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Modulated Piezoreflectance in Semiconductors*
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The direct gaps of Ge, GaAs, GaSb, InP, ZnS, CdTe, CdSe, CdS, and ZnO have been measured using
the piezoreRectance technique. Thin single crystals of these materials were mounted on lead-zirconate-
lead-titanate piezoelectric transducers and cooled to 77'K. Measurements were performed with the stress
applied along the $100] and (111)crystallographic directions of the cubic materials and along the L0001$
and L1120$ directions of the hexagonal materials. The shear deformation potentials b and d of the highest
valence-band state of the cubic materials were determined from the ratio of the intensity of the light polar-
ized parallel and perpendicular to the direction of the stress and the known values of the hydrostatic deforma-
tion potentials. The results show a continuous increase of the ratio d/b from the covalent materials Ge and
Si to the partially ionic III-V and II-VI compounds. A simple point-ion model is proposed to explain the
increase in the ratio d/b with increasing ionicity for the cubic materials. For the wurtzite materials, similar
measurements yield ratios of shear to hydrostatic deformation potentials. Information about the stress-
exchange splittings and the corresponding exchange-interaction constant is also obtained.

I. INTRODUCTION

'HE study of optical critical-point structure in
solids by means of modulation (i.e. , differential)

techniques has received considerable attention. The
techniques of electroreRectance, ' ' electroabsorption, '
thermoreAectance, " piezorefiectance, ' ' and piezo-
absorption' have been applied to semiconductors,
metals, and insulators. Absorption modulation
methods' ' are most useful for studying indirect transi-
tions below the lowest direct gap, while reliection
modulation is normally used for studying allowed direct
transitions.

Some of the modulation techniques mentioned (tem-
perature modulation, hydrostatic-pressure modulation)
preserve the symmetry of the crystal. When applied to
cubic materials, they yield spectra independent of the
direction of polarization of the light. Other techniques
(uniaxial-stress modulation, electric field modulation)
lower the crystal symmetry and give anisotropic spectra.
In this case, information about the symmetry of the
transitions involved can be obtained.

We have chosen for the work reported here the
uniaxial-stress technique of piezoreAectance. The signals
obtained by this method are typically an order of magni-
tude smaller than those obtained with electroreQectance,
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and very often a relatively large background due to
mechanical vibrations of the system is present. The
interpretation of the results of piezoreAectance, how-

ever, is rather straightforward when compared to
electroreAectance, since the stress preserves the transla-
tional invariance of the crystal (while the electric field
does not): The line shape of thepiezoreflectancestructure
is essentially the derivative of the corresponding struc-
ture in the static optical properties. By comparing the
strength of the signals observed for various directions
of polarization, information about deformation poten-
tials can be obtained.

Several methods have been used for applying a
modulated stress. Engeler et a/. ' measured Si, Ge, and
GaAs, and Garfinkel et al. ' measured the noble metals
by stressing single crystals or evaporated 6lms with a
piezoelectric transducer. Gerhardt ef a/. " measured
KI, KBr, and Cu with the crystals stressed by periodic
bending at low frequencies. Two systems which permit
the simultaneous application of a large static stress and
a small modulation have been reported. In Balslev's
system, " the static stress is applied with weights and
the modulating stress with an arrangement similar to
the coil and magnet of a dynamic loudspeaker. Sell and
Kane" used a pneumatic piston system for applying
both modulation and static stress.

We have used the technique of Engeler et al. ' slightly
modified so as to produce a uniform strain. Thin samples
of Ge, GaAs, GaSb, Inp, CdTe, ZnS, CdSe, CdS, and
ZnO were mounted on a lead-titanate —lead-zirconate
piezoelectric transducer (PZT) with only the ends
fastened to the transducer so as to obtain a uniform
stress of a predetermined direction at the center of the
sample. We have studied the piezoreAectance spectra of
the direct edge at iI=0 (Es edge) of those materials for
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light polarized with the electric field (E) parallel and
perpendicular to the stress direction. Measurements
were performed with the stress along L111j and along
L100) for the cubic materials (Ge, GaAs, GaSb, CdTe,
Inp, and ZnS). For the hexagonal materials (CdSe,
CdS, and ZnO) the stress directions used were the

l 0001j and the [1120].The L1120j stress measurements
were performed with reflecting surfaces either parallel
or perpendicular to the c axis.

From the measurements for cubic materials the ratios
b/a and d/a of the shear deformation potentials b and d
of the top valence state (I'» or I'i;) to the hydrostatic
deformation potential a of the Eo gap have been found. "
The hydrostatic deformation potentials are usually
known from independent measurements and, hence,
b and d can be obtained. The ratio d/b can be found
without prior knowledge of a. This ratio shows a
monotonic increase from the covalent group-IV elements
to the partially ionic III-V and II-VI compounds. It has
been suggested earlier" that the change in the Coulomb
(or 51adelung) potential of the displaced ions of the
strained material, acting on the anisotropic p-like wave
function of the I'r; (or I'00) valence band, should con-
tribute to b and d in partially ionic materials. This
contribution dominates the deformation potentials b

and d of strongly ionic materials, such as the alkali
halides. " A simple calculation, based on a point-ion
model, explains the increase in d/b with ionicity ob-
served for the germanium —zinc-blende family.

For the wurtzite-type materials, a comparison of the
strength of the various piezoreQectance peaks observed
for the stress applied along the c axis and perpendicular
to it yields two relationships between four deformation
potentials. " The measurements with a reflecting face
perpendicular to the c axis yield information about the
stress-exchange splitting and the exchange-interaction
constant. '7 "

II. THEORY

A. Piezore6ectance

are complex numbers. For germanium and zinc blende,
W has three independent components; for wurtzite, it
has six. The components of e are related to those of the
stress tensor X through the elastic-compliance tensor S:
ej,g=-SJ, ~ „X „with the conventional summation over
repeated indices. In a cubic material, the piezoreAec-
tance signal for an arbitrary direction of the electric
field of the light n can be obtained from the piezo-
reflectance tensor d R:

with
(2)

The real and scalar functions P„and P, are the scalar
functions n and tS of Seraphin and Bottka. "We shall
calculate Ae. for transitions in the vicinity of the Eo edge.
We assume for this doubly degenerate 3fo edge the
shape

e ~ i(ro —F00) "'+const. (3)

There are two singular contributions to Ae. One is
produced by the change of oscillator strength Li.e., the
omitted proportionality consta, nt of Eq. (3)$, and the
other is related to the change in coo. The contribution of
the change in oscillator strength has the same shape
as Eq. (3). We shall neglect it in our analysis in com-
parison with the signal proportional to (c0—&00)

'"
produced by 6+0. The change with stress of the Eo gap
and its spin-orbit split mate 80+60 is governed by the
Hamiltonian'4 "
H=a(e +e00+e )

—3bL(L,' —-,'I.')e +cyc. perm. .)
—2v/3df fL„L„)e,„+cyc. perm. $, (4)

where a, b, and d are deformation potentials, and I.; are
the components of the angular momentum operator. For.
a L1001 stress, the valence-band wave functions which
diagonalize the Hamiltonian of Eq. (4) are, in the usual
angular Inomentum notation, "

The change d e in the dielectric-constant tensor
produced by the application of a small stress can be
written as

he= Ae„+ice;= W e,

where Dc„and Dc; are the real and the imaginary com-
ponents of De, e is the strain tensor, and W is the fourth-
rank. strain optical tensor. The components of W, rvV, ,~~,

"G. Pikus and G. Bir, Fiz. Tverd. Tela 1, 154 (1959); 1, 1642
(1959) [English transls. : Soviet Phys. —Solid State 1, 136 (1959);
1, 1502 (1960)j."A. Gavini and M. Cardona, Phys. Rev. 177, 1351 (1969).
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transl. : Soviet Phys. —JETP 14, 1075 (1962)g; V. B.Sandomirskii,
Fiz. Tverd. Tela 6, 324 (1963) /English transl. : Soviet Phys. —
Solid State 6, 261 (1964)].' T. Koda and D. W. Langer, Phys. Rev. Letters 20, 50 (1968)."O. Akimoto and H. Hasegawa, Phys. Rev. Letters 20, 916
(1968).

and their time-reversed mates. X, I; and Z are orbital
wave functions with the same symmetry as ys, sx, and
xy under the operations of the point group. The energies
of the three perturbed gaps, as obtained from Eqs. (4)
and (5), are, to first order in the stress, '0

re(s lz) +0+b~H+ 0 ~F0100 I

r0(s ys) +0+ 0~H 0 br0100 y

ro(s, s) =&0+~0+b~H,
(6)

where the hydrostatic shift b~~ and the shear splitting
' B. O. Seraphin and N. Bottka, Phys. Rev. 145, 628 (1966)."F.H. Pollak, and M. Cardona, Phys. Rev. 172, 816 (1968).
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Ro»()p are given by

81011
——a(S11+2S12)X,

801100——2b (S11—S12)X .

X is the magnitude of the [100j stress and S,, are the
elastic compliances. A cubic material becomes optically
uniaxial under $100j stress. From Eqs. (3), (5), and (6),
we obtain for the two components of the tensor ha in
the neighborhood of Eo

Lh„~ (2/3) (Cu
—400) J (800II—2 840100),

621 ~ (i/3) (01 010)—'J2(%011+4!'240100) .

In the neighborhood of E0+D0, De should be given by

Lh„= Lh, = (2/6) (a& 400 —hP)—'"840m

From Fqs. (2) and (8), we obtain for the ratio of the
piezore8ectance signals at Ao, with K parallel and
perpendicular to the stress,

(+Rl I/+Rl)xl l [100J (000' 2 ~01100)/(t101H+ 4 ~40100) ~ (10)

Equation (10) remains valid for L1117 stress (but not
for t'110j stress!) provided one replaces BQ)yp0 by the
corresponding splitting bee»»»=3 'l"dS44X. Hence, the
ratios 640100/R0Ir and 8&0»1/800&&, and, correspondingly,
the ratios b/a and d/48, can be determined from the
observed strengths of the piezoreflectance signals for E
parallel and perpendicular to the stress without knowing
the magnitude of this stress.

The stress Hamiltonian of a material with wurtzite
structure has been given by Pikus. ' From this Hamil-
tonian, we find, under the assumption of a stress-
independent and isotropic spin-orbit interaction, the
energies of the three exciton peaks A, B, and C, which
correspond to the E0, E0+D0 gaps of zinc blende:

40A=40A +Cle* +C2(e. *+eggy)

+C,e„+C,(e.,+e„„),
40a=40s +Cieg~+C2(ez*+eg 0)

+n~LC8e„+C,(e„+e„„)j, (11)
40a=&o +Cie*.+C2(e*~+e10)

+ LC e„+C,(e„+e„„)j.
Because of the small stresses inherent to modulation
work, only first-order terms have been kept in Eq. (11).
Two extra deformation potentials, C& and C6, are re-
quired to account for nonlinearities due to stress
coupling between the various valence-band states. The
coeKcients n+ represent the mixing of the orbital states
by the spin-orbit interaction. They are given by

2 {1~(~1 ~2)((+1 ~2) 2+g+22j—1/2j (12)

where 6» is the crystal-6eld splitting of the F»-F5 orbital
states and A2/3 is the relevant matrix element of the
spin-orbit interaction. Because of the analogy of the
shift represented in Eq. (11) by C1 and C2 with the

hydrostatic shift of a zinc-blende-type material, we
shall call C» and C~ "hydrostatic" deformation poten-
tials, while C3 and C4 will be called "shear" deformation
potentials. One should, however, emphasize the fact
that, in general, both C3 and C4 will contribute to
Eq. (11) when a hydrostatic stress is applied.

For stresses along L0001j and L1120$, we obtain

with

~40A = ~4011+~~X
1

640n = 840~+n+801x,

~40C = ~40++&—~&X

(13)

~~~(X
~~ c) =~~~, =(C,S»+2C2S»)X,

840~(XZ c) =aulr. ——2$C1S18+C2(S11+S12)jX,
(14)

801x(X ii c) = &01.= (C8S88+2C4S18)X,
840x(XJ c) 8M 2/C8S18+C4(S11+S12)3X

In Eq. (14), S;;are the elastic compliances and X is the
magnitude of the stress. If we again neglect the change
in the momentum matrix elements induced by the stress,
we obtain the following simple and useful relations:

AR1(A)/R1'(A) @011,+60),
p, = = —, (15)

DR1(B)/R, '(B) x„. 8&0rr, +42+501,

AR1(A)/R1'(A) 800Ir +840,

aR, (B)/R, '(B) x„
(16)

R'(A) and R'(B) are the strengths of the wavelength
derivative reQection spectra of the A and B excitons.
If we measure (AR/R) for the A and B excitons with
light polarized perpendicular to the c axis, and with the
stress applied along (00011 (c) and t 1120j (a), we can
obtain the shear deformation potentials C3 and C4 as
linear combinations of the hydrostatic deformation
potentials C» and C~, provided the wavelength deriva-
tive reflection spectra are also measured. We should say
that Kqs. (15) and (16) follow independently of the
validity of Eq. (3) for excitons.

B. Exchange Interaction

In the analysis of the stress effects on the excitonic
transitions of the wurtzite-type II-VI compounds, we
have not considered the two-particle character of these
states. Koda and Langer»~ have reported a splitting of
the A and B excitons of the wurtzite-type materials
considered here produced by the stress. The one-electron
Hamiltonian used above to derive the strength of the
piezoreQectanee signals does not predict any splitting of
the Kramers degenerate A or B excitons. In order to
explain this splitting, one has to take into account the
two-particle character of the exciton. (The Kramers
degeneracy of the one-electron states is, in principle,
lifted for two-particle exciton states. ) By considering
the exchange interaction between the electron and the
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hole, together with the orbital Hamiltonian of the
externally applied stress, it is possible to explain the
observed splittings. Akimoto and Hasegawa" have
solved this problem with a number of simplifying
assumptions. They assume that one of the I'7 valence
bands (C exciton) is very far from the other valence
bands (I'7 and I's), and also that the forbidden states of
the excitons are far removed from those optically
allowed. With these approximations, they 6nd the
following energies for the A and 8 allowed excitons:

GD= Gop& gA& g8)

The energy shifts bcoII and bee have been defined in

Eq. (14). Cs is a deformation potential" which corre-
sponds to the I'6 irreducible component of the stress
tensor. Optical transitions to the four states ~~+, ~~+
are completely polarized parallel or perpendicular to the
direction of the stress, a fact that simplifies its observa-
tion. The discussion can be easily extended to the C
excitons; we do not do it since in our experiment they
have never been observed with sufhcient strength to
obtain information on the exchange splitting. From
Eqs. (16) and (19), we find

where co is the energy of the four split valence bands, 8 is
the magnitude of the exchange-induced splitting, and

represents the diAerence between the centers of
gravity of the two split levels in each exciton. To first
order in the strain, 8 and 6 are of the form"

8= $4yP(0) JQ/6 piD„X,
3 =do —(1—y)(1 —4y LIP(0) /Ao]')'"DX (18) where

(
ARi(A) Reit, +»,+P~6g»s

&&ii(A) xi. »e.+». P~4—»z
0Rs(B)»ir, +ot+.Roo+Pts og»g

AR„(B)),. 5 g ++b .e4il 1.—

(21)

where I is the applied stress, D„ is an appropriate de-
formation potential, P(0)/is the amplitude of the
exciton-envelope function at the origin, Ap is the energy
difference between the A-3 excitons with no stress
applied, J is the exchange integral, and y is a parameter
of the quasicubic model" that gives the mixing of the
cubic states produced by the hexagonal crystal 6eld.
For the A-B interaction, y is given by the n+ of Eq. (12).
0 is the volume of the primitive unit cell. The results of
Eq. (18) should be accurate for CdSe and ZnO, but not
for Cds because of the relative proximity of the two
I'7 states. Moreover, a possible hydrostatic shift of all
the peaks, corresponding to the deformation potentials
Ci and Cs, is not included in Eq. (17).

The complete exchange-stress Hamiltonian for the
A, 8, C peaks has been given by Koda ef, al. 22 From this
Hamiltonian, we find, under the assumption of isotropic
spin-orbit interaction, and to erst order in X and J,

=tow +~oorro+~too

(
A

+ 8s»J,
tots ooz toe coa (19)

con =ooa +8tolro+cc+»e

&Lo+ /(cott tow )$4»J'&

where berg and bJ are

»g = 4Cs(Sit —Sis)X,
8g=P(0)QJ.

(20)

"J.J. Hopfield, J. Phys. Chem. Solids 15, 97 (1960)."T. Koda, D. W. Langer, and R. N. Euvrema, in I'roceed~ngs of
the ninth International Conference on the Physics of Semicondnctors,
edited by S. M. Ryvkin (Nauka Publishing House, Leningrad,
1968),p. 242. The C5 of this work differs from ours by a factor of 2
because of its de6nition. We have consistently used the de6nition
of Ref. 29.

Hence, if we applied the stress along the L11201 direc-
tion and measure the ratio of the signals perpendicular
and parallel to the direction of the stress, we can obtain
information about the exchange-interaction parameter,
provided we know the ratio of the shear to the hydro-
static deformation potential »,/»rr„which can be
obtained from Eq. (16), and the ratio»o/»rI, which
can be obtained if the deformation potentials C~, C2,
and C5 are known.

C. Ionic Contribution to the Deformation Potentials

In a previous paper, "we have proposed a point-ion
model to account for the observed values of the de-
formation potentials of the alkali halides. Here we shall
extend this treatment to the III-V and II-VI compounds
with zinc-blende structure. The difference in the de-
formation potentials between the covalent materials
(Ge) and the partially ionic III-V (GaAs) and II-VI
(ZnSe) compounds will be explained as due to the
change in the Coulomb interaction between the dis-
placed ions in the distorted lattice and the anisotropic
p-like wave functions of the valence bands.

For either a [100jor a L111)stress, the stress-induced
anisotropy of the Coulomb potential of the ions splits
the orbital p-wave functions of the valence band into a
doublet and a singlet. The matrix element of the electric-
dipole transitions between the valence orbital doublet
and the s-like conduction band is allowed for polariza-
tion perpendicular to the stress, while for the valence
singlet it is allowed for the parallel polarization. We
have simplified the calculations by replacing the charge
density of the p orbitals by two charges displaced with
respect to the atomic site by &rp along the symmetry
axis of the orbital. The displacement rp is chosen as the
point where the charge density of the atomic orbital has
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TABLE I. Contributions from the Coulomb potential of first and
second neighbors to the energy shift Dco of the singlet component
of the I'&o state of zinc hlende for stress along the $100$ and L111j
directions.

First neighbors

$100$ stress

—49 — —e

L111jstress

—49 — —e

Second neighbors +13 13

its maximum. We have used as wave functions the
atomic wave functions of Herman and Skillman. " It
has been shown previously" that this crude point-ion
model gives results which differ from those obtained
with the full atomic wave function by less than a factor
of 2.

With these approximations, we have calculated the
contribution to the ionic part of the deformation
potentials b and d of the zinc-blende structure due to
the interaction of the charges with the first and second
neighbors. For stress along the L100j and $111j
directions,

1
Boo= —e'q P

Irk'~roI /r, ar, /)

(22)
I«'+roI Ird=roI

This result should not hold strictly for zinc blende; an
additional internal coordinate is necessary to describe
the unit cell of the material stressed along L100j. In the
absence of experimental information about this parame-
ter, we shall operate under the assumption that the
relative shift of the two sublattices of zinc blende is
given by Eq. (24). As is well known, the crystal poten-

23F. Herman and S. Skillman, Atomic Structure Calculations
{Prentice-Hall, Inc. , Englewood CliGs, N. J., 1963).

where hen is the change in energy of the singlet state
produced by the applied stress, q is the ionic cha, rge in
e units, rj, and rI, are the positions in the unstrained
crystal of the erst and second neighbors, respectively,
and rj,

' and r~' are the positions of these neighbors in
the strained crystal.

Symmetry requires the position of the atoms within
a given sublattice to scale like the ma, croscopic stra, in

(23)

For a L1001 stress, and in the germanium lattice (not
zinc blende), symmetry also forces the two lattices to
displace with respect to each other like the macroscopic
strain

1'

rki esyrkj+rki ~

tial of a zinc-blende-type material is equivalent to that
of a germanium type plus a small antisymmetric
perturbation.

For a stress along L111$, an additional internal
coordinate is necessary even for germanium lattices. '4

X-ray measurements" on germanium have shown that
the separation along L111jbetween the two sublattices
remains practically unchanged under

I 111$stress: The
covalent bond is very incompressible. We shall perform
our calculation under these assumptions. We have also
performed calculations under the opposite assumption:
a sublattice shift given by the macroscopic strain
LEq. (24)j. In this case, the agreement of the calculated
contributions to the deformation potentials with the
experimental results is poor. This fact may be inter-
preted as further evidence for the incompressibility of
the covalent bond. The results obtained for the ionic
contribution to the energy shift Ace of the singlet are
shown in Table I. e is the pure shear strain along the
stress axis and a is the lattice constant. With a typical
value of ro=go/8 (go is the lattice constant) (i.e. , the
value obtained for GaAs from Ref. 23), we obtain for
the ionic contribution to the deformation potentials

Dd= —I.4q eV,

Db= —0.47' eV.
(25)

There is some uncertainty as to what values to use
for the ionic charge q of these compounds. For the sake
of comparison, we use the values of q obtained from the
infrared reststrahlen spectra. "Typically, q=+0.5 for
the III-U compounds and q=+0.8 for the II-VI com-
pounds. With these values of q, Eq. (25) yields:

for III-V compounds,

hb= —0.23 eV, Ad'= —0.69 eV,

for II-VI compounds,
(26)

Db= —0.38 eV, Dd= —I.11 eV.

'4 l. GoroG and L. Kleinman, Phys. Rev. 132, 1080 (1963).
2~ A. Segmuller, Phys. Letters 4, 227 (1963).
2'S. S. Mitra, in OPtical ProPerties of Solids, edited by S.

Nudelman and S. S. Mitra (Plenum Press, inc. , New York,
1969), pp. 414-417.

We have also made a rough calculation of the contribu-
tion of the third nearest neighbors to b and d and shown
that it should be negligible within the uncertainty of
the model.

Finally, we should point out that the results in Table I
can also be used to estimate the deformation potentials
of the covalent materials. If we use a charge q=+4 for
both first and second neighbors (we must reverse the
sign of AE for the second neighbors), we obtain (for
ro= ao/8), b= —3.1 eV and d= —3.3 eV, which are not
too far from the experimental values for germanium
(b= —2.6 and d= —4.7)."
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B. Electronic Equipment

The experimental setup was similar to that used for
electroreflectance measurements. ' The photomultiplier
signal contains a component proportional to the reflec-
tance of the sample R and an ac component proportional
to the modulated change in the reflectance AR produced
by the periodic strain in the sample. The ac signal was
detected with a Princeton Applied Research HR8 lock-
in amplifier, the output of which was plotted as a func-
tion of wavelength with a strip-chart recorder. The
output was kept constant at 200 mV' by varying the
high voltage applied to the photomultiplier with a servo.
The signal so obtained is, therefore, proportional to
DR/R. For the measurements in the infrared with a
PbS photoconductive cell as detector, the scheme given
above cannot be used. In this case, a portion of the
incident light is mechanically chopped at 80 Hz. The
signal at 80 Hz, proportional to R, and the signal at the
modulation frequency, proportional to DR, are sepa-
rately detected with two lock-in amplifiers. Both out-
puts are fed to an electronic ratiometer, and the ratio
is plotted with a recorder as a function of wavelength.

TABLE II. List of samples and surface preparations
used for the piezoreAectance measurements.

Sample

Carrier
concen-
tration
(cm ') Type Surface preparation

Ge
Gahs
GaSb
Inp
ZnS

CdTe
CdS

1014
10"
1016
10"

unknown

1015
unknown

CdSe unknown n

ZnO unknown n

etched HNO3'. HF: CH3COOH
etched Brg. CH30H
etched Br2.' CH30H
etched Sr2.CH30H
etched H2SO4. KMn04
cleaved
etched HgO: HN03. KgCrg07
surface of growth from vapor
etched H2SO4. KMn04
cleaved
etched H2SO4'. KMn04
cleaved
etched H3P04

25:15:15
1:100
1:500
1:100

50'1

10:10:4

50:1

50:1

III. EXPERIMENT

A. Optical Equipment

Light from either a high-pressure 500-W xenon arc
(uv) or a 650-W quartz-iodine tungsten filament lamp
(visible and infrared) was focused on the entrance slit
of a 580-mm Model-14 Perkin-Elmer monochromator.
The monochroinatic light was linearly polarized by
means of suitable polarizers, focused on the sample, re-
flected at near-normal incidence, and refocused on either
an EMI 6255S or a Dumont 6911 photomultiplier for
the ultraviolet visible and near infrared, respectively.
A PbS Kodak Ektron cell was used for wavelengths
longer than 1p. Slit widths corresponding to spectral
resolutions ranging from 1 A in the ultraviolet to 20 k
in the infrared were used.

L I QUID
N I TROGE N

II

vacuuM
GREASE I

/'

(zx lsx O. l mm )

j----

Fio. i. Details of the transducer modulator
used for piezoreQectance measurements.

The transducer, a PZT bar of approximate dimensions
30)&10&(5 mm, is driven typically at 200 Hz with
voltages ranging from 500 to 1400 V obtained by suit-
able power amplification of the output of the reference
channel of the lock-in amplifier.

C. Sample Preparation and Mounting

The samples were oriented by x-ray diffraction to
within 1'. In order to have the largest possible stress
and a uniform distribution of it in the sample, the
thickness of the sample was kept below 150',, the
length and width were typically of the order of 15 and
1 mm, respectively. The back surface of the sample was
kept rough from the lapping process to minimize
spurious signals due to back reflections. The reflecting
front surface was cleaved whenever possible. For
materials which do not cleave easily, or for faces other
than that of cleavage, the reflecting surface was
mechanically polished with 0.3-p alumina powder and
chemically etched. All the relevant information about
the samples and the methods of preparation is given
in Table II.

The samples were Tnounted on the transducer as
shown in Fig. 1. %e used a small amount of silicone
vacuum grease at the ends of the sample to bond it to
the transducer. The use of grease has the advantage
over other methods of supporting the samples that when
the sample is cooled most of the strain produced by the
differential compression between itself and the trans-
ducer is released by the grease.

For the particular shape of the samples used, with the
mounting procedure just described, the stress is ex-
pected to be uniform and along the length of the sample,
at least in its central part where the probing light is
focused. The transducer was mounted in a brass frame
and supported with small nylon screws; the modulating
power was applied to the transducer by means of copper
leads attached to the transducer electrodes with silver
paint. The frame was mounted inside a quartz Dewar
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FIG. 6. PiezoreGectance spectra of ZnS for stress applied
along the $1001 and [ 111jdirections at 77'K.

sphalerite. '7 Similar results were obtained with syn-
thetic nearly cubic ZnS for I 100) stress (no measure-
ments were performed with synthetic ZnS for $111)
stress).

The piezoreflectance spectra of CdTe are shown in
Fig. 7. In this material, a sign reversal of the signal. with
polarization is observed for both t 100) and L112) stress
directions.

B. Wurtzite Materials

Figure 8 shows the piezoreflectance results for CdSe
for the stress applied along the L0001) and the $1120)
directions with light polarized parallel and perpendicular
to the direction of the c axis ($0001) direction). For all
data in Fig. 8, the direction of propagation of the light
(K) was perpendicular to the c axis. The peaks at 1.840
and 1.815 eV correspond to the A and 8 excitons, and
the energy difference between them agrees well with
previous results. '7 The peak corresponding to the A
exciton has opposite sign for L0001) and for L1120)
stress. The sign of the energy shift with stress derived
from these results agrees well with that obtained from
reflectivity measurement under large static stress. "

Figure 9 shows similar spectra for CdS, also with the
stress applied along the L0001) and the L1120) direc-
tions and with K perpendicular to c. The three excitons
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FIG. 8. Piezore6ectance spectra of CdSe for stress applied
along the L0001$ and [1120$directions at 77'K.
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A, 3, and C can be seen in the piezoreflectance spectrum
at 2.544, 2.558, and 2.615 eV, respectively. The split-
tings of the excitons A-3 and A-C, 14 and 71 meV,
respectively, agree well with previous results. " The
piezoreflectance signal due to both A and 8 excitons
has for L0001) stress a sign opposite to that for $1120)
stress. This result seems to disagree with the stress
dependence of peak positions derived from previous
reflectance measurements under high static stress";
according to these measurements, the signal from the
exciton 8 should not change sign. One should point out,
however, that static stress measurements do not yield
the slope of peak energies at zero stress as accurately
as modulated stress measurements. The data for L1120)
stress in Fig. 9 show that, if the incidence is not very
clos|: to normal, the A exciton is not strictly forbidden
for light polarized with R parallel to c (dashed line).

Figures 10(a) and 10(b) show piezoreflectance spectra
of CdSe and CdS, respectively, for the stress applied
along the L1120) and the c axis parallel to the direction
of propagation of the light. This figure shows a clear
polarization dependence of the peak-to-peak intensity
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s~ Juan Montal, Villafranca del Panades, Spain (private
communication).

FIQ. 9. Piezore6ectance spectra of CdS for stress applied
along the L0001$ and [1120)directions at 77'K.

s' J. J. Hop6eld and D. G. Thomas, Phys. Rev. 122, 35 (1961).
LII J. E. Rowe, M. Cardona, and F. H. Pollak, in Proceedings of

the International Conference on II VI Semicondnctors ComPonnds, -
ProuiderIce, 1967, edited by D. G. Thomas (W'. A. Benjamin, Inc. ,
New York, 1967),p. 112.
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CdSe
X I I [1120]

ccIs
x I I II I ZO]

TABLE III. Values of the parameters used in the calculation of the
shear deformation potentials of the zinc-blende materials.

K
a
oo

r~
I X

Ql

EI C 1'X
I ————E j."C";

I
I"x"

KII C"

J aCa J II Xa

——E J nC"; II "X"

K II'C'
r

II
n 4

CI

0
O

—2

Ge'
GaAs'
GaSb'
InP"
ZnS'
CdTef

0.98
1.16
1.58
1.74
1.97
4.27

—0.27—0,37—0.50—0.61—0.76—1.73

1.49
1.67
2.31
2.24
2.36
5

13b
11
14b
8.5b

5 7e

11.4'

cm cm crn' BEg(eV
10"sl 1 10"s]2 10"s44 —— 10'—I—

dyn dyn dyn BI' (bar

I

1.80
I

1.82

(a}

I

1.84
ENERGY (eVl

1
—.s4

2.55

(b)
-6

I —8
2.60

Fzc. 10. Piezoreflectance spectra at 77'K for stress applied along
the [1120]direction and K11c. (a) CdSe; (b) CdS.

of the signal, stronger for CdS than for CdSe. This
eRect could have been predicted from measurements of
the exchange splitting of the excitons under high static
stress by Koda et al. ' 2'

Figure 11 shows the piezoreQectance spectra of Zno
for the three stress and polarization configurations
discussed above. Figure 11(a) corresponds to a $0001)
stress and KJ c, Fig. 11(b) to L1120) stress and K

~I c,
and Fig. 11(c) to L1120) stress and KJ c. The three
peaks at 3.367, 3.380, and 3.422 eV correspond to the
A, 8, and C excitons, respectively. The positions of
these three peaks agree very well with previous measure-
ments using diff erential techniques. ' The energy
separation of the A and 8 excitons agrees well with that
found from differential measurements, ' but it is twice
as large as the one obtained from static reRectivity
measurements. 30 31 This apparent discrepancy can be
attributed to the fact that the A-8 splitting is about
the same as the width of the peaks, while the width of
peak A is much smaller than that of peak B. In the
diRerential spectra, the peaks correspond to the points

a H. B. Huntington, in Solid State Physics, edited by F. Seitz and D
Turnbull (Academic Press Inc. , New York, 1958), Vol. 5.

b R. Zallen and W. Paul, Phys. Rev. 155, 703 (1967).' J. R. Drabble, in Semiconductors and Semimetals, edited by R. K.
Willardsom and A. C. Beer (Academic Press Inc. , New York, 1966),Vol. 2.

d The elastic constants of InP have been interpolated from the known
values for other III-V compounds as a function of the lattice constant.' A. L. Edwards, J. E. Slykhouse, and H. G. Drickamer, J. Phys. Chem.
Solids 11, 140 (1959).

& D. G. Thomas, J. Appl. Phys. 32S, 2298 (1961).

of maximum slope in the reQectivity and not to the
static-reAectivity maxima. Under the conditions de-
scribed above, large differences between the splitting as
measured at the points of the maximum slope or at the
peaks of the reflection spectrum should occur. For Zno,
the reQectivity maxima correspond rather closely to the
maxima in e; and, thus, to the exciton energies. " It
should also be noticed that in spectrographic measure-
ments of the reflection spectrum, where the positions of
the peaks were defined as the minimum of the reQec-

tivity, " a large A-8 splitting was found, as expected
from the argument above. For the stress along $1120)
and K

~j
c there is a very strong polarization dependence

of the signal, much stronger than for either CdSe or
CdS. This polarization dependence parallels the split-
ting of the A and 8 peaks found from the reAection
spectrum under static stress. '7

V. DISCUSSION

A. Zinc-Blende Materials
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Using Eq. (10) and the known values of the hydro-
static deformation potentials and elastic constants of
these materials (see Table III), we obtained the values
of the shear deformation potentials b and d. These
results, together with values obtained previously with
static stress techniques, have been listed in Table IV.
We can see that for Ge, GaAs, and CdTe, materials for
which there are independent values of b and d obtained

TABLE IV. Deformation potentials b and d obtained from the piezo-
reflectance measurements and the parameters of Table III.
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Fzo. 11. Piezoreflectance spectra of ZnO at 77'K. (a) stress
applied along the [0001j direction; (b) stress along [1120),K 11 c;
(c) stress along [1120),KJ c.

S (eV)

d' (eV)

—2.8—2.6b
—1.75—2.0b

—3.3 —1.55 —0.53 —1.1—1 18'
—4.95

4 7b

—5.55—6.0b
—8.35 —4.4 —3.7 —5.45

4 840

Ge GaAs GaSb InP ZnS CdTe

' D. G. Thomas, J. Phys. Chem. Solids 15, 86 (1960).
' Y. Park, C. Litton, T. Collins, and D. C. Reynolds, Phys.

Rev. 143, 512 (1966).

a The values b and d have an uncertainty of &20% which includes a
10 j& uncertainty in the values of a.

b See Ref. 20.
0 D. G. Thomas, J. Appl. Phys. 32S, 2298 (1961).
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from static stress measurements, good agreement is
found; these values differ from ours by less than 10%.
There are no independent values of b and d for ZnS,
GaSb, and InP to compare with ours. In Table V, we
have listed the known -values of rt=d/v3b, that is, the
ratio of the splitting for a uniaxial strain along L111jto
the splitting for a uniaxial strain of the same magnitude
along $1001 for all measured zinc-blende materials.
This Table V shows that there is a monotonic increase in
this ratio from Ge and Si (covalent materials, rt=1.06
and 1.32, respectively) to the III-V compounds (it = 1.42
for InSb; is=1.82 for GaAs) to the more ionic II-VI
compounds CdTe (s)=2.8) and ZnS (st=4.4).

This behavior can be qualitatively explained with the
results obtained from Eq. (26) and Table II. If we take
the b and d values of silicon as representative for the
covalent (group IV) materials, we find rt ratios of 1.63
and T.86 for the III-V and II-VI compounds, respec-
tively. If we use the b and d values of germanium, we
find T.20 and T.34 for the III-V and II-VI compounds,
respectively. These values represent well the experi-
mental trend of g presented in Table V. If we try to
extrapolate this procedure to the I-VII compounds with
zinc-blende structure, we should obtain even larger
values of g. No experimental values of b and d' are
available for these materials (CuCl, CuBr, CuI, AgI).
The alkali halides, also I-VII compounds, crystallize in
either the NaCl or the CsC1 structure. Calculations
similar to those described above predict different sign
for the ionic contribution to b and d in these materials.
This sign reversal has been observed experimentally. "

bto, CsSss+2C4Sis
U. =

6(ots. CtSss+2CsSts

1 —pc
)

T —a+pc

B. Wmtzite Materials

For these materials, we can get, using Eqs. (15) and
(16)," the ratio of the shear deformation potentials Cs
and C4 to the hydrostatic deformation potentials
C1 and Cg.

TABLE V. Survey of known values of the deformation potentials
b and d of materials with zinc-blende and diamond structure. Also,
ratio g of valence-bands splitting for the same strain along [111]
and $100j.

Si'
Ge
GaAs
GaSb
GaPb
nSbe

InP
AlSbd
ZnS
CdTe

b (eV)

--1.36—28—1,75—3.3—1.4—2.0—1.55—1.34—0.53—1.1

d (eV)

—3.10—4.~)5
—5.55—8.35—4.0—4.9

—4.2—3.7—5.45

s=d/ v3b

1.32
1.06
1.82
1.48
1.66
1.42
1.64
1.80
4.10
2.8

ss J. Hensel and G. Feher, Phys. Rev. 129, 1041 (1963).
b I. Balslev, Proc. Phys. Soc. Japan Suppl. 21, 101 (1966).' F. H. Pollak and J. Halpern, Bull, Am. Phys. Soc. 14, 433 (&968}.
d M. Cardona, L. D. Laude, and F. H. Pollak, Bull. Am. Phys. Soc. 14,

428 (1968).

at each peak for the light polarized parallel and perpen-
dicular to the direction of the stress, the effect of ex-

change cancels out, as shown by Eq. (19), and Eq. (16)
remains valid for these averages. Table VI lists the
values obtained for U, and U, together with the values

of n+ used for their evaluation from our experimental

data. We have also listed in this Table the values of U,
and U obtained from measurements under static
stress. ""'4 For CdSe, there is good agreement between

our values of U, and U and the static stress values.

For CdS, we find good agreement for U, but not for U .
This corresponds to the already mentioned fact that
the B exciton moves to lower energies with small com-

pressions, in contrast to the results found with large
static stress. "

For ZnO, Eqs. (15) and (16) do not yield any informa-

tion since o,+~T; the A and B excitons move very much

in the same way with the stress. It is possible, however,

to get information about U, by comparing the inten-

sities of the B and C excitons. Table VI shows good
agreement between our results and those obtained from

previous measurements under large static stress. "Be-
cause of the strong exchange interaction in ZnO, the
procedure used to obtain U„ i.e., to average the strength

3~a CsSts+C4(Stt+Srs)

CtSts+Cs(Sit+Sir)

T p

1 Q+pg

TABLE VI. Values of U and U, obtained from piezoreflectaIIce
measureInents for CdS, CdSe, and ZnO.

The expression for U has been obtained from
Eq. (16). As shown earlier, this equation must be
modified so as to include exchange interaction. Never-
theless, if we consider the experimental configuration in
which the stress is applied along the L1120j direction
and K is parallel to c and take the average of the signals

"The values of E', i.e., the strength of the wavelength deriva-
tive reQection spectra of the A, B, and C excitons, was obtained
with the system described by M. Cardona, in Proceedings of the
Ninth International Conference of the Physics of Semiconductors,
edited by S. M. Ryvkin (Nauka Publishing House, Leningrad,
1968), p. 365. The values of 6R/R, i.e., the strength of the piezo-
reAectance spectra of the A, B, and C excitons, was obtained from
Figs. 9—11 as the average peak-to-peak value.

CdSe

—3.3 (a0.3}—3.2a
—1.2 (a0.2)

1 4a
0.38d

Cds

—4.4 (~0.4)—4.5b

(a0.3)—1.1b
0.54d

ZnO

1.4 (~0.1)
1.26c

0 730
1e

a See Ref. 34.
b See Ref. 29.
e See Ref. 33.
d Our measurements.' See Ref. 31.

3' J. E. Rowe, M. Cardona, and F. H. Pollak, Solid State
Commun. 6, 239 (1969). There is a computational error in this
paper. The correct values of the deformation potentials are those
in Table VII.

'4 I. E. Rowe (private communication).
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TABLE VII. Values for the exchange splittings 5z and the
exchange integral J obtained from piezoreflectance measurements
for CdS, CdSe, and ZnO, together with parameters used in their
calculation.

Exciton
sg (meV)

J (ev)
C& (eV)
C2 (eV)
C3 (eV)
C4 (eV)
Cr (eV)
a„(A.)

CdSe

A B
2.1 1.9
—0.16'

2.6 2.4
ib

—4.1b

4 2b

—1.9b

1.2b

36

Cds

A B
7.6 7.2

2.2~

3.3 3.1
—1 7'

3 7c

7c

1 5c

0 58'
24

ZnO

A
1.6

B
3.2

6.6~

0.28 0.56
—3.9
—4.0d

—1.2"
0.94~

0.62~

14

1012+11

cm')
10"Si~

aynj

cm'-)
to»S»

dynj

cm')
$0»g»

dynj

2.34e

—1.12'

0 57e

1 73'

2.07'

0 99e

—0.58'

1.69e

0.79'

—0.34'

—0.22'

0.69'

'See Ref. 22.
b See Ref 34
e See Ref. 29.
d See Ref. 33.
e T. B. Bate1nan, J. Appl. Phys. 33, 3309 (1962).
& D. Berlincourt, H. Jaffe, and L. R. Shiozawa, Phys. Rev. 129, 1009

(1963).

'5 Y. Onodera and T. Toyozawa, J. Phys. Soc. Japan 22, 833
(1967).

of the signals for light polarized parallel and perpen-
dicular to the direction of the stress, is no longer good;
the small average value is of the order of the error.
Hence, we will not attempt to obtain U for this
material.

From our measurements it is also possible to obtain
information about the exchange interaction. Using
Eq. (21) and the results of Figs. 10(a), 10(b), and 11(b),
we can Qnd values for bg and J; these values are listed
in Table VII. In order to obtain these values, it is
necessary to use results from other independent meas-
urements; the deformation potentials C1, C2, C3, C4,
and C5 were taken from Refs. 29, 33, and 34. The exciton
radii were calculated using average values of the di-
electric constant and the conduction-band mass (see
Table VII). The values of BJ. for these materials ob-
tained from static stress measurements are also listed
in Table VII. The values of J reported for the alkali
halides" between 1 and 5 eV are in reasonable accord
with the results of Table VII.

VI. CONCLUSIONS

The piezoreAectance technique has been used to
obtain values of the shear deformation potentials b and
d of the top of the valence band of germanium and a
number of materials with zinc-blende structure. When-
ever static high-stress data are available, they agree
with the small-stress modulation results within the
experimental accuracy ( 20'%%). This rules out any
signi6cant differences between the small-stress splittings
of the exciton and the corresponding band edge.

The ratio of deformation potentials g=d/v3b, which
corresponds to the ratio of valence-band splittings for a
given strain along L100j and I 111j,shows a systematic
increase when going from germanium to the III-V and
II-VI compounds. This increase must obviously be
related to the increasing ionicity of the materials. We
have interpreted this increase in g with ionicity as due
to the effect of the ionic Coulomb potential on the
anisotropic p-like wave functions of the valence band
at k=0. A simple displaced-point-ion model was used
to calculate the contribution of this Coulomb potential
to b and d; the observed increase in p with ionicity was
accounted for on the basis of this model.

PiezoreQectance measurements of the A-8-C exciton
spectrum of hexagonal CdS, CdSe, and ZnO yield the
ratio of certain combinations of shear (CB,C4) to hydro-
static (C~,C2) deformation potentials. For CdSe and
ZnO, this ratio agrees with that obtained from measure-
ments under large static stress. For CdS, the differential
stress measurements indicate that the 8 exeiton moves
toward lower energies under a small L11207 compression
while the large static stress measurements indicate the
opposite. PiezoreQectance measurements for modulated
stress parallel to (1120j and a reflecting surface perpen-
dicular to the c axis (K~~ c) yield the stress-exchange
splitting of the exciton and the exchange integral J.
The values of J obtained for CdS, CdSe, and ZnO are
close to those obtained by Onodera and Toyozawa for
the alkali halides.
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