
PHYSICAL REVIEW B 101, 121407(R) (2020)
Rapid Communications

Strain-tunable out-of-plane polarization in two-dimensional materials
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Two-dimensional (2D) ferroelectrics are a special class of materials that fit the need of miniaturization of
devices, which can lead to a plethora of applications. Up to now, albeit the breakthrough in the discovery of
a handful of 2D ferroelectrics, the mechanism of which still requires better understanding. In this work, we
clarify that the ferroelectric ground state in monolayer (ML) In2Se3 is strongly affected by in-plane strain, and
the strain-induced phase transition is of a first-order transition. We further propose that strain is an effective
approach to tune the ferroelectric ground state in 2D materials, which can even intrinsically introduce out-of-
plane polarizations. By performing first-principles calculations, we show that the epitaxial strain is able to tune
the structural transition between polar and nonpolar layer groups. According to this, the epitaxial strain can
not only fully suppress the polarization in ML-In2Se3, but also cause out-of-plane polarizations in a group of
2D nonpolar materials, i.e., ML-Bi2Se3, ML-Bi2Te3, ML-Sb2Te3, and ML-Sb2Se3. The coupling mechanism
between strain and polarization in these compounds is further illustrated.
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The strong coupling to electric field in ferroelectric ma-
terials hinders their miniaturization of devices. The inter-
nal depolarization field originated from the accumulation of
electric charge on its surfaces, if not screened by external
electrodes, can fully suppress the polarization in its bulk re-
gion [1,2]. Consequently, conventional ferroelectric materials
hardly work in ultrathin film samples when their thickness is
below a critical value [3–5]. Driven by this, exploring a two-
dimensional (2D) or quasi-2D system with robust out-of-plane
polarization is of particular interest [6–8]. Although several
remarkable works on oxides have been reported [9,10], only a
few of them have achieved a down to the limit of one unit cell
thickness [11].

Recently, a rapidly increasing number of 2D materials that
can be exfoliated from their bulk counterparts to monolayer
(ML) ones offer alternative opportunities for ferroelectric-
ity in thin-film samples. However, most of the well-known
2D materials, including graphene, transition-metal dichalco-
genides, and black phosphorus [12–15], present either spatial
inversion symmetry (such as graphene [12]), or only break
the in-plane inversion symmetry (e.g., phosphorene analogs
[16,17]). After years of intensive studies, although plenty of
2D ferroelectric materials have been proposed theoretically
[18–26], only a few sporadic candidate materials with out-of-
plane polarization (Pz), have been confirmed by experiments,
i.e., CuInP2S6 [27,28], d1T phase of MoTe2 [29], WTe2
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[30], and In2Se3 [31–33]. To explore more ferroelectric 2D
materials, deeper understandings on the mechanism of 2D
ferroelectricity are required.

On the one hand, as one of the most promising candi-
dates, the mechanism of the stable out-of-plane polarization
in ML-In2Se3 is unfortunately absent. It was suggested to be
of a hyperferroelectricity [34,35]. In addition, the improper
ferroelectricity [36], proposed in bulk materials, is expected to
realize stable out-of-plane polarization in thin-film samples.
However, according to our following studies, it is of a first-
order type, which is an unusual phenomenon comparing with
previous expectations. On the other hand, another important
question naturally arises—whether we can find a recipe to
intrinsically induce Pz in an existing nonferroelectric 2D ma-
terial. In other words, can the inversion symmetry be broken
along the z direction in nonpolar 2D materials under cer-
tain conditions? For instance, ML-In2Se3 vs ML-Bi2Se3 are
isostructural chalcogenides with five atomic layers. Among
them, ML-Bi2Se3 belongs to the nonpolar P3̄m1 layer group,
while ML-In2Se3 belongs to the P3m1 layer group, which is
a polar subgroup of P3̄m1. The above question now becomes
whether the ground state of ML-Bi2Se3 can be transferred
from layer group P3̄m1 to P3m1 [see Fig. 1(a)] via external
stimulations, such as biaxial strain.

In this work, by performing first-principles calculations
(see the Supplemental Material (SM) [37]), we propose
that strain engineering can effectively tune the occurrence
of polarization in ML-Bi2Se3 and several other isostruc-
tural chalcogenides. As the prototypes, the strain-induced
ferroelectric phase transitions in ML-Bi2Se3 and ML-In2Se3

are studied.
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FIG. 1. (a) The scheme of studied materials in layer group P3̄m1
and P3m1, respectively. (b) The PEC for the case with I phase as the
minima (in blue) and the one with P phase as the minima (in red),
respectively. The energy evolution of the I phase, the I′ phase, and
the P phase in terms of epitaxial strain for (c) ML-Bi2Se3 and (d)
ML-In2Se3, respectively. The region where the compounds present
out-of-plane polarization is highlighted in light-green.

As shown in Fig. 1(b), in the potential energy curve (PEC)
of ML-Bi2Se3 (the blue curve), there are two types of local
minima. The one at the origin is the global minimum, referred
to as the I phase, which belongs to the P3̄m1 layer group. The
other one has two points which are equivalent with opposite
values of Pz. This type of local minima is referred to as the P
phase, which belongs to the P3m1 layer group. In contrast, the
minimum point in the PEC of ML-In2Se3 presents a nonzero
value of Pz, corresponding to the P phase (the red curve), while
the origin point is a local minima. It has been confirmed that
the out-of-plane polarization of ML-In2Se3 is switchable both
from theory and experiments [8,31–33].

We begin with the effect of strain by examining the evolu-
tion of total energy for ML-Bi2Se3 and ML-In2Se3. We note
that there is an additional phase, referred to as the I′ phase,
which is involved in the transition process. The structure
of the I′ phase (see Supplemental Material Fig. S1) is very
similar to the high symmetric I phase with small distortions
by suppressing Pz as well. The relative stability of these three
phases can vary under the influence of biaxial strain.

As shown in Fig. 1(c), when the strain is zero, the I
phase has the lowest energy. The P phase of ML-Bi2Se3 is
0.85 eV/unit cell (u.c.) higher than the I phase. When a tensile
strain is applied, the energy of the I phase increases and
eventually becomes higher than that of the P phase when the
strain is more than 13%. Here, the strain is labeled by taking
the fully relaxed lattice constant as the reference. The same
behavior happens in the I′ phase while the energy of which
will be higher than that of the P phase when the tensile strain
is enhanced beyond 14%. Therefore, the polar P phase will
be the one with the lowest energy when the epitaxial strain is

larger than 14%. Thus, the in-plane strain can drive a phase
transition between the P phase and the I phase.

Qualitatively the same behavior is found in ML-In2Se3;
that is, the energy of the I phase decreases with increasing
compressive strain. In the zero-strain state, the P phase of
In2Se3 is the most stable one among the three phases, while
the I phase has the highest energy. When we reverse the
Pz, the system takes the I′ phase as the transition state, while
the barrier is about 0.09 eV/u.c. as the red line shows in
Fig. S2. This value is also in good agreement with previously
reported value of 0.07 eV/u.c [8]. The stability sequence of
the three phases is changed when the compressive strain is
beyond 3.5%. Thus, when the compressive strain is larger than
a critical value, ML-In2Se3 has a nonpolar ground state, the I′
phase. When the in-plane strain is further compressed, beyond
−8%, the I phase becomes the most stable.

Thus, the competition between the I phase and the P
phase strongly depends on the strain. At the critical point, the
relative thermal stability of polar and nonpolar phases can be
reversed and the spontaneous polarization is induced.

Since the behavior of this ferroelectric phase transition
relies on the competition between metastable phases, it is
interesting to study the behavior of polarization close to the
transition point. When tracing the evolution of Pz, along with
the in-plane strain in these two materials, one can see the
amplitude of Pz discontinuously jumps at some critical points
(see Fig. 2). In the case of ML-In2Se3, the transition occurs at
−3.5% strain. As Fig. 2(a) shows, starting from the nonstrain
case, the value of Pz slightly increases when the compressive
strain is applied. It is fully suppressed once the compressive
strain is increased beyond the transition point. In ML-Bi2Se3,
no polarization exists in the absence of strain. When the
tensile strain is applied, the value of Pz keeps its zero value.
Until the strain is up to the transition point, around 13% tensile
strain, the value of Pz jumps to 0.55 μC/cm2 and is slightly
changed by a larger strain [see Fig. 2(b)].

The strain-tuned phase transition between the P phase and
the I phase occurs not only in ML-In2Se3 and ML-Bi2Se3 but
also in ML-Bi2Te3, ML-Sb2Te3, and ML-Sb2Se3. Very similar
with ML-Bi2Se3, these three materials are in the nonpolar
I phase (belong to the P3̄m1 layer group) in the absence
of strain. As presented in Figs. 2(c)–2(e), the out-of-plane
polarization jumps from zero to a finite value when the in-
plane biaxial strains are up to 13.5%, 17.5%, and 14% for ML-
Bi2Te3, ML-Sb2Te3, and ML-Sb2Se3, respectively. However,
unlike ML-Bi2Se3, these three materials are metallic around
the phase transition point. The electronic band gaps of ML-
Bi2Te3, ML-Sb2Te3, and ML-Sb2Se3 remain closed by the
tensile strain and reopened when it is switched to P phase.
The band-gap values of studied materials are reported in
Sec. 4 of the SM. It is worth pointing out that the Perdew-
Burke-Ernzerhof (PBE) functional often underestimates the
band-gap value. We reinvestigate the corresponding data via
the Heyd-Scuseria-Ernzerhof (HSE) functional as well (see
Figs. S3-1 and S3-2 in the SM). Indeed, for all the studied
cases, the HSE functional provides a larger band-gap value
than that of the PBE functional. According to the PBE func-
tional, ML-Sb2Se3 and ML-Bi2Te3 are metals in a certain
range of strain, while with the HSE functional they are still
insulators. The HSE band-gap data is in agreement with

121407-2



STRAIN-TUNABLE OUT-OF-PLANE POLARIZATION IN … PHYSICAL REVIEW B 101, 121407(R) (2020)

FIG. 2. The evolution of stress and Pz under biaxial epitaxial strain in ML (a) In2Se3, (b) Bi2Se3, (c) Bi2Te3, (d) Sb2Te3 and (e) Sb2Se3,
respectively. The biaxial epitaxial strains are labeled by taking the fully relaxed lattice constant as the reference zero value. The regions of
nonpolar insulator, metal, and polar insulator are highlighted by white, orange, and light-green, respectively.

experimental results. For instance, in our HSE calculations,
the band gap of ML-In2Se3 is 1.55 eV, while the experimental
measurements are in the range of 1.2–1.3 eV [50].

So far, we have shown that these three states with different
layer groups can be controlled by in-plane biaxial strain.
When tensile strain is applied to materials in the P3̄m1 layer
group, its symmetry is broken and the structure can transform
to the P3m1 layer group. Such transition process can be
reversed. In other words, the in-plane biaxial strain is able to
tune the stabilities between the polar and the nonpolar phase,
while the one with lower energy is the ground state under
a certain value of strain. This strongly suggests the strain
approach of introducing out-of-plane polarization in nonpolar
ML materials.

One can notice that both the P phase and the I phase
of these studied compounds are locally stable in the energy
landscape. In addition, Pz is obviously discontinued at the
transition point (see Fig. 2). The phase transition originates
from the competition of the stability between local stable
phases, while the evolution of polarization does not follow a
continuous way but with a finite jump at the transition point.
All these phenomena imply the transition is a first-order type
in terms of strain.

To further understand the role of strain in this type of phase
transition, we build a phenomenological Landau model for
ML-Bi2Se3 and ML-In2Se3, in which all the coefficient pa-
rameters are fitted according to our density functional theory
(DFT) data. Since the in-plane and out-of-plane polarizations
in these materials are locked, here we combine them in one
order parameter as the total polarization P. As Eq. (1) shows,
in our model, the free energy F is expanded in terms of P
and the strain η. To better fit our DFT data, the free energy is
expanded up to the eighth order of P.

F (η, P) = 1
2λ(η − η0)2 + 1

2 a(η)P2 + 1
4 b(η)P4

+ 1
6 c(η)P6 + 1

8 d (η)P8. (1)

The value of strain η is defined by taking the fully op-
timized lattice constants as the reference in the absence of
strain. Note, η0 is the strain when the material presents the
minimum total energy in the absence of polarization. For
ML-Bi2Se3, η0 = 0 since its ground state is nonpolar. For
ML-In2Se3, η0 = −0.013, which means if we artificially fix
the symmetry in the I phase, the relaxed lattice constant is
1.3% smaller than that of the original P phase. In principle,
the coefficients a, b, c, and d are strain dependent. However,
according to our fitting procedure, only the biquadratic term
of polarization is strongly dependent on the amplitude of
strain, while the remaining three, b, c, and d , can be estimated
as constants for both ML-Bi2Se3 and ML-In2Se3 systems.
Therefore, we renormalize the free energy by absorbing the
biquadratic term of η as follows.

F ′(η, P) = F (η, P) − 1
2λ(η − η0)2

= 1
2 a(η)P2 + 1

4 bP4 + 1
6 cP6 + 1

8 dP8. (2)

Thus, this renormalized free energy only includes the
contributions of the polarization and its coupling with strain.
The zero value of F ′ is defined as a configuration without
any polarization under a certain value of strain. The evolution
of F ′ under different strains is shown in Fig. 3, in which we
mainly focus on the strain close to the transition point. There
are two types of local minimum points in the PEC, which
satisfy the conditions ∂F ′

∂P |P=0, ±1 = 0 and ∂2F ′
∂P2 |P=0, ±1 > 0,

corresponding to the I phase and the P phase.
Our results suggest that the effect of in-plane strain mainly

tunes the curvature of the PEC at the origin point, which
affects the stability competition between the polar and the
nonpolar phases. It is interesting to see that the coupling
between the in-plane strain and the P2 term nicely follows
a linear function for both ML-Bi2Se3 and ML-In2Se3 sys-
tems. The detailed value and expression of each coefficient
parameter are summarized in Table I. Although it is a rough
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FIG. 3. The evolution of F ′ with respect to polarizations under the strain close to the phase transition point for ML-In2Se3 and ML-Bi2Se3,
respectively. The data obtained from DFT calculations are plotted dots, while the corresponding Landau model fitting curves are shown in
lines. All these DFT calculated structures are obtained from the climbing image nudged elastic band calculations. Some points are added by
interpolation with small step when it is close to the polar P phase.

phenomenological model, it can qualitatively present the
strain-dependent first-order phase transition in our investi-
gated 2D materials in a very nice way. Especially, it shows
us the simple linear coupling behavior of the strain.

We have presented that the in-plane strain is able to tune the
transition between polar and nonpolar phases of the studied
2D materials. Still, there are several detailed issues that need
to be addressed. (i) The change of electronic structures in such
phase transitions. We report the electronic band structures of
selected cases obtained by the HSE functional in Sec. 5 of
the SM. The band-gap size changes due to the transition. In
addition, the spin-orbit coupling (SOC) reduces the band gap
and splits the bands in the P phase due to the lack of inversion
symmetry. (ii) According to our results, the ground state of the
P phase in ML-Bi2Se3 is not purely in the P3m1 layer group,
but with additional distortions. The ground state beyond the
transition point of tensile strain is a p(2 × 2) cell comparing
with its original one. In this distorted phase, the finite value of
Pz remains. The detailed results and discussions are listed in
the SM since they will not change the global picture presented
in our main text.

In summary, we have proposed that biaxial epitaxial
strain is able to tune the ferroelectric phase transition in

TABLE I. The coefficient parameters (units in eV/u.c.) of the
Landau model [Eq. (2)] for ML-In2Se3 and ML-Bi2Se3 at 0 K. The
in-plane biaxial strain is referred to as η.

a(η) b c d λ η0

In2Se3 0.056−4.600η 0.668 −3.886 2.888 99.561 −0.013
Bi2Se3 2.466−13.420η 0.900 −8.310 6.656 66.230 0

2D materials. Specifically, we present the case of ML-In2Se3

and ML-Bi2Se3 corresponding to the transition between the
polar layer group P3m1 and the nonpolar layer group P3̄m1.
By tuning the in-plane strain we can not only suppress the
polarization in ML-In2Se3, but also can produce the out-of-
plane polarization in ML-Bi2Se3. We have demonstrated that
this general recipe works well for the case of ML-Bi2Te3, ML-
Sb2Te3, and ML-Sb2Se3, suggesting a promising pathway in
exploring 2D ferroelectric materials with robust out-of-plane
polarization. The ferroelectric phase transition, corresponding
to the competition between local stable phases, is a first-order
type under the epitaxial strain. The coupling between the
strain and the polarization is able to be simplified to the linear
coupling of the biquadratic term. These results are important
presteps not only of exploring groups of 2D ferroelectric ma-
terials but also of further studying the atomistic mechanism of
robust out-of-plane polarization in 2D ferroelectric materials.
In addition, some interesting applications such as triple state
memory can be expected due to the first-order nature of the
transition.
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