-
ferent fringes on the plane normal to its propagation direction.
(iii) its energy flux is either parallel or antiparallel to its
propagation direction, dependent on x. The GSP is H0 tunable
and H0 is its necessary condition of existence. These features
are very unique. At the surface, it is more like a TE wave,
so a TE incident radiation easily excites this GSP in the
Otto configuration. The ATR spectra further clearly prove the
existence of the GSP and point out the path of its excitation or
observation.

In physics, the GSP fundamentally originates from the
gyromagnetic permeability tensor of the AFM, especially its
nondiagonal elements. Due to the permeability tensor of fer-
romagnetic and ferrimagnetic materials similar to that of the
AFM, they also can support this style of GSP. In addition,
optically active media and plasmonic materials in an external
magnetic field possess a similar permittivity tensor [10], so
one may find similar GSP in them. The interesting properties
of this GSP imply the possibility of surface-polariton applica-
tions.
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