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Programmable and reconfigurable photonic simulator for classical XY models
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In this work, we proposed and experimentally demonstrated a photonic simulator for XY models, which
is a typical kind of classical spin model. By encoding the XY spins on the phase term of the input light
field, the corresponding XY Hamiltonian could be performed on the output light intensities. The simulator
is mainly based on a programmable and reconfigurable optical vector-matrix multiplication system, which
can map arbitrary XY models within the dimensionality limit. Here, we demonstrated the Berezinskii-
Kosterlitz-Thouless transition in a two-dimensional XY model, in which the values of some observables
are calculated and consistent with the theory. Besides, we performed the ground-state search of two
25-spin XY models with different spin connections and coupling strengths. Our proposal paves the way
to investigate the XY spin system.
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Simulating the dynamics of classical spin models is an
issue in both physics and computer science [1]. The clas-
sical spin model consists of spins arranged in a lattice, in
which the spin at site i is denoted with a unit-length vector
Si. Given the spin-interaction matrix J = (Jij ), the Hamil-
tonian of the spin system is H = −∑

(i,j ) Jij Si · Sj . If the
spins are planar rotors with Si = (cos θi, sin θi), such mod-
els are known as XY models [2]. The XY model can be
employed in directional statistics [3], or associated with
some physical phenomena, including broken-symmetry
transitions [2,4], superfluid thin films [5], superconduc-
tors [6], etc. Besides, searching the ground state of the
XY model can be related to finding the optimal solution
of the continuous complex constant modulus quadratic
optimization problem, which is generally NP-hard and
computationally intractable [2,7,8]. Recently, some physi-
cal platforms have been proposed to simulate XY models,
including those based on optical parametric oscillators
(OPOs) [3], polaritons [2,8,9], laser networks [7], and
on-chip optical phased arrays [10]. However, it is still
challenging to implement arbitrary interactions among XY
spins. For instance, the spin modulation is time multi-
plexed and the couplings are introduced with the optical
delay line in the XY simulator based on OPOs [3], in
which implementing the all-to-all spin connections is diffi-
cult. In polariton simulators [2,8,9], the spin interactions
mainly depend on the separation distances among the
polaritons. For the laser-network approach, the aperture
and lens are employed to achieve the weak and strong spin

*Contact author: x-feng@tsinghua.edu.cn

couplings, respectively [7]. Thus, it is hard for the polariton
simulators and the laser networks to perform an XY model
with arbitrary interactions. Additionally, in the on-chip
optical phased array [10], the amount of tunable micror-
ing resonators cannot support the ability to map arbitrary
XY models. As shown by the simulators mentioned above,
there is still no programmable XY simulator that can
perform arbitrary XY models and various tasks. In this
work, we experimentally implemented a programmable
and reconfigurable photonic simulator to demonstrate XY
models with arbitrary coupling strengths and connections,
which is an extension of our previously proposed phase-
encoding and intensity-detection Ising annealer (PEIDIA)
[11]. In the photonic simulator, XY spins are encoded on
the phase term of the light field, which is similar to the
spatial photonic Ising machines [11–13]. However, the
method of mapping spin interactions is adjusted from the
PEIDIA [11] to be suitable for XY models. Our proposed
simulator is based on the optical vector-matrix multipli-
cation (OVMM) platform and electronic feedback with
heuristic algorithms. In each iteration, the light field encod-
ing the spins is transformed by the OVMM, and then a
photodetector measures the intensity. An electronic pro-
cessor is utilized to compute the Hamiltonian from the
optical intensity. Subsequently, it generates and updates
the next spin configuration according to the employed
heuristic algorithm for the next iteration. The OVMM is
based on the beam-splitting and recombining architecture
[11,14,15], which can perform arbitrary complex matrix
transformations. Meanwhile, different algorithms can be
flexibly applied in the electronic processor, thus various
tasks can be performed with our proposed programmable
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and reconfigurable photonic simulator. In the experiments,
we observed the phenomena of the Berezinskii-Kosterlitz-
Thouless (BKT) transition [16] in the two-dimensional
(2D) XY model with 400 spins. Besides, the ground-
state search of two 25-spin XY models with different spin
connections and coupling strengths was presented. Our
method would provide a flexible and fast photonic system
to simulate classical XY models.

Figure 1(a) shows a 2D XY model, where the spins are
arranged in a square lattice. The spin at site ri, which is the
translation vector of the spin i, possesses the azimuth angle
θi ∈ [0, 2π) relative to the unit vector x̂, and can be denoted
by the magnetization vector Si = (cos θi, sin θi). The cor-
responding Hamiltonian can be obtained by summing all
spin interactions [2,17]:

H = −
∑

(i,j )

Jij Si · Sj = −1
2
�HJ�, (1)

where (i, j ) denotes a pair of spins at site ri and rj with
interaction strength Jij , and the superscript H denotes
the conjugate transpose. Equation (1) indicates that the
Hamiltonian can also be expressed with the complex
quadratic form with the spin configuration vector � =
[exp(iθ1), exp(iθ2), . . .]T (the superscript T denotes the
transpose). To simulate such models, a photonic system is
employed to encode the spin configuration on the light field
and perform the spin interactions. As shown in Fig. 1(b),
our proposed photonic XY simulator consists of three
modules. The first is the beam-generation module that

(a)

(b)

FIG. 1. Principle of the photonic simulator. (a) A two-
dimensional XY model. (b) Experimental setup of the photonic
simulator. The detailed principle of the OVMM is provided
within the Supplemental Material [18]. Laser: ORION 1550-nm
Laser Module. SLM: Holoeye PLUTO-2.1-TELCO-013. Detec-
tor: Hamamatsu InGaAs Camera C12741-03.

comprises a laser, a collimator, and a spatial light mod-
ulator (SLM). The SLM [SLM0 in Fig. 1(b)] splits the
beam from the collimator into M beams, each of which
will encode a spin. The second is the OVMM module with
two SLMs [SLM1 and SLM2 in Fig. 1(b)], a pinhole, and a
lens. SLM1 appends the phase delay θi to beam i, thus the
input vector � is encoded on the complex amplitude of the
light field. Besides, SLM1 and SLM2 conduct the matrix
transformation A by properly splitting and recombining
the beams [11]. Then the pinhole filters out the beams
with unwanted directions, and a lens aligns the beams to
the optical axis. The last is the detection module, where
a detector measures the optical intensities of the OVMM,
I = (A�)H � (A�) (� denotes the element-wise produc-
tion). The detailed setup is provided within the Supplemen-
tal Material [18] (see also Refs. [11,15,17,19–21] therein).
We noticed that the Hamiltonian in Eq. (1) can be directly
calculated from I by configuring the transformation matrix
A satisfying AHA = J + JD [18]:

H(�) = −1
2
(A�)H(A�) + H0 = −1

2

∑

i

Ii + H0, (2)

where JD is a diagonal matrix, and H0 is a constant. As our
primary concern is the relative Hamiltonian, the constant
term H0 is neglected in the following discussion.

In the operation process of the simulator, the OVMM
module is first configured according to the transformation
matrix A, which is unchanged during the following pro-
cess. A spin state � is generated and encoded as the input
vector. Then an electronic processor is employed to cal-
culate the Hamiltonian from the output intensities with
Eq. (2), and decide whether to accept the current spin state
or not. The above procedure from generating a spin state to
the acceptance of such a state is regarded as one sampling.
The sampling should be conducted iteratively to collect
enough statistics according to the specific objectives.

Due to the full programmability of the OVMM, our sim-
ulator can demonstrate XY models with arbitrary connec-
tions and coupling strengths. Besides, the reconfigurability
of our simulator allows us to configure different XY mod-
els and employ appropriate algorithms to carry out various
tasks. In the experiment, two tasks including observing
the phase transition and searching the ground states are
demonstrated with different XY models.

First, our proposed photonic simulator is employed to
demonstrate the BKT transition [16] by performing Boltz-
mann sampling of a 2D XY model under a series of tem-
perature stages. The model has N = 400 spins in a square
lattice (L = 20) with periodic boundary conditions. In this
model, each spin interacts only with four nearest neigh-
bors with the strength of Jij = 1, as shown in Fig. 1(a).
The Metropolis algorithm [22,23] is employed for the
Boltzmann sampling. In each sampling iteration, the angle
of one random spin is changed to a random direction.
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Then the spin perturbation is accepted with the probabil-
ity of min[1, exp(−�H/T)], where �H is the Hamiltonian
variation resulting from the perturbation. The annealing
temperature T is the product of the Boltzmann constant
and the real temperature for convenience. As the pertur-
bation of a single spin involves C = 5 spins within the red
box in Fig. 1(a), only the five spins, rather than the entire
spins, are configured to the photonic simulator to calcu-
late the Hamiltonian variation. Besides, the transformation
matrix of the OVMM should be configured according to
the five-spin interaction matrix J0 shown in Fig. 1(a). Since
each site in the lattice is equivalent due to the periodic
boundary condition, J0 and A are unchanged in the iter-
ative sampling process. The maximum dimensionality of
the employed OVMM is M = 25, hence our simulator
can process P = M/C = 5 spin perturbations simultane-
ously. In each sampling iteration, P nonadjacent spins are
randomly selected. Each selected spin combined with its
neighbors forms a spin group including C = 5 spins. Then
P spin groups are configured to the simulator, and the
interaction energy H (1)

i (i = 1, 2, . . . , P) of each group is
calculated from the output intensities with Eq. (2). Then
the P selected spins are perturbed, and the interaction
energy H (2)

i (i = 1, 2, . . . , P) of each group is obtained.
Each spin perturbation is accepted with the probabil-
ity of min{1, exp[−(H (2)

i − H (1)
i )/T]}. The accepted spin

configurations are recorded for the following calculations.
The employed SLM has 8-bit grayscale so that the spins

can only take angles of 2πni/q (ni = 0, 1, . . . , q − 1, q =
256). Additionally, considering the sampling speed of the
SLM and the camera, q = 32 is chosen for demonstrat-
ing the BKT transition [24]. The annealing temperature
T is slowly decreased from 2 to 0.2, including 19 stages
with an interval of about 0.1. Each temperature stage has
2 × 104 sampling iterations, including 105 spin pertur-
bations. The last 5 × 103 samplings in each temperature
stage are used to calculate three observables under the cor-
responding temperature, including the magnetic suscep-
tibility χ = 〈[∑i cos(θi)]

2〉/N [25], the spin-correlation
function G(r) = 〈S(r)S(0)〉 [16], and the helicity modulus
[4,26]

ϒ = − 〈H 〉
2N 2 − 1

TN 2

〈⎡

⎣
∑

(i,j )

sin
(
θi − θj

)
êij · x̂

⎤

⎦

2〉

, (3)

where 〈·〉 represents the average value under a certain
temperature, êij = (rj − ri)/|rj − ri| is the unit transla-
tion vector from site i to j , x̂ is the unit vector of x
axis in the lattice plane as shown in Fig. 1(a), and the
sum is over the nearest-neighbor lattice sites. Figure 2(a)
shows the evolution of the magnetic susceptibility χ . It
can be observed that when temperature T > 1.2, χ fluc-
tuates only within a small range around the mean value

(b)(a)

(c) (d)

FIG. 2. The measured experimental observables of the 2D XY
model. (a) The magnetic susceptibility vs the temperature. The
error bar shows the standard deviation. (b) The correlation func-
tion vs distance and temperature. (c) The helicity modulus versus
the temperature. The straight curve is 2T/π and the intersection
of the two curves denotes the critical point. (d) Observation of
a bound vortex-antivortex pair below the critical temperature.
The red box and the blue box denote a vortex and an antivortex,
respectively.

close to 0, which indicates that the spin system is highly
disordered. When T decreases under the value of 1.2, the
mean value of χ rapidly grows and χ distributes within a
broader range, which indicates the ferromagnetism of the
system. The spin correlation function denotes the correla-
tion between the spin directions at position r and position
0 as shown in Fig. 1(a). The values of G(r) (r = |r|) under
different temperatures are illustrated in Fig. 2(b). It can
be seen that G(r) decays sharply when T > 1.2, indicat-
ing that the spin directions are highly uncorrelated. When
0.6 < T < 1.2, the decay of G(r) is slower. Suddenly,
G(r) decays very slowly when T < 0.6, which shows a
quasi-long-range order. Such results are consistent with the
theoretical predictions [16]. Thus, the system experienced
a BKT transition: when T is higher than the critical tem-
perature Tc, G(r) experiences a power-law decay, while
G(r) decays exponentially when T < Tc. To obtain the
accurate critical temperature Tc, the evolution of the helic-
ity modulus ϒ is shown in Fig. 2(c). Figure 2(c) shows
that ϒ fluctuates around 0 when T decreases from 2 to
1.2, while ϒ increases rapidly when T further decreases
to 0.2. The intersection of the measured curve and the
line of 2T/π denotes the critical temperature Tc ≈ 0.91
[4]. Besides, another evidence corresponding to the topo-
logical characteristic in the BKT transition is the vortices
and antivortices [16]. To simulate such a phenomenon,
another sampling is conducted at the temperature of around
0.1, which is much below Tc. After about 6000 iterations,
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the recorded spin orientations are shown in Fig. 2(d). It
can be observed that there is a vortex (the red box) and
an antivortex (the blue box), which is consistent with the
theory [16].

Besides the sparse model, different XY models with
arbitrary connections and coupling strength can also be
demonstrated with our proposed simulator. The ground-
state search of two 25-spin XY models is performed exper-
imentally. Here, the SLMs perform the maximum spin
angle levels of q = 256, which is high enough to approx-
imate an XY model. When solving XY models mapped
from optimization problems rather than real spin sys-
tems, the connections and coupling strengths would be
complicated, hence two models are randomly generated
as follows. For model 1, the spin-coupling strengths are
uniformly distributed in [−1, 1], and the graph density
2Q/[M (M − 1)], (Q is the number of the spin connec-
tions and M is the number of spins) is 0.56 as shown in
the inset of Fig. 3(a). Model 2 is fully connected with
coupling strengths uniformly distributed in {−1, 1} and
is also shown in the inset of Fig. 3(a). The interaction
matrices of models 1 and 2 are provided within the Supple-
mental Material [18]. When dealing with XY models with
complicated interactions, all 25 spins have to be imple-
mented in the simulator simultaneously. According to
Eq. (1), finding the ground state can be regarded as solving
an NP-hard continuous complex quadratic optimization
problem [2,17]. Here, heuristic algorithms are employed
to obtain the near-optimal solutions efficiently [27], and
our adopted algorithm is based on fast simulated anneal-
ing [20,21]. In each iteration, a 25-dimensional Cauchy
variable �� is added to the current spin configuration �.
The spin configuration � + �� is accepted with prob-
ability of min[1, exp{−[H(� + ��) − H(�)]/T}]. The
temperature T is gradually decreased and the near-optimal

(a) (b)

FIG. 3. Results of the ground-state search of the randomly
generated XY models. (a) The red and yellow regions denote the
distribution intervals of 50 normalized experimental Hamiltonian
evolution curves of models 1 and 2, respectively. The red or blue
curve shows one of the 50 curves, respectively. The insets show
the corresponding models, where the black dots denote the XY
spins and the interaction strengths are referred from the colorbar.
(b) The final successful probabilities vs the tolerance coefficient.
The results of both the experiment and simulation are shown.

solutions are obtained finally. The experimental results are
shown in Fig. 3. Then, 50 runs of the ground-state search
are conducted for each model. For clarity, only one of the
50 experimental Hamiltonian evolution curves of models
1 and 2 is shown in Fig. 3(a) (all curves are provided
within the Supplemental Material [18]). The red and yel-
low regions in Fig. 3(a) denote the distribution regions
of the measured experimental Hamiltonian in each iter-
ation of models 1 and 2, respectively. It can be seen
that the curve quickly converges to a low Hamiltonian
within about 1000 iterations for model 1 and 1500 itera-
tions for model 2. To evaluate the searching performance,
we consider one search to be successful when the final
accepted Hamiltonian is lower than the lowest Hamilto-
nian (obtained in the simulation, Hmin ≈ −77.0 for model
1 and −193.8 for model 2) multiplied by a tolerance coef-
ficient η since it is hard to find the exact global optimum.
The experimental final successful probabilities of models
1 and 2 under different tolerance coefficients are shown in
Fig. 3(b). The final successful probabilities are close to 1
when η < 0.9, but rapidly decrease to 0 when η increases
to 0.98. For comparison, numerical simulation results are
also shown in Fig. 3(b), and the successful probabilities
for both models are 1 with η = 0.96. Such deteriorations
in the experiment result from the noise induced by the
experimental system, even though the average fidelities
of all effective samplings are as high as 0.9970 ± 0.0033
and 0.9967 ± 0.0031 for models 1 and 2, respectively. The
noise level can be estimated with the relative deviation of
the experimental Hamiltonian near the ground state, which
is R1 = 2.67% for model 1 and R2 = 2.62% for model 2.
The photonic simulator cannot distinguish two states when
their relative Hamiltonian variation is less than the noise
level. Figure 3(b) shows that the experimental successful
probability first decreases to 0 when η ≈ 1 − R for models
1 and 2, which indicates that our noise estimation is rea-
sonable. The detailed noise analysis is provided within the
Supplemental Material [18]. Nevertheless, the experimen-
tal results validate the capability of our photonic simulator
to solve XY models with complicated connections and
interactions.

In this article, we proposed a programmable and recon-
figurable photonic XY simulator, which can demonstrate
XY models with arbitrary interactions and various tasks.
After encoding the spin configuration on the phase term of
the light field, our simulator can provide the corresponding
Hamiltonian within the propagation time of light beam. To
validate our proposal, we demonstrate the BKT transition
of the 2D XY model and perform the ground-state search
of two models with different connections and coupling
strengths.

Two major issues can be further improved for our
proposal. The first is to increase the dimensionality of
the OVMM, which is helpful to process more spin
perturbations simultaneously in sparse models, or deal
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with complex models with higher dimensionalities. In our
employed OVMM, increasing the dimensionality could
be achieved by reducing the size of the Gaussian beam
(constrained by paraxial approximation) and employing
SLMs with larger areas. Besides, other optical compu-
tation schemes could also be utilized to implement our
photonic simulator, such as the on-chip Mach-Zehnder
interferometer arrays [28,29].

The second is the time consumption of the optoelec-
tronic conversion in the SLMs and camera, which limits
the computation speed of our simulator. In the future, the
utilization of the high-speed phase modulators [30] and
detectors [31] would improve the state-sampling speed in
the optical domain. In the electronic domain, the speed can
be increased by employing an FPGA, or analog computing
devices [32].
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Atieh, L. Jing, T. Dubček, C. Mao, M. R. Johnson, V.
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