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Unlike optical imaging methods, where the Fourier representation of the object is created by wave
diffraction, magnetic resonance imaging (MRI) scans the Fourier domain by spatially modulating the
nuclear magnetization with magnetic field gradients. Therefore, the resolution of MRI is limited by signal
strength rather than the wavelength of the diffracted wave. However, in several important applications,
such as the imaging of water diffusion or blood oxygenation in the human brain, MRI must collect all
the Fourier data during a single evolution of the signal to avoid artifacts caused by random fluctuations
of its phase. The Fourier domain coverage of the “single-shot” MRI strategy is limited by the lifetime of
the signal and results in a resolution limit analogous to the diffraction limit in optical microscopy. Conse-
quently, recently developed optical superresolution methods may appear helpful. This work employs the
recently developed method of phaseless encoding, which implements the idea of linear structured illumi-
nation microscopy (SIM) to enable multishot data acquisition and triple the MRI resolution regardless of
the presence of spin phase fluctuations, and develops it further to enhance the resolution in two dimensions
and to push its gain above a factor of 3 using “illumination patterns” with multiple harmonics, a concept
borrowed from saturated SIM (SSIM) methodology. Results obtained with enhanced phaseless encoding
on a 3-Tesla clinical scanner in phantoms and human brain are presented. This method will be beneficial
when conventional multishot MRI is impeded by signal instability due to motion or other factors.
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I. INTRODUCTION

The kinship of magnetic resonance imaging (MRI) with
Fourier optics, noticed by Lauterbur [1] and Mansfield [2]
in their seminal 1973 papers, inspired several concepts
during the early years of development of this technique,
greatly contributing to its present status as a standard med-
ical imaging tool. Decades later, the breathtaking progress
made in the meantime by optical microscopy and the
advent of superresolution (SR) methods overcoming the
diffraction limit (i.e., the Abbe or the Rayleigh criterion)
again provide ideas that allow MRI performance to be
pushed higher in some of its important applications.

A. The diffraction limit in MRI

Mansfield has proposed to describe MRI using terms
of diffraction physics [3] and this approach is used ever
since. MRI scanners create transverse nuclear magne-
tization in an object by exciting polarized spins with
a radio-frequency (rf) pulse, modulate it by letting
the spins precess in the presence of a gradient field
superimposed on the main field of the polarizing mag-
net, and measure a signal that is given by the net
magnetization. This allows sampling of the object’s
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representation in the Fourier domain, called k space, along
a trajectory whose speed is defined by shaped pulses of
three orthogonal gradients [4–6]. The shortest modulation
period, and thus the maximum k-space range, which sets
the resolution limit, does not depend on the resonance fre-
quency or electromagnetic wavelength, as is the case in
optical microscopy where the Fourier domain signal is cre-
ated by diffraction. In MRI, the resolution limit is solely
defined by the strength of the magnetic field gradient and
the lifetime of the precession signal. With gradients avail-
able on modern scanners (almost 0.1 T/m) and transverse
relaxation times of 1H nuclei in the water in tissue of
tens of milliseconds, the k-space range that can be reached
with a straight trajectory section corresponds to a reso-
lution limit of a few microns, well below the detection
level of MRI receiver coils, which is roughly 100–200 μm.
Because multiple trajectory sections are needed to sample
two-dimensional (2D) k space, high-resolution MRI uses
multiple spin excitations, or “shots,” to collect data for one
image. The resolution of multishot MRI is thus considered
limited only by the signal-to-noise ratio (SNR), and free of
inherent Fourier domain limits.

The situation is different when the MRI signal phase is
affected by uncontrollable factors such as subject motion or
respiration-induced fluctuations of the magnetic field [7].
This is particularly the case in two important neuroimag-
ing applications: diffusion tensor MRI, a method allowing
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neuronal connections to be traced [8], and blood-
oxygenation-level-dependent (BOLD) MRI used to observe
cortical activity [9–11]. These applications usually require
the entire image information to be scanned with a sin-
gle shot, and use a long 2D k-space trajectory, which
takes the form of a zigzag line, as in Mansfield’s pop-
ular echo planar imaging (EPI) method [12], or a spiral
[13]. The k-space range covered by such trajectories is
inevitably much more restricted and, with available gra-
dient hardware, corresponds to a resolution limit of only
about 1–2 mm. These circumstances place MRI in the sit-
uation of classical optics: the signal is strong enough to
push the resolution higher, but a physical obstacle anal-
ogous to the diffraction limit precludes the acquisition of
higher spatial frequencies.

B. Inspiration from superresolution light microscopy

Breaking the diffraction limit by superresolution optics,
an achievement awarded with the 2014 Nobel Prize in
chemistry, is based on a “manipulation” of the light-
emitting object at a scale that is smaller than the width
of the optical filter. This manipulation involves either
inducing a single-point light emission in a line-scanning
[14–16] or stochastic [17,18] order, or an illumination
of the object with a periodic pattern that shifts normally
truncated spatial frequencies into the filter’s limited band-
width. This approach, known as structured illumination
microscopy (SIM) [19–21], provides lower resolution gain
than the single-point methods owing to the limitation of the
achievable modulation frequency by the light wavelength,
a limitation mitigated in saturated SIM (SSIM) based on
nonlinear pattern distortions to generate higher-order har-
monics [22–24]. However, it is the SIM principle that
appears attractive in MRI, where periodic modulations are
easily implemented with gradient and rf pulse sequences
and used, e.g., to evaluate cardiac motion with moving
“tags” [25].

In the MRI method called phaseless encoding, a micro-
scopic sinusoidal tagging pattern is imposed on the longi-
tudinal magnetization of the object prior to a single-shot
imaging sequence [26,27]. Just like the structured illumi-
nation pattern in linear SIM, this tagging simultaneously
excites three signal bands in the k space, and allows a
resolution enhancement of a factor of 3. To reconstruct a
high-resolution image, several low-resolution scans with
different tagging shifts are required to allow the mixed
bands to be separated. The acquisition thus consists of
multiple shots; however, by contrast to the standard mul-
tishot MRI methods, phaseless encoding involves only
a real-valued modulation. Consequently, random phase
fluctuations, the “curse” of multishot MRI, can be elimi-
nated by simply taking the magnitude of the low-resolution
images acquired with each pattern shift. These images are
Fourier transformed back to k space where the three band

signals are separated by inversion of a linear problem anal-
ogous to that of SIM, and, finally, an image with up to
threefold resolution enhancement can be reconstructed. To
improve the matrix conditioning and thus maximize the
SNR of the reconstructed image, the contributions of the
three signal bands are usually made equal by employing
the “magic angle” (circa 54.74°) as the tagging flip angle
[28].

It should be noted that the word “phase” in this context
refers to the direction of the transverse spin magnetiza-
tion. The proposed encoding is “phaseless” because, unlike
standard MRI methods, it affects longitudinal magnetiza-
tion only. The shift of the sinusoidal tagging pattern needed
for phaseless encoding can also be regarded as a “phase
shift”; however, since this does not involve spin phase
modulation, the term “shift” is used for pattern modula-
tions to avoid ambiguity. We also use the term “phaseless
encoding” interchangeably with “superresolution MRI” to
emphasize the mentioned analogy of this approach with
SR optics, and to keep the established use of the SR clas-
sification in MRI for methods based on magnitude image
processing [29,30].

Phaseless encoding has been successfully implemented
to produce high-resolution EPI scans with diffusion
weighting [28]. However, in the experiments carried out
so far, the resolution enhancement was restricted to one
dimension, and limited by a factor of 3. This one-
dimensional (1D) improvement was well suited to the
rectangular k-space coverage characteristic of EPI. Other
sampling trajectories, like the spiral scan, require a more
a general structured illumination scheme that could give
an isotropic 2D resolution enhancement. Further, to sur-
pass the enhancement factor of 3, the signal encoding
scheme should give access to more distant k-space regions.
In this paper, another few phaseless encoding schemes
fulfilling these criteria are developed by adapting further
concepts from optical microscopy. An early account of
this work was recently presented in conference abstracts
[31,32]. Another application where MRI is predominantly
used with single-shot sampling due to possible phase
variability is functional brain imaging [9–11]. Since the
blood-oxygenation contrast used in functional MRI (fMRI)
requires a long gradient-echo time [9], the magnetiza-
tion phase becomes highly sensitive to magnetic field
offsets caused by respiration and heartbeat [7]. The results
obtained with phaseless encoding in diffusion MRI suggest
that this method should also be useful to push the reso-
lution of fMRI and other long gradient-echo applications,
such as susceptibility MRI [33].

C. MRI with 2D SIM and SSIM

First, phaseless encoding is extended to increase the
resolution threefold in two orthogonal dimensions, which
allows further shortening of the sampling time in each
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cycle, in a manner that is compatible with both rectan-
gular and circular k-space sampling and is thus suitable
for both EPI and spiral scans. For this purpose, a total of
nine k-space regions (i.e., “tiles”) can be mixed in various
ways. The enhancement can be achieved by a rotational
1D tagging modulation as in SIM, with an optional scaling
of the tagging along the diagonal. Alternatively, the same
goal can be reached by a 2D grid tagging with shifts simi-
lar to the modulation scheme in multidoughnut nanoscopy
[34]. Both strategies are implemented and compared for
the trade-off between the relative SNR and the minimum
scan time. Additionally, owing to the overlapping of the
nine k-space regions, these parts of the data can be used to
estimate any residual constant phase shifts of tagging and
remove these shifts during postprocessing.

Second, the fundamental concept of SSIM is translated
to phaseless encoding MRI to increase the superresolu-
tion factor. SSIM generates higher spatial harmonics by
increasing the illumination power so that the sample emit-
tance signal is modulated by a nonsinusoidal function,
even though the illumination pattern is diffraction lim-
ited. In MRI, however, the tagging modulation frequency,
which is determined by the time integral area of the tagging
gradient pulse, can be made nearly arbitrarily high. There-
fore, instead of building a tagging sequence that excites all
required harmonics, we apply the standard sinusoidal tag a
few times (twice in the current implementation) with dif-
ferent wavelengths to sample harmonics of different orders
one by one. In the k-space perspective, this causes mix-
ing of the central band with two neighboring sidebands in
the first scan, and two bands at twice this distance in the
second, both sampled by the same elongated EPI trajec-
tory. In each scan, the three elongated bands are resolved
based on three tagging shifts, as in the standard phaseless
encoded reconstruction. In this way, a fivefold superre-
solved image can be obtained by simply combining the
signal bands reconstructed from a total of six scans (with
the central band, measured twice, being averaged). Higher
enhancement factors can also be envisaged.

II. IMAGING METHODOLOGY AND RESULTS

Superresolution MRI scans using the proposed tech-
niques are carried out with a water phantom with immersed
silicon tubes (1.5-mm wall thickness), a spherical water-
filled phantom, and a human subject in a 3-Tesla MRI
scanner. In each signal encoding scheme described in
the following, the two-pulse tagging sequence for spatial
modulation of magnetization (SPAMM) [25] is added at
the beginning of the vendor-designed pulse sequences for
EPI and spiral scans to gain access to additional k-space
bands at a programmable distance and angle. A superres-
olution image is reconstructed by adapting the standard
reconstruction pipeline for 1D phaseless encoding [28] to
resolve the mixed band signals in each shot, and combining

them properly in k space. Eventually, the experiments suc-
cessfully achieve nearly threefold superresolution in 2D
mode and fivefold in 1D. A small band overlapping is
used to avoid k-space holes similar to the multishot seg-
mented scan. To estimate the trade-off in the SNR drop,
a theoretical SNR calculation for each scheme is made,
assuming an equal amplitude for the excited k-space sig-
nal bands to consider the minimum noise propagation in
the reconstruction for each scan. The mathematical for-
mulation, the technical details for all encoding schemes,
and the SNR analysis are provided in the Supplemental
Material [35], and the details of the implemented scan pro-
tocols and reconstruction steps are available in Sec. III.
Throughout the paper, the resolution of the reconstructed
images is derived as the inverse of the k-space range
obtained from the phaseless encoding reconstruction. This
theoretical measure agrees with the analysis of the test
object contours using an extended version of the method
proposed in Ref. [36], as described in the Appendix.

A. Scheme A, 2D superresolution, 1D rotational
tagging

1. Tagging sequence

Scheme A applies a 1D sinusoidal tagging with four
rotations, and three shifts in each direction [see Fig. 1(a)],
exactly resembling the modulation patterns in the lin-
ear SIM for 2D resolution improvements. The rotation of
the tagging is obtained by a linear combination of two
orthogonal gradients in the SPAMM [25] sequence prior
to each shot of the acquisition. In this way, standard 1D
phaseless encoding scans along the four directions (i.e.,
horizontal, vertical, and diagonal) are consecutively per-
formed, with optional scaling of the tagging wavelength
(i.e., inversely proportional to the neighboring bands’ dis-
tance) in diagonal directions. For spiral sampling with
unscaled tagging [see Fig. 1(b)], k-space data covered by
a circularly arranged pattern of round tiles can be even-
tually reconstructed to reach threefold isotropic resolution
enhancement [see Fig. 1(c)]. With Cartesian sampling, the
wavelength of the diagonal tagging is shortened by a fac-
tor of

√
2 [see Fig. 1(d)], covering a 3 × 3 rectangular

pattern of square tiles of reconstructed k-space data [see
Fig. 1(e)], which also improves resolution threefold along
two orthogonal dimensions.

2. Reconstruction: Spiral

The water phantom with silicon tubes is used to test
the rotational tagging with spiral sampling [see Figs.
2(a)–2(c)]. With three acquisition shots using a low-
resolution spiral window [see Fig. 2(a), black solid tra-
jectory], regions covered by three round tiles with 14.2%
band overlapping are reconstructed along each rotational
direction and combined (the central band being averaged
4 times) to yield an isotropic threefold increase of the
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(a) (b) (c)

(d) (e)

(g)(f)

(j)

(k)

(i)

(h)

C

FIG. 1. Tagging modulation in the phaseless encoding schemes A, B, and C. (a) 1D rotated tagging with three shifts along each
of the four directions, optionally with scaling of the tagging wavelength in the diagonal. (b) The k-space sampling of the mixture
of the three signal bands (in distinct colors) excited along a rotated direction in a spiral trajectory. Along each direction, three scans
with distinct tagging shifts are performed. (c) Reconstructed k-space data combine resolved bands from twelve scans, improving
2D coverage threefold with a rotated circular pattern. (d) The k-space sampling of the mixture of the three signal bands (in distinct
colors) along a direction in a Cartesian trajectory (e.g., EPI). Along each direction, three scans with tagging shifts are performed. (e)
Reconstructed k-space data improve resolution in 2D threefold with a rectangular pattern. (f) 2D grid tagging with nine tagging shifts
in two orthogonal dimensions. (g) The k-space sampling of the mixture of the nine signal bands (in distinct colors) excited at a time
in a Cartesian trajectory. Nine scans are performed with tagging shifts in 2D. (h) Reconstructed k-space data have a 3 times increased
coverage in 2D with a rectangular pattern. (i) 1D tagging with three shifts in three scans, repeated twice. The tagging wavelength
is shortened by half in the second set of three scans to excite higher-order k-space signal bands, with no need to create a saturated
sinusoidal tagging as in the SSIM. (j) The k-space sampling of the three signal bands excited at a time in a Cartesian trajectory. The
first three scans mix the two neighboring bands with the central band, while the second three mix the two bands twice the distance in
the same sampling window. (k) The k-space reconstructed data combine resolved bands from six scans, improving resolution fivefold
in 1D.
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k-space coverage in the finally reconstructed data [see
Fig. 2(a), side bands in red, blue, green, and gold dot-
ted trajectories]. From a total of 12 tagged low-resolution
images [3.0 × 3.0 mm2, their sum is shown in Fig. 2(b)],
a high-resolution image with resolution of 1.1 × 1.1 mm2

is reconstructed, corresponding to an almost threefold
isotropic resolution improvement and resolving details that
are invisible in the low-resolution scans without observ-
able artifacts [see Fig. 2(c)].

3. Reconstruction: Cartesian

In vivo measurements are conducted to test the rota-
tional tagging with Cartesian sampling for nonweighted
images and diffusion-weighted images of the human brain
with a total of 16 diffusion directions [see Figs. 2(d)–2(h)].
With three shots of low-resolution Cartesian sampling [see
Fig. 2(d), black solid trajectory], k-space data covered
by three square tiles are reconstructed along a tagging
direction (the central band, averaged 4 times), and are com-
bined to give a final image with nearly threefold resolution
enhancement along two orthogonal dimensions [Fig. 2(d),
side bands in red, blue, green, and gold dotted trajectories].
From a total of 12 low-resolution scans [2.1 × 2.1 mm2,
the sum images in Figs. 2(e) and 2(g)], a high-resolution
image with resolution of 0.75 × 0.75 mm2 (approximately
10% band overlapping) is reconstructed [see Figs. 2(f) and
2(h)] with no observable artifacts. The reconstructed diffu-
sion image [see Fig. 2(h)], which is completely free of the
ghost artifacts, confirms the insensitivity of our approach
to random phase fluctuations.

4. The scalable tagging wavelength in the diagonal

The scaling of the diagonal tagging in Fig. 1(d) max-
imizes the finally reconstructed k-space coverage with
Cartesian sampling as in Fig. 1(e). However, for the phase-
less encoding with spiral trajectory, simultaneous sampling
of equidistant neighboring tiles in all directions turns out
to be a natural choice for optimal k-space coverage, as
illustrated in Fig. 3. The spiral sampling window in k
space [i.e., represented by a round tile, Fig. 3(a)] and the
corresponding low-resolution sum image [3.0 × 3.0 mm2,
Fig. 3(b)] are shown as the references. With the diagonal
tagging shortened to cover a rectangularly arranged pattern
of the round tiles, certain regions between the neighbor-
ing tiles cannot be recovered in the reconstructed k-space
data with resolution of 1.1 × 1.1 mm2 [see Fig. 3(c)], lead-
ing to visible image artifacts due to the k-space holes [see
Fig. 3(d)]. These empty holes can be eliminated by uni-
formly reducing the neighboring bands’ distance in all
directions, but with a trade-off of a minimum of 29.3%
band overlapping [see Fig. 3(e)], which compromises the
resolution improvement potential leading to an image with
resolution of 1.24 × 1.24 mm2 only [see Fig. 3(f)]. There-
fore, the unscaled tagging in all directions is preferred for

(a)

(d)

(b) (c)

(e) (f)

(g) (h)

(j) (k)

(l) (m)

3.0 × 3.0 mm2 1.1 × 1.1 mm2

2.1 × 2.1 mm2 0.75 × 0.75 mm2

2.1 × 2.1 mm2 0.75 × 0.75 mm2

(i)

FIG. 2. Reconstruction of 2D threefold superresolution. (a)
Reconstructed k-space bands, sampled by the spiral window
at the center (black solid trajectory), with the side bands
(red, blue, green, gold dotted trajectories), eventually resolve
to reach a threefold enlarged circular coverage. (b) Sum
of the low-resolution images with tagging, 3.0 × 3.0 mm2.
(c) Reconstructed high-resolution image, 1.1 × 1.1 mm2. (d)
Reconstructed k-space bands, sampled by the Cartesian win-
dow at the center (black solid trajectory), with the side
bands (red, blue, green, gold dotted trajectories) eventually
resolve to reach a rectangular threefold increased coverage. (e)
Sum of the low-resolution nonweighted images with tagging,
2.1 × 2.1 mm2. (f) Reconstructed high-resolution nonweighted
image, 0.75 × 0.75 mm2. (g) Sum of the low-resolution diffusion-
weighted images (i.e., 16 diffusion directions) with tagging,
2.1 × 2.1 mm2. (h) Reconstructed high-resolution diffusion-
weighted image (i.e., 16 diffusion directions), 0.75 × 0.75 mm2.
No ghost artifact due to random phase fluctuation is observed,
owing to the magnitude-based reconstruction. (i) Reconstructed
k-space bands sampled by the Cartesian window at the center
(black solid trajectory), with the side bands (blue dotted trajec-
tory), resolve to form a rectangular threefold increased coverage.
(j) Sum of low-resolution nonweighted images with tagging,
2.1 × 2.1 mm2. (k) Reconstructed high-resolution nonweighted
image, 0.75 × 0.75 mm2. (l) Sum of low-resolution diffusion-
weighted (i.e., 16 diffusion directions) images with tagging,
2.1 × 2.1 mm2. (m) Reconstructed high-resolution diffusion-
weighted image (i.e., 16 diffusion directions), 0.75 × 0.75 mm2.
The reconstruction is free of ghost artifacts in the presence
of diffusion gradients due to the magnitude-based reconstruc-
tion. Please note that the k-space trajectories are drawn only for
illustration purposes and are not strictly based on the scan pro-
tocols. Additionally, the details of reconstructed images can be
visualized better in the full-size figure.
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spiral acquisition, which maintains a continuous coverage
of the enlarged final k-space window and has a very small
requirement (7.6%) for the minimum band overlapping,
yielding an image with resolution 1.1 × 1.1 mm2 [see Figs.
3(g) and 3(h)]. For both options with the spiral window, the
minimum band overlapping is computed by the geometry
of the k-space band patterns as illustrated in the Fig. 4.

B. Scheme B, 2D superresolution, 2D grid tagging

1. Tagging sequence

Scheme B concatenates two orthogonal tagging sequences
with three shifts in each direction, modulating the object
with a 2D grid pattern [see Fig. 1(f)], similar to mul-
tidoughnut nanoscopy [34]. This simultaneously covers
nine k-space tiles [see Fig. 1(g)] arranged in a rectangu-
lar pattern similar to the rotational tagging with Cartesian
sampling [Fig. 1(h)]. This grid tagging has been used for
superresolution MRI [37] with a simplified, interleaving-
based reconstruction, which does not provide the same
resolution enhancement as the SIM-like reconstruction
technique used here.

2. Reconstruction

Scheme B is tested by in vivo measurements with non-
weighted images and diffusion-weighted phantom images.
With a total of nine acquisitions by low-resolution Carte-
sian sampling [see Fig. 2(i), black solid trajectory], nine
square k-space tiles are reconstructed and combined to
reach approximately threefold increased k-space coverage
in two orthogonal dimensions [see Fig. 2(i), side bands
in blue dash trajectory]. From the low-resolution images
[2.1 × 2.1 mm2, their sum images are shown in Figs. 2(j)
and 2(l)], high-resolution images with resolution of 0.75
× 0.75 mm2 (approximately 10% band overlapping) are
reconstructed, with clearly more image details and no
obvious artifacts [see Figs. 2(k) and 2(m)].

a. Comparisons between schemes A and B—Owing to the
modulation of the net magnetization, scheme A has the rel-
ative SNR efficiency of 100% and 50% compared with
the multishot segmented scan for regions covered by the
tile at the k-space center and its neighbors, respectively.
Scheme B maintains only 33% relative SNR efficiency for
all bands because of the stronger suppression of the longi-
tudinal magnetization by the grid tagging. While scheme
A is preferred to maximize the SNR of phaseless encod-
ing, scheme B requires three fewer acquisition cycles to
complete the experiment. The SNR drop from scheme A
to scheme B can be roughly observed by comparing the
reconstruction [Fig. 2(f) versus Fig. 2(k); Fig. 2(h) ver-
sus Fig. 2(m)]. The calculation of the SNR performance
is shown in the Supplemental Material [35].

(a) (b)

(c) (d)

(e) (f)

(g) (h)

3.0 × 3.0 mm2

1.1 × 1.1 mm2

1.1 × 1.1 mm2

1.24 × 1.24 mm2

FIG. 3. Rectangularly and circularly arranged band pattern in
k space for spiral acquisitions. (a) Low-resolution spiral sam-
pling coverage. (b) Sum of low-resolution images with tag-
ging, sampled by the spiral window in (a), 3.0 × 3.0 mm2. (c)
High-resolution reconstructed k-space coverage using the rotated
tagging scheme A. The tagging wavelength in the diagonal
is shortened to yield a rectangularly arranged pattern, simi-
lar to the one in Cartesian 2D phaseless encoding, but incurs
nonsampled k-space regions (i.e., holes) between neighboring
bands. (d) Reconstructed image with the k-space coverage in (c),
1.1 × 1.1 mm2. (e) Reconstructed k-space coverage by uniformly
increasing the tagging wavelength in the experiment in (c), elim-
inating the k-space holes between the reconstructed neighboring
bands, but compromising the finally achieved resolution due to
the large overlapped regions. (f) Reconstructed image with the
k-space coverage in (e), 1.24 × 1.24 mm2. (g) Reconstructed
k-space coverage by uniform tagging wavelength along all direc-
tions, resulting in a circularly arranged band pattern without large
band overlapping. (h) Reconstructed images with the k-space
coverage in (g), 1.1 × 1.1 mm2. Improved image quality can be
seen in (h) compared with reconstructions in (d) and (f). The
details of reconstructed images can be visualized better in the
full-size figure.
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(a) (b)

FIG. 4. The geometry of band overlapping for spiral acquisitions. R is the radius of each circular k-space band (i.e., coverage by
spiral trajectory), BOF is the band overlapping factor, with the band overlapping percentage = BOF/2R. (a) Rectangular arrangement
for 2D phaseless encoding with spiral, with the minimum band overlapping to avoid interband holes. In the finally reconstructed k-
space data, along the kx and the ky directions, the maximum k-space range that can be reached is reduced by 29.3% of the single-shot
circular coverage (i.e., by the low-resolution spiral trajectory), owing to strong band overlapping. (b) The circular arrangement with
the minimum band overlapping to avoid holes, with only 7.6% band overlapping needed.

C. Scheme C, SSIM in MRI, 1D tagging with multiple
wavelengths

1. Tagging sequence

Scheme C simultaneously samples the central band of
the elongated EPI trajectory with two adjacent bands in
the first three scans, similar to the standard 1D phaseless
encoding, followed by a second set of three scans with the
tagging shortened by half to cover the two bands twice this
distance [see Fig. 1(i)]. In this way, multiple k-space sig-
nal bands are excited, reconstructed in separate scans [see
Fig. 1(j), side bands in red, blue, yellow, and magenta],
and eventually combined (with the central band averaged
twice) to yield a fivefold superresolved image [equiva-
lent to 5 times enlarged effective k-space coverage, see
Fig. 1(k)].

Scheme C is tested with Cartesian sampling in the
readout dimension for two different applications: to reach
further resolution enhancement, and to reduce the echo
spacing in each scan given the same final resolution.
Compared with the multishot segmented scan, the rela-
tive SNR efficiency for scheme C is 75% and 53% for
the central band and the side bands, respectively. The
calculation of SNR performance for scheme C is shown
in the Supplemental Material [35].

2. Reconstruction—higher resolution

The ability of the phaseless encoding to reach a super-
resolution factor beyond 3 is demonstrated using a water
phantom with small silicon tubes and with a human
subject [see Figs. 5(a)–5(l)]. Sampled by a limited k-
space window [see Fig. 5(d)], the sum of low-resolution
images (3.4 × 0.75 mm2) are shown as the reference
for the water phantom, the nonweighted human head
image, and the diffusion-weighted human head image
with sum of 16 diffusion-weighted directions, respectively
[see Figs. 5(a)–5(c)]. With standard 1D phaseless encod-
ing, the reconstructed image resolution can be improved
about threefold, as 1.25 × 0.75 mm2 [approximately 12%
band overlapping, see Figs. 5(e)–5(h)]. Scheme C further
enhances the spatial resolution around fivefold, reaching
the resolution of 0.75 × 0.75 mm2 (approximately 12%
band overlapping) and resolving more details than the
threefold improved images [see Figs. 5(i)–5(l) in full size].

3. Reconstruction—reduced echo spacing

A human subject is scanned with scheme C to fur-
ther shorten the EPI echo spacing while maintaining the
same final resolution [see Figs. 5(m)–5(r) in full size].
The standard 1D threefold phaseless encoding improves
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(a)

(b)

(c)

(e)

(f)

(g)

(i)

(j)

(k)

(m) (o) (q)

(d) (h) (l)

(n) (p) (r)

3.4 × 0.75 mm2 1.25 × 0.75 mm2 0.75 × 0.75 mm2

2.1 × 0.75 mm2 0.75 × 0.75 mm2 0.75 × 0.75 mm2

FIG. 5. The reconstruction of 1D fivefold
superresolution for two applications. (a)–(c)
Sum of low-resolution images with tagging
for the water phantom with silicon tubes, the
nonweighted head image, and the diffusion-
weighted head image with 16 diffusion direc-
tions, respectively, all in 3.4 × 0.75 mm2. (d)
The k-space coverage by the low-resolution
EPI sampling. (e)–(g) Reconstructed image
of the 1D threefold superresolution phaseless
encoding, all in 1.25 × 0.75 mm2. (h) The k-
space coverage by the standard 1D threefold
phaseless encoding, with the low-resolution
EPI sampling at the k-space center (black solid
trajectory), and the two additional neighbor-
ing bands resolved in the reconstruction (red
dotted trajectory). (i)–(k) Reconstructed image
of the 1D fivefold superresolution phaseless
encoding, all in 0.75 × 0.75 mm2. Note the dif-
fusion images are free of ghost artifacts due
to the magnitude-based reconstruction. (l) The
k-space coverage by the 1D fivefold super-
resolution phaseless encoding with the low-
resolution EPI sampling window (black solid
trajectory), the two resolved bands for three-
fold higher spatial frequency (red dotted tra-
jectory), and the two bands for fivefold higher
spatial frequency resolved further. (m) Sum
of low-resolution images with tagging for the
nonweighted head image, in 2.1 × 0.75 mm2.
(n) The k-space coverage by the low-resolution
EPI sampling, which has longer echo time
compared to the one in (d). (o) Reconstruc-
tion of the standard 1D threefold phaseless
encoding for the nonweighted head image, in
0.75 × 0.75 mm2. (p) The k-space coverage by
the standard 1D threefold phaseless encoding
with the low-resolution EPI sampling at the k-
space center (black solid trajectory), and the
two additional neighboring bands resolved in
the reconstruction (red dotted trajectory). (q)
Reconstruction of the 1D fivefold phaseless
encoding for the nonweighted head image, in
the same final resolution as in (o), but with
shorter echo spacing and, therefore, with vis-
ibly improved image quality. (r) The k-space
coverage of the 1D fivefold phaseless encod-
ing, reaching the same final resolution but
with shorter echo spacing for the EPI window
compared to (p). Please note that the k-space
trajectories are drawn only for illustration pur-
poses and are not strictly based on scan proto-
cols. Additionally, the details of reconstructed
images can be visualized better in the full-size
figure.

the image resolution from 2.1 × 0.75 mm2 [see Fig. 5(m)]
to 0.75 × 0.75 mm2 (approximately 10% band overlap-
ping) [see Fig. 5(o)]. By applying scheme C, the same

final resolution can be achieved with even shorter echo
spacing, in which a superresolution image with resolu-
tion 0.75 × 0.75 mm2 [see Fig. 5(q)] can be reconstructed
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from low-resolution tagged images [3.4 × 0.75 mm2, see
Fig. 5(b)]. The corresponding k-space coverage for each
image can be visualized in Figs. 5(n), 5(p), and 5(r), as
well as Fig. 5(d). The possibility to acquire images with
shorter echo spacing can lead to better image quality, such
as having less geometric distortion in the presence of field
inhomogeneity.

III. TECHNICAL DETAILS FOR
IMPLEMENTATION

All experiments are carried out on a 3-Tesla MRI scan-
ner equipped with 30 mT/m, 200 T/m/s gradients (Achieva
3-Tesla, Philips Healthcare, Netherlands) and an eight-
channel head array receiver coil using our own modi-
fication of the manufacturer’s sequence code. Acquired
data are reconstructed offline using non-Cartesian rf sen-
sitivity encoding (SENSE) and k-space gridding based on
a trajectory measured concurrently with a field camera
(Skope, Switzerland). A rectangular water-filled phantom
with immersed silicon tubes (1.5-mm wall thickness) and
a spherical phantom are used for phantom scans, and a
healthy male adult volunteered for the in vivo scans in
agreement with the institution’s ethics policy.

A. The general MRI scan protocols

The field of view (FOV) for all scans is 220 × 220 mm2,
except for the scan of the spherical phantom with
280 × 280 mm2. The repetition time interval is 3s for EPI
(Cartesian) and spiral scans. The echo time is 12–13 ms for
EPI (Cartesian) acquisition, and 2.2 ms for spiral acqui-
sition. The slice thickness is around 2 to 3 mm, and the
time duration between rf binomial pulses in the tagging
sequence is around 2 to 3 ms. The tagging flip angle is set
to be around 45° or 54.7°. The isotropic diffusion-weighted
image is calculated by averaging images obtained with 16
directions of diffusion-sensitizing gradients, with b value
800 s/mm2.

B. The specific protocols for schemes A–C

1. Scheme A, 1D rotational tagging

a. Circular arrangement—Figs. 2(a)–2(c), 3(g) and 3(h)—
Each phaseless encoding experiment along a rotated direc-
tion acquires three low-resolution images with resolution
of 3 mm (readout, horizontal) × 3 mm (phase, vertical)
by a single shot of spiral sampling (acquisition window
of 35 ms). During each acquisition, the tagging pattern
with period of 3.5 mm (which corresponds to 14.2% band
overlapping) is phase shifted by 0°, 120°, and 240°, respec-
tively. This experiment is repeated in the four directions
(horizontal, vertical, diagonals) with the identical tag-
ging period. A high-resolution image with resolution of

1.1 mm (readout, horizontal) × 1.1 mm (phase, vertical) is
reconstructed.

b. Rectangular arrangement—Figs. 2(d)–2(h)— Each
phaseless encoding experiment acquires three low-
resolution images with resolution of 2.1 mm (readout,
horizontal) × 2.1 mm (phase, vertical) by EPI sampling. It
is repeated in four directions (horizontal, vertical, diago-
nals), with the tagging periods of 2.34 mm in horizontal
and vertical scans, and 1.65 mm in diagonal scans, cor-
responding to about 10% band overlapping. The tagging
pattern is shifted by 0°, 120°, and 240° in each experiment
along a direction. A high-resolution image with resolu-
tion of 0.75 mm (readout, horizontal) × 0.75 mm (phase,
vertical) is reconstructed.

c. Rectangular arrangement—Figs. 3(c)–3(f)— Each phase-
less encoding scan acquires three low-resolution images
with resolution of 3.0 mm (readout, horizontal) × 3.0 mm
(phase, vertical) by a single shot of spiral sampling (acqui-
sition window of 35 ms), and with tagging pattern (along
readout and phase directions) in the period of 3.5 mm
[see Fig. 3(c)] and 4.25 mm [see Fig. 3(e)], correspond-
ing to 14.2% and 29.4% band overlapping, respectively.
The tagging pattern is shifted by 0°, 120°, and 240° in
each experiment along a direction. The reconstructed high-
resolution images are 1.1 × 1.1 mm2 [see Fig. 3(d)] and
1.24 × 1.24 mm2 [see Fig. 3(f)], respectively.

2. Scheme B, 2D grid tagging, rectangular arrangement

In Figs. 2(j) and 2(l) and the low-resolution scans for the
reconstruction in Figs. S3(e) and S3(f) in the Supplemen-
tal Material [35], the phaseless encoding scan acquires nine
low-resolution images with resolution of 2.1 mm (readout,
horizontal) × 2.1 mm (phase, vertical) by EPI sampling.
The 2D tagging can be seen as the multiplication of two
orthogonal 1D tagging (i.e., [horizontal; vertical]), each
with period of 2.34 mm, but with independent phase shifts
during each scan [tag x; tag y] as: [0°; 0°], [0°; 120°], [0°;
240°], [120°; 0°], [120°; 120°], [120°; 240°], [240°; 0°],
[240°; 120°], [240°; 240°].

A similar protocol is used for the low-resolution scans,
from which the spherical phantom in Figs. S3(c) and S3(d)
in the Supplemental Material [35] are reconstructed. How-
ever, in these scans, the FOV is 280 × 280 mm2, and the
tagging period is 3.2 mm (readout, horizontal) × 3.2 mm
(phase, vertical).

The high-resolution with resolution of 0.75 mm (read-
out, horizontal) × 0.75 mm (phase, vertical) is recon-
structed corresponding to 10% band overlapping, as in
Figs. 2(k) and 2(m), and Figs. S3(c)–S3(f) in the Sup-
plemental Material [35]. Note that the reconstructions in
Figs. S3(c) and S3(e) in the Supplemental Material [35] are
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not corrected with the estimated residue B0 related phase
errors.

3. Scheme C, 1D tagging with multiple wavelengths,
five-band arrangement in 1D

In Figs. 5(a)–5(c), the phaseless encoding experiment
acquires three low-resolution images with resolution of
3.4 mm (readout, horizontal) × 0.75 mm (phase, vertical)
by EPI sampling. This is repeated twice with tagging peri-
ods of 3.85 and 1.925 mm, respectively, and each one has
the tagging shifts of 0°, 120°, and 240°.

In Figs. 5(e)–5(g) and 5(i)–5(k), high-resolution images
in 1.25 mm (readout, horizontal) × 0.75 mm (phase,
vertical) and 0.75 mm (readout, horizontal) × 0.75 mm
(phase, vertical) are reconstructed, respectively achieving
almost threefold and fivefold superresolution in the readout
dimension with around 12% band overlapping.

In Fig. 5(m), the phaseless encoding scan acquires low-
resolution images with resolution of 2.1 mm (readout,
horizontal) × 0.75 mm (phase, vertical) by EPI sampling,
and tagging period of 2.35 mm in shifts of 0°, 120°, and
240°.

In Fig. 5(o), a high-resolution image with 0.75 mm
(readout, horizontal) × 0.75 mm (phase, vertical) is recon-
structed with band overlapping of about 10%, reaching
almost threefold resolution enhancement.

Figure 5(q) is identical to Fig. 5(j), and therefore, has the
same protocol.

C. Phaseless encoding image reconstruction

The raw data after SENSE and partial Fourier recon-
struction are loaded into the phaseless encoding recon-
struction pipeline to obtain the final high-resolution image,
similar to the previous work [28]. In the experiments here,
schemes A and C have the central band averaged multiple
times, and scheme B has nine bands (nine unknowns) to
resolve instead of three. The inverse filter calculated from
the propagated low-resolution apodized window are shown
in Fig. S2 in Supplemental Material [35].

(1) Low resolution images from each scan are recon-
structed using non-Cartesian SENSE and Fourier trans-
formed back to k space.

(2) The obtained low-resolution k-space data, which
still contain mixed signal bands, are apodized by a Kaiser
filter with the width factor from 2.7 to 3.

(3) The apodized data are inverse Fourier transformed
to the image space and the magnitude is taken to eliminate
the shot-dependent phase fluctuations.

(4) The magnitude images are Fourier transformed to
the k space and the mixed bands’ signals are resolved by
inversion of the linear problem represented by one of the
Eqs. (S6)–(S8) in the Supplemental Material [35].

(5) For the tagging schemes A and C, the resolved bands
in each scan are combined to reconstruct k-space data with
increased coverage. The tagging scheme B directly obtains
all bands after resolving nine shots of acquired images.

(6) The reconstructed k-space bands are multiplied by
the inverse filters calculated from the apodization window
in the first step. The inverse filters efficiently eliminate the
amplitude modulation by different band overlaps as shown
in Fig. S2 in Supplemental Material [35].

(7) Optionally, the reconstructed k-space bands are cor-
rected by the additionally acquired B0 and B1 maps for
tagging distortions. A small array of pixels around the side
band centers are zero-filled to reduce amplitude fluctua-
tions between shots. In scheme B, residue phase offsets
after the B0 map tagging correction are estimated by com-
paring overlapped regions between neighboring bands and
used for phase offset corrections (see Fig. S3 in Supple-
mental Material [35]).

(8) Finally, the reconstructed k-space data with larger
coverage are transformed to the image domain to obtain
the superresolution image.

IV. CONCLUSION AND DISCUSSION

Phaseless encoding is successfully used to reach a three-
fold resolution enhancement in two dimensions and a five-
fold enhancement in one dimension, which demonstrates
the utility of SIM and SSIM superresolution concepts
in MRI. This approach enables multishot high-resolution
MRI scanning based on the absolute value of intermediate
low-resolution images, freeing it from the usual intershot
phase sensitivity, in particular in the context of diffusion-
weighted imaging. With the extensions presented in this
work, this superresolution technique becomes compatible
with arbitrary k-space sampling trajectories in MRI, and
has no inherent limit on the maximum resolution enhance-
ment factor. Based on these concepts, experiments for
improving resolution in three orthogonal dimensions or
beyond the fivefold superresolution will be straightforward
to implement by modifying the tagging schemes A–C to
excite and resolve more k-space signal bands in a similar
manner. The applications of this technique in fMRI and
direct comparisons with alternative phase-insensitive MRI
methods [38–40] represent a highly interesting topic for
future studies.

However, a fundamental limit for such resolution
enhancements—the SNR of the reconstructed image—will
eventually be reached when the signal energy contributing
to a single pixel becomes too low relative to the con-
stant noise power. Therefore, the ultimate resolution for
phaseless encoding MRI depends on the minimum SNR
requirement and the maximum scan time for averaging,
without considering the limit imposed by the diffusion phe-
nomenon. This also applies for the conventional multishot
segmented scans.
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Implementing structured illumination in MRI does not
require additional hardware and demands only a minor
modification to the preparatory part of existing MRI
pulse sequences. Given the characteristics of the tag-
ging sequence, the illumination pattern in MRI can reach
slightly negative values to excite k-space signal bands
with equal amplitude to maximize the SNR. At the same
time, the wavelength of the MRI pattern can be arbitrarily
smaller than the pixel size and provide an arbitrary reso-
lution enhancement (limited only by SNR), in contrast to
SIM where the illumination itself is diffraction limited and
the resolution can only be tripled. In addition, nonlinear
illumination patterns can also be generated using proper-
ties of the steady-state magnetization without the need for
additional preparatory sequences, as demonstrated recently
[41]. Presented analogies between optical SR methods and
MRI surely do not exhaust all possibilities to transfer ideas
between these two seemingly distant, but, in fact, closely
related imaging modalities. Thus, we believe this path is
worth exploring further.
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APPENDIX: EVALUATION OF EFFECTIVE
RESOLUTION ENHANCEMENT

Throughout the paper the resolution of the SR images
is provided as the inverse of the k-space range recovered
from the phaseless encoding reconstruction. This definition
is verified by an analysis of image contours of a spherical
phantom. Radial sections through the contours allow the
measurement of edge-spread functions in multiple direc-
tions. Their derivatives correspond to projections of the 2D
point-spread function (PSF) in these directions. By virtue
of the central slice theorem, the Fourier transforms of these
projections represent sections of the 2D modulation trans-
fer function (MTF), the 2D Fourier transform of the PSF. A
map of the MTF, which can be obtained from the sections
by interpolation, shows the k-space region that effectively
contributes to the image. This procedure is a generalization
of the 1D resolution assessment method based on linear
contours proposed by Delakis et al. [36] (Fig. 6).

(a) (b) (c)

(d) (e) (f)

FIG. 6. The MTF analysis for a low-resolution image and two superresolution images with threefold and fivefold resolution improve-
ment by phaseless encoding. (a) Low-resolution image, nominal resolution of 4.0 mm (horizontal) × 1.0 mm (vertical). (b) Threefold
resolution enhanced image, nominal resolution of 1.53 mm (horizontal) × 1.0 mm (vertical). (c) Fivefold resolution enhanced image,
nominal resolution of 0.95 mm (horizontal) × 1.0 mm (vertical). (d) The MTF map calculated from (a). (e) The MTF map calculated
from (b). (f) The MTF map calculated from (c). (d)–(f) are shown as linear color maps with arbitrary units.
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Figure 6 shows the MTF analysis for a low-resolution
image (resolution 4.0 mm horizontally, 1.0 mm vertically,
upper row, a), and two superresolution images (nomi-
nal horizontal resolution 1.53 and 0.95 mm, respectively;
vertical resolution unchanged) obtained with 1D tagging
to achieve nearly threefold (b) and fivefold (c) resolu-
tion enhancement, as described in scheme C. The bottom
row shows the MTF maps calculated from these images
(linear color map with arbitrary units). The width of the
MTF support closely matches the theoretical k-space range
(arrows), which confirms the correctness of the resolution
measure adopted in this work.
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