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We propose a radio-frequency nano-oscillator based on feedback of spin current into a magnetic tunnel
junction (MTJ) with an in-plane magnetized pinned layer and an out-of-plane magnetized free layer. The
MTJ is connected to a “feedback” strip of a material like tungsten with a giant spin Hall effect. On passing a
dc current through the MTJ, the thermal fluctuations of its free layer produce an oscillatory voltage across
itself owing to the magnetoresistance effect. This oscillatory voltage drives an oscillatory current into the
tungsten strip which converts this charge current into spin current via the spin Hall effect and feeds it back
to the MTJ. We show that this feedback can amplify the fluctuations further and drive the free layer into
periodic precessional states. We also propose a way of implementing spin-current feedback by using a
nanomagnet coupled to the free layer of the MTJ by dipolar magnetic field.
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I. INTRODUCTION

Amagnetic-tunnel-junction (MTJ) device consists of two
ferromagnetic layers—a pinned layer and a free layer—
separated by a tunnel barrier. A dc current passing through
the pinned layer gets spin polarized and exerts a torque on the
free layer. This phenomenon of spin-transfer torque (STT)
can be used to switch themagnetization of the free layer or to
drive the magnetization into continuous oscillations [1–8].
Much research is under way in the area of spin-transfer nano-
oscillators (STNOs), especially to reduce the dc current bias
and improve the output power and quality factor of oscil-
lations [9–14]. A radio-frequency (rf) oscillator with mag-
netic field feedback was recently proposed by Dixit et al.
[15]. It was demonstrated experimentally that the oscillator
possesses a quality factor ofmore than 10 000 [16]. This type
of oscillator is most effective in a configuration where both
the pinned and the free-layermagnetizations are in plane. For
in-plane free-layer and out-of-plane free-layer geometries,
the critical currents with just a STT effect are larger [17,18].
We show here that a spin-current-feedback scheme proves
to be most efficient for such geometries. The importance of
delayed feedback on auto-oscillators and their synchroniza-
tion properties was emphasized by Tiberkevich et al. [19].
A delayed spin-current feedback has been studied by
Khalsa et al. [20] theoretically and shown to reduce the
critical current for oscillation and improve the quality factor.
Recently, it was demonstrated experimentally by Tsunegi
et al. [21].All these studieswere carried out for avortexMTJ.
Here,we consider aMTJwith uniformlymagnetized free and
fixed layers and show that the feedback itself can be used for
driving free-layer magnetization into auto-oscillations. We

also show how spin current can be fed back into the free layer
by using the spin Hall effect and a nanomagnet coupled to
the free layer of the MTJ by dipolar magnetic field.
In the feedback schemez proposed herein, we make use

of two well-known effects: tunneling magnetoresistance
(TMR) and the spin Hall effect. The spin Hall effect refers
to the generation of transverse spin current from charge
current because of the spin-orbit coupling. It is charac-
terized by a parameter called the spin Hall angle, which is
defined as the ratio of transverse spin-current density to the
charge-current density [22,23]. This spin Hall effect is seen
as an efficient source of spin current, and active research is
being conducted to search for new materials with larger
spin Hall angles [24–33]. Some transition metals like
platinum, tantalum, and tungsten show to be very prom-
ising in this direction because of their large spin-orbit
coupling [28–33]. We choose tungsten for this work, as it is
a metal with one of the largest spin Hall angles reported
[30,31]. If dc current passes through the MTJ, the oscil-
lations of the free-layer magnetization convert into an
oscillating current (or voltage) signal due to the TMR
effect. The oscillating charge current, after a certain delay,
passes through a W strip to generate oscillating spin current
via the spin Hall effect. The oscillating spin current is then
fed back to the free layer. The delay is chosen such that the
feedback amplifies the free-layer oscillations. If the dc
current is greater than a certain threshold value called the
critical current, any small fluctuation of the free-layer
magnetization can be amplified and periodic precessional
states can be obtained.

II. PROPOSED DESIGN AND
ANALYTICAL TREATMENT

The proposed oscillator is shown schematically in Fig. 1.
The pinned-layer (FM2) magnetization of the MTJ is in
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plane (taken along the y axis), and the free layer (FM1)
magnetization in equilibrium is out of plane (the easy axis
is along the z axis, and the in-plane hard axis is along the
y axis). The MTJ rests on top of a W wire as shown in
Fig. 1. We denote by Lx, Ly, t, and tW the length, width, and
thickness of the free layer and the thickness of the tungsten
strip, respectively. Thewidth of the tungsten strip is same as
that of the MTJ, i.e., Ly.
The dynamics of the magnetization including the effect

of the spin current is given by the Landau-Lifshitz-Gilbert-
Slonczeski (LLGS) equation as

dm̂
dt

¼ −γ0 m̂ × ð ~Heff þ ~hrÞ þ α

�
m̂ ×

dm̂
dt

�

þ m̂ ×
~Is
qNs

× m̂; ð1Þ

where γ0 is the gyromagnetic ratio, ~Heff is the effective
magnetic field comprising the external field and the

anisotropy field, ~hr is the random magnetic field arising
because of the thermal fluctuations, α is the Gilbert
damping constant, Is is the spin current in units of charge
current, q is the electronic charge, and Ns is the total
number of spins given by Ns ¼ MsV=μB where Ms and V
are the saturation magnetization and the volume of the free
layer, respectively, and μB is the Bohr magneton. m̂ denotes
the unit vector along the magnetization direction. The first
term in the above equation represents precession, the
second term damping, and the third term is the STT term,
which presents the action of the spin current. Assuming an
external magnetic field along the z axis and the anisotropies
in the y and z directions to beH== andH⊥, respectively, the
effective magnetic field ~Heff is given as ~Heff ¼ −H==myŷþ
ðHext þH⊥mzÞẑ. We assume both H⊥ and H== to be
positive, which makes the z axis the easy axis and the

y axis the hard axis. The random magnetic field ~hr satisfies
the properties

hhr;iðtÞi ¼ 0; hhr;iðtÞhr;jðsÞi ¼ 2Dδijδðt − sÞ

and D ¼ αkBT
γ0μ0MsV

; ð2Þ

where kB is the Boltzmann constant and T is the
temperature.
The spin current in the last term in Eq. (1) has

contributions from the spin current generated by the fixed
layer due to the flow of dc bias current and spin current fed
back into the free layer. The first contribution gives rise to a
slight tilting of the free-layer magnetization and is, there-
fore, neglected in the following treatment. We show below
that the second contribution gives rise to oscillations of the
free-layer magnetization. Further, the oersted magnetic
field produced by the current flow in the W strip (feedback
magnetic field) can be shown to be much smaller than
the spin-current-feedback effect (see the Supplemental
Material [34]) and is neglected.
Now we calculate how much spin current is fed back

into the free layer. The magnetization direction of the free
layer determines the resistance of the MTJ as R ¼ RP þ
ðΔR=2Þð1 −myÞ where RP is the resistance in the parallel
state, and ΔR is the difference between the resistances in
the antiparallel and parallel states. The oscillations of the
free-layer magnetization can be converted into a voltage
signal (Vac) by passing a dc current (Idc) through the MTJ
given by Vac ¼ −ðΔR=2ÞmyIdc. Let us denote by RW the
resistance of the W wire and denote by R0 the average
resistance of the MTJ, i.e., R0 ¼ ðRP þ RAPÞ=2, where RAP
is the resistance of the MTJ in the antiparallel state.
The oscillating voltage Vac drives an ac charge current
through the W strip given by Iac ¼ Vac=ðR0 þ RWÞ.
The ac charge current converted into an ac spin current
via the spin Hall effect is given by ~Is ¼ f Idcmyŷ, where
f ¼ θsHΔRLx=½2tWðR0 þ RWÞ�, and θsH is the spin Hall
angle of the of the W wire. This spin current has spins
polarized along the y direction and is absorbed by the free
layer as it flows along the z direction.
If the delay element introduces a delay of Δt, then the

spin current at time t is given by ~IsðtÞ ¼ f Idcmyðt − ΔtÞ ŷ.
We put this expression into Eq. (1) and assume a small
deviation of the magnetization from equilibrium state, i.e.,
mz ≅ 1 and mx, my ≪ 1. Linearizing Eq. (1), we get the
following two equations:

_mx ¼ −γmy ðH⊥ þHext þH==Þ − αγ ðH⊥ þHextÞmx;

ð3aÞ
_my ¼ γmx ðH⊥ þHextÞ − αγmyðH⊥ þHext þH==Þ

þ fIdcmyðt − ΔtÞ
qNs

: ð3bÞ

The mx and my in the above equations now represent
average values. We assume solutions of the form

FIG. 1. Schematic diagram of the proposed spintronic oscil-
lator. The top layer (FM2) is pinned along the y axis, and the
bottom layer (FM1) is the free layer with an out-of-plane easy
axis. The free layer is just above the W strip. Any fluctuation of
the free-layer magnetization drives a fluctuating current through
the W strip. The W strip converts this fluctuating charge current
into spin current and feeds it back to the free layer. The delay
element can be used to adjust the phase of feedback so as to
amplify the oscillations of the free layer.
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mx ¼ A expð−iωtÞ, my ¼ B expð−iωtÞ and put them into
the above equations. Note that ω is a complex quantity with
a real part ωR denoting the precessional angular frequency
and the imaginary part ωI denoting the damping. The
approximate solutions for ωR and ωI are given below:

ωR ≈ ω0 þ 0.5f
Idc
qNs

sinðω0ΔtÞ; ð4aÞ

ωI ≈ − 0.5

�
αγ ð2H⊥ þ 2Hext þH==Þ þ f

Idc
qNs

cosðω0ΔtÞ
�
;

ð4bÞ

whereω0 is given byω0≈γ
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiðH==þHextþH⊥ÞðH⊥þHextÞ

p
.

We see from Eqs. (3a) and (3b) that both the precession
frequency and the damping can be changed by Idc and Δt.
If we choose Δt such that ω0Δt ¼ ð2nþ 1Þ π=2 where
n ¼ 0 or a positive integer, the dominant change is in the
precessional frequency, but if we choose Δt such that
ω0Δt ¼ nπ, the dominant change is in damping. For a
positive value of the dc current (and assuming a positive
value of θsH), an even value of n increases the damping, and
an odd value of n decreases the damping. The opposite
scenario holds for the negative dc current. Thevalue of the dc
current for which the damping becomes zero gives us the
critical current, which can be obtained from Eq. (4b). If we
choose a value of Δt, such that ω0Δt ¼ 2nπ [i.e.,
cosðω0ΔtÞ ¼ 1), the critical current is negative and is given
by (for H== ¼ 0)

Idccritical ¼ −2αω0

tW
Lx

2ðR0 þ RWÞ
ΔR

qNs

θsH
: ð5Þ

If the dc current exceeds the critical current (assuming
Hext to be positive), it can be shown by a similar analysis
that even the state mz ¼ −1 is unstable. Our numerical
analysis of Eq. (1) shows that the free-layer magnetization
is driven into precessional states (see Fig. 2). The analytical
solution under certain assumptions also shows that preces-
sional states are obtained if the dc current exceeds the
critical current (see the Supplemental Material [34]).

III. SIMULATION RESULTS AND DISCUSSION

For a typical MgO-based MTJ, the perpendicular
magnetic anisotropy of the free layer can be obtained with
Co40Fe40B20 with a thickness of 1 nm [31]. We assume a
MTJ with 0.9-nm MgO thickness, with TMR ¼ 100%, and
RA product ¼ 2 Ω ðμmÞ2. Assuming Lx ¼ Ly ¼ 100 nm
gives RP ¼ 200 Ω and RAP ¼ 400 Ω. We also use follow-
ing typical parameters: Ms ¼ 1000 emu=cm3, α ¼ 0.01,
γ ¼ 2.21 × 105 m=ðAsÞ, H⊥¼ 1000Oe, H∥ ¼ 0, ρW ¼
21 × 10−7 Ωm, tW ¼ 9 nm, θsH ¼ 0.35, and Δt ¼ 0.
Using these parameters, the critical current comes out to
be 60 μA. The LLG equation (1) is integrated numerically

including the random magnetic field ~hr. Stratonovich
calculus and the Heun scheme are used for the numerical
solution [35]. The power spectral density (PSD) of my for
different values of the dc bias current obtained at 300 K is
shown in Fig. 2. The simulations are carried out for 50 μs.
As can be seen from Fig. 2, the spectral density is

enhanced for the negative current and reduced for the
positive current. This feature is similar to what is observed
in the case of spin-transfer-torque-based oscillators driven
by current less than the critical current. As the negative
current reduces the effective damping, it implies that
the effective temperature of the free-layer magnetization
increases. This reduction in the damping results in an
enhanced PSD for the negative dc current. Similarly, as the
effective temperature decreases for the positive current,
PSD decreases. A very large spectral density is seen for the
−90-μA current, which is greater than the critical current
(a delay of 325 ps is used for this calculation).
We also carry out detailed simulations to study the

effect of the dc current and delay time on the output power
and linewidth of oscillations shown as 2D plots in Figs. 3(a)
and 3(b). The power is calculated using the expression
P ¼ ½RL=ðRL þ RMTJÞ2�ð0.5ΔRIdcÞ2varðmyÞ, where RL is
the load resistance taken as 50 Ω, RMTJ is the average
resistance of the MTJ, and var denotes variance [16]. The
linewidths are extracted by fitting the spectral densities to
the Lorentzian function [36]. The linewidth data are then
smoothened to obtain the 2D plot.
The output power and linewidth both depend on the

current and the delay values. To clarify the 2D plots, we
also show some particular cuts in Figs. 3(c) and 3(d).

FIG. 2. The PSD of my for different dc current values obtained
at 300 K. The cyan, blue, and red curves show the PSD for the
20-, 0-, and −20-μA currents, respectively. The damping is
enhanced for positive current and reduced for negative current
values. The black curve (which is divided by 100 for the sake of
clarity) shows the PSD corresponding to the −90-μA current,
which is larger than the critical current.
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Figure 3(c) shows the output power and linewidth as a
function of current for a delay of 325 ps. It can be seen that
the power increases steeply with the current when it
exceeds the critical current. This steep increase is similar
to what has been observed in spin-torque oscillators
[36,37]. We also calculate the power as a function of the
current using a simplified model for the oscillator presented
in the Supplemental Material [34]. A similar steep increase
in power can be seen in Fig. S1 of the Supplemental
Material [34]. The linewidth decreases with the current for
small current values. Around the critical current (−60 μA),
the linewidth increases and again starts decreasing as the
current increases further. This anomalous behavior is a
consequence of frequency nonlinearity (dependence of the
oscillation amplitude on frequency), something which has
been observed experimentally and studied theoretically as
well [36–38]. Figure 3(d) shows the output power and
linewidth as a function of the delay for the dc current of
−120 μA. As explained in the analytical treatment, large
magnetization oscillations are possible for phase values of 0
or 2π, and, hence, the output power is maximum when the
delay is 0 ps (phase ¼ 0) or 325 ps (phase ¼ 2π) and
minimum for intermediate values (phase ¼ π). Similarly,
the linewidth is expected to be less at phase ¼ 0 or 2π and
larger at intermediate values (π). The linewidth plot in
Fig. 3(d) follows this same trend.
The spin current produced due to the dc bias current

passing through the pinned layer is neglected in the

above simulations. This spin current given by ~Is ¼
pIdc m̂pin=½1þ p2ðm̂ · m̂pinÞ�; where p is the polarization
of the free layer and m̂pin denotes the direction of the pinned
layer [1], exerts a spin-transfer torque on the free-layer
magnetization. Though this STT does not help in starting
the oscillations, once the free layer is set into (large)
oscillations by the feedback effect, STT can affect the
oscillations. If we include this spin current, we find from
the simulations that interplay of the feedback effect and
spin current can enhance the amplitude of the oscillations
and reduce the linewidth, as shown in Fig. 4.
The effect of spin pumping can be included by assuming

an effective value of Gilbert damping, α [7]. A large
increase in the damping constant is found in the case of
Pt/ferromagnetic (FM) bilayers. However, a large spin-orbit
coupling (which leads to large spin Hall angle) does not
necessarily imply a large spin-pumping effect, as the spin-
pumping effect also depends on other parameters like spin-
mixing conductance, etc. [29]. The value of the damping
constant (0.01) used in the above simulations is very close
to the experimentally observed value in W=CoFeB bilayer
(0.0122) [30]. Another important effect to be considered is
the fieldlike spin-orbit coupling (also called the Rashba
term) [39,40]. The feedback current passing through the
FM–heavy-metal layer will give rise to a Rashba magnetic
field feedback along the y axis. The effect of this on
magnetization dynamics is the same as the oersted-
magnetic-field feedback, but the amplitude can be larger.

FIG. 3. The output
power and linewidth ver-
sus dc current and delay-
timeplots. (a) 2Dplot for
power, (b) 2D plot for
linewidth, (c) power and
linewidth variation with
current for a particular
value of 0-ps delay, and
(d) power and linewidth
variationwith delay for a
particular value of the
−120-μA current.
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In fact, the Rashba feedback field can be used for inducing
oscillations instead of oersted-field feedback. However,
for a free layer with only an out-of-plane easy axis as
considered in the simulations in this paper, the magnetic
field feedback does not lead to stable oscillations. The
spin-current feedback via the spin Hall effect, on the other
hand, leads to stable precessional states (see the
Supplemental Material [34]). Though the magnetic field
feedback cannot be used for stable precession here, for low
values of feedback, it changes the damping. It should be
further noted that for spin-current feedback, condition
ω0Δt ¼ nπ changes the damping, whereas for magnetic
field feedback, the condition for change in damping is
ω0Δt ¼ ð2nþ 1Þπ=2. This is due to the different symmetry
of STT and magnetic field torque [41].

IV. COUPLED-MAGNET OSCILLATOR

We now consider a system of two nanomagnets coupled
via magnetic dipolar interaction. We show that the different
oscillation modes of this system can be excited by using the
spin-current-feedback scheme. The schematic diagram for
the experimental realization is shown in Fig. 5. FM1 and
FM2 are electrically isolated by a thick insulator so that the
dc bias current passes only through the top MTJ.
As in the previous case, the magnetization direction

fluctuations of FM1 drive a charge current in the W wire,
which converts it into spin current by the spin Hall effect.

The difference from the previous case is that the spin
current is fed back into FM2, rather than FM1. As the FM2
is dipole coupled with FM1, the feedback spin current
affects the dynamics of both nanomagnets. Assuming
m1z ≅ 1, m2z ≅ 1, and small oscillations, the linearized
LLGS equations in this case can be written as

_m1x ¼ −γm1y ðH== þHext þH3 þH⊥Þ
− αγ ðH⊥ þHextÞm1x − γH2m2y − αγH1m2x; ð6aÞ

_m1y ¼ γm1x ðH⊥þHextþH3Þ−αγm1yðH==þHextþH⊥Þ
þ γH1m2x−αγH2m2y; ð6bÞ

_m2x ¼ −γm2y ðH== þHext þH3 þH⊥Þ
− αγ ðH⊥ þHextÞm2x − γH2m1y − αγH1m1x; ð6cÞ

_m2y ¼ γm2x ðH⊥þHextþH3Þ−αγm2yðH==þHextþH⊥Þ

þ γH1m1x−αγH2m1yþ
fIdcm1yðt−ΔtÞ

qNs
; ð6dÞ

where the indices 1 and 2 are for magnet 1 and magnet 2,
respectively. We assume both magnets have identical
dimensions and parameters such as α, γ, H==, and H⊥,
H1,H2,H3 (all three positive) denote the coupling between
them, e.g., the dipolar magnetic field acting on FM1 from

FM2 is given by ~H ¼ −H1m2xx̂ −H2m2yŷþH3m2zẑ,
where H1 þH2 ¼ H3. (This relation means that the trace
of the demagnetization tensor is 0 [42]). A similar relation
holds for the dipolar field acting on FM2. The spin current
due to the flow of dc current through the fixed layer is
neglected, as done for Eqs. (3a) and (3b). The last term in

FIG. 4. The PSD plots for the −90-μA current at 300 K of my
demonstrating the effect of STT generated by the dc bias current.
The black, red, and blue curves show the PSD for the case of STT
only, spin-current feedback only, and spin-current feedback plus
STT considered together. The PSD is much less for the STT-only
case and is much larger for the spin-current-feedback-only case
(the red and blue curves corresponding to the spin-current-
feedback only and spin-current feedback plus STT cases are
divided by 100 for the sake of clarity). The enhancement in the
PSD and reduction in the linewidth can be seen clearly from the
blue curve.

FIG. 5. Schematic diagram of the proposed spintronic oscil-
lator. The top layer (FM3) is again pinned along the y axis, and
the bottom layer (FM1) is the free layer with easy axis out-of-
plane. The free layer is dipole coupled to another nanomagnet
(FM2). FM2 rests on top of a W wire and is electrically isolated
from the MTJ. The fluctuations of FM1 drive fluctuating current
through the W strip, which is converted into spin current via
the spin Hall effect and fed into the FM2 layer. The phase of the
feedback can be adjusted to amplify different modes of the
dipole-coupled FM1-FM2 system.
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Eq. (6d) is due to the spin-current feedback and depends on
the y component of the magnetization of FM1 at time t-Δt.
Now we analyze above equations assuming H== ¼ 0

for simplicity. We also assume Lx ¼ Ly, which implies
H1 ¼ H2. Let us first take the case where the feedback term
is not present. The system of coupled nanomagnets then
has two resonant modes with angular frequencies given
by ω01¼γðHextþH⊥þH3−H1Þ and ω02¼γðHextþH⊥þ
H3þH1Þ. The higher-frequency mode corresponds to in-
phase oscillations, and the lower-frequency mode corre-
sponds to 180° out-of-phase oscillations of FM1 and FM2.
Let us now include the spin-current feedback, i.e., the last
term in Eq. (6d). Following a similar analysis as is done
for Eqs. (3a) and (3b), we can determine the effect of
the spin-current feedback on these two modes. It turns out
that if we choose the delay such that ω0Δt ¼ nπ, the
dominant change is in the damping of the mode, and if
ω0Δt ¼ ð2nþ 1Þπ=2, the dominant change is in the
frequency of the mode, where n ¼ 0 or a positive integer,
and ω0 refers to either ω01 or ω02. Interestingly, if we
choose ω0Δt ¼ 2nπ, the positive dc bias current increases
the damping of the low-frequency mode and decreases the
damping of the high-frequency mode. The opposite sce-
nario holds for ω0Δt ¼ ð2nþ 1Þπ. Thus, if we choose
Δt ¼ 0, the positive current increases the damping of the
low-frequency mode and decreases the damping of the
high-frequency mode (the opposite scenario for negative
current). In other words, if we pass a large positive current,
the system of coupled magnets will undergo precessional
motion as the damping of the high-frequency mode
becomes negative. If we pass large negative current, the
system again undergoes precession as the damping of the
low-frequency mode becomes negative. The expression for
the magnitude of the critical current is given by

Idccritical ¼ 4αω0

tW
Lx

2ðR0 þ RWÞ
ΔR

qNs

θsH
: ð7Þ

Equation (7) shows that the critical current for the
coupled-magnet system is twice that of the single-magnet
case [see Eq. (5)], as we are driving two magnets into
precessional modes.
The power spectral density of the y component of

magnetization of the FM1 obtained from the numerical
solution of the coupled magnet system is shown in Fig. 5.
We use the same values of the parameters used for the
single-magnet case. Assuming a 10-nm-thick insulator
between FM1 and FM2, the dipolar couplings H1, H2,
and H3 are estimated to be 35, 35, and 70 Oe, respectively
[42]. The two peaks in blue in Fig. 6 obtained for zero dc
bias current show the two resonant frequencies. When a
bias current of −30 μA is passed (Δt ¼ 0), the low-
frequency peak is enhanced, and the high-frequency peak
is suppressed. The opposite scenario is obtained for the
positive current, in agreement with the above discussion.

For larger positive and negative currents exceeding the
critical currents, precessional states are obtained which give
rise to large and sharp peaks in the spectral density.

V. CONCLUSIONS

In summary, we show that spin-current feedback can be
used to drive a nanomagnet into precessional states. This
scheme is useful for a rf oscillator based on a MTJ with an
in-plane fixed layer and an out-of-plane magnetized free
layer. The critical current depends inversely on the spin
Hall angle of the material used [see Eq. (5) or (7)]. The
critical current can be reduced by using materials with giant
spin Hall effect [32,33]. The future research will involve the
experimental demonstration of the proposed designs.
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