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The ability to control the directional and spectral properties of thermal emission is of fundamental
importance for many applications. Here we propose a method to design directional and broadband thermal
emitters (DBTEs) and directional and narrowband thermal emitters (DNTEs) based on classic thermal
emitters and angular selectors. DBTEs exhibit strong thermal emission at a specific angle and within a
broadband wavelength range. Besides, DBTEs achieve better radiative cooling performance than clas-
sic thermal emitters without special angular control when there are surrounding buildings. On the other
hand, DNTEs can confine thermal emission within a narrow bandwidth and a narrow angular width.
DNTEs show higher energy conversion efficiency than conventional narrowband thermal emitters, and
have potential application in high-efficiency infrared light sources.
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I. INTRODUCTION

Thermal emission from opaque materials, such as a
black body or an incandescent source, has long been
regarded as an incoherent phenomenon due to the uncor-
related properties of spontaneous emission. About two
decades ago, temporally and spatially coherent thermal
emitters were theoretically and experimentally demon-
strated [1,2]. Since then, different methods to control
and manipulate thermal emission based on nanostruc-
tures have been developed. Most studies focus on con-
trol of the spectral properties of thermal emission, which
spawns a myriad of applications, such as radiative cool-
ing [3–7], thermophotovoltaic devices [8–10], and thermal
camouflage [11–14]. In contrast, there are few studies
on the directional control of thermal emission. How-
ever, the directional control of thermal emission is of
vital importance in fundamental science and a num-
ber of applications [15,16], and needs to be further
investigated.

Thermal emitters can be divided into five categories
on the basis of their different spatial and spectral prop-
erties, as shown in Fig. 1. Wide-angle and broadband
thermal emitters, for example, a black body, photonic
crystals [3], glass-polymer hybrid metamaterial [4], and
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refractory-metal based metamaterial [17]. Wide-angle and
narrowband thermal emitters such as metal-insulator-metal
structures [18–20]. The thermal emission is confined in a
narrow wavelength range but within a wide-angle range.
Spatially and temporally coherent thermal emitters are
quasidirectional and narrowband thermal emitters because
the thermal emission is directional at some specific wave-
length and narrowband in some specific direction. Sev-
eral structures such as gratings [2,21] and vertical-cavity
enhanced resonant thermal emitters [22] have been pro-
posed to control the thermal emission spatially and tem-
porally. A one-dimensional (1D) photonic crystal with
a polar material as a coating layer is also proposed to
achieve highly spectral and directional thermal emission
[23]. However, the thermal emission of spatially and tem-
porally coherent thermal emitters is still within a large
angular and wavelength range, unlike directional and nar-
rowband thermal emitters (DNTEs), which confine thermal
emission within a narrow bandwidth and narrow angular
width (Fig. 1).

Several strategies to achieve directional and broadband
thermal emitters (DBTEs) and DNTEs have also been
investigated. Hyperbolic materials of type II have been
demonstrated to generate directional and broadband ther-
mal emission, but the emission angular width is quite large
(more than 20◦) [24]. For semitransparent plane-parallel
semiconductor layers, the emission spectrum is broadband
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FIG. 1. Five kinds of thermal emitters
with different spatial and spectral prop-
erties. A wide-angle and broadband ther-
mal emitter (e.g., a black body), a wide-
angle and narrowband thermal emitter
(e.g., a metal-insulator-metal structure),
and a spatially and temporally coher-
ent thermal emitter (e.g., a grating) have
been demonstrated. However, achiev-
ing a directional and broadband ther-
mal emitter and a directional and nar-
rowband thermal emitter has remained
elusive so far.

and the emission angle is partially directional. However,
the emissivity is only around 0.5 and the emission angular
distribution is still broad from 0◦ to 60◦ for a Si plate [25].
Plasmonic Brewster funneling and adiabatic focusing have
been combined to achieve ultrabroadband omnidirectional
thermal emission, but the emission angle is larger than 80◦
[26]. On the other hand, some progress has been made
toward achieving DNTEs such as plasmonic metasurfaces
[16] and metallic bull’s eyes [27]. However, they require
nanofabrication methods such as electron-beam lithogra-
phy and cannot be easily scaled up. An approach using
two-dimensional photonic crystals combined with quan-
tum wells was proposed [15], but the angular range of
thermal emission is large (from −20◦ to 20◦) and the cen-
tral wavelength is fixed due to the intrinsic intersubband
transitions of multiple quantum wells. Campione et al. [28]
used semiconductor hyperbolic metamaterial to control the
emission angle and wavelength simultaneously. However,
the angular range of thermal emission was larger than 40◦
and the peak emissivity was low (approximately 0.4). Zhu
et al. [29] designed a structure in which a single layer
of two-dimensional material is separated from a mirror
by a dielectric spacer layer. The drawback is the central
emission angle is nearly 90◦.

In this work, we design two kinds of thermal emitters, a
DBTE and a DNTE, based on classic thermal emitters and

angular selectors. The past few years have witnessed great
strides made in the field of angular selectivity [30,31].
Angular selectivity can select light on the basis of the light
propagation direction and was recently applied to high-
efficiency solar-energy conversion [32,33], privacy protec-
tion [34,35], and detectors with enhanced signal-to-noise
ratios [36]. Here we propose applying angular selectivity
to classic thermal emitters to control the spatial and tempo-
ral properties of thermal emission simultaneously. For the
DBTE, we design a material system consisting of an angu-
lar selector on top of a broadband thermal emitter. Such
a thermal emitter can emit in a specific direction within a
broadband wavelength range, which can be used for direc-
tional radiative cooling when there are surrounding build-
ings. For the DNTE, we propose a structure consisting of
an angular selector on top of a vertical-cavity enhanced
resonant thermal emitter. The DNTE can emit at a spe-
cific wavelength of 3.92 μm with a bandwidth of about
0.04 μm and a specific angle of 61◦ with an angular width
of around 5◦. Compared with a conventional narrowband
thermal emitter, the DNTE can achieve a higher equilib-
rium temperature and higher energy-conversion efficiency.
This method based on angular selectivity will pave the way
toward the spatial and spectral control of thermal emis-
sion in both the fundamental-science field and a number
of energy-harvesting applications.
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II. DIRECTIONAL AND BROADBAND THERMAL
EMITTER

A. Structure and emissivities of the DBTE

We first show how to achieve a DBTE. First, we achieve
broadband angular selectivity on the basis of the fact that
(i) p-polarized light transmits without any reflection at the
Brewster angle and (ii) the band gaps of photonic crystals
can prevent light propagation for given frequency ranges
and the band gaps can be broadened [30]. We consider a
simple 1D photonic crystal consisting of materials A and B
with period ai of the ith stack and relative permittivities εA
and εB, as shown in Fig. 2(a). In such a system, monochro-
matic plane waves with a specific frequency can propagate
only in a certain direction; propagation in other directions
is not allowed because of destructive interference (also
known as photonic band gaps). However, for p-polarized
light, there is a special propagation angle, known as the
Brewster angle,

θB = tan−1
√

εA

εB
, (1)

where θB is the Brewster angle in the layers with per-
mittivity εA. At θB, p-polarized light is totally transmitted
for all frequencies. First, BaF2 and ZnS are chosen as the
materials for the 1D photonic crystals because they are

transparent in the mid-infrared range. The permittivities
of the materials are described in detail in Appendix A.
For index-matching purposes, the light is incident from a
medium with refractive index n = 1.4. The thickness of the
BaF2 and ZnS layers in the first stack is a0, and r is the geo-
metric series of the periods of these stacks as ai = a0ri−1.
Here we choose proper parameters a0 = 390 nm and r =
1.02. The film thickness of the thermal emitter is propor-
tional to the emission wavelength, so a0 is chosen to ensure
it is the smallest value to cover the whole spectral range.
Parameter r cannot be too small or too large. If r is too
small, the angular selector cannot cover the whole wave-
length range. If r is too large, there will be some “leaky”
thermal emission around the emission angle because the
extended modes are allowed to propagate between two
band gaps.

Next we consider that materials A and B are isotropic
and anisotropic materials. Such isotropic-anisotropic
bilayers can be obtained with use of widely used poly-
mers [37,38] and mature mechanical methods in industry
[39–42]. One widely used method called “multilayer coex-
trusion” has been used to form thousands of layers of
two alternating materials [43–46]. Multilayer coextrusion
uses a process of forced assembly through sequential layer
multiplication to fabricate thin alternating layers of two
or three materials. Such a method can produce multilayer

(a) (b)

(c) (d)

FIG. 2. (a) Quarter-wave stacks con-
sisting of two materials A and B.
(b) DBTE based on an angular selector
on top of a black body. (c) p-polarized
emissivities of materials BaF2 and ZnS
with 50 stacks, each stack consisting of
eight bilayers. (d) p-polarized emissiv-
ities of the anisotropic material nylon
6 and the isotropic material polysulfone
with 35 stacks, each stack consisting of
50 bilayers.
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films with thousands of layers. For example, a coextrusion
process with 11 multiplier dies produced 4096 alternat-
ing polycarbonate (PC) and poly(methyl methacrylate)
(PMMA) layers [47]. Here we choose polysulfone as the
isotropic material with a refractive index of 1.62 [48],
and oriented nylon 6 as the anisotropic material with an
average in-plane refractive index of 1.62 and out-of-plane
refractive index of 1.49 [37]. The transparent window of
such a material system is centered at 0◦ because light
“sees” the same refractive index of materials A and B
at normal incidence and is totally transmitted. Broadband
angular selectivity between 3 and 5 μm can be achieved.
The effective band gaps can be increased when the quarter-
wave stacks with various periods are piled (see Fig. S1
in Supplemental Material [49]). The simulation results
for lossy polymer materials are also studied (see Fig. S2
in Supplemental Material [49]). Although the efficiency
of the angular selecitivity is reduced, a directional and
broadband angular selector can still be achieved.

We design two DBTE material systems based on the two
broandband angular selectors mentioned above on top of a
black body [Fig. 2(b)]. The black body can be replaced by
any other kind of broadband thermal emitter. The black
body exhibits strong thermal emission within a broand-
band wavelength range and in all directions. If the black
body is covered with an angular selector, only thermal
emission within a transparent window can escape outside
and thermal emission from other angles is reflected back
and reabsorbed by the bottom black body. A broadband

(3–5 μm) and directional thermal emitter can be achieved,
as shown in Figs. 2(c) and 2(d). The central emission angle
can also be tuned by choosing different materials A and
B. When the two materials are BaF2 and ZnS, the central
emission angle is 61◦ and the angular width is around 5◦.
If nylon 6 as an anisotropic material and polysulfone as an
isotropic material are chosen, a thermal-emission window
(0◦–40◦) can be achieved.

Although we focus here on control of thermal emission
for one polarization, our approaches can be generalized to
both polarizations. We demonstrate that the thermal emit-
ter based on 1D anisotropic photonic crystal stacks has
broadband and directional thermal emission for p polar-
ization. A half-wave plate, which is one simple anisotropic
layer, can convert s-polarized light to p-polarized light.
By inserting half-wave plates between 1D photonic crystal
stacks, we can achieve broadband and directional thermal
emission for both polarizations (see Fig. S3 in Supplemen-
tal Material [49]). We also study full-space emissivities of
DBTEs in polar coordinates (see Fig. S4 in Supplemental
Material [49]). The emissivities are the same for different
azimuths φ from 0◦ to 360◦ because the multilayer film is
uniform in the plane.

B. Ideal model of radiative cooling based on angular
selectivity when there are surrounding buildings

Radiative-cooling technology takes advantage of strong
mid-infrared thermal emission in the transparent “atmo-
spheric window” ranging from 8 to 14 μm and can

(a)

(b) (c)

FIG. 3. (a) Radiative cooling with angular control of thermal emission when there are surrounding buildings. θs is the “thermal-
emission window” of the sample and θb represents the height of surrounding buildings. (b) The equilibrium temperature of the DBTE
sample for different values of θs and θb when the ambient temperature is 40 °C. The dashed white line represents the lowest cooling
temperature after optimization of θs based on different θb. The conductive and convective loss can be quantified with use of the effective
heat-transfer coefficient h = 3 W m−2 K−1. (c) The equilibrium temperature of the DBTE sample for different thermal emission angles
θs. Red, green, blue, and pink lines represent different values of θb as 10◦, 20◦, 30◦, and 40◦, respectively.
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decrease the temperature of the object without any power
consumption [3,4]. However, current radiative-cooling
devices need to be installed on roofs because their perfor-
mances will deteriorate if there are surrounding buildings.
This greatly limits the applications of radiative cooling in a
wide range of areas and places. A recently published paper
proposed a method that can control the direction of ther-
mal emission for radiative cooling [7]. This method uses
geometric optics for control of the thermal-emission beam.
Here we propose a method based on angular band gaps
of 1D photonic crystals. Our material system with angu-
lar control can achieve a lower cooling temperature than
classic radiative-cooling technology without any angular
control.

We begin with an ideal model of a DBTE sample that is
surrounded by the buildings in a circle. The cross section
is shown in Fig. 3(a). For the wavelength ranging from 8
to 14 μm, the DBTE sample has 100% absorptivity and
emissivity within its “emission window” ranging from 0◦
to θs [yellow-triangle region in Fig. 3(a)], and 100% reflec-
tivity for other angles. The emissivity of the DBTE sample
between 8 and 14 μm is given in Eq. (2):

εs(θ) =
{

1, 0◦ < θ < θs,
0, θs < θ < 90◦. (2)

The emissivity of the sample is zero when the wavelength
is less than 8 μm or greater than 14 μm. θb represents the
height and distance of the adjacent buildings. The build-
ings contain steel and concrete, whose emissivities are
very high. Here we assume that the emissivities of the
surrounding buildings are 0.95. There is strong thermal
emission from buildings to the radiative-cooling device
within the “building’s emission window” ranging from θb
to 90◦ [blue region in Fig. 3(a)]. Most of the time, the tem-
perature of the classic radiative-cooling device is lower
than the temperature of the ambient atmosphere and sur-
rounding buildings due to its radiative-cooling mechanism.
The thermal emission absorbed by the classic radiative-
cooling device without specific angular control (coming
from the buildings) is greater than that emitted by the
device. Therefore, the cooling efficiency is decreased.
However, the DBTE-based radiative cooling can reflect the
strong thermal emission from the surrounding buildings
and achieve higher cooling efficiency than classic devices
without angular control.

We calculate the equilibrium temperature of the ideal
DBTE sample for different values of θs and θb, as shown
in Fig. 3(b). Here we consider only night-time radiative
cooling for simplicity. Daytime radiative cooling can also
be achieved by adding an additional reflector for visi-
ble light. The energy flux of the DBTE sample contains
three parts: thermal emission Pr, absorption from the atmo-
sphere and buildings Pa, and conductive and convective
loss Pc, which are described in detail in Appendix B.

The equilibrium temperature can be calculated when the
net power flux Pnet = Pa + Pc − Pr is zero. The dashed
white line in Fig. 3(b) represents the lowest cooling tem-
perature of the sample for different values of θs and θb.
The results show that the lowest cooling temperature (also
highest cooling efficiency) can be obtained when θs is
close to θb. That makes sense because the best angular
control of the sample is to reflect almost all strong ther-
mal emission from the buildings and emit the energy itself
to the sky as much as possible. For different values of
θb, the equilibrium temperature of the sample decreases
first when θs increases and then reaches a minimum when
θs ≈ θb [Fig. 3(c)]. The temperature of the sample
then increases as θs increases. The optimized θs (point
A) can achieve a lower equilibrium temperature (higher
cooling efficiency) than the classic radiative-cooling
devices without angular control of thermal emission
(point B).

C. Realistic model of radiative cooling based on
angular selectivity when there are surrounding

buildings

The key component of a classic radiative-cooling device
is a broadband thermal emitter. Here we use a three-layer
broadband thermal emitter consisting of Au, SiO2, and
Si3N4 films for comparison [Fig. 4(a)]. The thicknesses
of the Au, SiO2, and Si3N4 films are 100 nm, 1 μm, and
220 nm, respectively. Such a broadband thermal emitter
has high emissivities between 8 and 14 μm and low emis-
sivities at other wavelengths [Fig. 4(b)]. The broadband
thermal emitter has no special angular control of ther-
mal emission, and thus the emissivities remain high even
when the emission angle increases to 85◦. The relation
between the height and the distance of buildings is regu-
lated in law in China to ensure of enough sunshine time
and θb has to be larger than 30◦. Here we assume that θb
is 40◦.

The DBTE is designed by our placing a multilayer angu-
lar selector on top of the three-layer broadband thermal
emitter [Fig. 4(c)]. When materials A and B of the bilay-
ers are both isotropic materials, the emission angle can
only be at the Brewster angle, which is larger than 45◦.
However, emission angles ranging from 0◦ to 40◦ are
required for radiative cooling with surrounding buildings.
Therefore, anisotropic material A and isotropic material B
with the above-mentioned permittivities are chosen as the
materials for the angular selector. We consider an angu-
lar selector of 160 stacks, each stack consisting of 60
isotropic-anisotropic bilayers. The periods of these stacks
form a geometric series ai = a0ri−1 with r = 1.01. The
thicknesses of layers A and B in the first stack are 1 μm
(a0 = 1 μm). Such a DBTE has high emissivity when the
emission angle ranges from 0◦ to 40◦ and nearly 100%
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(a)

(e) (f)

(b)

(c)
(d)

FIG. 4. (a) A three-layer broadband
thermal emitter consisting of Au, SiO2,
and Si3N4 films. (b) The emissivities
of the three-layer broadband thermal
emitter. (c) A DBTE consisting of a
broadband thermal emitter at the bot-
tom and a multilayer angular selector
on the top. The angular selector con-
sists of 160 stacks, each stack consist-
ing of 60 isotropic-anisotropic bilayers.
(d) The emissivities of the DBTE. (e)
The equilibrium temperatures of ambi-
ent air (blue line), the broadband ther-
mal emitter (red line), and the DBTE
(black line) for different ambient tem-
peratures. The effective heat-transfer
coefficient h = 0.5 W m−2 K−1. (f) The
equilibrium temperatures of ambient
air, the broadband thermal emitter, and
the DBTE for different effective heat-
transfer coefficients h.

reflection from 40◦ to 90◦ [Fig. 4(d)]. The “emission-
window” size of the DBTE can be tuned by changing the
number of bilayers.

The equilibrium temperatures of ambient air, the broad-
band thermal emitter, and the DBTE are calculated on the
basis of the method described in Appendix B. Both the
broadband thermal emitter (without an angular selector)
and the DBTE (with an angular selector) can decrease
the temperatures of the samples through radiative cool-
ing, as shown in Fig. 4(e). The DBTE with an angular
selector shows better radiative-cooling performance than
the broadband thermal emitter without an angular selector.
For example, the temperature of the DBTE is around 12 °C
lower than that of the broadband thermal emitter when the
ambient temperature is 30 °C. Here we choose the effective
heat-transfer coefficient h as 0.5 W m−2 K−1. With the help
of low-conductivity materials and a high vacuum (10−6

Torr), the effective heat-transfer coefficient h can be further
reduced to the range 0.2–0.3 W m−2 K−1 [50].

The effective heat-transfer coefficient has an obvious
effect on the radiative-cooling performance of the sample.

As shown in Fig. 4(f), the cooling temperatures increase
for both the broadband thermal emitter and the DBTE
when the heat-transfer coefficient is increased. At the same
time, the difference in the cooling temperatures between
the broadband thermal emitter and the DBTE decreases.
The temperatures of the broadband thermal emitter and
the DBTE are almost the same when the heat-transfer
coefficient h is increased to 5 W m−2 K−1. The reason is
that the temperature of the sample increases and becomes
close to the ambient temperature when h is increased. The
difference between the thermal emission from the build-
ings and that from the sample is small, and therefore the
advantage of the angular selector is not so obvious. On the
other hand, covering the broadband thermal emitter with
an angular selector decreases the whole emissivities of the
DBTE to some extent. As a result, the temperatures of
the broadband thermal emitter and the DBTE are almost
the same when the heat-transfer coefficient h is large. The
equilibrium temperatures of ambient air, the broadband
thermal emitter, and the DBTE are calculated for different
values of θb (see Fig. S5 in Supplemental Material [49]).
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III. DIRECTIONAL AND NARROWBAND
THERMAL EMITTER

A. Structure and emissivities of the DNTE

We now discuss how to achieve a DNTE. We design
a material system that contains an angular selector on
top of a vertical-cavity enhanced resonant thermal emit-
ter [22]. The vertical-cavity enhanced resonant thermal

emitter consists of seven bilayers of ZnS films (low refrac-
tive index) and Si films (high refractive index) on top of
a 100-nm-thick gold film [Fig. 5(a)]. The thicknesses of
the ZnS and Si films are 500 and 300 nm, respectively.
The vertical-cavity enhanced resonant thermal emitter is
a typical spatially and temporally coherent thermal emit-
ter, which has narrowband thermal emission at a specific
emission angle, as shown in Figs. 5(c) and 5(f). To achieve

(a)

(b)

(e)

(c)

(f)

(d)

(g)

FIG. 5. (a) The DNTE contains an angular selector on top of a vertical-cavity enhanced resonant thermal emitter. (b)–(d) p-polarized
transmissivity of the angular selector and emissivities of the vertical-cavity enhanced resonant thermal emitter and the DNTE. The
angular selector consists of 20 stacks (m = 20), each stack consisting of ten bilayers. (e)–(g) p-polarized transmissivity of the angular
selector and emissivities of the vertical-cavity enhanced resonant thermal emitter and the DNTE. The angular selector consists of 70
stacks (m = 70), each stack consisting of ten bilayers. All the materials in our simulation are widely used: Au, ZnS, BaF2, and Si.
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spatial and temporal confinement of thermal emission,
we add an angular selector on top of the vertical-cavity
enhanced resonant thermal emitter [Fig. 5(a)]. Only the
thermal emission within the transparent window of the
angular selector can escape and the thermal emission from
other angles will be reflected back and suppressed.

We design two angular selectors with different
transparent-window sizes that can be controlled by the
number of stacks m. One angular selector contains 20
stacks, each stack consisting of ten bilayers, as shown
in Fig. 5(b). The periods of these stacks form a geomet-
ric series ai = a0ri−1 with a0 = 650 nm and r = 1.01.
The other angular selector contains 70 stacks, each stack
consisting of ten bilayers, as shown in Fig. 5(e). The peri-
ods of these stacks form a geometric series ai = a0ri−1

with a0 = 530 nm and r = 1.01. We demonstrate that a
DNTE can be achieved as long as the emission peak
of the vertical-cavity enhanced resonant thermal emitter
falls in the transparent window of the angular selector,
as shown in Figs. 5(d) and 5(g). However, the angular
selectors with different numbers of stacks m have differ-
ent performances, which is discussed in detail later. The
temperature-dependent emissivity of the DNTE is also
studied considering the refractive index of Si is tempera-
ture dependent (see Appendix A). When the temperature
increases to 1000 K, several modes can be excited simulta-
neously, and thus the thermal emission from other wave-
lengths increases, as shown in Fig. S7 in Supplemental
Material [49].

B. Application of the DNTE in high-efficiency infrared
light sources

High energy-conversion efficiency is of vital impor-
tance to achieve high-efficiency infrared light sources. We
demonstrate that the energy-conversion efficiency can be
increased if an angular selector is applied to the vertical-
cavity enhanced resonant thermal emitter. We use two
different models to calculate equilibrium temperatures and
the spectral radiance of a black body, the vertical-cavity
enhanced resonant thermal emitter, and the DNTE when
the input power is fixed, as shown in Figs. 6(a) and
S8(a). In Fig. 6(a), we assume that the device is in a
vacuum. Conduction and convection are negligible. The
input power can be totally converted to heat and this
increases the temperatures of the three kinds of devices.
The equilibrium temperatures of the three kinds of devices
can be calculated on the basis of conservation of energy
(see Appendix C). The vertical-cavity enhanced resonant
thermal emitter is the same as that shown in Fig. 5(a). The
narrowband-thermal-emitter part of the DNTE is the same
as that shown in Fig. 5(a), while the angular-selector part is
different, with 70 stacks (a0 = 650 nm and r = 1.03), each
stack consisting of ten bilayers.

We compare the equilibrium temperatures of a black
body, the vertical-cavity enhanced resonant thermal emit-
ter, and the DNTE in Fig. 6(b). With the same input power
(50 mW), the DNTE reaches the highest equilibrium tem-
perature and the temperature of the black body is the low-
est. The spectral radiance is calculated at an emission angle

(a) (b)

(c)

FIG. 6. (a) Model of the device in
a vacuum. We assume conduction and
convection are negligible. (b) The equi-
librium temperatures for a black body
(green line), a narrowband thermal emit-
ter (red line), and the DNTE (blue line)
for different input powers. Here the
narrowband thermal emitter is a vertical-
cavity enhanced resonant thermal emit-
ter. (c) The spectral radiance for a black
body, a narrowband thermal emitter, and
the DNTE at an emission angle of 60◦
when the input power is the same (50
mW). We zoom in the radiance of black
body because it is much smaller com-
pared to that of narrowband thermal
emitter and DNTE.
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(a) (b) FIG. 7. Equilibrium temperatures and
the ratio of the spectral radiance of
the DNTE to that of the vertical-cavity
enhanced resonant thermal emitter for
(a) different geometric series of periods
r when the number of stacks m is 20
and for (b) different numbers of stacks
m when the geometric series of periods
r is 1.02. The input power is 50 mW.

of 60◦ for the three kinds of thermal emitters, as shown
in Fig. 6(c). The black body exhibits the lowest radi-
ance in 3–5 μm, around 2–3 orders of magnitudes lower
than that of the other kinds of thermal emitters. The peak
radiance of the DNTE is around 12 × 108 W sr−1 m−3,
4 times higher than that of vertical-cavity enhanced res-
onant thermal emitter (3 × 108 W sr−1 m−3). These results
demonstrate that the DNTE with both spatial and tempo-
ral confinement can reach a higher equilibrium temperature
and peak radiance at the objective wavelength of 3.9 μm
and emission angle of 60◦ with the same input power. The
emissivities of the DNTE at different emission angles are
investigated at a fixed emission wavelength of 3.9 μm
(see Fig. S9 in Supplemental Material [49]). The ther-
mal emission of the DNTE is highly directional, with an
emission-angle width of around 2◦.

C. Effect of geometric parameters on the final
energy-conversion performance

Both the geometric series of periods r and the number
of stacks m have an effect on the equilibrium temperatures
and the spectral radiance of the devices. Here we use the
radiance of the vertical-cavity enhanced resonant thermal
emitter (Rbase) as the baseline and calculate the ratio of
the radiance of the DNTE structure (RDNTE) to Rbase. A
large geometric series of periods r leads to high equilib-
rium temperatures and high spectral radiance of the DNTE
[Fig. 7(a)]. The case for the number of stacks m is almost
the same [Fig. 7(b)]. The reason is that the location of the
band gap scales proportionally to the period of the quarter-
wave stack. The large geometric series of periods r and
number of stacks m result in a large transparent-window
size, which can suppress the wasted thermal emission in
a broadband wavelength range. Therefore, high energy-
conversion efficiency can be realized. These results can
guide us to design a proper thermal emitter considering the
trade-off between the energy-conversion efficiency and the
fabrication complexity.

IV. CONCLUSION

In conclusion, we propose two kinds of thermal emit-
ters, a DBTE and a DNTE, based on a classic thermal
emitter combined with an angular selector. We study not

only fundamental problems such as how to control the
spatial and spectral properties of thermal emission, but
also a number of practical applications. The DBTE can
control the direction of thermal emission in a broadband
range, while the DNTE can control the direction of ther-
mal emission in a narrowband range. From the view of
band diagrams, the angular selectivity can be achieved
because the extended modes can exist within the band
gaps at the Brewster angle. For a photonic crystal with-
out the Brewster angle, no modes are allowed to propagate
within the band gaps (see Fig. S10 in Supplemental Mate-
rial [49]). The DBTE can achieve lower radiative-cooling
temperatures than classic thermal emitters without angular
control when there are surrounding buildings. The DNTE
exhibits higher energy-conversion efficiency than the con-
ventional narrowband thermal emitter. We systematically
study the effect of a geometric series of periods r and
the number of stacks m on the equilibrium temperature
and the spectral radiance, which is useful guidance to
design a proper DNTE. The proposed DBTE and DNTE
can directionally and spectrally control thermal emission
and significantly benefit a number of applications such as
thermophotovoltaic devices, radiative cooling, and high-
efficiency infrared light sources. One natural next step is
to study the dynamic control of the direction and wave-
length of thermal emission, which can be realized by use
of liquid-crystal or phase-changing materials.
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APPENDIX A: MATERIALS

In our simulations, the permittivity of ZnS εZnS =
8.393 + 0.14383/(λ2 − 0.24212)+ 4430.99/(λ2 − 36.712)

[51] and the permittivity of BaF2 εBaF2 = 1.33973 +
0.8107λ2/(λ2 − 0.100652) + 0.19652λ2/(λ2 − 29.872) +
4.52469λ2/(λ2 − 53.822) [52]. The temperature-dependent
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absorption of Si can be modeled by means of the absorp-
tion coefficient [53]: αsi = 4.15 × 10−5λ1.51T2.95exp
(−7000/T), where λ is in micrometers, T is in kelvins,
and α is in reciprocal centimeters. The real part of the
refractive index of Si is assumed to be temperature inde-
pendent, nSi = 3.34. The permittivity of Au is modeled by
the Drude model [54] as εAu(ω) = ε1(ω) + iε2(ω) = 1 −
ω2

p/(ω
2 + i�ω), where �ωp = 8.5 and τD = 1/� = 14 fs.

APPENDIX B: METHOD FOR THE
CALCULATION OF THE EQUILIBRIUM

TEMPERATURE OF RADIATIVE COOLING

The energy flux of the device contains three parts:
thermal emission Pr, absorption from the atmosphere and
buildings Pa, and conductive and convective loss Pc. The
thermal-emission part Pr of the device is described as
follows:

Pr =
∫∫∫

εs(θ , ω) × IBB(ω, Ts) cos θ sin θdθdϕdω

=
∫∫∫

εs(θ , ω) × 2hc2

λ5

1
exp (hc/λkBTs) − 1

× cos θ sin θdθdϕdω, (B1)

where εs is the emissivity of the device, IBB is the theoret-
ical black-body radiance, and Ts is the temperature of the
device. The absorption of the device contains two parts:
thermal emission from the ambient atmosphere Patm and
from the surrounding buildings Pb:

Pa = Patm + Pb

=
∫∫∫

εs(θ , ω) × IBB(ω, Ta)

× εatm(θ , ω) cos θ sin θdθdϕdω

+
∫∫∫

εs(θ , ω)

× IBB(ω, Ta) × εb(θ , ω) cos θ sin θdθdϕdω,

where εatm is the emissivity of the ambient atmosphere,
εb is the emissivity of the buildings, and Ta is the ambi-
ent temperature. The last part is the heat-transfer part Pc
including conduction and convection:

Pc = h × (TS − Ta), (B2)

where h is effective heat-transfer coefficient. The equilib-
rium temperature can be calculated when the net energy
flux Pnet is zero:

Pnet = Pa + Pc − Pr = 0. (B3)

APPENDIX C: METHODS FOR THE
CALCULATION OF THE EQUILIBRIUM

TEMPERATURE OF THE INFRARED LIGHT
SOURCE

In the first model, a constant input power Pin is applied
to the device. The initial temperature of the device is low,
and then the temperature starts to increase until the steady
state, namely, Pin = Pout, is reached. Pout is the power
that emits from the device to the environment through
thermal emission, where conduction and convection are
ignored. The temperature-dependent and angular-resolved
emissivities ε(θ , ω, T) of the vertical-cavity enhanced res-
onant thermal emitter and the DNTE are shown in Fig. S7.
IBB(θ , ω, T) is the theoretical black-body radiance (Lam-
bert radiator). By temporally and spatially integrating the
thermal emission of the device, we can obtain the input
power Pin as follows:

Pin =
∫∫∫

ε(θ , ω, T) × IBB(θ , ω, T) cos θ sin θdθdϕdω

=
∫∫∫

ε(θ , ω, T) × 2hc2

λ5

1
exp (hc/λkBT) − 1

× cos θ sin θdθdϕdω. (C1)

For a fixed input power Pin, the equilibrium temperature of
the device can be calculated with the above formula.

In the second model, we consider the thermal-
conduction loss due to the metal wires. We choose Man-
ganin wires, which have a relatively low thermal con-
ductivity (k = 7.81 W −1 K−1), to minimize the conduction
loss. The diameter and length of the manganin wires are
400 μm and 10 mm, respectively. At steady state, the equi-
librium temperature of the device can be calculated with
the following the formula:

Pin = Pemission + Pcond = Pemission + kAwire
T − T0

Lwire
, (C2)

where k is the thermal conductivity of the wire, Awire
and Lwire are the cross-section area and length of the
wire, respectively, T is the equilibrium temperature of the
device, and T0 is the environmental temperature.
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cal broadband angular selectivity, Science 343, 1499
(2014).

[31] Yurui Qu, Yichen Shen, Kezhen Yin, Yuanqing Yang,
Qiang Li, Min Qiu, and Marin Soljačić, Polarization-
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selectivity of light at the nanoscale: Progress, applications,
and outlook, Appl. Phys. Rev. 3, 011103 (2016).

[37] Fumio Nagatoshi and Tamio Arakawa, Structure of doubly
oriented nylon 6, Polym. J. 1, 685 (1970).

[38] Mukerrem Cakmak, James L. White, and Joseph E.
Spruiell, Optical properties of simultaneous biaxially
stretched poly (ethylene terephthalate) films, Polym. Eng.
Sci. 29, 1534 (1989).

[39] J. A. Van Aken and H. Janeschitz-Kriegl, Simultaneous
measurement of transient stress and flow birefringence in
one-sided compression (biaxial extension) of a polymer
melt, Rheol. Acta 20, 419 (1981).

[40] Gudrun Schmidt, Alan I. Nakatani, Paul D. Butler, Alamgir
Karim, and Charles C. Han, Shear orientation of viscoelas-
tic polymer- clay solutions probed by flow birefringence
and sans, Macromolecules 33, 7219 (2000).

[41] Kezhen Yin, Zheng Zhou, Donald E. Schuele, Mason
Wolak, Lei Zhu, and Eric Baer, Effects of interphase mod-
ification and biaxial orientation on dielectric properties of
poly (ethylene terephthalate)/poly (vinylidene fluoride-co-
hexafluoropropylene) multilayer films, ACS Appl. Mater.
Interfaces 8, 13555 (2016).

[42] Hongwen Ren and Shin-Tson Wu, Tunable electronic lens
using a gradient polymer network liquid crystal, Appl.
Phys. Lett. 82, 22 (2003).

[43] Walter J. Schrenk, Douglas S. Chisholm, Kenneth J. Cleere-
man, and Turner Alfrey, Jr., Method of preparing multilayer
plastic articles, US Patent 3, 565, 985 (1971).

[44] Turner Alfrey, Jr. and Walter J. Schrenk, Multilayer coex-
trusion process for producing selective reflectivity, US
Patent 4, 094, 947 (1978).

[45] Richard A. Kollaja, Axel Eckstein, and Robert M. Floyd,
Polymeric coextruded multilayer articles US Patent 6, 949,
283 (2005).

[46] Craig F. Culver, Interface control, US Patent 5, 666, 138
(1997).

[47] Richard Y. F. Liu, Yi Jin, Anne Hiltner, and Eric Baer, Prob-
ing nanoscale polymer interactions by forced-assembly,
Macromol. Rapid. Commun. 24, 943 (2003).

[48] You Wang, Yukio Abe, Yuji Matsuura, Mitsunobu Miyagi,
and Hiroshi Uyama, Refractive indices and extinction coef-
ficients of polymers for the mid-infrared region, Appl. Opt.
37, 7091 (1998).

[49] See Supplemental Material at http://link.aps.org/supple
mental/10.1103/PhysRevApplied.13.064052 for the fig-
ures.

[50] Zhen Chen, Linxiao Zhu, Aaswath Raman, and Shanhui
Fan, Radiative cooling to deep sub-freezing temperatures
through a 24-h day–night cycle, Nat. Commun. 7, 13729
(2016).

[51] Claude A. Klein, Room-temperature dispersion equations
for cubic zinc sulfide, Appl. Opt. 25, 1873 (1986).

[52] H. H. Li, Refractive index of alkaline earth halides and
its wavelength and temperature derivatives, J. Phys. Chem.
Ref. Data 9, 161 (1980).

[53] Peter Vandenabeele and Karen Maex, Influence of temper-
ature and backside roughness on the emissivity of si wafers
during rapid thermal processing, J. Appl. Phys. 72, 5867
(1992).

[54] Robert L. Olmon, Brian Slovick, Timothy W. Johnson,
David Shelton, Sang-Hyun Oh, Glenn D. Boreman, and
Markus B. Raschke, Optical dielectric function of gold,
Phys. Rev. B 86, 235147 (2012).

064052-12

https://doi.org/10.1038/lsa.2013.1
https://doi.org/10.1063/1.4941257
https://doi.org/10.1295/polymj.1.685
https://doi.org/10.1002/pen.760292108
https://doi.org/10.1007/BF01503263
https://doi.org/10.1021/ma9918811
https://doi.org/10.1021/acsami.6b01287
https://doi.org/10.1063/1.1534915
https://doi.org/10.1002/marc.200300051
https://doi.org/10.1364/AO.37.007091
http://link.aps.org/supplemental/10.1103/PhysRevApplied.13.064052
https://doi.org/10.1038/ncomms13729
https://doi.org/10.1364/AO.25.001873
https://doi.org/10.1063/1.555616
https://doi.org/10.1063/1.351892
https://doi.org/10.1103/PhysRevB.86.235147

	I. INTRODUCTION
	II. DIRECTIONAL AND BROADBAND THERMAL EMITTER
	A. Structure and emissivities of the DBTE
	B. Ideal model of radiative cooling based on angular selectivity when there are surrounding buildings
	C. Realistic model of radiative cooling based on angular selectivity when there are surrounding buildings

	III. DIRECTIONAL AND NARROWBAND THERMAL EMITTER
	A. Structure and emissivities of the DNTE
	B. Application of the DNTE in high-efficiency infrared light sources
	C. Effect of geometric parameters on the final energy-conversion performance

	IV. CONCLUSION
	ACKNOWLEDGMENTS
	A. APPENDIX A: MATERIALS
	B. APPENDIX B: METHOD FOR THE CALCULATION OF THE EQUILIBRIUM TEMPERATURE OF RADIATIVE COOLING
	C. APPENDIX C: METHODS FOR THE CALCULATION OF THE EQUILIBRIUM TEMPERATURE OF THE INFRARED LIGHT SOURCE
	. References


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /All
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile ()
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 5
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness false
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages false
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Average
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages false
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Average
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages false
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Average
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /PDFX1a:2003
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError false
  /PDFXTrimBoxToMediaBoxOffset [
    33.84000
    33.84000
    33.84000
    33.84000
  ]
  /PDFXSetBleedBoxToMediaBox false
  /PDFXBleedBoxToTrimBoxOffset [
    9.00000
    9.00000
    9.00000
    9.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000500044004600206587686353ef901a8fc7684c976262535370673a548c002000700072006f006f00660065007200208fdb884c9ad88d2891cf62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef653ef5728684c9762537088686a5f548c002000700072006f006f00660065007200204e0a73725f979ad854c18cea7684521753706548679c300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV <>
    /HUN <>
    /ITA <>
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020b370c2a4d06cd0d10020d504b9b0d1300020bc0f0020ad50c815ae30c5d0c11c0020ace0d488c9c8b85c0020c778c1c4d560002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken voor kwaliteitsafdrukken op desktopprinters en proofers. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents for quality printing on desktop printers and proofers.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames false
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks true
      /AddColorBars false
      /AddCropMarks true
      /AddPageInfo true
      /AddRegMarks false
      /BleedOffset [
        9
        9
        9
        9
      ]
      /ConvertColors /NoConversion
      /DestinationProfileName ()
      /DestinationProfileSelector /NA
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure true
      /IncludeBookmarks true
      /IncludeHyperlinks true
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MarksOffset 6
      /MarksWeight 0.250000
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /NA
      /PageMarksFile /RomanDefault
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /LeaveUntagged
      /UseDocumentBleed false
    >>
    <<
      /AllowImageBreaks true
      /AllowTableBreaks true
      /ExpandPage false
      /HonorBaseURL true
      /HonorRolloverEffect false
      /IgnoreHTMLPageBreaks false
      /IncludeHeaderFooter false
      /MarginOffset [
        0
        0
        0
        0
      ]
      /MetadataAuthor ()
      /MetadataKeywords ()
      /MetadataSubject ()
      /MetadataTitle ()
      /MetricPageSize [
        0
        0
      ]
      /MetricUnit /inch
      /MobileCompatible 0
      /Namespace [
        (Adobe)
        (GoLive)
        (8.0)
      ]
      /OpenZoomToHTMLFontSize false
      /PageOrientation /Portrait
      /RemoveBackground false
      /ShrinkContent true
      /TreatColorsAs /MainMonitorColors
      /UseEmbeddedProfiles false
      /UseHTMLTitleAsMetadata true
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


