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Electromagnetically induced grating with Rydberg atoms
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We present a scheme to realize electromagnetically induced grating in an ensemble of strongly interacting
Rydberg atoms, which act as superatoms due to the dipole blockade mechanism. The ensemble of three-level cold
Rydberg-dressed (*’Rb) atoms follows a cascade configuration where a strong standing-wave control field and
a weak probe pulse are employed. The diffraction intensity is influenced by the strength of the probe intensity,
the control field strength, and the van der Waals (vdW) interaction. It is noticed that relatively large first-order
diffraction can be obtained for low-input intensity with a small vdW shift and a strong control field. The scheme
can be considered as an amicable solution to realize the atomic grating at the microscopic level, which can

provide background- and dark-current-free diffraction.
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I. INTRODUCTION

In quantum optics and laser physics, coherence and inter-
ference play an important role and have been an important
area of research [1]. A strong laser field can control the optical
response of the medium by introducing quantum coherence
in the system. Under suitable conditions, the absorption of
the probe field vanishes, which is known as the phenomenon
of electromagnetically induced transparency (EIT) [2,3]. The
EIT phenomenon has a key role in nonlinear optics [4,5] and
quantum information processing [6]. Interestingly, when the
traveling wave of EIT is replaced by a standing wave, an atomic
grating is formed which is known as electromagnetically
induced grating (EIG) [7]. The amplitude of a resonant probe
field, incident on EIG, changes in a period which is due to the
spatial modulation induced by the standing wave. As a result,
the probe field can be diffracted into the high-order directions.
The EIG has been observed experimentally using an ultracold
atomic medium [8].

The EIG and its applications have attracted researchers
in various fields of science to study, for example, diffracting
and switching a quantized probe field [9], probing the optical
properties of a material [10], and all optical switching, routing,
and light storage [11-13]. Moreover, different systems have
been suggested for the study of EIG due to its tunabil-
ity [14-20]. The grating with giant intensity of high-order
diffraction has been studied using a three-level ladder type
system [14]. Similarly, grating phenomena have been studied
using double-dark-state atomic systems [10], spontaneously
generated coherence [15], asymmetric quantum wells [16,17],
and active Raman gain cold atoms [19].

One can notice that EIG is a background-free technique
having no associated dark current as well [8]. However,
due to its quantum mechanical nature, the main drawback
is its practical implementation; microscopic quantum objects
are essential to realize quantum mechanical processing for
practical implementation. An amicable solution can be to
use Rydberg atoms. Rydberg atoms, which exhibit a long
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radiative lifetime and strong dipole-dipole or van der Waals
(vdW) interactions, have already been considered to observe
EIT [21-25].

Strong dipole-dipole interactions between Rydberg atoms
can block all but a single optical excitation in a volume of
several micrometers [26—28]. This transforms N number of
atoms within this volume to one collective two-level atomic
system called a superatom, which can be used for the coherent
manipulation and entanglement of collective excitations in
mesoscopic ensembles of cold Rydberg atoms [26]. The dipole
blockade mechanism, in which atoms in a Rydberg state
suppress the excitation of more than one Rydberg state of
neighboring atoms within a certain specific volume [26,29],
makes the Rydberg atoms striking candidates for single-photon
quantum devices [30,31].

In this article, we suggest EIG via Rydberg atoms. The moti-
vations come from a recent study [32] where Rydberg-dressed
EIT systems in a three-level cascade configuration have been
proposed and the transparency window has been controlled via
the strength of the probe field. This theoretical model is based
on coarse-grained treatment of the atomic medium consisting
of superatoms (SAs) and employs collective states of the
atoms in the blockade volume that have only one Rydberg
excitation. The EIT phenomenon has been explained with SAs
in the mean field with two-photon correlation for the nonlinear
response to Rydberg excitation [32,33]. We extend the idea
to realize EIG with Rydberg atoms and consider a medium
consisting of a large number of SAs and each SA contains an
ensemble of three-level atoms having a cascade configuration
with only one atom in the Rydberg state. The medium acts
as EIG in the presence of a standing-wave field, whereas
diffraction of a weak probe field, which is incident on the EIG,
is calculated. We observe that maximum diffraction intensity
is achievable for low-input intensity and small values of vdW
interactions.

II. MODEL

We consider an ensemble of N numbers of SAs, where each
SA contains a cold atomic medium in volume V interacting
with two fields. In each SA only one atom is in a Rydberg
state while all other Rydberg excitations are suppressed by the
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FIG. 1. (a) Schematics of the superatoms, with one Rydberg state
|r) interacting with probe and control (standing-wave) fields. (b)
Energy-level configuration for a three-level cascade atomic system.

dipole blockade mechanism. A weak probe light beam and
a position-dependent coupling field (which form a standing
wave) drive the atomic medium as depicted in Fig. 1(a). Here
the length of the interaction region which experiences the
probe field is assumed to be L. Under the slowly varying
approximation and the steady-state regime, the propagation
of the probe field using Maxwell’s equation can be written
as [7,19]

IE, _ [ +iB]E (1)
dz P

where o and § are the absorption and dispersion coefficients
of the probe field, respectively, and are related by the dielectric
susceptibility of the medium by a(x) = [ZT”]Im[ xland B(x) =
[%’]Re[ x1, whereas x is the dielectric susceptibility of the
atomic medium. For simplification and focus on characteristics
of EIG, the transverse part of Eq. (1) has been ignored [7,19].
The transmission function of the probe field at z = L can easily
be calculated analytically using Eq. (1) and is given by

T(X) — e—ut()c)L-i—iﬂ()C)L7 (2)

where the terms e WL and ™ are associated with
absorption and phase modulation, respectively.

Assuming that the input probe field is a plane wave [7,19],
the diffraction intensity distribution can be expressed as

sin?(Nm Ay sin(6)/1)
NZsin?( A, sin(9)/A)’

1(0) = |[E©®)* x 3)

where N is the number of the spatial period of the atomic
grating, 0 is the diffraction angle along the z direction, and the
parameter A, is the spatial period in the x direction, which is
equal to [k%]’ whereas the term E(0) is the Fourier transform
of T(x) and describes the Fraunhofer diffraction of a single

space period as
1 . .
E(Q) — / T(x)e—znlexsm(Q)/)»dx. (4)
0

Since we are interested in the nth-order diffraction intensity
next we calculate /(6,) along the n-order diffraction angle
established by the grating equation, the diffraction order n is
defined as n = (m), where n =0, 1, 2, 3,...for zeroth
order, first order, and so on. The expression of nth-order
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diffraction intensity is
1(6,) = |E6)%, 5

1
E(6,) = / T(x)e 2" dx. (6)
0

III. ATOM-FIELD INTERACTION

We consider an ensemble of cold ®’Rb atoms with
energy levels |g) = 58|F =2,mp =2), le) =5P;p|F =
3,mp =3), and |r) = 608, interacting with a probe pulse
and a standing-wave control field in a cascade atom-field
configuration [see Fig. 1(b)]. Each atom has energy levels
|g), le), and |r). The probe field of the frequency w, drives
the transition between |g) and |e) with the Rabi frequency
2,, whereas the standing-wave control field with the Rabi
frequency Q.(x) = lein[i—f] drives the transition between
|r) and |e). The control field excites the atoms to the Rydberg
state |r) and the atoms interact with each other via a vdW
potential, |A(r; —r;) = Cg/|r; — rjl6 [32], where r; and r;
are the positions of the ith and jth atoms, respectively. We can
write the total Hamiltonian for our system as

H = Ha + Haf + HvdWa (7)

where

N

_hz [Apgeje + AZUrjr]v
J

H,

N
Hyp = —h)_[Q,0), + Qc(x)o/, + He.).

J

N
HvdW = ﬁZUrirA(l'i - rj)UrJ;, (8)

i<j

whereas A, =w, — w,, Ac=w; — Wy, and Ay=A, + A,
is the two-photon detuning and ‘70{;3 = |a);; (B is the transition
operator for the jth atom at position r;. Using the Hamiltonian,
Eq. (7), we can write down the Heisenberg Langevin equations
as

sl — Qe — J J
0g, = iS00, —iQ2p0), + .0,

s/ — I iQ*e) — I _iQF J
0}, = 182p0), — iS04, — iQ:(x)oy, — 2 (x)0,,
+TI0/ —T0o)

ee’

6J, = Ay — ye)ol, +iQ,(0f, — 0l,) +iQi(x)0],.

&), = {i[A2 = SMO)] = yerlof, +iQu(x)0], — iQp07,
6l =i(Ap = S(X) = Yer)o), — io ], +iQ.(x0)[0], — o}, ],

®)

where I', is the atomic decay rate and Y., Y., and y,, are the
dephasing rates. Because the Rydberg state exhibits a longer
lifetime, therefore y,, > y,,. Here, S(r) is the vdW-force-
induced shift of the Rydberg state |r) for an atom at position r
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and can be defined as

nsa

Sr) =A@ —r))o,, (10)

i<j

where A(r — r;) is the vdW potential at position r and o, is
the population of the Rydberg state.

The steady-state solution of Eq. (9) can be calculated as
B ilyer —i(=5@) + AIQ,

(yge - lAp)[Vgr - l(—S(I‘) + AZ)] + Q%(x)’

Q.(x)2,

(Vge - iAp)[ygr —i(=8@) + A)] + Qg(x)

Following the same approach as described in Ref. [32] and
considering the stationary-state solution of Eq. (9) without the

vdW shift S(r), the population of Rydberg state can be defined
as

Oge

(1)

Ogr =

<U)‘r> = OrgOgr, (12)

By considering y,; < Yeg and A, < ¥,,, the population of the
Rydberg state |r) can be calculated as

2 2
(0,,) |€2:(0)I71€2p |

PO Al N (13)
1Qc(x)[* + A%nge

Next, we consider a vdW-induced shift for the medium
consisting of a collection of superatoms and therefore we
replace o,, with the new variable X gg. Further, we consider
that the atom in the Rydberg state induces the vdW shift A(R)
to another atom located at a distance, R. The vdW interaction
suppresses the excitation of all the atoms in a small volume,
Vsa, which is known as a Rydberg blockade or SA [26]. The
number of atoms in a SA may be defined as nga = p(r)Vsa,
where p(r) is the atomic density. There is only one Rydberg
excited atomineach SA, i.e., in Vga. The total medium can then
be treated as a collection of SAs, and the number of superatoms
within the volume V can be defined as Ngp = psa V. The total
vdW shift at position r can thus be written as

Nsa
S(r) = Z A(r —1))Zgp(rj) = ATgp(r) +s(r), (14
J

where the first term in the right-hand side of Eq. (14) shows
the excited SA at r; =r, i.e., X¥gg(r) — 1, which induces
a divergent vdW shift in a volume of SA, and then A(0) =
ﬁ | Ver Ar'd3r’ — oo. The second part in right-hand side of
Eq. (14) shows the vdW shift induced due to the external
SAs outside the volume and can be expressed as s(r) =
Zﬂv;‘*] A(r —r;j)Xgg(r;). We can calculate the expression for
s(r) by replacing the summation by integration over the total
volume and using the mean-field approximation as discussed
in Ref. [32]:

w
(s(r)) = = (Zrr(r)), 15)

where w is the half-width of the Lorentzian function of the
population in a Rydberg state given by % To find the
analytical expression for s(r), we need to calculate Xgp(r).
The dynamics of individual SAs can be described in the form
of collective states and operators within the blockade volume
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such that the ground state and the single collective Rydberg
excited state are given by

|G> = |glag25g3"”7gl‘lSA>7 (16)

and

NnsA

1
IRDY = ——) ' 181,82,83, -+ -oTjs -+ o8nss)- (17)
/_nSA XJ: J SA

For a single-atom treatment and considering the SA in the
ground state |G), the total population of the Rydberg state
Y. gr(r) can be defined as [32]

YRR = XRGXGR> (18)
which replaces Eq. (12), where

o /nsaf2c (02, Ege
AZ(iVeg + Ap) - |Qc(x)|2'

Using Egs. (18) and (19) and Xgg + Xgr = 1, the final
expression for X gp can take the form

_ nsalQe(x)1?12,1?
1Qe() 12,1154 4+ [824 ), = [Q:(0)22 + y2 A3
(20)

Looking through Egs. (14) to (20), it can be realized that
Rydberg blockade makes the medium nonlinear where the
Rydberg blockade effect comes from the vdW-induced shift
and is directly related to X gg. Here, X gz depends on the input-
probe-field Rabi frequency €2, and if there is no vdW-induced
shift in the medium then s(r) = 0 and the medium is no longer
dependent on the input-probe-field intensity. The realization of
EIG in the present work is to control the diffracted intensity via
the probe field and we can increase or decrease the diffracted
intensity via control of the probe field.

Finally, the optical susceptibility of the proposed atomic
medium can therefore be calculated as

[ Veg
X = S[ERR—. +[1 — Zgrl
Veg — 1A,

2GR

19)

2RR

y [Veg
Veg — iAp + |Qc(x)|2[yrg - i(AZ - (S))]71

NI
hé[)

}, 21

where &= . The interaction length can be defined

in units of n = [ﬁ]. From Eq. (20), it is clear that Tgg
depends on nga which is directly related to the superatoms.
The blockade effects arise from the dipole-dipole interactions
between atoms. Thus, the dipole blockade affects the suscep-
tibility of the system as shown in Eq. (20). For the case when
the blockade effect is so strong, i.e., Xgg — 1, the probe
field sees a two-level absorbing system. On the contrary, for
noninteracting atoms, i.e, Xgg — 0, the whole system reduces
to a single three-level EIT configuration.

IV. RESULTS AND DISCUSSION

We start analysis of our proposed model for the EIG via
Rydberg atoms by studying the behavior of the transmission
function corresponding to the incident probe light. We plot the
magnitude of the transmission function |7 (x)| versus spatial
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FIG. 2. Transmission function 7'(x) versus transverse position x:
(a) For ©, = 0.5y (solid curve) and Q, = 0.005y (dashed curve)
while 2, = 30y, and (b) for Q; = 2y (solid curve) and ; = 30y
(dashed curve) while €, = 0.005y. The common parameters are
N =5,y =1MHz,ngy =20,L =200n, A, =A. ~0, y,, =3y,
and y,, = 0.01y.

period x using Eq. (2) for different intensities of the probe
and control fields. The plots show nodes and antinodes of the
standing-wave field at the transmission locations (see Fig. 2).
To study the effect of the probe field on transmission through
the EIG, we plot |T'(x)| versus x for 2, equal to 0.5y (solid
line) and 0.005y (dashed line) while keeping the control-field
Rabi frequency constant, i.e., 2; = 30y [see Fig. 2(a)]. The
other parameters are N =5, y =1 MHz, ngpa =20, L =
200n, A, = A, =0, Y =3y, and y,, = 0.01y. It can be
noticed that at the transverse locations, around the antinodes,
transmission increases with decreasing probe—field intensity.
The probe-field absorption in this case is decreased and EIT
is enhanced which is because for a high intensity of the probe
field more than one photon per SA exists and excess photons
are subjected to the enhanced absorption by the two-level
atomic system [32]. Next to study the influence of the control
field on transmission through the EIG, we plot |T (x)| versus
x for two different choices of the control-field Rabi frequency
1, 1 = 2y (solid line) and 2; = 30y (dashed line), while
now keeping the probe-field Rabi frequency constant, i.e.,
2, = 0.005y, and the remaining parameters unchanged [see
Fig. 2(b)]. The plot shows that the transmission increases at
antinodes with the control-field intensity. It is in accordance
with the EIT phenomenon, which depends on the control-field
intensity, and the earlier observations [22,32].

In Fig. 3, we show a plot of the diffraction intensity 1(6)
versus the diffraction angle 6 while varying the incident probe-

.
27/ i
(0) 04
FIG. 3. Three-dimensional plot of the diffraction intensity 7(6)

versus sin(f) and the probe-field Rabi frequency €2,. The other
parameters are the same as those in Fig. 2.
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FIG. 4. (a) Plots of the first-order diffraction intensity /(6,)
(n = 1) versus the probe-field intensity €2, for ©2; equal to 10y (blue),
20y (black), 30y (green), and 40 y(red). The remaining parameters
are the same as those in Fig. 2.

field intensity. The three-dimensional plot shows the zeroth-
and first-order diffraction at & = 0 and £0.25 rad, respectively;
the remaining parameters are same as those in Fig. 2. The
results are in good agreement with Fig. 2(a) and the diffraction
intensity decreases as the probe-field Rabi frequency €2,
increases. For small values of €2,, the medium encounters
a linear EIT response, and as a result maximum diffraction
intensity can be obtained. As €2, increases, the possibility of
two or more than two photons excitation in Rydberg states
|r) in the same superatom becomes higher, which suppresses
the linear EIT response and then the medium behaves like an
absorber. Therefore, the diffraction intensity decreases with
increases in the probe-field intensity. We have already noticed
that the transmission function 7' (x) strongly depends on the
probe as well as the control fields (see Fig. 2). Therefore,
it is instructive to study the influence of the probe and the
control field on first-order diffraction. We consider 8 = 0.25
rad and first-order diffraction (n = 1) and plot the diffraction
intensity /(6,) versus the probe-field Rabi frequency for four
different choices of the control-field Rabi frequency, i.e., €2}
is equal to 10y, 20y, 30y, and 40y (see Fig. 4). The behavior
of the plots show that the first-order diffraction intensity
1(6,), initially, increases with the probe-field Rabi frequency.
However, the first-order diffraction intensity, after attaining a
maximum value for a certain choice of the probe-field intensity
which depends on the control-field intensity, decreases with a
further increase in the probe-field intensity. These results are in
agreement with the results presented in Fig. 2 and Ref. [32]. It
is clear that the absorption of the probe field can be suppressed
in the presence of strong control-field intensity and, therefore,
slightly higher intensity in the first-order diffraction can be
obtained via the control field even in the presence of arelatively
large probe field. However, the overall behavior remains the
same for all curves; i.e., after attaining the maximum value
it decreases with a further increase in the probe-field Rabi
frequency.

Further, we study the influence of the vdW shift s(r)
induced by the external SAs on the zeroth- and first-order
diffraction intensities. As mentioned already, the vdW shift
s(r) is directly related to Xgg, which plays an important
role in the susceptibility of the atomic system. When Xgz
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FIG. 5. Diffraction intensity versus vdW interactions (s) for (a)
zeroth order (n = 0) and (b) first order (n = 1). Here, 2, = 0.005y
and A, ~ 0, whereas the remaining parameters are the same as those
in Fig. 2(a).

increases then two or more than two photons per SA induce
excitation, which creates absorption in the system. Whenever,
Y grr approaches 1, then the three-level cascade atomic
configuration reduces to the two-level atomic system as the
vdW interaction goes to its maximum value. The strength of the
vdW interaction is directly dependent on the input-probe-field
intensity. To see the influence of vdW interactions on the EIG,
we plot the central and first-order diffraction intensities versus
s, as shown in Fig. 5. It is clear from the results that the
diffraction intensity is high for small values of the vdW shift
(s) and decreases exponentially when the vdW shift increases.
This is due to the fact that the medium behaves like an EIT
medium for a small vdW shift, but converts to a two-level
atomic system when the vdW shift goes to its maximum value.

V. CONCLUSION

The realization of EIG using the concept of Rydberg
blockade is important because Rydberg blockade makes
the medium nonlinear and experimentally more viable. The
Rydberg blockade effect, which is due to the vdW-induced
shift, is directly related to the total population of the Rydberg
states Xz and it is well known that Xz depends on the
input probe field. Therefore, in the absence of vdW interaction
inside the medium, i.e., no vdW-induced shift, s(») = 0 and
the medium becomes independent of the input-probe field.

The atom-field system with Rydberg excitations can exhibit
EIT phenomena. Based on this fact, we have considered
an atomic medium which consists of three-level cascade
configuration with Rydberg excitations to realize atomic
grating in the presence of the dipole blockade mechanism; we
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termed it the EIG via Rydberg atoms. We have investigated the
role of the control field and the probe field to obtain maximum
first-order diffraction intensity. We have observed that EIG
is suppressed in atomic Rydberg states due to collective
Rydberg excitations of SAs which depend upon the local
input-probe-field intensity. Therefore, for small values of the
probe-field intensity, the diffraction intensity increases while
it decreases for the strong input field. This is due to the fact
that for high intensity of the probe field, there exists more
than one photon per SA and the excess photons are subjected
to enhanced absorption of two-level atoms. The addition of
two-photon correlations is the key characteristic of absorption
of strong probe-field light. This absorption of the probe field
leads to deterioration of the performance of the atomic grating.

We have also noticed that to obtain maximum diffraction
intensity the control field also plays a role and relatively high
intensity can be obtained for a relatively large control-field
intensity. It is clear that the absorption of the probe field can
be suppressed in the presence of strong control-field intensity
and, therefore, slightly higher intensity in the first-order
diffraction can be obtained via the control field even in the
presence of a relatively large probe field. However, the overall
behavior remains the same for all curves; i.e., after attaining
the maximum value it decreases with a further increase in
the probe-field Rabi frequency. We have also studied the
dependence of diffraction intensity on the vdW interactions
and observed that diffraction intensity can be higher for small
vdW interactions, i.e., small vdW shift (s), and it decreases
exponentially when the vdW interactions (shifts) increase.
This is due to the fact that the medium behaves like an EIT
medium for small vdW shifts, however, it is converted into a
two-level atomic system when the vdW shifts become large.

In most practical implementations, SA models with Ryd-
berg excitations have a lot of significance. Our proposed model
not only provides an opportunity to realize background-free
atomic grating but also, due to Rydberg atoms, provides a
solution for practical implementation in quantum imaging and
signal processing at a microscopic scale. Further, the control of
the diffracted light can be achieved simply via the probe field
and we can increase or decrease the diffracted light intensity
using control of the probe field. We feel that the analysis
presented here may provide a direction for the applications of
atomic grating with Rydberg excitations which provide strong
long-range atom-atom interactions.
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