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Nuclear spin-lattice relaxation time in UCoGe
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The NMR measurements performed on a single orthorhombic crystal of superconducting ferromagnet UCoGe
[Y. Ihara et al., Phys. Rev. Lett. 105, 206403 (2010)] demonstrate strongly anisotropic magnetic properties
of this material. The presented calculations allow one to establish the dependence of longitudinal spin-lattice
relaxation rate from temperature and magnetic field. The value (1/T1T ) in field perpendicular to spontaneous
magnetization directed along the c axis has a maximum in the vicinity of Curie temperature, whereas it does
not reveal similar behavior in a field parallel to the direction of spontaneous magnetization. Also there was
shown that the longitudinal spin-lattice relaxation rate is strongly field dependent when the field directed in the
b-crystallographic direction but field independent if magnetic field is oriented along the a axis.
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I. INTRODUCTION

The uranium ferromagnetic superconductors UGe2,
URhGe, and UCoGe discovered more than a decade ago
still continue to attract the attention of the condensed
matter community. The superconducting properties of these
materials originate from the unusual pairing mechanism
induced by magnetic fluctuations (see the recent experimental
[1] and theoretical [2] reviews, and references therein).

Commonly these compounds are considered as itinerant
f -electron metals meaning that the magnetism is determined
by the band electrons according to the Stoner mechanism.
Indeed, the numerical calculations show that the contribution
of f electrons to the bands intersecting the Fermi level is
significant. However, the x-ray magnetic circular dichroism
measurements [3] and band structure calculations [4] point to
the local nature of the ferromagnetism in UCoGe. Namely,
a comparison of the total uranium moment MU

tot to the total
magnetization Mtot at different magnitude and direction of
magnetic field indicates that the magnetic moment of cobalt
ions and itinerant electrons put together an insignificant part of
the total magnetic moment, hence the uranium ions dominate
the magnetism of UCoGe. The same is true also in the related
compounds URhGe [5] and UGe2 [6].

In all these compounds the magnetic moment per atom at
zero temperature M0 is smaller than the magnetic moment per
atom MCW determined from Curie-Weiss law in paramagnetic
state. According to the Wohlfarth criteria the degree of itiner-
acy increases with increasing the difference MCW − M0. In the
present compounds the difference MCW − M0 characterizes
the degree of itineracy of f electrons, but not an itinerant
character of the ferromagnetic state. In the band language the
local nature of magnetism means that the magnetic moment
is furnished by electrons in spin-up and spin-down states
with different orbital momentum projection filling the cel-
lar below Fermi level [4,7,8]. In the real space these states

looks like the f -type Wannier states. The same is true in the
case of d electrons in transient metals [9,10]. This type of
magnetism is different from the Heisenberg ferromagnetism
of isolated magnetic moments of magnetic ions formed by
the electron states split by the crystal field as well as from
the pure Stoner-Hubbard magnetism of itinerant electrons. A
microscopic description of such type of magnetic state is not
developed.

The nuclear magnetic resonance (NMR) is one of the
main tools for study of the magnetic properties of metals in
normal and superconducting states. The direction-dependent
59Co NMR measurements [11] of the Knight shift and nu-
clear spin-lattice relaxation time provide knowledge of static
and dynamic susceptibility components in this orthorhombic
metal. The relaxation rate in UCoGe in the field perpendicular
to the easy magnetization axis along the c-crystallographic
direction strongly surpasses the relaxation rate in the field
parallel to it. Moreover, it was demonstrated that in the vicin-
ity of the ferromagnetic transition the spin-lattice relaxation
rate in the magnetic field along the easy magnetization is
hardly deviates from Korringa -type behavior, while in the
other field directions there is strong enhancement of relax-
ation (see Fig. 1). The NMR and 59Co nuclear quadrupole
resonance studies on the YCoGe compound free of uranium
f electrons shows that the d electron of Co atoms plays no
role in ferromagnetism of UCoGe originating from the U-5 f
electrons [11,12].

Here we present calculations allowing one to establish the
peculiar dependence of the longitudinal spin-lattice relaxation
rate from temperature and magnetic field. The paper is or-
ganized as follows. As was explained above, the magnetism
of UCoGe cannot be described in the frame of a model of
pure itinerant metallic state. Nevertheless we find it pertinent
to begin with a reminder of the spin-lattice relaxation rate
derived by Moriya and Ueda [13,14] in the isotropic itinerant
ferromagnets. It is expressed through the static susceptibility
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FIG. 1. Nuclear spin-lattice relaxation rate (1/T1) measured in
three different field directions [11]. The results of 59Co NQR on
YCoGe, a reference compound without f electrons, are also dis-
played. The figure is reproduced from Ref. [11].

along the external field. Thus, it is independent from field
direction, which is evidently inapplicable to NMR in UCoGe.

Then, to interpret NMR observations one needs to know
the wave-vector–frequency-dependent magnetic susceptibil-
ity tensor in the orthorhombic UCoGe compound that is
currently not available. However, the wave-vector depen-
dence of static susceptibility components has been established
from phenomenological consideration [2]. One can obtain the
frequency dependence of susceptibility by a simple general-
ization of the corresponding static expression. This allows us
to calculate the NMR longitudinal relaxation rate 1/T1 and
establish its temperature and field dependence.

II. NUCLEAR MAGNETIC RESONANCE
RELAXATION RATE

A. 1/T1 in isotropic itinerant ferromagnets

Before a discussion of the anisotropic NMR properties of
UCoGe it is pertinent to first remind one of the theoretical
results obtained by Moriya and Ueda [13,14] in the appli-
cation to the isotropic itinerant ferromagnets. In this case
the nuclear spin-lattice relaxation rate measured in a field H
along the spontaneous magnetization chosen as z direction is
determined by a correlation function of field fluctuations in the
direction perpendicular to the external field. The latter accord-
ing to the fluctuation-dissipation theorem is expressed through
the imaginary part of susceptibility χ ′′

+−(k, ω) of electron gas

in the direction perpendicular to the external field(
1

T1T

)
z

∝ lim
ω→0

∫
d3k

(2π )3
|Ah f |2

χ ′′
+−(k, ω)

ω
. (1)

The calculations have been done in [13] and yield(
1

T1T

)
z

∝
{
χz(T ), paramagnetic state

M−2, ferromagnetic state,
(2)

where χz(T ) is the temperature-dependent static susceptibility
in the field direction and M = M(T ) is the magnetization in
ferromagnetic state. Thus, the summation of perpendicular
susceptibility over reciprocal space gives rise to the longitu-
dinal susceptibility. The origin of this result is that χ+−(k, ω)
is determined through the spin-up spin-down band splitting
expressed through the static longitudinal susceptibility in
paramagnetic state and through the M−2 in ferromagnetic
state. One can find a modification of this result in finite ex-
ternal magnetic field in [15], where in particular it is shown
that

lim
H→∞

(
1

T1T

)
z

→ 0 (3)

as it should be in the presence of the strong band splitting.
Another important point essential for the results Eq. (2) is

that χ ′′
+−(k, ω) ∝ ω/kvF both in the noninteracting and the

interacting Fermi gas such that the integration over reciprocal
space in Eq. (1) is in fact two-dimensional.

B. 1/T1 in UCoGe

In the orthorhombic metal the nuclear spin-lattice relax-
ation rate 1/T1 measured in a field along the l direction is
expressed in terms of the imaginary part of the dynamic sus-
ceptibility along the m and n directions, perpendicular to l ,
χ ′′

m,n(k, ω) as
(

1

T1T

)
l

∝
∑

k

[∣∣Am
h f

∣∣2 χ ′′
m(k, ω)

ω
+ ∣∣An

h f

∣∣2 χ ′′
n (k, ω)

ω

]
. (4)

At low temperatures the relaxation rate (1/T1T ) for H parallel
to the c-crystallographic direction is more than an order of
magnitude smaller than those measured in the other two field
directions parallel to the a and b axes [11] (see Fig. 1). So, one
can use the expressions(

1

T1T

)
b

∝
∑

k

∣∣Ac
h f

∣∣2 χ ′′
c (k, ω, Hb)

ω
, (5)

(
1

T1T

)
a

∝
∑

k

∣∣Ac
h f

∣∣2 χ ′′
c (k, ω, Ha)

ω
, (6)

neglecting the terms, originating from the imaginary part of
susceptibilities χ ′′

a and χ ′′
b .

The static susceptibilities in uranium ferromagnets are de-
rived in [2]. Along the c axis it is

χc(k) = 1

[χc(Hl )]−1 + 2γ c
i jkik j

, (7)

where χc(Hl ) = ∂Mc
∂Hc

is the homogeneous static susceptibility
along the c axis at fixed value of magnetic field Hl along
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the l = a, b direction. The simplest generalization for the
dynamic case obeying the Kramers-Kronig relation

χc(k) = 1

π

∫
χ ′′

c (k, ω)

ω
dω

is the following:

χc(k, ω) = 1

− iω
A + [χc(Hl )]−1 + 2γ c

i jkik j
, (8)

where χ ′′
c (k, ω) = Imχc(k, ω), and A is a constant. Thus, to

estimate the sum over momenta we can work with

χ ′′
c (k, ω, Hl )

ω
= A

ω2 + A2{[χc(Hl )]−1 + 2γi jkik j}2 . (9)

The field dependence of χc(Hl ) can be determined as fol-
lows [2]. The Landau expansion of the free energy near the
Curie temperature in the presence of magnetic field is

F = αcM2
c + βcM2

c + αaM2
a + αbM2

b

+βacM2
a M2

c + βbcM2
b M2

c − HM, (10)

where

αc = αc0(T − T c0), αa > 0, αb > 0. (11)

In a constant magnetic field perpendicular to the spontaneous
magnetization H = Hbb̂ the equilibrium magnetization pro-
jection along the b direction

Mb ≈ Hb

2
(
αb + βbcM2

c

) (12)

is obtained by minimization of free energy (10) with respect
to Mb. Substituting this expression back to (10) we obtain

F = αcM2
c + βcM4

c − 1

4

H2
b

αb + βbcM2
c

, (13)

that gives after expansion of the denominator in the last term,

F = − H2
b

4αb
+ α̃cM2

c + β̃cM4
c + . . . , (14)

where

α̃c = αc0(T − Tc0) + βbcH2
b

4α2
b

, (15)

β̃c = βc − βbc

αb

βbcH2
b

4α2
b

. (16)

Thus, in a magnetic field H = Hbb̂ perpendicular to the di-
rection of spontaneous magnetization the Curie temperature
decreases as

Tc(Hb) = Tc0 − βbcH2
b

4α2
bαc0

. (17)

The corresponding formula for a field parallel to the a axis is

Tc = Tc(Ha) = Tc0 − βacH2
a

4α2
aαc0

. (18)

The coefficient αa � αb, which is the a direction, is much
harder magnetically than the b direction. Hence, the Curie
temperature is practically independent from magnetic field in

the a direction Tc(Ha) ≈ Tc0. The susceptibility along the c
axis,

χc(Hb) =

⎧⎪⎪⎨
⎪⎪⎩

1

4αc0

(
Tc0− βbcH2

b
4α2

bαc0
−T

) , T < Tc(Hb)

1

2αc0

(
T −Tc0+ βbcH2

b
4α2

bαc0

) , T > Tc(Hb),
(19)

increases with magnetic field along the b axis but keeps the
constant value in magnetic field parallel to the a axis,

χc(Ha) =
{ 1

4αc0(Tc0−T ) , T < Tc0
1

2αc0(T −Tc0 ) , T > Tco.
(20)

Now, let us make the integration in Eqs. (5) and (6). For
simplicity one can calculate the converging integral in the
spherical approximation(

1

T1T

)
l

∝
∫

4πk2dk

(2π )3

A

ω2 + A2{[χc(Hl )]−1 + 2γ k2}2

=
√

2

32πAγ 3/2

√
χc(Hl )(

1+ ω2χ2
c (Hl )
A2

)1/4

1

cos
(

1
2 arctan ωχc (Hl )

A

) .

(21)

We see that

1

T1(Hb)T
∝

⎧⎪⎨
⎪⎩

√
χc(Hb), χc(Hb) 	 A

ω

√
A
ω
, χc(Hb) � A

ω

(22)

as a function of temperature reaches a maximum in the vicin-
ity of Curie temperature. The same is true for relaxation rate

1
T1(Ha )T in the field parallel to the a axis.

The magnetic field along the b axis shifts the maximum
of relaxation rate to the lower temperature; the field along
the a axis does not. This effect is clearly demonstrated by
the measurements in high enough fields reported in [16]. The
deviation of the maximum of 1

T1(Hb)T from the maximum of
1

T1(Ha )T in a weak field H = 2 T in Fig. 1 probably originates
from a slight misalignment of field orientation as pointed out
in [17].

The similar calculation of spin-lattice relaxation in the
field parallel to the c axis 1

T1(Hc )T is expressed through the
magnetic susceptibilities along the a and b crystallographic di-
rections. Both of them are much smaller than the susceptibility
in the c direction and neither of them change in tempera-
ture interval near the Curie temperature. Hence, 1

T1(Hc )T in
the vicinity of critical temperature is practically temperature
independent.

III. CONCLUSION

We have demonstrated that in contrast with the isotropic
weak ferromagnets the longitudinal spin-lattice relaxation rate
in UCoGe is expressed through the static susceptibility in the
perpendicular to magnetic field direction. The value (1/T1T )
in the field perpendicular to spontaneous magnetization has
maximum in the vicinity of Curie temperature, whereas it does
not reveal similar behavior in the field parallel to the direction
of spontaneous magnetization. These results are in qualitative
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correspondence with the experimental data presented in Fig. 1
[11].

Also there was shown that the longitudinal spin-lattice
relaxation rate is strongly field dependent when the field
is directed in the b-crystallographic direction but field in-
dependent if magnetic field is oriented along the a axis,
which also is in accordance with experimental observations
[16].

The presented calculations have been done using isotropic
wave vector dispersion of susceptibilities. The real dispersion
laws can be quite different and the simple relationship be-
tween the relaxation rate and the susceptibility will be lost.
However, the field-temperature dependence of 1/T1 will qual-
itatively remain.

Another observation which possibly can be useful for the
future theoretical efforts is that the calculations were per-
formed taking the kinetic coefficient A = const. However,
taking A ∼ kv, where v is a constant with dimensionality
of velocity, the integration over reciprocal space becomes
two-dimensional and we come to 1

T1bT ∝ χc(T, Hb). A theo-
retical description of wave-vector–frequency dependence of
magnetic susceptibility of actinide intermetallics is still not at
hand.
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