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Determining Amplitudes of Standing Surface Acoustic Waves via Atomic Force
Microscopy
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Atomic force microscopy is a tool for characterizing surface acoustic waves, in particular for high
frequencies, where the wavelength is too short to be resolved by laser interferometry. A caveat is, that the
cantilever deflection is not equal to the amplitude of the surface acoustic wave. We show that the energy
transfer from the moving surface to the cantilever instead leads to a deflection exceeding the surface
modulation. We present a method for an accurate determination of surface acoustic wave amplitudes
based on comparing force-curve measurements with the equation of motion of a driven cantilever. We
demonstrate our method for a standing surface acoustic wave on a GaAs crystal confined in a focusing
cavity with a resonance frequency near 3 GHz.
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I. INTRODUCTION

Today, surface acoustic waves (SAWs) are used in key
technologies, for instance, as miniature radio-frequency
filters in communication devices [1,2], for sensor applica-
tions [3,4], or for microcontrol of fluids on surfaces [5,6].
Commonly, SAWs are generated, detected, and controlled
by employing interdigital transducers, periodic arrays of
metallic finger gates with a pitch of half the SAW wave-
length λ. Based on the piezoelectric effect, they convert
resonant electrical signals into SAWs and vice versa and
also function as Bragg mirrors for SAWs. Recent research
aims at integrating SAWs into quantum technology [7],
where high-quality phonon cavities that can harbor stand-
ing surface acoustic waves (SSAWs) at submicrometer
wavelength are called for [8,9]. The cavity spectrum can
be explored using the electric response of interdigital trans-
ducers [8]. More information, including amplitude and
geometry of a SAW can be acquired by laser interferometry
[10]. Unfortunately, for λ/2 < 0.5 μm the spatial reso-
lution of laser interferometry becomes insufficient [10],
while electric response measurements of SAWs become
increasingly difficult and inaccurate at the corresponding
high frequencies. Nevertheless, the ability to fully charac-
terize high-frequency SAW devices would help improving
radio-frequency filters for alternative technologies [2]. In
particular, for optimizing phonon cavities for quantum
applications, knowledge about the local distribution of the
absolute amplitude of the SSAW modes as a function of

*ludwig@pdi-berlin.de

excitation power as well as their frequency dependence,
would be extremely helpful [9].

An alternative method well suited for imaging SAWs
with submicron wavelengths is atomic force microscopy
[11], with one caveat: the cantilever deflection is not a
direct measurement of a SAW amplitude. The reason is the
low mechanical resonance frequency of less than 1 MHz
of commonly used cantilevers, which cannot time resolve
SAWs with much larger frequencies. In this case, a can-
tilever interacting with a SAW can be treated as a slow
oscillator driven by an external periodic force modulated
with a large frequency. The transfer of kinetic energy from
the quickly moving surface into the cantilever then results
in an elevated average position of the cantilever tip. As a
result, the measured deflection of the cantilever overesti-
mates the SAW amplitude, independent of the particular
atomic force microscope (AFM) configuration. Here, we
introduce a method to nevertheless calibrate the ampli-
tude of a SSAW using a fixed-point analysis of AFM
force-curve measurements.

In Fig. 1, we present an extraction of an AFM measure-
ment of a GaAs surface including a SSAW with a period of
λ/2 = 500 nm at a resonance frequency near f = 3 GHz.
Clearly, the AFM measurement directly provides spatial
information of a SSAW including the mode geometry and
phase, which are useful for optimizing a cavity. Detect-
ing, in addition, the frequency dependence as shown in
Fig. 2(a), provides the mode spectrum of the SSAW cav-
ity and the quality factor, here Q � 1100. Thereby, the
stop bands of the cavity-defining Bragg mirrors provide
the overall frequency range in which cavity modes can
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FIG. 1. Two-dimensional AFM contact mode lock-in mea-
surement of a SSAW with frequency f � 3 GHz inside a focus-
ing cavity on a GaAs surface using a sharp nitride cantilever
with an eigenfrequency of ω/2π = 65 kHz and a force con-
stant of 0.32 N/m. The excitation power is sine modulated with
the lock-in frequency of 250 Hz between 0 ≤ P ≤ 9 dBm (P is
the on-chip power after subtraction of cable losses, reflections,
etc.). The color scale depicts the time-averaged difference δZ of
the cantilever deflection with SSAW versus without SSAW. The
propagation is in the [110] crystal direction along x.

develop. The AFM measurement presented in Fig. 2(a)
includes four modes. For adjacent modes, the position of
nodes and anti-nodes along the cavity is exchanged as
expected at the center of the cavity [cf. dashed vertical
line in Fig. 2(a)]. The mode separation is δf = 12.5 MHz
corresponding to an effective cavity length of λf /2δf �
113 μm. In Fig. 2(b), we show a segment of a SSAW

(a)

(b)

FIG. 2. (a) AFM lock-in measurement showing δZ(x, f ),
details and parameters as explained in the caption of Fig. 1. The
frequency range covers four cavity modes. The vertical line is
a guide for the eye, revealing phase reversal between adjacent
modes. (b) Individual line scan δZ(x) along the horizontal line in
(a) at f = 2.837 GHz.

along the horizontal dashed line in Fig. 2(a). It indicates
that the cantilever deflection oscillates by � 1 nm between
nodes and antinodes of this SSAW mode powered with
P = 9 dBm.

II. SETUP AND MEASUREMENTS

In Fig. 3, we present a scanning electron micrograph of
the surface of our sample. It displays metal gates in dark
gray on the (001) surface of a GaAs wafer shown in light
gray. The enlargement reveals fingers of a Bragg mirror
with a pitch of 500 nm for SAWs. The sample contains
two matching Bragg mirrors, which together define a cav-
ity for surface phonons in the 100 μm opening between
them. While one of the Bragg mirrors is grounded, every
second finger of the other Bragg mirror is connected to a
radio-frequency source. This way it serves as an interdigi-
tal transducer to generate a SAW. The arched fingers of the
mirrors are optimized to reflect a resonant SAW such that
a focused standing wave emerges inside the cavity [10].

For recording the surface scans shown in Figs. 1 and 2
we employ the atomic force microscope Edge by Bruker
in contact mode at a constant force. However, to determine
the actual SSAW amplitude, we perform force curves:
after moving the tip of the AFM cantilever to the posi-
tion of an antinode of the SSAW we measure the cantilever
deflection, while vertically approaching the cantilever first
towards and pushing it against the surface and then retract-
ing it. Such a vertical motion can be accurately controlled
and monitored in an AFM using a piezoelectric motor. In
Fig. 4, we present force-curve measurements for two differ-
ent SSAW powers. Plotted is the time-averaged deflection
Z of the cantilever (averaged over the resonant cantilever
oscillations and many SSAW periods) as a function of
its preset vertical position z0, which is changed at a rate
much slower than the surface modulation by the SSAW.
The position z0 is the distance that the tip would have
from the surface if the cantilever were not deflected [cf.
Fig. 6]. The dashed line is measured during the approach
of the cantilever and the solid line while retracting it from
the surface. As long as the cantilever moves freely above

100 µm 10 µm

[110]

[110]

FIG. 3. Scanning electron micrograph of the (001) surface
(light gray) of a GaAs wafer partly covered with (10 nm/30
nm/10 nm Ti/Al/Ti) metal gates (dark gray). The enlargement
reveals the 250-nm-wide metal fingers at a pitch of 500 nm
forming a Bragg mirror. Two such Bragg mirrors define within
the 100-μm-long spacing between them a surface phonon cavity
oriented along the [110] crystal direction.
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(a)

(b)

FIG. 4. Force curves recorded for an antinode of a SSAW near
3 GHz for two different SSAW powers, P = −61 dBm in (a) and
5 dBm in (b). Plotted is the time-averaged cantilever deflection
Z as a function of the preset cantilever position z0, explained in
the text. The dashed lines are measured during the approaches of
the cantilever towards the surface whereas the solid lines cor-
respond to the subsequent retractions. The position where the
cantilever starts to touch the surface is indicated as α and the
point of detachment as β. The latter strongly depends on P.

the surface its deflection remains zero during approach. A
small kink of negative deflection at z0 = α points to an
attractive force, which pulls the cantilever tip to the sur-
face. As we continue to move the cantilever forward, the
hard surface pushes its tip backwards, such that we mea-
sure an approximately linearly increasing positive deflec-
tion. The (almost) constant slope can be used for a rough
calibration of the vertical AFM tip position.

During the subsequent retraction of the cantilever (solid
line) the slope of the force curve is slightly smaller but
increases with z0, giving rise to a negative curvature. The
hysteresis between the approach versus retraction curves in
the region of positive deflection and z0 < 0 is reproducible
and commonly observed. It is interpreted in terms of a
radial shirk of the cantilever [12]. Unfortunately, it con-
ceals the accurate potential between tip and surface. For
practical reasons, we define z0 = 0 at zero average deflec-
tion of the cantilever during retraction, Z = 0. It coincides
with the crossing between the retraction curve and the still
horizontal approach curve. Note, that in the limit of large
z0 the deflection of the cantilever also vanishes.

FIG. 5. Position of detachment of the cantilever, z0 = β, as a
function of the SSAW power P for various points of return zmin

0 ,
cf. Fig. 4. For zmin

0 � −150 nm the curves β(P) are independent
of zmin

0 . The cantilever tip is positioned at an antinode of a SSAW
mode near 3 GHz.

While the cantilever is further retracted for z0 > 0, for
the time being its tip stays connected to the surface, such
that Z < 0 because of the attractive force between the sur-
face and the tip. Finally, at a height of z0 = β the spring
force of the cantilever surpasses the attraction force and
the cantilever flips back to stall at Z = 0. The result-
ing deflection curve is characterized by a sizable triangle
at negative deflection, which marks a peculiar hysteresis
between approach and retraction for z0 > 0. This triangu-
lar hysteresis indicates a competition between two stable
solutions.

In Fig. 4(a) the SSAW power of P = −61 dBm applied
to the interdigital transducer is so small that no SSAW
can be detected with the AFM, and the force-curve resem-
bles that of an unperturbed surface. In Fig. 4(b), we show
the same measurement but with the cantilever tip being
positioned at the antinode of a relatively strong SSAW
at the frequency near f = 3 GHz. Strikingly, the strong
SSAW causes the hysteresis between approach and retrac-
tion curves, quantified as β, to be reduced. In Fig. 5 we
summarize the result of many measurements by presenting
β(P). Clearly, an increase of the SSAW power causes a
smaller β. The physical reason is a reduction of the attrac-
tive force, between the cantilever tip and the surface as the
cantilever tip is pushed further away by a stronger surface
modulation.

For practical purposes, throughout the paper we state
the SSAW power P estimated from the power actually
applied at the generator reduced by cable losses and the
electroacoustic coupling. For the large Q factor of our cav-
ity we can neglect internal losses and estimate the SSAW
power from comparing the applied electrical signal with
that transmitted through the cavity. Our analysis suggests
a reduction of � 11 dB compared to the generated radio-
frequency signal. Note, that this estimate of the SSAW
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FIG. 6. Sketch of the experiment illustrating various charac-
teristic cantilever positions for R = 0 (no SSAW). The deflection
of the cantilever is z, the distance between surface and the tip at
z = 0 is z0. (a) A free cantilever z = 0 and z0 > 0, (b) a cantilever
pulled towards the surface with −z > z0 > 0, (c) a cantilever
bent away from the surface with −z � z0 < 0.

power by measuring the electrical transmission becomes
more and more difficult and inaccurate with increasing fre-
quency. Here P serves as a reference, but its actual value is
not needed to determine the amplitude R of the SSAW, see
below.

A conversion of the SSAW power P to its amplitude R
requires the knowledge of the function R(P). While P ∝
R2 is evident for small powers, the proportionality factor
is a priori unknown and depends on material parameters
and the exact knowledge of the power reduction factor dis-
cussed above. Our model below offers an alternative for the
determination of the SSAW amplitude R without requir-
ing knowledge of either the power reduction factor or the
proportionality factor. However, our model assumes the
validity of P ∝ R2, which can be controlled in experiment
and is the case for small enough amplitudes.

III. MODEL AND ANALYSIS

For a quantitative analysis of the measured β(P) and
to determine the SSAW amplitudes, we introduce a model
describing the dynamics of the cantilever interacting with
the surface modulated by a SSAW.

The equation of motion (EOM) of the cantilever can be
derived from Newton’s third law, −Fcl = Fi, where Fcl
is the cantilever spring force and Fi the interaction force
between the tip of the cantilever and the surface. It can be
written as

m
(
z̈ + ω2z

) = −V ′ [z + z0 + R cos(�t)] . (1)

Here, z(t) denotes the momentary cantilever deflection
and V the interaction potential with Fi = −V ′ = −∂V/∂z.
The cantilever is characterized by its force constant
and its resonance frequency, we have mω2 � 0.32 N/m

and ω/2π � 65 kHz, respectively (manufacturer specifi-
cations). The momentary distance between the tip and
the surface is z + z0 + R cos(�t). The last term thereby
describes the modulation of the surface by the SSAW
with amplitude R and frequency f = �/2π . In Figs. 6(a)
and 6(c), we sketch the cantilever setup and indicate z and
z0 for three relevant situations. Table III in Appendix A
provides a summary of the definitions of variables with
units of length.

As long as the frequency of the SSAW is orders of
magnitude larger than the resonance frequency of the
cantilever, in our case �/ω > 104, we can separate the
cantilever deflection into [13]

z(t) = Z(t) + ξ(t), (2)

where Z(t) moves slowly at a rate close to ω while ξ(t)
varies much faster at a rate near �. Because the cantilever
is too slow to follow the motion of the SSAW we can
assume Z � ξ . We also expect Z � R as a consequence
of the transfer of kinetic energy of a hard surface to a soft
cantilever. Our experimental findings confirm the latter
assumption post priori. A Taylor expansion of V ′ around
R = 0 yields

V ′ [z + z0 + R cos(�t)] � V ′(z + z0)

+ V ′′(z + z0)R cos(�t) + V ′′′(z + z0)
R2

2
cos2(�t).

(3)

Expanding the potential derivatives on the right-hand-side
of Eq. (3) around ξ = 0 while neglecting all terms ∝ ξ 2 or
beyond the third derivative of V we find

V ′(z + z0) � V ′(Y) + V ′′(Y)ξ ,

V ′′(z + z0) � V ′′(Y) + V ′′′(Y)ξ ,

V ′′′(z + z0) � V ′′′(Y), (4)

where we introduce the slowly moving contribution of the
cantilever tip distance from the surface Y(t) = Z(t) + z0.
Next, we split the EOM into one for the slowly varying
Z(t)

m(Z̈ + ω2Z) � −V ′(Y) − V ′′′(Y)R
[
ξ cos(�t) + R

4

]
(5)

and another one for the fast oscillating ξ(t)

m(ξ̈ + ω2ξ) � −
[

V ′′(Y) + V ′′′(Y)R cos(�t)
]
ξ

−
[

V ′′(Y) + V ′′′(Y)
R
2

cos(�t)
]

R cos(�t).

(6)
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Our goal is to establish a relation between the measured
slowly varying contribution of the deflection of the can-
tilever, Z(t) = Y(t) − z0, and the actual amplitude of the
SSAW, R. From Eq. (6) we can directly calculate ξ(t) ∝
cos(�t) using ξ̈ = −�2ξ while neglecting ω2ξ � ξ̈ and
insert ξ(t) into Eq. (5). Further replacing Rξ cos(�t) in
Eq. (5) by the leading term of its Taylor expansion around
R = 0,

Rξ cos(�t) = V ′′(Y)/2
m�2 − V ′′(Y)

R2 + O(R4), (7)

we finally predict the average steady-state cantilever
deflection (neglecting ξ � Z)

Z = −V ′(Y)

mω2 + δZ with

δZ = −V ′′′(Y)

4mω2

m�2 − 3V ′′(Y)

m�2 − V ′′(Y)
R2. (8)

Here, we use Z̈ = 0 in the steady state and introduce the
average distance between the cantilever tip and the surface
Y = Z + z0 and the average steady-state contribution of the
SSAW to the deflection δZ ∝ R2. The solution, Eq. (8), is
resilient for R ≤ 0.305 Å, which is the convergence radius
of the Taylor expansion leading to Eq. (7). It describes the
steady-state balance of forces −Fcl ≡ mω2Z = −V ′(Y) +
mω2δZ ≡ Fi.

The interaction potential V and the amplitude R of the
SSAW are a priori unknown, albeit for R = 0 Eq. (8)
provides a direct relation between V ′(Y) and the average
deflection Z. Unfortunately, the radial shirk of the can-
tilever while measuring the force curve [12] leads to a
strong hysteresis (cf. Fig. 4 for z0 < 0). This prevents us
from determining the interaction potential with sufficient
accuracy from force-curve measurements.

Nevertheless, from the force curve for R = 0 [cf.
Fig. 4(a)], we can estimate the attraction between the
tip and the surface at z0 = β = −Z just before the
cantilever detaches from the surface during retraction:
Fi(β) = −Fcl(β) = −mω2β � −40 nN, which points to
interatomic forces holding the tip at the surface. A poten-
tial derived from interatomic forces acting between a single
atom and a diamond structured semiconductor crystal was
introduced by Tersoff for the case of Ge [14]. As a prac-
tical approach, we use the Tersoff potential but slightly
vary its numerical values such that it fits our data mea-
sured on a (100)-GaAs surface. In detail, we increase the
attractive contribution B by 1.9% and the cutoff parameter
S0 by 0.7%, while leaving all other parameters unchanged,
see Appendix A. The modifications are small, as expected
because of the similar lattices and densities of GaAs and
Ge. For completeness, in Fig. 7, we illustrate the optimized
Tersoff potential V and the corresponding interaction force
Fi = −V ′.

FIG. 7. Optimized Tersoff potential V (dashed line, left axis)
and interaction force Fi = −V ′ (solid line, right axis). Red
color indicates regions of repulsive force Fi > 0 and blue
regions attractive force Fi < 0. See Table II in Appendix A for
parameters.

In Fig. 8 we sketch a series of snapshots for vari-
ous values of z0 during a force-curve measurement with
R = 0. We plot the interaction force Fi (solid line) and
the negative spring force of the cantilever −Fcl = mω2Z =
mω2(Y − z0) (dashed line) as a function of the distance
Y between surface and cantilever tip. The upper panels
(a)–(d) depict the approach and the lower ones (d)–(a) the
retraction of the cantilever. Solutions of the EOM corre-
spond to the intersection points Fi = −Fcl. Depending on
z0, up to three solutions coexist, two of which correspond
to stable fixed points. The variations between the approach
versus retraction curve in Fig. 4 for z0 > 0 are related to
switches between the two stable fixed points. In Fig. 8 the
momentarily occupied fixed point is encircled. The fixed
point labeled “I” corresponds to a stable solution with the
cantilever tip far above the surface and Y � z0, while fixed
point “II” is occupied, whenever the tip is in contact with
the surface and Y is small (but Z � −z0).

Switches between stable fixed points happen at the tran-
sition from three coexisting solutions to a single solution,
corresponding to the points of exactly two solutions. Dur-
ing the approach we observe a switch from fixed point
“I” to “II” at z0 = α [as indicated in Fig. 8(c)], where the
attraction of the tip by the surface overcomes the cantilever
spring force while Y � z0 and Z � 0. During retraction,
the switch back from “II” to “I” happens at z0 = β [as
indicated in Fig. 8(f)] where the cantilever spring force
overcomes the attraction while Y � z0 and Z � −z0.

In order to fit our model to the measured data, we
use the cantilever position z0 = β in Fig. 4 during retrac-
tion. Here, exactly two solutions exist, such that not only
the forces are equal, Fi = −Fcl, but also their derivatives
−dFcl/dY = dFi/dY, in short −F ′

cl = F ′
i , where −F ′

cl =
mω2 = 0.32 N/m. In Fig. 9 we graphically visualize the
two conditions by plotting Fi(Y) while varying the SSAW
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I

I
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(d)

(e)(f)

FIG. 8. Solutions of the EOM for various cantilever positions during approach [(a) → (d)] and retraction [(d) → (a)]. (a) Tip is far
away from the surface, cantilever spring force Fcl = 0, fixed point I is the only solution; (b) tip is approached closer to the surface,
three possible fixed points, while I is occupied; (c) as soon as z0 < α: transition between fixed points I → II; (d) tip is in contact with
the surface, z0 < α, fixed point II is the only solution; (e) tip remains in contact with the surface during retraction, three fixed points
exist, while II is occupied; (f) as soon as z0 > β: transition between fixed points II → I.

amplitude within the convergence radius of our solution
between 0 ≤ R ≤ 0.305 Å. The black line, which connects
the points with slope F ′

i = −F ′
cl, corresponds to the solu-

tion β(R) with β = Y − Z = Y − Fi(Y)/mω2.
Comparing the range of Y in Fig. 9 with that of

β in Fig. 5, we find that Y � β, hence, Z � −β for
all our measurements. This is a direct consequence of
the soft cantilever spring compared to a hard surface
with the attraction force rapidly decaying with the dis-
tance Y between tip and surface. It is the reason for
the triangular shape of the corresponding hysteresis in
Fig. 4 and leads to the observation δZ(z0 = β) � βmax −
β, where βmax = β(R = 0). We use the measurements of
β(P) for calibrating standard AFM measurements with
z0 � β.

Our model predicting δZ ∝ R2 in Eq. (8) for arbitrary z0
is limited to moderate powers, in particular where R2 ∝ P

is valid, too. To determine the proportionality factor C =
P/R2, we iteratively adjust both, the parameters of the Ter-
soff potential as well as C until we find the best overall
fit within the range of validity of our model. In Fig. 10
we present the resulting calibration curve R as a function
of

√
1 − β/βmax (points) determined from the measured

β(p) (points in the inset). Two model curves based on
optimized Tersoff potentials are shown as solid and dashed
lines, respectively. The straight dotted line represents R ∝√

βmax − β, which states that (βmax − β) ∝ P for small
powers and β � βmax. The parameters used for the model
curves and the accuracy of the result are discussed in
Appendix A.

The shaded region in Fig. 10 indicates that for R � 0.2 Å
or P � 8 dBm we begin to observe nonlinear effects in
AFM measurements of the SSAW showing as a reduc-
tion of the measured deflection, power broadening of the
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FIG. 9. Interaction force Fi as a function of the averaged tip-
surface distance Y for various SSAW amplitudes 0 ≤ R ≤ 0.3 Å
as numerically determined by derivation of the optimized Tersoff
potential shown in Fig. 7. The difference in R between two adja-
cent curves is 0.02 Å. The black line connects the points of Fi(Y)

with slopes of 0.32 N/m corresponding to the solutions at the
cantilever detachment position β. The dashed red line is Fcl(Y)

for R = 0.

SSAW antinodes and frequency shifts. At these large pow-
ers P ∝ R2 is no longer valid. However, for smaller pow-
ers, the overall agreement between our measured data and
the model curve is excellent.

IV. CONCLUSIONS

In atomic force microscopy, one directly measures the
deflection of the cantilever. For a SAW with a frequency
exceeding the resonance frequency of the cantilever by

FIG. 10. SSAW amplitude R as a function of
√

1 − β/βmax
determined for zmin

0 = −40 nm from the measured β(P), shown
in the inset and in Fig. 5. The cantilever tip is positioned at an
antinode of a SSAW mode near 3 GHz. The solid and dashed
lines are model predictions, see Table II in Appendix A for
parameters. The solid line corresponds to the potential shown
in Fig. 7. The straight dotted line has the form R ∝ √

βmax − β.
Within the shaded region measured points are uncertain due to
nonlinear effects, cf. main text.

far, the measured deflection Z can be orders of magnitude
larger than the actual amplitude R of the surface mod-
ulation. The steady-state solution of the EOM describes
the cantilever deflection δZ(R) in response to the sur-
face acoustic wave. The deflection thereby depends on the
derivatives of the interaction potential V, which however
is unknown. As a workaround, we iteratively fit a sug-
gestive model potential to the measured relation between
the SSAW power P and a characteristic length scale β of
the experimental force curve, which marks a switch over
between two stable solutions. In this way it is possible
to reliably calibrate the actual amplitude R of a standing
surface acoustic wave, and ultimately as a function of the
measured cantilever deflection.

Based on force-curve measurements we successfully
calibrate SSAW amplitudes within the limit of small pow-
ers with R2 ∝ P. The cantilever deflection in contact mode,
cf. Fig. 2(b) for P = 9 dBm, is in our measurements 50
times larger than the actual SSAW amplitude.
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APPENDIX: OPTIMIZED TERSOFF POTENTIAL

Tersoff derived empirical interatomic potentials for pure
C, Si, and Ge crystals and also demonstrated that only tiny
modifications of these potentials are necessary to describe
multicomponent systems such as SiGe [14]. Here we start
from the Tersoff potential for Ge and modify it to describe
the interaction between a GaAs surface and a nitride can-
tilever tip. While the lattice parameters of Ge and GaAs are
similar it is still surprising, how well this approach works.

The Tersoff potential is defined as [14]

VTers = qfC(Y)[A exp(−νY) − bB exp(−μY)], (A1)

where

fC(Y) =

⎧
⎪⎪⎨

⎪⎪⎩

1, Y < S0
1
2

+ 1
2

cos
[
π

Y − S0

S1 − S0

]
, S0 < Y < S1

0, Y > S1

and
b = [1 + βn[fC(Y)g(θ)]n]−1/2n

with

g(θ) = 1 + c2

d2 − c2

d2 + [h − cos(θ)]2 .
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TABLE I. Parameters of the Tersoff potential: original values
for Ge [14], optional modification factors, corresponding scaling
factors q and the coefficients of determination. Only one of the
parameters is modified at a time to adopt the potential.

Parameter
of Tersoff
potential

Original
value for

Ge

Optional
modification

factor
Scaling
factor q

Coefficient of
determination

(R2 score)

A (eV) 1769 0.981 4.195 0.893
B (eV) 419 1.019 4.12 0.892
ν (Å

−1
) 2.4451 1.0032 4.175 0.906

μ (Å
−1

) 1.7047 0.995 4.065 0.913
β 9.0166 × 10−7 0.914 4.205 0.947
n 0.756 27 1.04 4.165 0.923
c 106 430 0.955 4.2 0.949
d 15.652 1.025 4.2 0.957
h −0.438 84 0.885 4.205 0.947
S0 (Å) 2.8
S1 (Å) 3.1
θ π/4
q 1

The parameters originally derived for Ge [14] are listed
in Table I. To fit our data measured with a sharp nitride
cantilever on a GaAs surface it is sufficient to modify
a small number of these parameters. To determine the
interaction between the cantilever tip and the surface, the
Tersoff potentials between the tip and all individual atoms
on the surface have to be summed up. We reduce this
three-dimensional problem to a one-dimensional calcula-
tion by reducing the tip to a single atom and making use of
the symmetry of the (001)-GaAs surface. We account for
the interaction between the tip centered between four sur-
face atoms by multiplying the Tersoff potential in Eq. (A1)

FIG. 11. Calibration data similar to those in Fig. 10 of the
main paper (symbols) in comparison with the model predictions
(gray lines), each for one variable modified according to Table I.
The curve shown in dashed black corresponds to the unmodified
Tersoff potential. The dotted curve is a straight line through the
origin.

TABLE II. Parameters of the original Tersoff potential and
their modifications for the model curves presented in Fig. 10 of
the main paper. Only parameters, which we actually modify, are
listed.

Parameter
of Tersoff
potential

Original
value
for Ge

Modified
value
used

Scaling
factor q

used

Coefficient of
determination

(R2 score)

Solid lines in Figs. 10 and 7 of the main paper:
B (eV) 419 427 3.9 0.968
S0 (Å) 2.8 2.82 3.9 0.968

Dashed line in Fig. 10 of the main paper:
B (eV) 419 440 3.635 0.979
S0 (Å) 2.8 2.82 3.635 0.979

with a scaling factor q ∼ 4. Within a self-consistent fitting
procedure, we then optimize the values of q such that a
single modified Tersoff potential reproduces the measured
interaction force of Fi = 40 nN for R = 0. In the next step
we optimize the factor C = P/R2 and select parameters of
the Tersoff potential to achieve the best possible agreement
between the measured data β(P) and the predicted curve
R(β).

To achieve a fair agreement, it is sufficient to slightly
modify just one of the 12 parameters of the original Tersoff
potential for Ge. In Fig. 11 we plot nine example model
curves (gray lines) together with the experimental calibra-
tion data as in Fig. 10 of the main paper. The dashed black
line is calculated from the original Tersoff potential for Ge.
In Table I we list the optional modification factors, q, and
the coefficient of determination (R2 score). The conver-
sion factor is C = 123 mW/Å

2
. The variations between the

gray lines are relatively small and occur mainly for high
powers, where our model prediction stops being accurate.
For β � βmax, even the original Tersoff potential agrees
well with our measurements.

TABLE III. Definitions of variables with units of length.

Variable Explanation

z0 Distance between tip and surface for
zero deflection

z(t) = Z(t) + ξ(t) Momentary deflection of cantilever
Z(t) Slowly varying contribution of z(t)

(rate near ω)
ξ(t) � Z(t) Quickly varying contribution of z(t)

(rate near �)
Y(t) = Z(t) + z0 Distance between tip and surface

(rate near ω)
Z Deflection of cantilever averaged

over time
Y = Z + z0 Averaged distance between tip and

surface
δZ = Z − Z(R = 0) Contribution of Z caused by SSAW
R amplitude of SSAW

044024-8
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In the main paper we choose to vary B in conjunction
with S0 as a larger value of B corresponds to an increased
binding energy. Qualitatively, this correction is supported
by a larger melting point of GaAs at T = 1511 K compared
to that of Ge at T = 1211.4 K. In Table II we summa-
rize the modifications of the Tersoff potential, which yield
the model lines in Fig. 10 of the main paper. The con-
version factor is C = 138 mW/Å

2
, which is roughly 10%

larger than the one found above for varying one param-
eter less. This difference corresponds just about to the
accuracy of a linear fit to our data for β � βmax (dotted
line), which yields the overall accuracy of our calibration
result.

Finally, in Table III we list and explain the variables with
units of length introduced in the main paper.
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