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We present a lab-on-chip experiment to accurately measure losses of superconducting microstrip lines
at microwave and submillimeter wavelengths. The microstrips are fabricated from Nb-Ti-N, which is
deposited using reactive magnetron sputtering, and amorphous silicon which is deposited using plasma-
enhanced chemical vapor deposition (PECVD). Submillimeter wave losses are measured using on-chip
Fabry-Perot resonators (FPRs) operating around 350 GHz. Microwave losses are measured using shunted
half-wave resonators with an identical geometry and fabricated on the same chip. We measure a loss
tangent of the amorphous silicon at single-photon energies of tan δ = 3.7 ± 0.5 × 10−5 at approximately
6 GHz and tan δ = 2.1 ± 0.1 × 10−4 at 350 GHz. These results represent very low losses for deposited
dielectrics, but the submillimeter wave losses are significantly higher than the microwave losses, which
cannot be understood using the standard two-level system loss model.
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I. INTRODUCTION

Low-loss transmission lines are a fundamental require-
ment for integrated superconducting devices operating
at both microwave and submillimeter wavelengths. At
microwave frequencies, the primary driver for low-loss
transmission lines is the development of qubits [1,2]
and microwave kinetic inductance detectors (MKIDs)
[3,4] based on high-quality factor resonators[5,6], as well
as parametric amplifiers based on very long transmission
lines (Ref. [7]). In addition, high-impedance transmission
lines can be used to further integrate microwave elec-
tronics onto the device chip [8,9]. All these devices are
predominantly realized using coplanar waveguide (CPW)
technology, achieving losses corresponding to Qi > 106

(Ref. [5,6]). However, the planar nature of CPWs leads
to large and complicated designs which can be diffi-
cult to scale. Multilayer structures such as microstrips
[10] and parallel-plate capacitors [11] are preferable in
order to create smaller devices and easily obtain high-
impedance transmission lines, but these structures suffer
from increased losses in the additional dielectric layer.

At submillimeter wave frequencies, astronomical appli-
cations rely increasingly on integrated devices, such
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as multicolor/multipolarization pixels [12], phased array
antennas [13], and on-chip filterbanks [14–16]. These usu-
ally use microstrips, as common mode excitation and
radiation loss become serious issues at higher frequen-
cies [17,18]. However, these devices are usually based on
Nb/SiO2 technology, which has a 690 GHz cutoff due to
the critical temperature of Nb and relatively high losses
due to the SiO2.

The losses of microstrips at these frequencies and sub-
Kelvin temperatures are generally attributed to the exis-
tence and excitation of two-level tunneling systems (TLSs)
in the bulk of the amorphous dielectric. While the macro-
scopic behavior of TLSs is relatively well understood,
their microscopic origin is still for the most part unclear.
Owing to the lack of a microscopic understanding, devel-
opment and investigation of low-loss dielectrics relies
heavily on iterative cycles of deposition and measure-
ment. These loss measurements are usually only carried
out at microwave frequencies, under the assumption that
material properties are comparable at submillimeter fre-
quencies based on TLS theory [19]. As a result, limited
data is available at f > 100 GHz and T < 1 K, where
both signal generation and detection become increasingly
challenging.

Measurements comparing microwave and submillime-
ter wave loss were performed by Chang et al. [20]

2331-7019/21/16(1)/014019(8) 014019-1 © 2021 American Physical Society

https://orcid.org/0000-0003-4572-8372
https://orcid.org/0000-0002-6007-9174
https://orcid.org/0000-0003-0379-2341
https://orcid.org/0000-0002-5303-7312
https://crossmark.crossref.org/dialog/?doi=10.1103/PhysRevApplied.16.014019&domain=pdf&date_stamp=2021-07-08
http://dx.doi.org/10.1103/PhysRevApplied.16.014019


S. HÄHNLE et al. PHYS. REV. APPLIED 16, 014019 (2021)

and Gao et al. [21] on Nb/SiO2/Nb microstrips at 220
and 110 GHz, respectively, and by Endo et al. [22]
on Nb-Ti-N/SiN/Nb-Ti-N microstrips at 650 GHz. These
experiments combined quasi-optical techniques with dif-
ferent on-chip test devices exploiting either path length
differences [20] or resonant structures [21,22]. However,
these approaches suffer from large intrinsic uncertainties
and are not sufficiently precise to study materials with a
lower loss tangent. In the case of resonant structures, this
can be mitigated by using long resonators at higher mode
numbers, where coupler effects are suppressed.

In this paper, we present loss measurements of supercon-
ducting Nb-Ti-N/a-Si/Nb-Ti-N microstrips at microwave
and submillimeter wavelengths and at sub-Kelvin temper-
atures. We show TLS-like behavior at microwaves, but find
a significant increase in loss at submillimeter wavelengths
which is inconsistent with the TLS standard model.

II. DEVICE DESIGN

We have designed a chip which combines shunted
microwave resonators (μWR) and in-line submillimeter
wave Fabry-Perot resonators (FPRs). The μWR are cou-
pled to a CPW transmission line (henceforth called read-
out line) which runs over the entire chip, terminating in
bond pads connecting the chip to a sample holder via Al
bond wires. The loss as a function of photon number can
be obtained by measuring the readout line transmission
around the resonance frequency of the shunted resonator
and retrieving the loaded quality factor QL and minimum
transmission S21,min of the Lorentzian dip. The internal loss
factor Qi and coupling strength Qc then follow from the dip

depth S21,min = QL/Qi and the loaded quality factor, which
can be expressed as

QL(n) = nQc,1Qi

nQc,1 + Qi
, (1)

where n is the mode number of the resonance peak and Qc,1
is the coupling strength at n = 1, with Qc = nQc,1 (see the
Appendix).

For the submillimeter wave case, we excite the FPRs
using a quasi-optical scheme, coupling radiation from a
coherent source via an antenna and CPW line to the on-
chip FPR. The relative power transmitted is measured as
a function of source frequency using a MKID coupled to
the far end of the FPR and read out using the same readout
line as the μWRs. This approach was previously used to
measure CPW FPRs [17].

The design of the chip is given in Fig. 1(a). Six μWRs
with resonance frequencies around 6 GHz are coupled to
the readout line. Of these, four are half-wave microstrip
resonators using Nb-Ti-N/a-Si/Nb-Ti-N microstrips with
a dielectric thickness of h = 250 nm and line width w =
2 μm, and two are quarter-wave CPW resonators with a
linewidth of 6 μm and slot width of 16 μm. The CPW
resonators are deposited directly on the Si substrate, with
μWR6 fully implemented in the lower Nb-Ti-N layer,
whereas the center line of μWR5 is implemented using the
upper Nb-Ti-N layer.

We implement four FPRs on the chip, where each FPR
is connected to its own separate feeding network via two
identical couplers, using the design shown in Fig. 1(b).
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FIG. 1. (a) Chip schematic. Nb-Ti-N CPW structures are given in light blue, the Al/Nb-Ti-N CPW of the hybrid MKIDs is given in
white, a-SI is shown in red, and the Nb-Ti-N microstrip lines are shown in dark blue. One of the CPW microwave resonators (μWR5)
is also shown in dark blue to highlight the use of the upper Nb-Ti-N layer for the CPW center line. (b) FPR coupler schematic with two
cross sections A-A′ and B-B′. The schematic is shown top down with semitransparent layers, in order to clearly show the layout of the
bottom Nb-Ti-N layer which is fully covered by a-Si. (c) Optical microscope image of FP2. (d) Angled scanning electron microscopy
(SEM) image of the FPR coupler. (e) High-resolution SEM image of the microstrip open end. Overetch into the a-Si layer is visible,
with the dotted white line indicating the border between Nb-Ti-N and a-Si. (f) Picture of the device mounted in the cryostat.
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All four resonators are made with identical line and cou-
pler geometry, but have different lengths lFP (FPR1, 5
mm; FPR2, 10 mm; FPR3, 20 mm; FPR4, 50 mm). This
design is chosen to obtain resonators which, for the same
frequency, have different mode numbers but identical Qi
and Qc,1.

We use a CPW with 2 μm line and gap width between
the antenna and the FPR, because we know its loss to
be negligible at submillimeter wave frequencies [17].
The MKIDs are quarter-wave resonators of a standard
Al/Nb-Ti-N hybrid CPW design [4], where incoming
power is absorbed in a short Al central line, leading to
changes in the MKIDs microwave properties which are
measured via the microwave readout line.

III. DEVICE FABRICATION

We start the fabrication process with a 375-μm-thick
4-in. Si wafer (dielectric constant εr = 11.44; Ref. [23])
coated on both sides with a 1-μm-thick, low-tensile-stress
(∼ 250 MPa) SiN layer (εr = 7), deposited using low-
pressure chemical vapor deposition (LPCVD). The SiN
on the device side is etched away almost everywhere,
except for small patches below the MKID Al center lines
[24]. For the FPR and μWR fabrication, we now start by
depositing a 220-nm-thick Nb-Ti-N layer (Tc = 15.1 K,
ρn = 138 μ�cm) on the device side using reactive sputter-
ing of a NbTi target in a nitrogen-argon atmosphere [25].
This layer is patterned and etched to contain the microstrip
ground plane and all CPW elements of the chip. A 250-nm-
thick a-Si layer εr ≈ 10, deposited using plasma-enhanced
chemical vapor deposition (PECVD), serves as the dielec-
tric layer of the microstrip [26]. We then define the
microstrip lines in a second Nb-Ti-N layer of 300 nm
(Tc = 15.0 K, ρn = 104 μ�cm), using the same process as
the first Nb-Ti-N layer. With the FPR and μWR finalized,
we finish fabrication of the MKIDs and microwave readout
line using a 1-μm-thick layer of polyimide LTC9505 and
a 50-nm-thick layer of Al (Tc = 1.25 K) [27]. Finally, a
40-nm-thick layer of β-phase Ta (Tc = 0.7 K) is deposited
on the backside and patterned into an absorbing mesh for
stray light control [28].

As Nb-Ti-N and a-Si require the same dry etch agents,
an overetch of approximately 40 nm is present for the
lower layers, as highlighted in Fig. 1(e). The thickness
of the lower Nb-Ti-N layer is increased accordingly to
maintain designed antenna and MKID properties.

IV. EXPERIMENTAL SETUP

The μWRs are characterized in a dark cryogenic setup,
which is optimized for low-background MKID experi-
ments as discussed in [4,29], and using a standard homo-
dyne technique enabled by a commercial vector network
analyzer (VNA). In order to achieve acceptable noise
levels at the low microwave powers required to reach

the single-photon regime, a −36-dB attenuation on the
input, and an amplifier with 36-dB gain on the out-
put are added to the microwave readout chain at room
temperature.

For measurements of the FPR transmission, a 2 × 2 lens
array is mounted on the chip backside and aligned to the
double-slot antennas. Each lens has a hyper-hemispherical
shape with 2 mm diameter, creating a diffraction-limited
beam [30]. The chip is then placed in a Cu sample holder,
which is surrounded by a tight-fitting mu-metal magnetic
shield [see Fig. 1(f)]. This assembly is mounted on the
cold stage of a dilution refrigerator operated at 120 mK. A
TERABEAM 1550 (TOPTICA Photonics AG) photomixer
continuous-wave (CW) source at room temperature emits a
tunable signal in the range of 0.1–1 THz with a step size of
10 MHz and a bandpass filterstack inside the cryostat that
defines a frequency band centered at f = 346 GHz. The
source signal is attenuated with a beam splitter to keep the
MKIDs in a linear operating regime. Frequency multiplex-
ing readout electronics are used to enable simultaneous
measurements of all FPRs [31]. Details on the setup can be
found in [17], which is identical except for the cryogenic
unit.

V. RESULTS AND DISCUSSION

A. Microwave resonators

We measure transmission dips of the μWRs at 50 mK as
a function of readout power in the range of Pread = −65 to
−157 dBm, as shown in Fig. 2(a) for μWR1. The internal
quality factor Qi of the resonator is then determined at each
power from a Lorentzian fit [32]. We measure S21(f ) from
4.7 to 6.7 GHz in 4001 points at T = 60 mK, excluding
any points falling on a resonance feature, to create a 0-dB
transmission reference. Figure 2(b) shows the resulting Qi
as a function of the average photon number in the resonator
per λ/2, given by

〈nph〉 = Pint

hf 2 , (2)

where Pint is the internal power, given for the μWRs by
Pint = mQ2Pread/πQc with m = 2 or m = 1 for quarter-
wave and half-wave resonators, respectively. All μWRs
show a characteristic behavior for TLS loss and can be
fitted using [33]

1
Qi

= tanh(�ω/2kbT)

Qi,0(1 + (〈nph〉/ns))β/2 + 1
Qr

, (3)

where Qi has a minimum value Qi,0 at photon num-
bers below the saturation value ns, increases with a slope
given by β until other loss source dominate at high pho-
ton numbers, saturating at Qr. As the CPW resonators
do not contain a-Si, their TLS losses are dominated by
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FIG. 2. (a) Transmission for μWR1 at three different readout
powers, with the respective Lorentzian fits shown by the black
dotted lines. (b) Measured internal quality factor Qi as function
of 〈nph〉 for all μWRs shown as symbols, with fits of Eq. (3)
shown by dotted lines with corresponding colors.

the metal-substrate and substrate-air interfaces, with crys-
talline Si as substrate [34]. Both Qi,0 and Qr values
(μWR5: Qi,0 ≈ 2.0 × 105, Qr ≈ 9.5 × 106. μWR6: Qi,0 ≈
1.2 × 105, Qr ≈ 9.9 × 106) are comparable with the state
of the art for CPW resonators made of sputtered Nb-Ti-N
[5], indicating an excellent film and interface quality for
both the upper and lower Nb-Ti-N layers (sampled by
μWR5 and μWR6, respectively) with no significant degra-
dation due to the fabrication process. We find values of β

between 0.7 and 0.8 for all resonators, which is consistent
with the literature [33].

Losses in amorphous microstrips are generally domi-
nated by TLS in the bulk dielectric layer [35]. We assume
that losses in the metal-substrate interface can be neglected
here, due to the surface layer quality shown by the CPW
resonators. Consequently, the internal loss factor of the a-
Si film, can be obtained as Qi,aSi(6 GHz) = 27 ± 4 × 103

from an average over all microstrip resonators and using

Qi,aSi = kfill × Qi (4)

with the filling factor kfill = 0.96 of the microstrip
line, taking the a-Si layer overetch into account [see
Fig. 1(e)]. This value corresponds to a loss tangent
tan δ = Q−1

i = 3.7 ± 0.5 × 10−5, which is expected for

a-Si films [36]. We calculate the filling factor kfill by sim-
ulating a short microstrip line in CST MICROWAVE STUDIO
and varying the loss tangent of the dielectric. The relation
between simulated line loss and the set loss tangent is then
given by kfill.

B. Fabry-Perot resonators

We measure the transmission through the four FPRs as
a function of source frequency and apply a correction for
directly coupled stray light, using the response of the blind
MKID as introduced in Ref. [17]. Figure 3(b) shows the
resulting spectra containing clear transmission peaks with
an average frequency spacing dF corresponding to the dif-
ferent resonator lengths. Variations in peak height, as well
as secondary peaks visible in FPR1, can be explained qual-
itatively by standing waves before the FPR modifying the
transmission through the first coupler with a wavelength
corresponding roughly to the electrical distance between
antenna and FPR coupler. For each resonance peak, we
obtain QL from a Lorentzian fit and the mode number from
the resonance frequency Fn using n = Fn/dF . The stand-
ing waves before the FPR also introduce an oscillation in
the measured QL, due to a modified Qc.
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FIG. 3. (a) Averaged loaded quality factor QL as a function of
average mode number in the four FPRs. The fit using Eq. (1) is
shown by the black line. (b) Measured spectra of the FPRs, offset
along the y axis for better comparison. Line colors correspond to
the markers in (a).
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In this setup, we do not have an absolute reference for
unity transmission and cannot, therefore, use the height
of the FPR peaks to obtain Qi and Qc independently.
However, as we are measuring different resonators, each
designed with different mode numbers n at the same fre-
quency, we can fit QL(n) using Eq. (1) to retrieve Qc,1
and Qi. For this purpose, we take the mean value of QL
for each resonator, as plotted in Fig. 3(a), while assuming
that QL is linear with frequency and that the standing wave
oscillations are sampled well enough to be averaged out.
The resulting mean value then corresponds to the value at
the center frequency of the measurement band, 350 GHz,
whereas the error bars are a measure of both the statistical
scatter and the linear slope over the averaged frequency
range. A fit to Eq. (1) then results in Qc,1 = 12.4 ± 0.7 and
Qi = 4.9 ± 0.3 × 103.

Following Eq. (4), we then obtain the internal loss fac-
tor of a-Si at 350 GHz as Qi,aSi(350 GHz) = 4.7 ± 0.3 ×
103, corresponding to a loss tangent of tan δ(350 GHz) =
2.1 ± 0.1 × 10−4 which represents a significantly higher
loss compared with the microwave regime, where
tan δ(6 GHz) = 3.7 ± 0.5 × 10−5. Furthermore, we esti-
mate the maximum incident power at the FPR to be less
than 5 pW, placing the FPR in the single-photon regime
with nph < 8. The increased loss at submillimeter wave
frequencies is in disagreement with the TLS standard
model, where a constant loss is predicted in the single-
photon regime when �ω � kBT, which is the case for both
measurements.

A possible explanation of this discrepancy, could be a
modified TLS model with a frequency dependent density
of states N (f ). Such a model has been recently used to
describe dephasing and noise due to TLS, combining inter-
acting TLS with the power law of N (f ) ∝ (f μ) with μ ≈
0.3 obtained from noise measurements [37]. We find that
a value of μ ≈ 0.4 would resolve the discrepancy in our
measurement. Note, that the power dependence of β < 1
we find at microwave frequencies is also often identified
with interacting TLS. Alternatively, it is possible that we
observe the low-frequency tail of resonant phonon absorp-
tion peaks at far-infrared wavelengths. Room-temperature
measurements of SiOx and SiN in the far-infrared regime
indicate that such a low-frequency tail could have the rele-
vant magnitude [38,39]. Losses in the Nb-Ti-N film due
to disorder effects should also be considered. However,
we consider this highly unlikely to be the dominant effect,
because measurements on a Nb-Ti-N CPW line with a sim-
ilar film yield a Qi ≈ 17 × 103 limited fully by radiation
losses [17]. We also find no indication in DC or microwave
measurements that the Nb-Ti-N film quality of either the
top or bottom layer is degraded. The two CPW datasets in
Fig. 2 represent a CPW line from each Nb-Ti-N layer. Fur-
ther experiments in the 100–1000 GHz frequency range, in
combination with microwave measurements, are needed to
clarify this issue.

VI. CONCLUSION

In conclusion, we measured the losses of high-Q res-
onators made of Nb-Ti-N/a-Si/Nb-Ti-N microstrips in the
single-photon regime at 6 and 350 GHz. In particular, we
demonstrate an effective method to independently measure
Qi and Qc at submillimeter wave frequencies without an
absolute power calibration, using multiple FPRs on a sin-
gle chip. This method can be easily extended up to the
band-gap frequency of Nb-Ti-N around 1 THz. We mea-
sure a very low loss tangent for the a-Si film at microwave
frequencies, with a power dependence that is consistent
with TLS theory. At submillimeter wave frequencies, we
find an unexpected increase in the loss tangent, which
requires further investigation to identify the root cause.

APPENDIX: MODE NUMBER DEPENDENCE OF
QC

In Goeppl et al. [40], an equation for the coupling Q-
factor of a FPR (Qext = Qc) is derived as

Qext = C
2nω0RLC2

k
(A1)

with the real load impedance RL = 50 �, the coupling
capacitance Ck, and the resonator capacitance C = Cll/2,
where Cl is the capacitance per unit length and l is the
resonator length. This equation apparently shows a mode
number dependence Qext ∝ 1/n, which is seemingly in
conflict with the dependence Qc ∝ n used in this paper,
which is based on the equation

Qc = nπ

|S21,c|2 , (A2)

where S21,c is the transmission through a single coupler.
In the following appendix, we show the derivation of
Eq. (A2), the equivalence between Eq. (A1) and (A2), the
underlying reason for the apparent conflict in mode num-
ber dependence and, finally, why Qc ∝ n should be used
when considering the properties of a FPR.

Equation (A2) is based on the definition of the quality
factor

Q = ωEstored

Ploss
, (A3)

where Estored is the total energy stored in the resonator,
whereas Ploss is the power loss per full resonator cycle.

The power loss per cycle through a single coupler of the
FPR is given by

Ploss = NfEstored|S2′1′ |2, (A4)

where S2′1′ is the transmission through the coupler and N
is the number of times the coupler is encountered per res-
onator cycle. For a half-wave resonator, N is given by the
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mode number as N = 1/n. Combining Eqs. (A3) and (A4)
then results in

Qc1 = n2π

|S2′1′ |2 . (A5)

The second coupler can then be included to obtain the total
coupling Q-factor as

1
Qc

= 1
Qc1

+ 1
Qc2

= nπ

|S2′1′ |2 , (A6)

where the latter relation retrieves Eq. (A2) for identical
coupling strength on both sides (Qc1 = Qc2).

In order to show the equivalence of Qext = Qc, we start
by taking the ABCD matrix of an isolated coupler as given
by Goeppl et al. [40]

(
A B
C D

)
=

(
1 1

iωnCk
0 1

)
(A7)

with ωn = nω0 and retrieve S21,c from it as

S21,c = 2
2 + 1/(iωnCkRL)

, (A8)

where we use

S21 = 2
A + B/RL + CRL + D

(A9)

under the assumption that the characteristic line impeda-
nces Z0 on either side of the coupler are matched to the
load impedance RL.

The absolute square |S21,c|2 then follows as

|S21,c|2 = 4ω2
nC2

kR2
L

1 + 4ω2
nC2

kR2
L

≈ 4ω2
nC2

kR2
L, (A10)

where the approximation follows from the condition of a
small capacitance (ωnCkRL 	 1) as used by Goeppl et al.
[40]. Note here the proportionality |S21,c|2 ∝ ω2

n.
Combining Eqs. (A1) and (A10) then results in

Qext = 2ωnCRL

|S21,c|2 , (A11)

which is not quite identical to Eq. (A2), but already follows
its proportionality of Qext ∝ n due to ωn = nω0.

We then use vph = 1/
√

(LlCl), the line impedance Z0 =√
(Ll/Cl) and Ll the inductance per unit length to obtain

the identity of

ωnCll
2

= ωnl
vphZ0

, (A12)

which we can rewrite, using ωn/vph = 2π/λ, l/λ = n/2
(for a half-wave resonator) and the matched impedance

condition Z0 = RL, as

ωnCll
2

= nπ

RL
. (A13)

Substituting Eqs. (A13) in (A11) we finally obtain the form
of Eq. (A2)

Qext = nπ

|S21,c|2 = Qc. (A14)

Note here, that the matched impedance condition is only
used to easily show the equivalence, but is not necessary
for either equation to be used on its own. For Eq. (A1) it
is explicitly included due to the presence of RL, whereas
Eq. (A2) includes it implicitly as S21,c is obtained from
electromagnetic simulations and can therefore account for
any impedance mismatch. In addition, any impedance mis-
match does not factor into the mode number dependence.

In order to explain the apparently conflict in mode num-
ber dependence, we suggest, that while Eq. (A1) is based
on a flawless derivation and provides accurate fits to mea-
surements [40], it conflates mode number dependence with
frequency dependence of the coupler and therefore does
not provide an accurate physical interpretation of the mode
number dependence.

The frequency dependence of the coupler can be under-
stood from Eqs. (A10) and (A11): the couplers used in both
of the papers considered here are fundamentally high-pass
filters operated in the stop-band regime and their trans-
mission is therefore proportional as |S21,c|2 ∝ ω2. Note,
that we omit the subscript n here, as this proportionality
exists independent from the resonant behavior of the FPR
and must therefore be considered separate from the mode
number.

Goeppl et al. [40] argue that Eq. (A1) shows Qext ∝ 1/n.
However, its primary dependence should be understood
as Qext ∝ 1/ωn which, when taking the coupler trans-
mission into account, becomes Qext ∝ ωn/ω

2 ∝ n/ω2 [see
Eq. (A11)]. In contrast, Eq. (A2) shows a clear separation
of coupler properties (S21,c) and mode number.

The difference shown here is usually not significant for
single resonators, as both equations will yield the same
results for Qc. However, it needs to be taken into con-
sideration when one wants to understand and exploit the
fundamental behavior of a transmission line FPR.
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