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Spin coherence and Humpty-Dumpty. III. The effects of observation

Marian O. Scully, Berthold-Georg Englert, * and Julian Schwinger
Max Pla-nck Inst-itut fu'r Quantenoptik, D 804-6 Garching, Federal Republic of Germany

and Center for Advanced Studies and Department of Physics and Astronomy, University of New Mexico,
Albuquerque, New Mexico 87131

(Received 28 October 1988)

In recent work a Stern-Gerlach interferometer (SGI) was considered in which a polarized beam of
spin-2 particles is split by a Stern-Gerlach apparatus into two partial beams, and then subsequent

Stern-Gerlach deAecting magnets are used to reconstitute these two beams into one. In these stud-

ies it was shown that when such a coherent polarized beam passed through a SGI, some spin coher-
ence is inevitably lost. In this regard, folk wisdom concerning irreversibility provides something of
a guide to the present problem, since we all know that when Humpty-Dumpty had his great fall no-

body could put him together again. In the present paper we consider the fate of our spin- —,
'

Humpty-Dumpty when a detector is present that is sensitive to the passage of particles along one

trajectory, but not the other. It is not surprising that coherence is destroyed as soon as one is able

to tell along which path the atom traveled. However, there seems to be no general agreement about
the mechanism of coherence loss. Our conclusion is that the loss of coherence in measurements on

quantum systems can always be traced to the dynamics of correlations between the measuring ap-

paratus and the system being observed.

I. INTRODUCTION

A. Wigner's Stern-Gerlach interferometer
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FIG. 1. Side view of the Stern-Gerlach interferometer.

In a seminal paper, Wigner' discussed the separation of
an x-polarized bream of spin- —,

' atoms into two z-polarized
beams (spin f and l) by a Stern-Gerlach apparatus
(SGA), and the spin state which would result if one subse-
quently merged the two beams, as in Fig. 1. We note that
this sequence of beam separation, propagation and
recombination is analogous to an optical interferometer.
Thus we will speak of the experimental arrangement of
Fig. l as a Stern-Gerlach interferometer (SGI).

'the question put by Wigner is: Can the reconstituted
beam be in a coherent, x-polarized spin state or is the
coherence destroyed by the separation and recombina-
tion? To put the issue and problem in more operational
and physical terms, consider Fig. 2. There we have indi-
cated a final SGA oriented along the x axis. If the emerg-
ing beam is x polarized, i.e., if

or

and

l
Pspin (3)

(4)

then half of the atoms will be deflected in the +x and
half in the —x direction. In principle, then, the two pos-
sibilities can be distinguished.

One reason for our interest in the question is that
thoughtful physicists have given us different answers to
Wigner's question. Some say: "Yea, the output of the
SGI will be coherent since the different parts of the SGI
involve magnetic fields which are reversed in subsequent
sections of the apparatus, and this is equivalent to time
reversal. " Other say: "Nay, the output of the SGI will
be totally incoherent since the wave packets describing
the center-of-mass motion will be of finite extent, so that
the atom will probe different magnetic fields at different
points in the packet; thus there must be a 'scrambling' of
the phase of the spin- —,

' atom. "
Therefore, we have been stimulated to work out a de-

tailed analysis of the SGI, which is the subject of two re-
cent papers about spin coherence and Humpty-Dumpty.
We all know that after Humpty-Dumpty's great fall (see
Ref. 3) no one could put him together again. In those pa-
pers we took up the more modest challenge of trying to
put the two partial beams of a SGA back together with

p,v,„=—,
'

( I +o.„),
then all of the particles will be deAected in the +x direc-
tion. However, if the beam is unpolarized, i.e., if
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FIG. 2. SGI with SGA for fina o.„measurements.

such precision that the original spin state was recovered.
In the first paper about spin coherence in SGI's (I), we

found that the spin coherence is largely recovered if the
magnetic fields are controlled to a sufficiently great accu-
racy. In this sense our "yea-say" friends are right, spin
coherence is (in principle) maintained. However, in
another paper (II) in which we solved the quantum-
mechanical problem more completely (involving a quan-
tal treatment of the center-of-mass motion, and that re-
quires a realistic magnetic field), we found that some loss
of coherence is inevitable. In this sense our "nay-say"
friends may claim some support.

Although the reconstituted beam will, in principle,
show some loss of coherence (there will be some inevit-
able cracks left in Humpty-Dumpty's shell), we can come
close enough to recovering spin coherence so that, for the
purposes of the present paper, we can and will pretend
that the original spin state is recovered.

Another type of beam recombination has been accom-
plished in recent neutron interferometric experiments.
In these experiments it was shown that two partial beams
(again spin l and 4) can be combined to produce an x-
polarized beam. Suffice it to say that both theoretical and
experimental studies show that the reconstitution of two
partial beams can in principle (SGI) and in practice (neu-
tron interferometer) produce a coherent x-polarized spin
state.

The objective of the present paper is to understand
what happens to spin coherence when a "which path"
(German: welcher 8'eg) detector is put into one arm-
the upper path, say —of the SGI. Whereas it would gen-
erally be agreed that spin coherence is destroyed, as soon
as one is able to tell along which one of the two paths the
spin -—,

' atom traveled through the SGI, the question, how

this loss of coherence comes about, is answered in
different ways. Some insist that in the process of mea-
surement the system under observation is always affected
in a form analogous to the recoil acquired by the scatter-
ing of the photon in "Heisenberg's microscope,

" that is,
the spatial properties of the observed system are changed
significantly. Others point to the large number of degrees
of freedom in the macroscopic measuring apparatus,
which implies —so they argue —an irreversible change
responsible for the loss of coherence.

These explanations may be relevant in particular ex-
perimental situations. More generally put, we support
the view that the loss of coherence in measurements on

quantum systems can always be traced to correlations be-
tween the (relevant) degrees of freedom of the measuring
apparatus and the system being observed. The correla-
tions are built up in the course of the measurement, and
their tempora1 evolution is correctly described by quan-
tum mechanics. In particular, one need not resort to in-
voking the notions of "state reduction" or the "collapse
of the wave function" as dei ex machina, whose dynami-
cal properties. are allegedly outside the framework of
quantum mechanics.

B. Adding a recoil uelcher Keg detector

Let us begin our survey of possible welcher 8'eg detec-
tors by a brief discussion of one of the simplest. A detec-
tor particle is put into the upper beam path; it scatters the
spin- —,

' atom when they encounter each other, and the re-
sulting observed momentum change of the particle
signifies that the atom went along the upper path. This is
a detector of the Heisenberg-microscope type. For it to
work, the rnomenturn Ap, transferred to the particle dur-
ing the collision, must be significantly larger than the
spread of momentum 5p of the particle before the col-
lision; otherwise we cannot tell whether a collision hap-
pened at all. Since the spread in position 5z of the parti-
cle and the atom are of the same size before the collision
(this is the meaning of "putting the particle into the
upper beam path"), the corresponding momentum
spreads are comparable as well. Momentum conserva-
tion implies that the change of momentum of the atom
equals —Ap, so that its mornenturn is also changed
significantly. Now recall that the magnetic fields in the
SGI are set such that, in the absence of the detector par-
ticle, the two partial beams are well focused and spin
coherence (largely) regained. According to I, this re-
quires that the net momentum transfer by the SCAPI to the
atom (after recombination) is negligible compared to the
momentum spread 5p. In contrast, when the particle has
suffered a detectable momentum change, then the atomic
momentum is also changed significantly and I tells us
that spin coherence is lost. On the other hand, an

insignificant recoil of the detector particle implies an
equally negligible momentum transfer to the atom, under
which condition spin coherence is not lost. Here we are
unable to tell along which path the atom went. In other
words, if we count only those atoms for which the detec-
tor particle is scattered out of the beam path, we will find
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the final spin density operator to be p, ;„=—,', if we select,
however, those atoms for which the momentum transfer
to the particle is not noticeable, the outcome is

p, ;„=—,'( 1+cr„), ideally.

C. Adding a toy (two-level atom) welcher Weg detector

In a previous extension of Wigner's SGI study a
welcher Weg detector was added to the problem such that
it was sensitive to atoms passing in its locale, see Fig. 3.
This early work, co-authored by one of us, involved a toy
detector simplified to the point that it was taken as a
two-level atom with states a (excited) and b (ground).

The system-detector wave function is then a four-
component object,

(tr, t)
'

g, g(r, t)
(r t):

y (

Qbg(r, t)

detector excited and spin up
detector excited and spin down

detector not excited and spin up
detector not excited and spin down

The detector was designed so as to respond to the proba-
bihty that the atom is found at rd, the detector s position,
and their interaction was written as

V=g~(r —rd)(la &&bi+ lb &&a l)(I l && &I+I & && ll)

Evidently there will be recoil effects produced by the
5-function potential in addition to changes of the internal
detector state. However, in that early study, it was no-
ticed that spin coherence was destroyed owing to correla-
tions between the detector and the spin- —,

' atom, indepen-
dent of scattering effects on the center-of-mass part of
wave function. The notion that observation produces
correlation, which in turn leads to incoherence, was re-
garded as the main point rather than the particular effect
of recoil. This is not satisfactory for several reasons.

(a) Since the 5-function interaction is so highly local-
ized, the neglect of scattering is unphysical.

(b) While it is true that the atom-detector correlation

destroys spin coherence, recoil effects will "do the job"
anyway. So one might wonder whether in all realistic ex-
periments the ever-present recoil effects would su%ce to
destroy coherence. This raises the question of whether
correlations referring to internal degrees of freedom are
only of secondary interest.

(c) Over-idealized models are not good guides to sug-
gesting experiments.

It is a purpose of the present paper to reexamine the
previous arguments and to propose and analyze a micro-
maser toelcher Weg detector which does not scatter the
spin- —,

' atoms to a significant extent. An essential
difference between the previous toy detector and the
more realistic new one is that we now use a much less lo-
calized interaction.

D. Adding a micromaser weleher S"eg detector

Here we present the idea of the micromaser melcher
Beg detector; the detailed analysis is given in Sec. II.
Let us begin by recalling that the SGI of Fig. 1 pretends
that the emerging atoms have spin properties identical
with those of the entering ones. In other words, the spin
operator o(tf) at the final time tf, safely after the atom
has left the SGI, equals the initial tr(t; ), where the initial
time t, is safely before the atom entered the SGI:

o(tf)=a(t, ) .

This is equivalent to saying that the unitary evolution
operator Usot(t;, tf) affects only the spatial operators
describing the center-of-mass motion, and, since the SGI
ideally does neither displace the atom nor transfer
momentum, we have

[p(t; )1
Usot(t, , tf)= exp —— '

(tf t;)—
2m

which says that after the partial beams have been recom-
bined, the wave function does not differ from that resu1t-
ing from the free motion of the atom.

Now we add two micromaser cavities to the upper
beam flight path as depicted in Fig. 4. The single-mode
maser fields are prepared such that the probability that a
spin-up atom entering cavity 1 is spin down between the
cavities and spin up again after leaving cavity 2 is practi-
cally equal to unity. Since only the upper partial beam
runs through the cavities, the evolution operator describ-
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ing the SGI with the cavities has the structure

U(t;, tt ) = Uso((t;, tt )

property

(a, (t, )) =(a, (t, )) =0,
which used in (11)produces

(17)

C=—0.

where U,'t„' refers (essentially) to the free evolution of the
cavity fields, whereas U,'~,' accounts also for the interac-
tion of the upper-beam atoms with the cavities.

As always, we take the entering atoms to be in the
o „'(t; ) = 1 state. Since a net Larmor precession may
render the emerging beam polarized in any direction in
the x,y plane, the magnitude of the expectation value
(o„(tt ) ) alone is not a good measure of spin coherence.
As in II, we use the number

(10)

instead. As shown in Sec. II below, one finds

C= I( U '(t, , tt )[o„(t,)+itr, (t, )]U(t, , tt )) I

—=
I & a (t;) & (a,'(t;) & I &QN, N, , (11)

where a (a~. ) are the standard annihilation (creation)
operators of the photons in the jth cavity, and

Thus, classical coherent maser states preserve spin coher-
ence, but number states destroy it.

How can that be? Have we not merely Hipped the
spins in the upper beam from up to down to up in both
cases with no apparent net effect on the spin properties of
the upper beam atoms'? Yes, but there is more to it.
Since the partial beams are characterized by the value of
o.,'( t,. ) =+1, the interaction with the cavity photons
correlates the spin degree of freedom to the photon de-
grees of freedom. Thus the outcome of final spin mea-
surements depends on the prepared cavity states, as ex-
pressed in Eq. (11), and vice versa: the results of measur-
ing the values of photon operators at or after time t& de-
pends on the initial spin state of the atom. Consequently,
which-path information is potentially available, provided
the properties of the maser fields are changed in a
discernible fashion by the interaction. It is here that the
distinction between coherent states and number states
enters. This is shown in two different ways in the follow-
ing two paragraphs.

Consider, for instance, the count of photons in cavity 1

after the atom has traversed the apparatus. Quoting
from Sec. II below we have

N =(a (t, )a (t, )), j =1,2 (12)
(a", (tt )a, (t&) ) =—N, + —,

' =
—,'N, + —,'(N~+ 1)

are the average photon numbers in the cavities, initially.
The setup of Fig. 4 works in the desired way if theN 's

are certain (very) large numbers and the uncertainties

5X~ = [([a~ (t; )a~(t; ) —NJ] ) J', j =1,2
are small compared to the average values,

6N «N, j =1,2 .

(13)

(14)

so that (11)gives

(16)

In contrast, the so-called number states of (b) have the
I

Under these conditions, the result given in (11) is a very
good approximation.

Now consider two extreme situations: (a) the cavities
are prepared in eigenstates of a, (t; ) and a2(t, ); (b) they
are prepared in eigenstates of a, (tj)a, (t;) and
a2(t, )az(t, ). For (a), we have so-called coherent states of
the maser fields which, because N, and Nz are large num-
bers, are classical states of the electromagnetic field. Fur-
ther, here

for atoms with initially o „'(t, ) = 1. The latter decomposi-
tion exhibits the probabilities of —, for finding spin down
or spin up, for which the photon number is unchanged or
increased by 1, respectively. Now, in the coherent state
one has 5N, =(r N„5N, IN, =I/+N, ((I, so that
when measuring a, (t, )a, (t;) the var. ious integers between

(roughly) N, —QN, and N, +QN, are found. Because
this range consists of (very) many possible outcomes, a
change in photon number by 1 cannot be detected; this is
analogous to insufficient momentum transfer to the recoil
detector of Sec. IB. In contrast, the number state has
5.V, =0, and (19) tells us that at time tt we will either find

exactly Xi photons or exactly X, + 1 photons, signifying
spin down or spin up, respectively. Here we indeed have
which-path information, and spin coherence is lost. This
situation is analogous to a detectable momentum change
of the recoiled particle.

The melcher Beg nature of these two extreme situa-
tions (number versus coherent-state preparation) is also
clearly displayed upon expressing the state of the spin-
photon system in terms of states referring to measure-
ments at the final time t&. As shown in Sec. II below, for

initial number states [(aj a, )'=N, at t =t, ], we have

( IN&, N2, J, , t& )e'~~ —IN, +1,N2 —1, t, t& )e '~ )e
2

(20)

where the photon quantum numbers are (a, a )' at t =tt, and P,P are presently irrelevant phases. The spin-up and
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spin-down components are physically distinguished here, inasmuch as there is a one-to-one correspondence between
spin down and final photon counts N1, N2, as well as spin up and N1+1,N2 —1. This signifies the correlations estab-
lished by the interaction. In short, number-state preparation provides us with a good melcher Keg detector. In con-

trast to Eq. (20), cavities prepared in classical coherent states [a'(t, )=. a~ =QN~e '] yield

—(iae ' ae ' 1 t &e' +brae ' ae ' 1 t &e
' )e

—i (m. + 01 —02)/2= ~a, e '~, aie '~, (o cosf+o sing}'= l, tf )e ' ', (21)

where the photon quantum numbers are a (tf ). Here the
photon and spin degrees of freedom are evidently un-
correlated, and therefore we do not have a functioning
melcher 8'eg detector. The net effect on the spin of the
atom is a coherence preserving Larmor precession
through the angle 1( =ir+p+8, —82. Incidentally, we re-
mark that the relative phase 0, —82 between the two
coherent states must be well controlled, which can be
achieved by feeding both cavities from one external
source.

Readers interested in a density operator treatment are
referred to Sec. II C.

Naturally, there are situations intermediate between
the two extremes of coherent states and number states.
For example, if the cavities are prepared in eigenstates of
the operators

a cosh', +a sinhA ., j = 1,2 (22)

=N —sinh A. (23)

and Eq. (11)gives

with (real) parameters A, , z (these are so-called squeezed
states), then one has

(a~)(a&. )=~(az)~ =(a a ) —sinh A,

f (dr') A*(r') A(r')=1, (26)

where the range of integration covers the volume of the
cavity. The coupling (25) is uery weak; for illustration,
consider an atom with a magnetic moment equal to one
Bohr magneton and a cavity of linear dimensions
L -c/co, for which

1/2 1/2

L —5/2
PC c

m, c co

(A'co )

mec
(27}

where m, and e are the mass and charge of the electron,
and a=e /Ac=, 37 is the fine-structure constant. In a
maser we have, typically, Ace-10 eV, which, combined
with m, c =5X10 eV, gives about 10 ' eV for the cou-
pling strength.

We shall now take for granted that only one mode in
the cavity is highly excited, so that only this mode pro-
duces dynamical efFects. Further, to achieve a substantial
computational simplification, we assume that the corre-
sponding A(r) is such that the magnetic field is circularly
polarized in the x,y plane,

C—= 1—
1/2

sinh k,
N1

1/2
sinh A21—

N2
(24)

1/2
2~% VX A(r)= ,'b(r) t—

0
(28)

thus 0 & C ( 1 here, so that spin coherence is only partial-
ly lost.

with real b (r). Then (25) reads

—p B=—,'pb(r)(ao+—+a cr ), (29)

II. MICROMASER O'ELCHER O'EG DETECTOR

A. KR'ective treatment of the atom-cavity interaction

In the context of the SGI it is natural to consider mag-
netic dipole interactions between the atoms and the maser
fields. The interaction energy of the atom with magnetic
moment p =po coupled to the quantized electromagnetic
field of one mode in one of the cavities is

—p B= per(t) [V Xcv'2Ml—co[ A(r)a (t)

+ A*(r)a (t)]J,
(25)

where fico is the energy per photon, A(r) is the spatial
mode function, and a, a are the photon annihilation and
creation operators of the respective modes. The mode
function is normalized according to

the operatorswhere we encounter
cr + = ( cr„+icr ).

Even with very many photons present, the interaction
energy (29) will be negligible compared with the kinetic
energy of the atom. As a consequence, the interaction
with the maser field does not produce a significant change
of the center-of-mass motion of the atom. (There is a re-
sidual displacement along the trajectory which is, howev-
er, small compared to the spread of the wave function.
This and other presently irrelevant details are planned to
be discussed in a separate publication. ) There is also no
substantial scattering of the atom by the rim of the holes
through which it enters and leaves the cavities. For, ow-
ing to the macroscopic beam splitting achieved in the ini-
tial stage of the SGI, these holes can be made large corn-
pared with the beam width. On the other hand, the
spread of the atomic spatial wave function is small on the
scale set by the dimensions of the cavities, and therefore
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—p Q~ —
—,'Ag(t)(ao++a o ) (30)

as the effective description of the coupling to the selected
cavity mode. The numerical function g (t) is nonzero
only while the atom is inside the cavity. As pointed out
in Ref. 9, further details of g (t) do not matter in the
present context, so that we can take it to be constant for
a total duration T, starting at t =~:

the atom probes, at a given time, only a small portion of
b (r). Analogous to the treatment in I, which is justified
in II, we shall therefore replace the spatial (operator)
function b(r) by its expectation value at time t,
(b(r(t)) ), which involves the spatial properties of the
atom; more precisely, this function of time refers to the
center-of-mass part of the wave function of the upper
beam. We have now arrived at

—
—,'fig2(t)(a2cr++a2o ), (33)

where, as in (31), the time-dependent coupling constants
g, 2(t) are nonzero only for r &t &r +T . In the se-
quel, we consider three instants: t, is before the atom
enters the first cavity, t2 is after it has left the first and be-
fore it enters the second, and t3 is after it has left the
second. That is, t, 2 3 refer to the spatial regions I, II, III
in Fig. 4, respectively. Thus we have the sequence

t; & ~) & ~)+ T] & t2 & ~2 & V2+ T2 & t3 (34)

Our Hamilton operator describing, in effect, the in-
teraction occurring in the upper partial beam with the
cavity modes now referring to both cavities, is then

H, it=fico(a, a, +a2az+ —,o, ) ——,Ag, (t)(a, cr++a, o )

g for ~ &t &z+T,
0 otherwise . (31}

Upon introducing y, and y2 analogous to (32) and ob-
serving the identity

yj =a, a, + —,'(1+cr, ),

(32)
we can present H,z more compactly,

A large effect can only accumulate if the operator

y= —,'(ao. ++a cr ),
H, it=fico(y i+a 2a2 ,' ) —R—g,—(t)y, —Rg2(t)y2

=%co(a,a, +y~ —
—,') —Ag, (t)yi —Ag~(t)y2

appearing in the interaction energy (30), does not itself
oscillate rapidly in time. Therefore, one needs an addi-
tional homogeneous, constant external magnetic field
Bp=Bpe, in the region between the Stern-Gerlach mag-
nets, the strength of which is chosen such that the energy
difference 2pB p between the spin-up and -down states
equals the energy per photon of the mode. This way, the
coupling is resonant and much more effective in produc-
ing spin flip.

(36)

of which the first version is particularly useful when
gz(t)=0, that is, for t, & t &t2, and the second one when

g, (t) =0, that is, for t2 & t & t, .
The overall evolution operator of Eq. (9) can now be

computed. Details are presented in the Appendix, from
which we quote the result

P (t, , tf ) = Uso, (t;, tf ) exp[ ice(tf t,—)[a, (—t, )a, (t; )+a 2(t; }a2(t, )]] exp — Po, (t; )—
2

1+o,(t; } 1 o,(t;)—
2

exp[ig, T,y, (t, )] exp[ig, T, y, (t, )]+
2

(37)

with P—:co(t3 —t, ).
Since the cavities are to be prepared in states with

well-defined large photon numbers N, and N2 [see Eqs.
(12)—(14)], we have as a consequence of (35)

y~(t, )=N~, j=1,2 .— (38)

It is therefore useful to decompose the exponentials in-
volving y, (t; ) into their even and odd parts

exp(ig, T, y, )= cos[g, T, (y,')'~']

si [gnTi(y )'~ ]
2 1/2(yj )

-=cos(g TQN }+i sin(giT. JQN~) .VJ

QN J

(39)

which allows us to write

exp(ig2 T2y2) exp(ig, T, y &
) =-

1+o., iy2 jy )

1+0., a2a,

QN, N,

(41)

——Po,

The spin-photon part of U = Uso& U, is then given by
r

U, (t;, tf ) = exp ice(tf t; )—(a,a, +a2a2)—

In order to arrange for double spin flip, we require

sin(g T QN )=1 or g T QN =—
2

(40)

1+o., a2a, 1 —o.,+
QN, N,

(42)
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where all operators are at time t, , or all at time tf.
This U, (t;, tf) is, of course, only to be used in con-

nection with appropriately prepared cavity states. In
particular, the atoms leaving the second cavity must be in
spin-up states; otherwise, some fraction of them will be
deflected in the wrong direction by the intended recom-
bining stage of the SGI. More generally put, the expecta-
tion value of 0., at the final time tf must equal that at the
initial time t; or

(-,'[I+~,(t, )])=(-,'[I+~,(tf)])
=(U .'(t, , tf) ,'[I+a—,(t, )]U .(t, , tf))

1,2
1

gT

'2
N 1

g coT

2

-(10"X 10 ) =10' (45)

photons.
It is appropriate to mention here that we are appealing

to the micromaser techniques' by which one can prepare
the cavities in desired states, and the ability to choose ini-
tial number or coherent states is essential for the welcher
Weg detector. Of course, we do not seriously suggest pre-
paring a number state with 10' photons. This is far
beyond the experimentally achievable. Therefore, what
we describe here is a gedanken experiment. Realistic ex-
periments in the same spirit will be discussed elsewhere. "

(a&a2 —,(I+cr, }aza & ),
1 2

(43) B. Final spin and photon measurements

&-,'[I+~,(tf)]& =
& a, a", ) (a2ta, & & —,'(I+cr, ) )

1 2

and we note that in the last expression all operators are at
time t, , when the various degrees of freedom o. ,a, , a2 are
not correlated. Thus

As a first application of the effective evolution operator
(42), needed in Eq. (10), consider ( cT+(tf ) ). It is given by

(0+(tf ) ) = ( U,'(t;, tf )0+(t; )U, (t;, tf ) )

e'~(a, (t, )a 2t(t, )cr+(t, ) )
1 2

=
& —,

' [1+o, (t, ) ] &, (44) (a, (t, ))(a, (t, ))(cT (t, )),
N, N2

as desired and required.
It is essential to appreciate that N, 2 are really very

large numbers. In connection with (27) we found that
fig IA'cv —10 ", typically. Next, cv T =cd Iv —c Iv;
atoms driving masers move at a speed of about v —10
cm/s, so that cv T-10 . Thus, to realize (45), one needs

(46)

where the last equality expresses the absence of correla-
tions at time t; Appli. ed to a cT„'(t, )=1 state, when
( cr+(t, ) ) = 1, this produces Eq. (11).

Similarly, we find

I+o, (t; } 1 t 1 t 1 cr, (t,)—
(a&(tf)a&(tf)) = ([a&(t, ) a&(tt, )] ) ( a(t2t, ) za(t, )) + (a&(t, )a&(t;)).

2

N1+ N1+1 (47)

which is the basis of Eq. (19).
The state of the spin-photon system, characterized by a

set of quantum numbers (symbolized by [q'[) at the ini-
tial time t, , is expressed in terms of states referring to
measurements at the final time tf by means of

I

one obtains (21).

C. Density-operator analysis

The density operator for the spin degree of freedom is,
at any time, given by

I [q'J, t, ) = U, (t, , tf )I [q'j, tf ) (48)
p,~;„(t)=—,'[1+(cr(t)) cT], (50)

where it is now useful to take the operators in (42) at time
tf. For number-state preparation, we have [q'J

[(a ta i } (a za2) ax l
= [Ni N2, I]. In conjunction

with

—(I~.'=1&+ I~,'= —1&)= —(Il &+
I 1 &),v'2

(49)

—1

Pspin (51)
1 —&~,(t) &

In particular, for our experimental setup, we find

which, presented as a 2 X 2 matrix referring to measure-
ments of O.„reads

I+&a, (t)& &a (t))
&~ (t))

Eq. (48) then yields (20) with p= o(tf c—t, ). Likewise,
when classical coherent states are prepared, that is

[q'] = [a&,az, cT„'] = [QN, e ', +Nze ', I},

1 1

p,p, „(t; )=—(I+o„)=—

and, as implied by Eqs. (44) and (46),

(52)
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1
1

2 —e'&(a, (t, ) ) (a, (t, ) ) I~N, N,
„(r )=—

—e '~(a, (t, ) ) (a, (t, ) ) IQN, N,

If classical coherent states are prepared initially, this says

e
Psp&n( f )

1=—
( I +cr „cos/ +o.

~ sing), (54)

where g is the angle of the net Larmor presession in Eq.
(2l). On the other hand, cavities prepared in number
states lead to

I

For t)'j an ev'en multiple of m, the different physical con-
tents of (54) and (55) are illustrated in Fig. 5.

In order to see here how this loss of coherence results
from correlations between the spin and photon degrees of
freedom, consider the density operator of the joint spin-
photon system. At the initial time t, „ these degrees of
freedom are uncorrelated, so that the joint density opera-
tor is a product:

p p' ph t (t' ) P p (a ~+ ~ )pl(ai, a l )P2(a~, a~ )

(56)
T

1 0
Pspin( tf )

2 0
=1

2
(55) The unitary evolution operator U, of (42) turns this

into

P, ;p„p„h,„(t f)=P, p(~„—e ' alan~+/QNiN2, —e' a&a&~ IQNiN2)Pi(e' a, , e ' a, )Pz(e' az, e ' az),
where p=co(tf —t, ) as in (20) [see after (49)]. For P, ;„of(52), the spin-matrix version of (57) is

(57)

Pspin-photon f Y i p
(t )=—'

2 1 2

—e '~a la2/QNlN2
pi(e'~a l, e '~ati )p2(e'~a2, e '~a& ), (58)

where tracing over the photon variables yields the final

p, ;„of(53).

If now pl and p2 in (56) project to classical coherent
states, (58) is equivalent to

e
Pspin-photon( f )

2 ig p, (e'~a, , e '~a, )

XP2(e'~a2, e '~a&) . (59)

This is a product analogous to the one in (56), telling us
that the spin and photon degrees of freedom are again
uncorrelated at the final time. In contrast, such a factori-
zation is not possible if pl and p2 in (56) project to num-
ber states, indicating the correlations established by the
interaction.

In general terms, this discussion teaches us that the ad-
dition of a detector requires broadening the quantum
description of the system of interest (here, the spin degree

I

of freedom) to include the detector (here, the photon de-
grees of freedom), with the consequence that system-
detector correlations are dynamically established. Then
projecting onto the system subspace (achieved by tracing
over the detector variables) will result in a loss of quantal
coherence, provided the detector is properly functioning
(here, number states are prepared initially). It is worth
pointing out that the detector need not have a large num-
ber of (relevant) degrees of freedom.

D. Neutron interferometer spin-Hip measurements

In a series of experiments Rauch et al. have set up a
neutron interferometer along the lines of an optical
Twyman-Green interferometer. In these experiments
they have observed the interference behavior associated
with the neutron waves.

They then proceed to introduce radiation fields into the
various arms of the interferometer so as to Hip the neu-

V M I

S S
t A

ll u Q ull
N N

I

%0% for maser in
coherent state

50% for maser in
number state

N N S S

FIG. 5. SGI with micromasers and SGA for final cr„measurements, comparing classical coherent states and number states.
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tron spins. Concerning these experiments they say, "It is
shown that under the given circumstances of neutron
self-interference coherence is preserved, . . . ." The im-
portant point, consistent with the present discussion, is
that the spin Jap interaction with the coherent state radia
tion geld does not destroy spin coherence

III. DISCUSSION

A. Summary

We have seen that the act of correlating our spin- —,
'

atom with the detector can destroy the coherence in our
spin system. But, how can this be? The atoms are really
undergoing an up-down-up spin flip upon interaction
with the microwave field. Superficially, one might think
that this results in no net change to the spin system.
Indeed, for classical coherent states of the maser fields,
this is so. However, when number-state maser fields are
used, spin coherence is destroyed —Humpty-Dumpty is
broken for good.

The destruction of spin coherence in the micromaser
fields does not arise because of recoil effects, as in the ex-
ample of Sec. I B, rather it comes from the photon-spin
correlations that have been established. We could count
the number of photons in cavities 1 and 2 and tell wheth-
er a spin-up or a spin-down atom has passed through the
SGI.

As an example of an experiment in which the results
are influenced by the presence of the detection system
consider the setup of Fig. 5, where a final SGA is present
with a magnetic field along the x direction. When the
cavity fields are prepared in coherent states [and the Lar-
mor angle g appearing in (21) equals an even multiple of
vr] the entire beam will ideally be defiected in the+x
direction. If, however, the cavity fields are initially in
number states, then only half of the atoms will be
deflected in the +x direction. Whatever recoil effects are

there, they are essentially the same in both situations, so
that the destruction of coherence in the second situation
cannot be attributed to momentum transfer.

B. Number-state preparation

It should be emphasized that the present analysis de-
pends crucially on the preparation of a number state in
(one of) the microwave cavities. But, one might argue, it
is not feasible to produce a number state of the radiation
field and so the above experiment can be nothing more
than a gedanken experiment. However, several recent pa-
pers' ' have presented schemes and experiments aimed
at number-state generation. Of special interest to us is a
recent paper showing that a number state can be
prepared when the radiation builds up in a microwave
cavity having an extremely high Q value. ' Such cavities
are actually now available.

Specifically, we can envision producing pure number
states as follows. Atoms in their excited state are injected
into the cavity; after they leave the cavity, they are
probed by a static electric field which ionizes all atoms in
their upper level. The atoms that are not ionized have
emitted a photon in the cavity; when these atoms are
counted (via electron detection), the total number of pho-
tons in the maser field can be inferred. For further dis-
cussion concerning this point we refer the reader to Refs.
13 and 14.
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APPENDIX

The evolution operator U, ft( t, t) corresponding to the effective Hamilton operator (36) obeys the differential equation

(A 1)

subject to the initial condition U,s(t', t') =1. For t, ( t ( tz, both y& and azaz are constants of the motion. So we find
immediately

U,ft(t, , tz)= exp[ —i~(tz —t&)[y&(t~ )+a&(t& )az(t~ )
—

—,']] exp[ig&T&y&(t&)] .

Likewise we have

(A2)

U,ff(tz t3)= exp[ —ice(t3 —tz)[a&(t ) z&a( t) z+zy( t) z——,']) exp[igzTzyz(tz)]

= U,z'(t&, tz) exp[ —ice(t3 —tz)[a &(t& )a, (t& )+yz(t, ) ——,
' ] I exp[igz Tzyz(t1 )]U,a(t&, tz) .

These are combined into

U s(t), t3) = U, tt(t, , t, )U,tt(t, , t, ) =exp[ —t~(t, t, )(a,o, +y, —
—,
' )—] exp(igz T,y, )

2 l

X exp[ ice(tz —t, )(y, +a&a—z
—

—,')] exp(ig, T, y, )

(A3)

(A4)

or

U, tt(t), t3 ) = exp[ —it@(t3 —
t& )(a &a& +azaz+ —,'o, )] exp(igz Tzyz) exp(ig

& T, y 1 ), (A5)
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where all operators are taken at time t
&

before the interaction.
This is the effective evolution operator to be used for the upper beam, the one for which o,'(t, ) = 1. The correspond-

ing U, ir for the lower beam with o,'(t, ) = —1 is obtained by setting g, =g2 =0 in (A5) since this partial beam does not
interact with the cavity modes. After identifying t& and t3 with the instants when the atom enters and leaves the addi-
tional magnetic field Bo, we find the overall evolution operator of Eq. (9) to be given by [P—=to(t, —t, )]

l
U(t, , tf ) UsGi(t;, tI) exp{ ito(—tI —t; )[a",(t, )a, (t; )+az(t; )a2(t; )]I exp — Po, —(t,).

2

1+a,(t, ) 1 o, (—t, )

2
exp[ig2Tzy2(t, )]exp[ig, T, y, (t; )]+

2
(A6)
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