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Equilibrium charge-state distributions have been determined experimentally for chlorine and

bromine lons with encl"gles between 1 aJld 14 MeV traversing H2, He, N2, 02, Ar, and Kr gases
and a carbon foil. In addition, a few measurements have been made using iodine beams tra-
versing various targets —at 3, 10, and 12 MeV through carbon foil, at 8 MeV through CO2, at
10 and 12 MeV through gold foil, and at 12 MeV through a Xe gas target.

I. INTRODUCTION

The charge of a fast ion moving through matter
fluctuates as a result of electron loss and capture
in collisions with the atoms of the target. After
the ions have made a sufficient number of collisions
with the target atoms an equilibrium distribution
of charges is established mhich is dependent only
on the velocity of the ions and the target material.

In this experiment equilibrium charge fractions
have been measured for chlorine ions, at energies
between 1 and 12 MeV, and bxomine ions, at ener-
gies between 2 and 14 MeV, passing through six
gases (H2, He, Na, 02, Ar, and Kr) and a carbon
foil. The ions mere accelerated in the Robert J.
Van de Graaff Laboratory's 3-MV tandem acceler-
ator and the beams mere analyzed both eleetrostat-
ically and magnetically before entering the experi-
mental apparatus. This apparatus, as mell as the
data collection and analysis, mas identical to that
described by Ryding, Wittkomer, and Rose. '

This is the third in a series of papers describing
the results of equilibrium-charge-fraction measure
ments of heavy ions at high energies. Previous
mark using iodine and aluminum beams has already
been published '~; some new results(with iodine)
are included in the body of this paper. In addition,
use has been made of earlier results to present
some semiempirical predictions for the mean
charge and distribution midth of a variety of heavy
lons

traversed by the beam (ZE& (v) = l). The variation
of the fractions is described by a system of differ-
ential equations

where o,&
is the cross section for a charge change

from i to j.
At large values of v, dE& (v)/dv 0 and equilib-

rium conditions are reached. I'; will be used to
designate these equilibrium values. It is not almays
possible to describe the charge-state distribution
of these equilibrium fractions by a simple mathe-
matical function and it is often convenient to refer
to the mean charge j givenby

the distribution width or standard deviation

(3)

and the distribution asymmetry or skewness y
given by

III. RESULTS AND DISCUSSION

II. MATHEMATICAL DESCRIPTION

The mathematical formalisms of charge changing
have been described extensively elsewhere. ' The
present description w1ll therefore be limited to
those aspects which relate directly to the data ob-
tained.

The charge-state composition of a beam passing
thxough a gas may be described in terms of the
fractions of the beam E,(v) in charge state i, where
m xefers to the number of target particles per cm

Sample measurements were obtained of charge-
state fractions for both chlorine and bromine ions
as a function of target thickness (see Fig. l of
Ref. 3), in order to ensure charge equilibration at
each energy. However, it mas not almays neces-
sary to genera, te complete gromth curves to obtain
the equilibrium values E&, and fractions which
mere in good agreement at two substantially differ-
ent target thicknesses mere accepted.

Errors in the measured fractions were estimated
from the repeatability of the data and from statis-
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tical errors associated with the pulse counting of
each beam component. Errors involved in the de-
termination of beam energy were negligible. For
fractions F& greater than -1%, the total estimated
probable error is less than a 5/p, whereas for frac-
tions less than -1/p, the probable error may be as
large as +10%.

The measured charge-state fractions are pre-
sented in Table I (chlorine) and Table II (bromine)
as a function of the projectile energy and target
material. The mean charge, distribution width,
and skewness are also listed. In Table III some
equilibrium fractions for iodine beams in targets,
which have not been published previously, are in-
cluded.

Previous data which can be compared directly
with the present results are sparse. The data of
Almqvist et al. , 6 who measured equilibrium frac-
tions of chlorine beams in a carbon foil at 8 and
12 MeV, are substantially in agreement with the
present results. On the other hand, a set of data
presented by Litherland et al. , in oxygen gas at
10 MeV, shows considerable differences in both
low- and high-charge-state fractions, although the
fraction of the most probable charge state, the 5'
in both cases, is in agreement with our value. No

direct comparison with previous data can be made .

for incident bromine ions, although Moak et al.
have obtained data at 15 MeV. An extrapolation
shows that relatively small but significant differ-
ences exist both in this case and with iodine beams
where a direct comparison can be made. These
differences are due to a target-density effect in-
duced by the large difference in the target cell
lengths used; Moak et al. made use of a long gas
cell so that the target density at equilibrium was
-10 times lower than in the present experiments.

The mean charge for both chlorine and bromine
beams depends considerably on the choice of the
target gas. The target gas giving the highest mean
charge increases in mass with increasing energy,
e.g. , Oz for a chlorine beam at 1 MeV, Ar at 6
MeV, and Kr at 12 MeV. By making use of our
earlier iodine ion data it may be observed that at
a particular projectile velocity a given target gas
gives the highest mean charge independently of the
projectile species. As expected, the mean charge
in a carbon foil is appreciably greater than in any
of the gases at all energies. The distribution

width is generally greatest in an oxygen gas target.
This is true also for iodine beams in the same
energy range. The maximum skewness is usually
generated by collisions in the heaviest gas, krypton.
Note the symmetry of distributions in a carbon foil
due to the boil-off of Auger electrons from the ex-
cited atom as it leaves the foil. This process,
itself statistical, tends to symmetrize the final
distribution. '0

By assuming that the distribution of ions among
the more intense charge states is nearly Gaussian,
Nikolaev derived a relationship between the distri-
bution width and mean charge

P o (2&)-1/2&-(l-f & /Ra

For the projectiles and targets used in the present
studies F; o is clearly observed to be a function of
(i —i) /2o, although not always nearly Gaussian
owing to the complicating effect of the skewness y.
In Fig. 1 this feature is displayed by plotting F; o

vs (i —i)/o for three projectile species passing
through an oxygen gas target; a pure Gaussian
distribution is shown for comparison.

IV. SEMIEMPIRICAL PREDICTIONS

Using the data available to them, several ex-
perimenters" ' have attempted to derive universal
equations which would enable the charge-state dis-
tributions of all ions to be predicted. This is a
formidable task in view of the limited available
data and the complex nature of the interactions.
In addition the present work indicates that at least
three parameters (i, o, and p) are required to give
a reliable indication of a distribution in the energy
range 1-20 MeV. Most semiempirical relation-
ships have only attempted to predict the mean
charge i and have generally been based on masses
and energies outside the present range of interest.

IOO
I I I I I I I

x CHLORINE 3,3 MeV

+ CHLORINE 12 MeV

0 BROMINE 7.45MeV
~ BROMINE l4 MeV

0 IODINE 3MeV
& IODINE l2MeV

0~O

b
U

GAUSSIAN+ 5

II
-3 -2 -I

I

0
(i-i)/cr

FIG. 1. E&o plotted as a function of (i —i)/0. This
universal curve is independent of the projectile species
and energy but does depend upon the target material, which
in this case was oxygen gas.
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A. Mean Charge i

In the present work we are limited to values of
i /Z less than 0. 3 and the low-velocity approxi-
mation of Dimitriev and Nikolaev'P (based on the
Bohr criterion) is the only empirical prediction
available. The simple Bohr theory predicts that
s varies as Z~, where n ranges from 3 to —', de-
pending on the assumptions made in the statistical
model of the atomic particle. Consequently, the
following form was assumed:
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where Z~ is the nuclear charge of the projectile,
v is the velocity of the projectile, and K is a con-
stant which depends upon the target material.
Values of loggpi/v were then plotted against log, pz~
for the chlorine, bromine, and iodine data. It was
found that the points could be fitted quite well by a
straight line of slope 0. 5. Consequently, the data
were then plotted in the form i/Z~~ vs v. The
data were found to fit the empirical relationship
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where v is in units of 10p cm/sec and C is a con-
stant which depends upon both the projectile and
the target species. K was found to be 0. 1S+ 0.02
for all projectile-target combinations in good agree-
ment with Dimitriev's value of 0. 18 for an oxygen
target and 0.16 for a helium target. However, in
order to obtain a good fit to the experimental data,
values of C ranging from +0.10 to —0.20 for
gases, and 0. 6 +0.05 for a carbon foil, were re-
quired. Representative data taken using an oxygen
target are shown in Fig. 2, for which case C =0.
Equation (7) may be written in a more convenient
form if it is assumed that the ratio of atomicweight
to nuclear charge of an ion is approximately 2. 2,
l. e. ~

X/Z, =2.2. (&)
QO M Cg CO CO tA0 O O t 0 + 0 O
0 0 0 O O 0 0 0 Then the mean charge given by

i = S.SZE'~'+ C, (9)

where E is the projectile energy in MeV. It is
interesting to note that, from Eq. (9), at a fixed
energy the mean charge is roughly independent of
the projectile species —a prediction confirmed by
the experimental results.

8. Distribution Width 0

g 4 cu Q ~ cu 4
+ ~~ha u C X 8 0 K R u

An empirical relationship for a has also been de-
rived from the present results. Dimitriev and
Nikolaev'2 suggested the following simple relation:

0 = 0'pgp. (1O}



A. B. WITTKQWER AND G. RYDING

O t 00 00 A O Cb
cO 0 a0

~ ~ ~ ~ ~ ~ ~

O O R 0 R R O
I

CQ W 00n W CO oo M
~ ~ ~ ~ ~

O O 0 O
O

~ ~

I

Cb CQ t A 0 Cb
N PJ 00 00 A cO 0

~ 4 ~ ~ ~ ~ ~0 0 0 R R O

00 w co cD
CO CO Cb

~ ~ ~ ~ ~ ~0 0 0 0 0 6 0
o0~ CO CO CD Oo n W

~ ~ ~ ~ ~ ~ ~0 0 0 0 0 0 0

Cg CFh 00 Cg W W C0
00 cb w & 0 cb co

~ ~ ~ 4 ~ ~ ~

O O R R R O

Cb
O

~ ~ ~0 ~ 4

a0 0
M n

~ ~

00 00 t M cO
Cb M LQ

~ ~ ~ ~ ~ 4 ~0
00 cO 00

Cb W CD CD CO CD
~ ~ 4 ~ ~ ~ ~0

C5 t M ~ M CO
CD W CD CO

~ ~ ~ ~ ~ 4 ~

CO A O H CO O
M W W CO

~ ~ ~ ~ ~ ~ ~

0OCOWNA+t
~ ~ ~ ~ ~ ~ ~

cq el cO ce W e4 t

OO CD M W CQ
O O 00

~ ~ ~ ~ ~ ~ ~~ n W W n a0 oo

eOeOOne
00 00 t M cO

~ ~ ~ ~ ~ ~ ~

CO W 'cV W W CFl

Cb CO rV
~ ~ ~

lQ Cg%%0%
~ 4 4 ~

Cg0

lQ0
0

00
Cg

40
Cb0

0
0
CO

4

CO

0
0
0

00 cA o0
O O O O CO

~ a ~ ~ ~0 0 0 0
S
.8 CV

g
s~

40

0sl

ig

0
N

m 0
Xt

ca

I

b0
~+

Cg

0
C40 0

~ ~0 0

CQ CO0 CO
~ ~ ~ ~

O O 0

04COCO WOO+ tO cg A 00
~ ~ ~ ~ ~ ~00000

00

0

0 t ~ CD
Cg M Cb

~ ~ ~ ~ ~OOOO

a00 CO t t A CO
~ ~ ~ ~ ~ ~

O 0 O O 0
O4

0 W 0)
~ ~ ~ ~ ~ ~ ~0 0

00 0
O H O

~ ~ ~ ~0 0 0
Cb

~ ~ ~ ~ ~0 0 0 0
00 O LQ O0 W W W CQ

4 ~ ~ ~ ~0 0 0 0 0
00 0

Cg M CO
~ 4 ~ ~ ~0 0 0 0 CO

CD 0
CQ W CO

~ ~ ~ ~ 4
O 0 0 O

CQ W ~ Cg
~ ~ ~ ~ ~0 0 0 O

Cb0 o0 00 00 cO LQ
~ ~ ~ ~ ~ ~0 0 0 0 0

0 4 6 0
cO a0 cO

~ ~ ~ ~ ~00004
kQ LQ 00 LQ0 t t 8) CO

~ ~ ~ ~ ~ ~0 W W W W CD

Cb ~ M tQ
lQ

~ ~ ~ 4 4

CO
Cg

LQ
CD t Cb CO 0

~ ~ ~ ~ 4 ~004RNHo0

CD
CO CO CO CO

4 ~ ~ ~ ~ ~0
Cb R CO O Q O

~ ~ ~ ~ ~ ~ ~0 A CO Cb

O
CQ & LQ lQ

a ~ ~ ~ ~ 4 ~0 W CO W M Cb

CQ~COOCOCOWOO0&t ~OO00 O O0 H A O N N 0 CD t A O A H N O0 0 N
~ ~ ~ 4 ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ 4 ~0 N N e r I rV 0 0 4 4 H & 4 0 0 CO CD A LQ t

O Q N O a0
N OR CO

~ ~ ~ ~ ~ ~0+AOO
COCOQCb90Ot rVNt COO

~ ~ ~ ~ ~ ~ ~0 0
a0 cO M cO W tOCAOONCOON Ot Ao0+Ot

~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~0 w t 00 w w cQ w W M M w 00 0
O O

~ ~ ~ ~ ~ 4 ~0 CA W t C'1 0

OCOcQt Wm COO+0W t-t-
cQ ao ~ W t N n ao t & 0 oo 0

EO ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~

Oaf NHRONOA t O)OHIO
O4

CO CO ~ 00
co N n e e 4 cD cD 0 ao e ao 0

~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~O0CDCO&t-0 OonCOW&WO
O O N t O 0 O

~ ~ 4 ~ ~ ~ ~

CO t & 0
a0 co CO
00 t A A 0 N 0 cb

~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~

00 t CPJ

COOW&+cQo0&%00000t o0
~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~

CO W t CO W 0 0 Cb CO t 49 OO OO

CO N A 0
~ ~ ~ ~ ~ ~

N t

CO
CO + CO t CO t A CO CO W C0 CO H OO CO N 0 0 LQ t 0 O0

~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~ ~

o0 t 0 LQ cO a0 LQ ~ ~ M O4 & cQ O a0 cO t t W t W 0 cQ t ~ a0
O4 Ce CO W & O4 M CO ~ & C0 CO

O 0
00 00 ~ 00 cD

~ ~ ~ ~ ~ ~

CO CD t t OO

A & ao 0 Cn
~ ~ ~ ~ ~

Cb
CO W CO ~ W

00
CO CO M t t Cb

~ ~ ~ ~ ~ ~ ~ ~ ~
LACOLQ~M WO

cq m

0
Cb CQ CO

~ ~ ~ ~ ~004&COW

%~0
t cO a0 a0

O4 Ch
~ ~ ~ ~ ~ ~0

O rN cO 0 o0 +
CQ W W rV t- CO

~ ~ ~ 4 ~ ~

a0

0
Cg M t CO CO CD

~ ~ ~ ~ ~ ~

00 M M W ~ 00

cn M t 0 W o004WMo0
4 ~ ~ ~ ~ ~OOOO

00 W EQ
Cb a0

~ ~ ~ 4 ~ ~eno+e &

t &WACO
O O O

~ ~ ~ 4 ~ ~000000
CA W EQ
00 W LQ 0 0

~ ~ ~ ~ ~ ~
04 O4 C4 Cg CO

Cb CO t
a0 ~ c0 M ce m

~ ~ ~ ~ ~ ~

gq 0 0 O O 4-I

LQ lO
O O O

~ ~ ~ ~ ~ ~000000
I

8x~oe~u xBEoewu 84Ãoe0v ZmEo&4o 8iEoggo

0
gg CV

0
CO

0
a0 0



EQUILIBRIUM C 8AR 6 E - 8 TA TE DI8 TRI BU TIONS. . .

w cg~ ~ co m Qo m ~ ~ cq co ~
0 0 0 0 0 1 1

QO C4
~ ~ \ ~

cD cD cD

QO CD ~ CO CD e- nn~CC COG-t-W mince
0 0 ~ ~ ~ ~ 0 ~ 0 0 0

0 ~

LQ CO tQ
CD W Cb

~ ~

QO
QO cD cD cD

~ ~
CC CO CO

CJb

0
LQ

CC QO

CO

CO

t 1 0 ~

cD

CO CO

cD

QO
CO

1 ~ ~ ~

Cb
lC cD

0 0 0

cD

lQ CO lQ Cb

0

cD

~ ~ ~

cD cD cD

Cg
~ ~ ~ ~ 0

~ ~

Q

~ye4

0

CCt
o

QO M Cb
~ 0 0 ~ 0

cD cD

lQ

1 0

GO

1 1 ~ 1 1
cD CD N N W

~ 0 ~ 0
C5 cD cD cO

'eo

0
Cl

@
cG

cct

cO ~ C)
lA CO lA lQ

~ ~ 0 0 ~ 0
CO Cb QO 00

CD~ 'QO
~ 0 ~ 1 ~ 0

QO CD GO CO

e4 QO

0 0 0 0
C.

L
0 ~ 0 0

CA

n W M cD
cD Cb W W M CO

1 0 0 0 0 0
cD + 8 8 R cD

Q

Q

R
II
bS

Q

8
~w4

t~

ffl

Q

Q
c5

cG
I

50

C! GO

U

Cb L

Cb

CC

GO ~ C3

CO Cb
GO GO

CO ~ lQ
Cg

lO ~ Cg W cD cD~, 1
l t Cb

4 0

CO cA L6 Cg ~ cD cD

cct
0 4 ~ ~ ~

M

QO
~ ~ ~ 0

Cg Cg

cD A IF' cD Go

cD m n e-
0 0 0 0 0

LQ CQ CO CO
M

Cb Cb CQ
4

cl cD tC

CA Ibm
~ ~ 1 0 0 ~

Cg
l W Cg

cD GO

0 0 0 1
GO M M CQ

Cb
GO

~ ~ 0~ CO cD cD

lQ
GO

eq

i
~ 1 1 0 ~ ~

CD CD CD
~ ~

QO

co

lQ
cD

~ 0
O cD

0 ~

~ ~



232 A ~ B ~ %IT TKOWE R AND G. R YD IN G

l.2—

~ 1 in 0,
~ BrinO,

Cl in 0&

V SeinOq

I,O—

0.9—
~r

0.8— r'O
Or

g ~ ~

OP
~ r'a

0.5— 1

0.3—
0.2— r
O.l —r'

0.7—
N
'- 0.6

04—

0

~V

,~r
~r

I =OI9 V z

I

0 30 40 7.0
Pxnjectile Velocity (IOecm/sec)

FIG. 2. Function i/Ztgt vs projectile velocity for a
number of different projectiles passing through an oxygen
target. Iodine data taken from Ref. 2. Single selenium

, data point derived from unpublished data taken by the
authors.

2.0 5.0

Logo was therefore plotted against logZ~ using the
present results and it was found that a value of
n= 0. 5 best fitted the data Val.ues of o/Z&'s were
then plotted as a function of velocity and are shown
in Fig. 3 for an oxygen target.

It can be seen that at higher velocities o is es-
sentially constant and from this work the following
approximate relationship may be derived:

o=o Z"'
0 P

for v&3. 5xl0'cm/sec. Values of oefor all pro-
jectiles were determined to be -0.17+0. 02 in a
Hz target, 0. 20+0. 03 in He, 0.27+0. 03 in N2, 02,
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FIG. 3. Function 0./Z& vs projectile velocity for a
number of different projectiles passing through an oxygen
target. Iodine data taken from Ref. 2. Single selenium
data point derived from unpublished data taken by the
authors.

Ar, Kr, and a carbon foil.

C. Distribution Skewness y

No semiempirical fits have been obtained for y
which is extremely sensitive to the accuracy of the
data.

V. CONCLUSION

In conclusion, it can be stated that although the
semiempirical relationships of Dimitriev and
Nikolaev appear to hold in the range of their appli-
cability for a variety of ion species and target
materials, no real understanding of the fundamen-
tals behind these relationships can be obtained
without measurements of the fundamental param-
eters-the charge-changing cross sections them-
selves. Measurements of this type are in progress
at this laboratory.
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