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This paper develops a method for estimating the locations of laser-induced stray charges on surface-
electrode ion traps. How the electric potential at the trapped-ion location changes in the presence of
laser-induced stray charges is theoretically modeled, and the magnitude of the shift in the secular frequency
of a trapped ion is derived from the model. This model can be used inversely to find the locations of stray
charges from the secular frequency shift under certain conditions. Typically, this inverse relationship is not
unique. However, in surface-electrode ion traps, the secular frequency shift caused by the stray charges
can be measured at multiple ion positions, and therefore, the required number of secular-frequency-shift
measurements can be performed to determine the stray-charge locations uniquely. This model is experi-
mentally evaluated by intentionally producing electric charges at a single location by irradiating a laser
onto that spot and by measuring the resulting secular frequency shift. The location of produced charges is
estimated from the measured result, and the estimated location is consistent with where the laser is irradi-
ating. The developed method can be applied to characterize the laser-induced stray charges, which in turn
can be used to design experiments to avoid or reduce the occurrence of stray charges.

DOI: 10.1103/PhysRevApplied.20.014032

I. INTRODUCTION

The development of a universal quantum computer
based on surface-electrode ion traps has been actively con-
ducted in recent years [1–3]. The surface-electrode ion
traps have the advantages of reproducibility and scalabil-
ity [4–7], which can be achieved by using ion shuttling
among multiple trapping regions [8,9]. Also, the surface-
electrode ion traps allow the integration of optical compo-
nents [10,11] and electrical elements [12–14]. However,
even small variations in surrounding electric fields can
cause the micromotion of trapped ions [15,16], and there-
fore, stray electric fields at the ion location can cause the
uncertainty of quantum gate operations using the trapped
ions [17,18]. Especially in surface-electrode ion traps, the
distance between the trapped ions and the nearest electrode
is typically smaller than that of macroscopic ion traps, and
thus, the effect of stray electric fields on the trapped ions
is considered to be a severe problem [19,20]. To date, var-
ious methods have been developed only for detecting and
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canceling stray electric fields at the ion location [21–24].
In other words, all of these methods focus on the suppres-
sion of the problem by applying additional electric fields,
and therefore, the root cause of the problem cannot be
identified [5,15].

A laser-induced stray charge is one of the causes of
induced stray electric fields at the ion location and is gener-
ated when photoelectrons emitted from electrode surfaces
are accumulated in nearby dielectric surfaces [25–27] or
when electrons are ejected from the antireflection coating
of the glass substrate [25]. The laser-induced stray charge
is time dependent [5,28], and therefore, it is challenging
to maintain the stability of trapped ions for a long time by
canceling only the resulting stray electric fields observed
once in the past. Periodical compensation for stray elec-
tric fields must be used to reproduce identical measurement
results over a long period of time. Also, the accumula-
tion rate at which the laser-induced stray charges occur
depends on the incident laser frequency [26]. Since most
ions employed in ion traps utilize high-frequency lasers
[29,30], there is always the possibility of photoelectrons
being emitted from the trap surface [31–33]. When stray
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electric fields from the laser-induced stray charges become
problematic, they are suppressed by adjusting the laser
propagation paths until the stray electric fields appear to
be minimized using trial and error because the locations of
stray charges are unknown [21,34].

Here, a method for estimating the locations of laser-
induced stray charges on surface-electrode ion traps is
developed. The change in the electric potential at the
trapped-ion location is modeled in the presence of a laser-
induced stray charge, and the resulting shift in the secular
frequency of a trapped ion is analyzed. The location of the
stray charge is then estimated from the secular frequency
shift. In the estimation process, it is assumed that the sec-
ular frequency can be measured at multiple ion positions
in surface-electrode ion traps, and therefore, the required
number of secular-frequency-shift measurements can be
performed to uniquely determine the stray-charge location.
This model is extended to the case where laser-induced
stray charges occur at multiple locations. Various test data
are generated by assuming multiple stray charges at ran-
dom locations, and the locations of multiple stray charges
are estimated from the secular frequency shift observed
in the test data. The estimated locations are compared
with the actual locations used to generate the test data.
The number of stray-charge locations that can be distin-
guished using the developed method is also analyzed in
this process. To support the effectiveness of the developed
method, a computer simulation is performed for situa-
tions in which stray charges occur at various locations, and
the resulting secular frequency shift is observed at multi-
ple ion positions. The locations of stray charges are then
estimated from the frequency shift observed in the simula-
tion result. Also, the developed method is experimentally
evaluated by intentionally producing electric charges at
a single location by irradiating a laser onto that spot,
and by measuring the resulting secular frequency shift.
The location of produced charges is estimated from the
measured secular frequency shift, and the estimated loca-
tion agrees with the laser-irradiation region identified from
charge-coupled device (CCD) images within the margin of
error.

II. THEORETICAL MODEL

The following discussion assumes a Paul trap, which
confines charged particles in space using an oscillating
electric field and an electrostatic field [35]. Figure 1 shows
a schematic of a surface-electrode ion trap. The surface-
electrode ion trap typically has radio-frequency (rf) elec-
trodes and inner or outer direct current (dc) electrodes in a
plane, and to measure the secular frequency at various ion
positions (zion), the proposed method moves the trapped
ions along the longitudinal direction of the rf electrodes (z
axis in Fig. 1).

y

x
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FIG. 1. Schematic of a surface-electrode ion trap. Green dot,
rf, odc, and idc indicate a single trapped ion, rf electrodes, seg-
mented outer dc electrodes, and inner dc electrodes, respectively.

A. Model for a single stray-charge location

When the trap center is positioned at (0, 0, zion), the
electric potential experienced by an ion consists of a time-
dependent part that varies sinusoidally at the rf drive
frequency, ωrf, and a time-independent electrostatic part,
as follows [36]:

Φ0(x, y, z, t) = 1
2

U0[ax2 + by2 + c(z − zion)
2]

+ 1
2

V0 cos(ωrft)[a′x2 + b′y2

+ c′(z − zion)
2], (1)

where U0 and V0 are the electrostatic potential and the rf
drive voltage, respectively. To satisfy the Laplace equation
at any moment in time, the relationships among the con-
stants are

a + b + c = a′ + b′ + c′ = 0. (2)

Additionally, for a linear trap, c′ = 0 is assumed to be sim-
ilar to that reported in Ref. [36]. The equation of motion of
a single trapped ion oscillating along the z direction at Φ0
can be then written as

z̈ = − 1
m

× ∂

∂z
(Z|e|�0) = −Z|e|

m
U0c(z − zion), (3)

where Z|e| and m are the electric charge and the mass
of the ion, respectively. Equation (3) describes the har-
monic oscillation of a particle along the z axis, and the
corresponding secular frequency (ωz0(zion)) can be written
as

ωz0(zion) =
√

Z|e|
m

× ∂2�0

∂z2

∣∣∣∣∣
z=zion

. (4)

Let Φq be the potential generated by a laser-induced
stray charge (Q) when the stray charge is generated in
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the vicinity of the trapped ion. Then, the resulting secular
frequency (ωz) can be written as

ωz(zion) =
√

Z|e|
m

(
∂2�0

∂z2 + ∂2�q

∂z2

)∣∣∣∣∣
z=zion

. (5)

In typical cases where (∂2�q/∂z2) � (∂2�0/∂z2), Eq. (5)
can be rewritten using the Taylor expansion as

ωz(zion) ∼= ωz0(z)

[
1 + ∂2�q

2∂z2

(
∂2�0

∂z2

)−1
]∣∣∣∣∣

z=zion

. (6)

Since the secular frequency shift in the z axis (�ωz) is
ωz − ωz0, �ωz can be rewritten as

�ωz(zion) ∼= Z|e|
2mωz0(z)

× ∂2�q

∂z2

∣∣∣∣
z=zion

. (7)

Let charge Q be locally induced at (xq, yq, zq) [25], and let
xion, yion, and zion be the coordinates of the ion. �ωz can
then be written as

�ωz(xion, yion, zion) ∼= KQ(x2
d + y2

d − 2z2
d)

ωz0(zion)(x2
d + y2

d + z2
d)

5/2 , (8)

where K is −(Z|e|/8πε0m), and xd, yd, and zd indi-
cate (xion − xq), (yion − yq), and (zion − zq), respectively.
According to Eq. (8), when z2

d < (1/2)(x2
d + y2

d ), the sign
of �ωz is determined by the sign of Q. Conversely, when
z2

d � (1/2)(x2
d + y2

d ), �ωz converges to zero. Thus, in
principle, the single stray-charge location (xq, yq, zq) can
be estimated by fitting Eq. (8) to the measured �ωz(zion).

B. Assumption

Constraints that can uniquely determine the location of
stray charges from �ωz(zion) measured at multiple ion
positions (0, 0, zion) are considered, since various combina-
tions of stray-charge locations and other causes can result
in similar distributions of �ωz(zion). First, it is assumed
that the secular frequency is changed only by laser-induced
stray charges, and other factors are negligible [15]. Also,
only stray charges in the vicinity of the ion position can
shift the secular frequency of the trapped ion, and the
influence of other stray charges sufficiently far away from
the ion position is negligible. This assumption can also
be inferred from Eq. (8) that the frequency shift due to
stray charges far from the ion position converges to zero.
It is also assumed that the location of laser-induced stray
charge does not change with time. Considering only the
case where the stray charges occur on the trap surface, the
magnitude of |yion − yq| is set to be equal to the ion height.
In addition, it is assumed that Φ0 has the same curvature
(∂2�0/∂z2|zion

= c) independent of zion, and ωz0(zion) is
fixed. During curve fitting, xq, zq, and Q are used as free
parameters.

C. Model for multiple stray-charge locations

In this section, the model discussed in Sec. II A is
extended to the case where stray charges occur at multi-
ple locations in the vicinity of the trapped ion. In this case,
the electric potential generated by multiple Qm is equal
to the sum of Φq,m by each Qm. When (∂2�q,m/∂z2) �
(∂2�0/∂z2), �ωz can be approximated as

�ωz(xion, yion, zion) ∼= K
ωz0(zion)

×
n∑

m=1

Qm(x2
d,m + y2

d,m − 2z2
d,m)

(x2
d,m + y2

d,m + z2
d,m)

5/2 ,

(9)

where Qm indicates the mth stray charge induced at
(xq,m, yq,m, zq,m), and xd,m, yd,m, and zd,m are (xion − xq,m),
(yion − yq,m), and (zion − zq,m), respectively. In subsequent
sections, note that the initial secular frequency on the z
axis is kept constant at a value of 2π × 250 kHz. This
frequency is obtained from the simulation when the dc
voltages utilized in the experiment are applied. The ion
height is also fixed to 108 μm, which corresponds to the
ion height of the trap used in the experiment. Additionally,
a loading slot with a width of 80 μm is considered, result-
ing in a distance of approximately 115 μm between the ion
and the nearest electrode. Also, the trapping of 174Yb+ ions
is taken into consideration.

When different stray charges are sufficiently far apart,
the number of observed peaks in the plot of �ωz(zion) can
be equal to the number of charge locations, as illustrated
in Fig. 2(a). In this case, the locations of different charges
can be easily estimated from each peak in the �ωz(zion)

plot. However, when different charges are closely located,
only a single �ωz(zion) peak can be observed, as shown
in Fig. 2(b). In this case, it is challenging to distinguish
the locations of different charges. However, the proposed
method can still work to some degree. Thus, to figure out
the number of stray-charge locations that can be distin-
guished using the developed method when there is only a
single dominant peak in the �ωz(zion) plot, we try to fit the
curve of Eq. (9) to numerous test data generated with the
assumption of multiple stray charges at random locations.
Note that all curve-fitting processes are performed using
the SciPy library [37]. The curve-fitting algorithm is based
on the least-squares method, which is aimed at approx-
imating the locations of stray charges. Specifically, the
Levenberg-Marquardt method is utilized for the approxi-
mation. Estimated Qm, xq,m, and zq,m in the curve-fitting
processes are then compared with the actual Qm, xq,m,
and zq,m used for the generation of test data. To quantify
the effectiveness of the fitting for numerous test data, the
errors between the estimated values and the actual values
are defined as the maximum value among the fractional
errors of fitted parameters, such as Q1, xq,1, zq,1, . . . , Qn,
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(a)

(b)

FIG. 2. Calculation results of �ωz(zion) when charges occur
at three separate locations. (a) Calculation result of three �ωz
peaks caused by three stray charges that are sufficiently far apart.
Different stray charges are separated by 150 μm on the z axis. (b)
Calculation result of a single �ωz peak due to three stray charges
close enough for each peak to overlap. Different stray charges are
separated by 50 μm on the z axis.

xq,n, zq,n. Depending on the number of charge locations
from 1 to 5, the average error rates are 0.0%, (0.3 ± 0.7)%,
(3.3 ± 4.4)%, (13.3 ± 12.9)%, and (24.2 ± 13.5)%, respec-
tively, as illustrated in Fig. 3. Note that the minimum
distance between different charges is 10 μm in the test data.
The increase in error rates with the number of stray-charge
locations can be attributed to the increase in the number of
free parameters. For instance, when the number of stray-
charge locations is 4, the number of free parameters that
need to be determined increases to 12. Also, the large error
range observed when the number of stray charges is 4 or
more is mainly due to the presence of outliers, which occur
when different charges are located close to each other at a
distance of 10 μm. Furthermore, the curve-fitting process
often fails when the number of charge locations is four or
more. Thus, it is concluded that, in cases where there is a
single dominant �ωz peak, up to 3 stray-charge locations
can be identified, as long as different charges are separated

FIG. 3. Estimated errors between actual and estimated val-
ues for the number of stray-charge locations. When the number
of stray-charge locations ranges from 1 to 5, estimated aver-
age errors are 0.0%, (0.3 ± 0.7)%, (3.3 ± 4.4)%, (13.3 ± 12.9)%,
and 24.2 ± 13.5%, respectively. Error bars indicate standard
deviations.

by more than 10 μm, which is smaller than the typical size
of beam waist used in ion traps.

In typical cases, the curve-fitting process must be per-
formed without knowing the number of stray-charge loca-
tions. Therefore, during the curve-fitting process, we vary
the number of free parameters necessary for multiple
charge locations. When the number of free parameters
is larger than the necessary free parameters, Qm = 0 for
some parameters is obtained, or the total charge at a sin-
gle location is divided into two charges located at the same
position. Conversely, when the number of free parameters
is less than the minimum number to describe the actual sit-
uation, incorrect xq,m and zq,m are obtained. In this case, as
the number of free parameters increases, completely differ-
ent fitting results are obtained until the minimum number
of free parameters is reached. Consistent results are then
obtained once a sufficient number of free parameters are
used.

III. SIMULATION RESULTS

The calculation results of Eq. (9) are compared with
the simulation results to support the effectiveness of the
above model. Considering that the trapped ion moves only
along the z axis, xion and yion are set to zero in Eq. (9). Φ0
is obtained from a COMSOL Multiphysics simulation, and
ωz0 is estimated from simulated Φ0 using Eq. (4). A point
charge is added to the simulation to produce the effect of
the stray charge. Φq is obtained from the potential gen-
erated by the point charge. ωz is calculated from simulated
Φ0 + Φq, and �ωz is obtained from the difference between
ωz and ωz0. To simulate ion-position changes, the distance
between the trap center and the point charge is varied in
40-μm increments over a range from −240 to +240 μm.
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FIG. 4. Curve fitting and simulation results of �ωz as a func-
tion of zion. Orange line and blue dots indicate the fitting result
and simulation result, respectively. Simulation result shows sim-
ulated �ωz when zion changes by 40 μm in the range from −240
to +240 μm. Fitted result indicates the curve-fitting result of Eq.
(9) to the simulation result.

Figure 4 shows the simulation and curve-fitting results
of �ωz caused by a single charge. The charge amount is
set to be −1000e, where e is the elementary charge. The
simulated point charge is positioned at (55, −108, 0) μm,
assuming that the stray charge is located on an inner dc
electrode. The estimated �ωz in the simulation is shown as
the blue dots in Fig. 4. A single dominant peak in the �ωz
plot is observed at zion = 0. The curve-fitting result of Eq.
(9) to the simulated �ωz is illustrated as the orange line in
Fig. 4. Estimated xq and zq are 64 and 0 μm, respectively,
and Q is obtained as −979e. It is also confirmed that the
fitting results of xq and zq are the same even when the num-
ber of charge locations (n) in Eq. (9) is increased to three.
Thus, the number of charge locations is inferred to be one.
There is a discrepancy between the fitting and simulation
results that may be attributed to errors resulting from the
use of a first-order approximation in the theoretical model
or from inaccuracies in the simulation itself.

Figure 5(a) shows the simulation result for two charges
that are far apart (approximately 160 μm), and both charges
are assumed to have an amount of −1000e. In this case,
one of the point charges is set to be located at −80 μm,
and the other is set to be located at 80 μm along the z axis,
while xq,m and yq,m are the same. When n is set to 1 during
a curve fitting to Eq. (9), only a single peak at zion = 0 is
observed. However, when n in Eq. (9) is 2 or more, two
�ωz peaks located at two different positions are observed,
as illustrated by the orange line in Fig. 5(a). The estimated
zq,1 and zq,2 are ±80 μm, and both xq,1 and xq,2 are esti-
mated to be 65 μm. Additionally, the estimated amount
of both charges is −1028e. Thus, the number of charge
locations can be inferred to be two. The results agree with
the actual values regarding the coordinates and number of
charge locations.

(a)

(b)

FIG. 5. Curve fitting and simulation results of �ωz by multi-
ple stray charges. (a) Simulation result of �ωz when two stray
charges are far apart, and the distance between the two charges is
approximately 160 μm. Fitted result shows the curve-fitting result
to the simulation result. (b) Simulation result of �ωz when three
stray charges are close together, and zq,m of the three charges are
−40, 0, and 40 μm, respectively. xq,m and yq,m are the same.

The simulation result for three charges that are close
together is shown in Fig. 5(b). zq,1, zq,2, and zq,3 are −40,
0, and 40 μm, respectively, and xq,m and yq,m are the same.
All the charges are assumed to have an amount of −1000e.
In this case, only a single peak is observed in the �ωz plot,
as shown by the blue dots in Fig. 5(b). When n is one in
Eq. (9), a plot similar to the shape of blue dots is drawn,
and the z coordinate of the peak is zero. Also, when n is
2 in Eq. (9), a graph similar to the distribution of blue
dots is observed, and the estimated values of zq,1 and zq,2
are ±34 μm. However, when n is 3 or more, three differ-
ent z coordinates (0 and ±44 μm) are obtained while still
observing a single peak, as illustrated by the orange line
in Fig. 5(b). The estimated values for xq,1, xq,2, and xq,3
are the same, at 60 μm, with estimated charge amounts
of −892e for the charge at zion = 0 and −1072e for the
charges at zion = ±44 μm. From these observations, it can
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be concluded that there are three distinct charge locations,
consistent with the coordinates of actual charge locations.

IV. EXPERIMENTAL RESULTS AND DISCUSSION

A surface-electrode ion trap with aluminum-copper
alloy (1 wt %) electrodes is used in this experiment. The
width of the loading slot, inner dc electrodes, rf elec-
trodes, and the gap between electrodes are 80, 37, 75,
and 8 μm, respectively, to confine the ions approximately
108 μm above the surface-electrode ion trap. The 32 pairs
of segmented outer dc electrodes are included to displace
the trapped ion. The surface-electrode ion trap is loaded
in a vacuum chamber at room temperature, and the rf
drive frequency is approximately 2π × 32.42 MHz. All
experiments are performed with 174Yb+ ions [34].

A laser with a wavelength of 399 nm, the second-
shortest-wavelength laser among the lasers for trapping
174Yb+ ions, is used to produce electric charges in a ran-
dom area on the trap surface. Note that the photon energy
of the 399-nm laser is approximately 3.1 eV, which may
not be high enough to directly photoemit electrons from
the electrode. However, as reported in Ref. [38], photoe-
mission can occur in oxidized aluminum with a photon
energy as low as 3.0 eV. The thickness of the native oxide
layer or the potential applied to the electrode may affect
the photoinduced process. The laser propagation direction
is perpendicular to the trap surface (y direction in Fig. 1). A
lens is added to the laser-propagation path to irradiate the
surface of the trap with the laser locally. The secular fre-
quency shift caused by the produced charges is estimated
from the difference in the measured secular frequencies
before and after shining the laser.

In subsequent experiments, a charging phenomenon is
assumed as a model for the photoelectric effect on a metal
surface modified with a thin insulating film, as previously
presented in Ref. [26]. According to this model, when
photoelectrons get trapped in the native oxide layer, the
electrons form electron-hole pairs with the image charge in
the electrode, which in turn may generate an electric field
in the form of a dipole [25]. The rate at which charging
occurs can be described by a rate equation as

Q̇ = α − (δ + γ )Q, (10)

where α indicates the rate at which the incident laser accu-
mulates new charges, δ is a constant for the screening effect
by existing Q, and γ is a constant for the rate at which the
accumulated charges are dissipated [26].

To change the ion position along the z axis, dc volt-
ages applied to the segmented outer dc electrodes are
adjusted. The dc voltages are numerically simulated to
make both the secular frequency and ion height uniform at
any ion position. Even when the estimated dc voltages are
applied, micromotion may occur due to simulation errors.

Slight adjustments of the dc voltages compensate for the
micromotion, and then the secular frequency is measured
using the parametric excitation method [39]. Amplitude
modulation of the rf drive voltage is carried out by com-
bining two rf signals of different frequencies to implement
the parametric excitation. The initial secular frequencies
along two radial directions are obtained as approximately
2π × (820, 960) kHz.

A. Measurement results of �ωz by laser-induced
charges

To find out experimentally whether �ωz can be caused
by laser-induced stray charges, the secular frequency is
measured before and after irradiating the surface of the
trap with the laser. The beam radius and power of the
laser are 2 μm and 20 μW, respectively. To measure the
secular frequency once per minute, the interval of modu-
lation frequency is set to 0.1 kHz, and the scan range is
set to 10 kHz. The secular frequency is identified from
the downward peak observed in the result of collecting
the photons emitted from the trapped ion as a function
of the modulation frequency. The blue, orange, and green
lines in Fig. 6(a) show the measurement results of secular
frequency before and after charging and after charge dissi-
pation, respectively. The measured frequencies before and
after shining the laser and after charge dissipation are 2π ×
(267.88, 273.44, 267.75) kHz, respectively. The shift in
the secular frequency is approximately 2π × 5.56 kHz
after laser irradiation, and this indicates that the sign of
Q is negative, according to Eq. (8).

The measurement results of secular frequency over time
are shown in Fig. 6(b). The time in Fig. 6(b) indicates the
time after starting to measure the first secular frequency.
The secular frequency is measured over a period of 10 min.
First, the secular frequency is measured with the charg-
ing laser turned off for the initial 2 min. Next, the secular
frequency is observed for the following 5 min, while the
charging laser is turned on, and then the laser irradia-
tion is blocked to dissipate the existing charge. �ωz is
estimated from the difference between the measured sec-
ular frequency before and after laser irradiation, and the
errors are obtained from the standard deviation of the mea-
sured secular frequency after shining the laser. As shown in
Fig. 6(b), the measured secular frequency is uniform before
the laser is turned on. This indicates that �ωz depends only
on the charging laser and other factors are negligible. Since
the measured secular frequency at 3 min is almost uniform
until 7 min, charge generation is inferred to saturate within
1 min. The secular frequency returns close to its origi-
nal value within 1 min after laser irradiation is blocked.
This result is different than the time constants of t1 = 78
and t2 = 650 s measured in another study using aluminum
electrodes [31]. The 399-nm laser may have a fast dissi-
pation rate due to its low photon energy, which can lead
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(a)

(b)

FIG. 6. Measurement results of secular frequency before and
after shining the charging laser and after charge dissipation. (a)
Collection results of the number of photons emitted from the
trapped ion as a function of modulation frequency. Blue, orange,
and green lines show the results before and after charging and
after charge dissipation, respectively. Downward peaks indicate
the secular frequency. Observed frequency before charging is
approximately 2π × 267.88 kHz, whereas observed frequency
after charging is approximately 2π × 273.44 kHz. Secular fre-
quency returns close to its original value after the charge dis-
sipates. (b) Measurement result of secular frequency (ωz) over
time. Gray box indicates the time of shining the charging laser.
ωz is uniform from 0 to 2 min and increases in the gray box.
When laser irradiation is blocked, ωz returns close to its original
value.

to the photoelectrons being shallowly trapped in the native
oxide layer (see Appendix A for additional details). Alter-
natively, the native oxide layer in our trap may be thinner
than that in the previous study.

B. Location estimation of laser-induced charges

�ωz is obtained while changing zion by approximately
20 μm. The distance over which zion changes is estimated
from CCD images. For each ion position, the initial secular
frequency is measured, and then the process of shining the
charging laser and measuring the secular frequency shift is

performed. As shown by the blue dots in Fig. 7(a), �ωz
is estimated to have the largest value of approximately
2π × 6.52 kHz near zion = −20 μm, and measured �ωz
decreases as zion moves away from zion = −20 μm. Curve
fitting is performed based on the measurement result of
�ωz as a function of zion. Since only zion changes, both xion
and yion are set to zero in Eq. (9). Considering the possibil-
ity that stray charges can occur at multiple locations, curve
fitting is performed when n in Eq. (9) is from 1 to 3. From
the results of curve fitting, only one set of |xq| and zq is
obtained uniformly, regardless of n, and only the estimated
amount of the charge decreases when n increases. Thus,
the number of charge locations is inferred to be one. |xq|
and zq are estimated to be (47 ± 26) and (−25 ± 11) μm,
respectively, and Q is obtained as (−277 ± 64)e. Note that
only the magnitude of xq can be obtained by analyzing �ωz
as a function of zion, according to Eq. (9).

To determine the sign of xq, �ωz is observed while
changing xion by approximately 1.7 μm in the range from
−5 to +5 μm. Note that the micromotion of the trapped ion
is severe when the ion moves more than 5 μm away along
the x axis, and therefore, changing xion is performed up to
5 μm. As can be seen through the blue dots in Fig. 7(b),
measured �ωz is largest near xion = −5 μm and gradually
decreases along xion. The orange line shows the calcula-
tion result using Eq. (9) when yion and zion are zero. The
values of xq, zq, and Q are set to −47 μm, −25 μm, and
−277e, respectively, according to the estimated results of
�ωz as a function of zion. The sign of xq is inferred to be
(−), since the measured �ωz decreases along with xion, and
the plot of measured �ωz is comparable to the calculated
�ωz. Note that when the sign of xq is opposite, the plot is
flipped along the y axis.

C. Location analyses of laser-induced charges

The estimated location of the produced charge is com-
pared with where the laser is irradiating. Figure 8 shows
a CCD image of the surface-electrode ion trap and laser-
irradiation regions. The laser-irradiation regions are iden-
tified from the laser spot that appears on the trap surface
when the charging laser is blocked or not. Marks 1, 2, and
3 indicate the regions where the laser spot is observed.
Among the marks, mark 1 is the region where the analy-
ses in Secs. IV A and B are performed, and the coordinates
are x = (−51 ± 6) μm and z = (−23 ± 5) μm relative to
the initial ion position indicated by the green dot in Fig. 8.
The result shows that the estimated coordinates of the pro-
duced charge are consistent with the coordinates of the
laser-irradiation region within the margin of error.

The same experiments are repeated twice more by
changing the laser-irradiation region. The investigation is
repeated while irradiating the surface of the trap with the
charging laser on marks 2 and 3 in Fig. 8, and the corre-
sponding results are summarized as cases 2 and 3 in Table
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FIG. 7. Measurement results of �ωz as a function of ion posi-
tion. (a) Measurement result of �ωz as a function of zion. When
the ion is located near zion = −20 μm, �ωz is obtained as the
largest value of approximately 2π × 6.52 kHz, and measured
�ωz decreases as the ion moves away from zion = −20 μm.
Based on the measurement result, estimated |xq|, zq, and Q are
47 μm, −25 μm, and −277e, respectively. (b) Measurement and
calculation results of �ωz as a function of xion. Blue dots and
orange line show the measured result and calculated result of
Eq. (9), respectively. Interval between blue dots is approximately
1.7 μm, and measurement is performed in the range from −5 to
+5 μm along the x axis. Orange line is drawn using |xq|, zq, and
Q estimated from (a). Since measured �ωz decreases along xion,
the sign of xq is inferred to be (−). Inset shows the magnified
plot in the range from −6 to +6 μm. Error bars indicate standard
deviations.

I. The sign of zq in case 2 and xq in case 3 is intentionally
set to be opposite from that in case 1 to validate that the
sign of coordinates can be correctly identified. When case
1 and case 2 are compared, the sign can be distinguished
even when the sign of zq is opposite, and the magnitude
of zq can also be correctly estimated within the margin of
error. Comparing case 1 and case 3, it is correctly distin-
guished that the sign of xq is opposite. The magnitude of
xq is also correctly estimated within the margin of error.
Note that the accuracy of the estimated amounts cannot be

odc

rf

idc

Ion

50 µm

FIG. 8. CCD image of the surface-electrode ion trap in the
vicinity of the trapped ion. Green dot indicates the initial ion
position, and marks 1, 2, and 3 show laser-irradiation regions.

analyzed, since theoretical indicators that can compare the
amount of produced charges do not exist.

The following guidelines and tips are recommended for
estimating the locations of laser-induced stray charges.
First, it is suggested to measure the secular frequency shift
by uniformly moving the ion along the z axis until the spac-
ing between the ion and the nearest electrode is reached. If
the frequency shift approaches zero near where zion approx-
imately equals the ion-electrode spacing and a peak in the
plot of secular frequency shift is observed, curve fitting
can be performed. However, if the frequency shift does not
approach zero, additional measurements may be required
by moving the ion further along the z axis. To perform the
curve fitting, it is necessary to obtain measurement results
at different ion positions at least 3 times more than the
expected number of stray-charge locations.

TABLE I. Estimated values from measured �ωz and the coor-
dinates of laser-irradiation regions. Cases 1, 2, and 3 indicate
the results when the laser irradiates marks 1, 2, and 3 in Fig. 8,
respectively. Estimated values indicate the estimated results in
the curve fitting, and the actual values mean the identified coordi-
nates of laser-irradiation regions. The actual amount of produced
charges cannot be obtained, and therefore, the actual Q is pre-
sented as (–). The units of xq and zq are μm, and the unit of Q
is e.

Estimated values Actual values

xq zq Q xq zq Q

Case 1 −47 ± 26 −25 ± 11 −277 ± 64 −51 ± 6 −23 ± 5 –
Case 2 −66 ± 31 47 ± 18 −489 ± 78 −54 ± 3 49 ± 3 –
Case 3 51 ± 14 −4 ± 9 −86 ± 2 59 ± 3 −5 ± 3 –
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FIG. 9. Minimum detectable charge amount as a function of
the distance between the ion and stray charge, represented as the
absolute value. Minimum detectable charge amount is plotted
against the accuracy of the secular frequency measurement, as
indicated by blue, orange, and green lines for accuracies of 0.1,
0.2, and 0.5 kHz, respectively.

To evaluate the sensitivity of the proposed method for
estimating the locations of stray charges, the relation-
ship between the charge amount and the ion-to-stray-
charge distance is investigated while varying the accuracy
of the secular frequency measurement. The sensitivity
depends on several factors, including the initial secu-
lar frequency, the ion-to-stray-charge distance, the charge
amount, and the accuracy of the secular frequency mea-
surement, as described by Eq. (9). In our investigation, we
assume the initial secular frequency to be 2π × 250 kHz,
which is the value used in the experiment, and vary the
accuracy of the secular frequency measurement as 2π ×
(0.1, 0.2, 0.5) kHz. The results are shown in Fig. 9, where
the x axis represents the distance between the ion and
the stray charge, ranging from 0 to 150 μm, and the y
axis represents the absolute amount of charge, ranging
from 0 to 50e. The lines on the graph indicate the mini-
mum amount of charge that can be detected by the secular
frequency shift under the corresponding distance and fre-
quency measurement accuracy. For example, based on our
experimental results with 0.2-kHz accuracy, a stray charge
as low as approximately 10e can be detected when the ion-
to-stray-charge distance is approximately 115 μm, which
corresponds to the distance between the ion and the near-
est electrode in our trap. On the other hand, when the
charge amount is 100e, the stray charge up to approxi-
mately 350 μm away from the ion can be observed with
an accuracy of 0.2 kHz.

In the process of estimating the fitting parameters, the
margin of error for xq is the largest among the fitting
parameters. According to Eq. (9), since the calculation of
xq is carried out in the form of a square, the margin of
error for xq may be larger than that of zq. The margin

of error for zq is smaller; however, the estimated margin
of error is 10–20 μm. Additionally, the margin of error
for Q is calculated to be a level of several to tens of
electrons. The margin of error can be reduced by com-
pensating for ωz0(zion). The dc voltages are simulated and
applied, and the residual micromotion is then canceled
out by slightly adjusting the dc voltages. However, the
ion position can be shifted in this process, and ωz0(zion)

can also be distorted. In the experiment, when the ion is
located at the farthest point from zion = 0, ωz0 decreases
by approximately 22% compared with that of zion = 0. By
compensating for ωz0(zion) at each ion position, the esti-
mated margins of error for xq, zq, and Q in case 1 are
reduced to 11 μm, 5 μm, and 31e, respectively. The cor-
rected margin of error is approximately half of what it is
before the compensation. Also, the margin of error can be
reduced if the measurement of secular frequency is more
accurate. In the experiment, the margin of error for the
secular frequency measurement is approximately 0.2 kHz,
corresponding to 1.48 V/m of electric field and 0.35 μm
of ion displacement in the surface-electrode ion trap. This
measurement accuracy is comparable to the micromotion
compensation techniques, which can detect electric fields
of 1−5 V/m [21,22]. Instead of the parametric excitation
method that can accompany electrical noise, other ways,
such as the resolved sideband method [40], may reduce the
measurement error.

This study assumes point charges for the simplicity of
the model. However, when stray charges are induced by
a laser, they can occur over an area with relatively large
dimensions compared to the distance to the ion position.
Also, when it is generated on top of the thin native oxide
layer of the electrode material, the additional potential gen-
erated by the stray charge might behave close to that of the
dipole moment rather than a point charge, depending on
the geometry. We confirm that our method can still predict
the center position of the charged area for different scenar-
ios, even though the estimated amount of charge can vary
by more than an order of magnitude. Additional details
regarding this topic can be found in Appendix B.

A major disadvantage of the developed method is its rel-
atively slow speed compared to the micromotion compen-
sation techniques [24,36], as it involves scanning the fre-
quency. In particular, the measurement speed is determined
by the precision of the secular frequency measurement.
However, this technique is still a useful tool to identify the
locations of laser-induced stray charges, which can allow
us to efficiently optimize the laser-propagation paths to
reduce the occurrence of stray charges in surface-electrode
ion traps.

V. CONCLUSIONS

We develop a method for estimating the locations of
laser-induced stray charges on surface-electrode ion traps.
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The variation in the electric potential at the trapped-ion
location is modeled in the presence of a laser-induced stray
charge, and the magnitude of the shift in the secular fre-
quency of the trapped ion is derived from the model. Then,
constraints are assumed to uniquely determine the location
of stray charges from the secular frequency shift. In detail,
it is assumed that the secular frequency can be measured
at multiple ion positions in surface-electrode ion traps, and
therefore, the required number of secular-frequency-shift
measurements can be performed to determine the stray-
charge locations uniquely. The model is then extended to
the case where stray charges occur at multiple locations.
Numerous test data are generated with the assumption
of multiple stray charges at random locations, and the
locations of multiple stray charges are estimated from
the secular frequency shift observed in the test data. The
estimated locations are then compared with the actual
locations used to generate the test data. The number of
stray-charge locations that can be distinguished using the
developed method is also analyzed in this process. When
different stray charges are sufficiently far apart enough to
show different secular-frequency-shift peaks, locations of
different stray charges can be easily estimated. However,
when different stray charges are closely located and show
a single peak, up to three charge locations can be identified.
The effectiveness of the developed method is supported by
simulating the effect of stray charges and by analyzing the
resulting secular frequency shift. The locations of multi-
ple stray charges are estimated from the secular frequency
shift observed at multiple ion positions in the simulation.
Also, experiments are performed to evaluate the devel-
oped method by intentionally producing electric charges
at a single location by irradiating the laser onto that spot.
The resulting secular frequency shift of the trapped ion is
measured at multiple ion positions, and the location of pro-
duced charges is estimated from the measurement result.
The estimated location of produced charges agrees with
where the laser is irradiating within the margin of error.
The developed method can be used to characterize laser-
induced stray charges when trapped ions detect stray elec-
tric fields. This can be extended to designing experiments
to avoid or reduce the occurrence of stray charges.
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APPENDIX A: CHARGE-DISSIPATION ANALYSIS

In this study, the secular frequency shift of a trapped ion
is investigated while irradiating the electrode surface of the

ion trap with a 399-nm laser. The secular frequency returns
to its original value within 1 min after blocking laser irra-
diation, which is different from what is observed in other
studies [25,31]. However, when irradiating the same spot
with a 369.5-nm laser, the secular frequency does not
return to its initial value for over 20 min after blocking
the laser delivery, as depicted in Fig. 10. According to the
model for the photoelectric effect on the oxidized electrode
[26], when using the 369.5-nm laser, the kinetic energy of
photoelectrons will be relatively high, and therefore, we
conjecture that the photoelectrons may be trapped deep in
the native oxide film, which leads to the observed slow rate
of charge dissipation. Note that the measurement of secu-
lar frequency is challenging while delivering the 369.5-nm
laser, since the reflected light from the electrode surface
is strong. Additionally, using a 935-nm laser at the same
region on the electrode surface does not change the secu-
lar frequency. Based on these results, the observed effect
with the 399-nm laser is also attributed to the charging
phenomenon caused by the laser on the oxidized elec-
trode surface, despite the quick charge dissipation with the
399-nm laser in the experiment.

APPENDIX B: DIPOLE MODEL

When establishing the theoretical model, it is assumed
that there is a point charge in free space, as discussed at the
end of Sec. IV C. However, to demonstrate the practicality
of the developed model even under other scenarios, a uni-
form charge density is assigned to an area of 10 × 10 μm2

using a COMSOL simulation, and then the secular frequency
shift in the simulation and the charge amount estimated
from the theoretical model are analyzed. Similar to the
simulation conditions in Fig. 4, a surface charge density
of −10e/μm2 is applied to create a total charge of −1000e,

FIG. 10. Measurement result of secular frequency (ωz) with
the 369.5-nm laser. Gray box indicates the time while irradiating
the electrode surface with the laser. Due to reflected light from
the electrode surface, the secular frequency cannot be obtained
in the gray box.
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(a)

(b)

(c)

FIG. 11. Curve fitting and simulation results of �ωz as a func-
tion of zion for different scenarios, including varying surface
charge densities, areas, and materials. (a) Surface charge density
of −10e/μm2 on an alumina area of 10 × 10 μm2. (b) Surface
charge density of −10e/μm2 on an area of 10 × 10 μm2 in a
vacuum. (c) Surface charge density of −1000e/μm2 on an area
of 1 × 1 μm2 in a vacuum. Corresponding fitting results are
summarized in Table II.

and the center position of the charged area is set to (55,
−108, 0) μm. The material beneath the induced charg-
ing area is assumed to be alumina (Al2O3), a native oxide
film on an aluminum electrode, while the electrode itself

TABLE II. Summary of curve-fitting results shown in Fig. 11.
10 × 10 and 1 × 1 indicate the sizes of charged regions in μm2,
and the point represents a point charge. Surface charge density
(ρs) denotes the magnitude of assigned charge density at the
charged regions. The estimated location of the charge is indicated
by (xq, zq), and the estimated amount of charge is represented by
Q. For all simulation results, the total charge amount is assumed
to be −1000e, and yq is assumed to be −108 μm.

Simulation condition ρs (e/μm2) (xq, zq) (μm) Q (e)

10 × 10 (Al2O3) −10 (60, 0) −27
10 × 10 (vacuum) −10 (58, 0) −159
1 × 1 (vacuum) −1000 (63, 0) −583
Point (vacuum) – (64, 0) −979

is assumed to be grounded. The secular frequency shift
is estimated by varying the distance between the ion and
the charged region at intervals of 40 μm in the range of
−240 to +240 μm along the z axis. As shown in Fig. 11(a),
the magnitude of the secular frequency shift decreases by
approximately 35 times, and the estimated charge amount
obtained through curve fitting also decreases by approxi-
mately 36 times, resulting in a value of −27e. However, the
estimated charge location is (xq, zq) = (60, 0) μm, which
is comparable to the result obtained using a point charge
within 7% error.

As depicted in Figs. 11(b) and 11(c), similar simulations
are conducted by changing the area and material under-
neath the induced surface charge density. The total amount
of charge is set to be −1000e for all cases, and the corre-
sponding results are summarized in Table II. Although the
area and the material are different, a similar shape of plot
is observed, and then all the estimated location of stray
charge is comparable. However, the estimated total charge
amount has a large discrepancy, depending on the area
and the material. Different dielectric constants may lead
to different magnitudes of electric field inside the insulat-
ing film, resulting in different electric field gradients at the
ion position. Also, a larger area results in a lower electric
field gradient at the ion position, leading to a lower secular
frequency shift, when the total charge amount is constant.
Note that the main purpose of our study is to identify the
location of stray charges and to extend our approach to
estimate the relatively accurate amount of stray charges as
well; a more elaborate model and information about the
layer structure are required.
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