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%'e examine one-photon transitions in positronium (Ps) as possible tests of the discrete symmetries of C
(charge-conjugation) and/or P (parity) and/or T (time-reversal) invariance. We discuss two general classes

of experiment. The first class consists of direct searches for transitions forbidden by a given symmetry.

The second class is composed of experiments that search for an asymmetry in the rate of an allowed transi-

tion upon reversal of an externally controllable vector quantity, such as an applied magnetic field I or rf
photon spin S„. For a given symmetry, we compare limits on symmetry-violating mixings, which can

reasonably be expected from these Ps experiments, ~ith limits placed by existing atomic experiments. e
conclude from this analysis, that the most promising experiments in Ps are those that search for C violation
~ith no P violation.

I. INTRODUCTION

Positronium (Ps) is the only accessible leptonic system
that has eigenstates of C (charge cortjugation) and CP
(charge conjugation and parity) as well as of P (Fig. 1)."
As such, it offers a unique opportunity to search for viola-
tions of these discrete symmetries. 3 Many tests of the
discrete symmetries C, P, and T have been made in other
systems, 4 but these tests do not preclude measurable sym-
metry violations in Ps, because comparison between experi-
ments, especially those involving markedly different energy
scales, is highly model dependent. In particular, models
that exhibit symmetry violations predominantly or ex-

elusively in the leptonic sector can usefully be investigated
in Ps.

In this Brief Report we present a general analysis of one-
photon optical and microwave transitions of the form
Ps Ps'+ y (stimulated emission) or Ps+ y Ps' (absorp-
tion), as tests of the discrete symmetries C and/or Pand/or
T. The precision that can be attained in these experiments
is compared with results already obtained in other low-
energy experiments. We conclude that the most promising
experiments in Ps are those which search for C violation
without P violation (CP nonconservation). Finally, these
tests are contrasted with the observation of CP nonconser-
vation in the K,EO system.
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FIG. 1. The theoretical values for the n = l and n =2 energy lev-
els of positronium (in 6Hz). Each state is labeled by n +'I Jpg,
the usual spectroscopic notation with the parity, P, and charge-
conjugation, C, eigenvalues appended.

We examine two general kinds of experiments to test for
symmetry violations: (A) searches for symmetry-forbidden
transitions in the absence of external electric and magnetic
fields and (B) measurements of asymmetries, described
belo~, each due to the interference of a symmetry-violating
amplitude, %„, with an electromagnetic, symmetry-conserv-
ing amplitude %». We consider three different one-photon
transitions: (1) 1 'Si 2 'Si (Hgp), (2) n 'Si 2 'So
(H~), and (3) n'St 2'P, (Hire). Each of these transi-
tions has a relatively long-lived initial n Si state (n =1 or
2), and is sensitive to a different symmetry-violating Hamil-
tonian (H) which can mix an intermediate state into the ini-
tial or final state and cause the transition to become al-
lowed. We have introduced here a notation in which the
symmetry properties of 0 are specified by its subscripts C,
P, and T. The Hamiltonian is odd (even) under a given
discrete symmetry if there is a slash (no slash) through the
corresponding symbol and it is composed of an unspecified
linear combination of odd and even terms if the symbol is
absent.

In a type-A measurement, a search is made for one of the
above symmetry-violating transitions, resonant at the ap-
propriate photon frequency. In analyzing the symmetry
properties of these transitions, we note that the photon has
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C = —1 and thus a given transition unambiguously does or
does not conserve C. Ho~ever, since the photon can bring
in or carry away an arbitrary amount of angular momentum,
the parity change depends upon the multipolarity of the
transition. Thus, the observation of a given transition could
be attributed to either of two interactions with opposite P
properties and different intermediate states. For example,
transition 3 could be due to Hg~ mixing some of the 2 Pi
intermediate state into the final state making an Ei transi-
tion possible, or Hgp could mix the 2'So state into the final
state allowing an Mi transition. Since for plane-wave exci-
tation, allowed Ei transitions have transition rates at least
0(a ') higher than Mi and E2 transitions, a measurement
of each of the transitions 1, 2, and 3 is most sensitive to the
Ei-associated interaction Hamiltonian. %e estimate that,
with presently available technology, type-A measurements
can yield values or limits for (2'Si IHgpl2 Pi)
(2'$0(Hcp)2'Po), and (2'P, IHgpl2'Pi) with uncertainties
at the 10-, 3-, and 1-MHz levels, respectively.

In a type-8 measurement an asymmetry A~t [A~i=—(X+
)/(h, ++X )] in the transition rate h. (AcL ~9R,'+Rpi[2)

of transition t (t= I, 2, or 3) is measured. Here + ( —)
indicates that one of the externally controllable vectors in
the experiment, i.e., the rf photon momentum k, the pho-
ton spin S„, the static electric field E, or the magnetic field
8, is in the normal (reversed) direction. The symmetry-
forbidden Ei transition amplitude 9R„becomes allowed if H„
(x-gg, CP, or g'P) can mix an appropriate intermediate
state into the initial or final state. For example, in perturba-

I

tion theory for transition 3 we get

(2 PilHs'pl2'Pi) (2'PilEil2'Si)
E(2 'P, ) —E(2'P, )

The electromagnetic Ei or Mi amplitude %„' can exist either
in the absence of external fields (y =0), e.g. ,
%$ = (2 'So

~ Mi ~
2 Si ), through intermediate state mixing

by a magnetic field (y =8), by an electric field (y =E), or
by both (y=EB). Asymmetries A„'» arising from pairs of
amplitudes 9Rz 9Ry are listed in terms of the externally con-
trolled vectors in column 2 of Table I. In column 4 we
present order of magnitude estimates of the precision
(o ~ (H„) ~) attainable with presently available technology for
each symmetry-violating amplitude.

The C, P, and T properties of an interaction which cause
a 8-type asymmetry are specified by the symmetry proper-
ties of the external vectors and are listed in column 3. It is
important to note that the T properties can also depend on
the phase of the energy denominators in amplitudes 9R„and
9R~. The energy denominators for asymmetries A i~ or 3~2

are all predominantly real and do not change the T proper-
ties derived from the external vectors. The asymmetry,
A)ps, however, is evaluated near the 2 'Pic and 2 iPio level
crossing ~here the imaginary part of the energy difference
(due to the width of the 23Pio state) is comparable to the
real part. To analyze this situation correctly, %)p must be
calculated using second-order time-dependent perturbation
theory. '~ This calculation yields

[I'(2 'Pi )/2]Im (2 'P, o [ Hspg [2 'Pio)
"++)i- [Iii +E(2 Pi) —E(2 Si)] + [I'(2 Pi)/2]

[h&+ E(2 Pi) —E(2iSi)]Re(2 'Pio~Hitpq~2 Pio)
[»+E(2'P ) —E(2'S )]'+ [«2'Pl)/2]'

where I'(2'Pi) is the width of the 2'Pi state and + ( —) indicates that 8 and S, are parallel (antiparallel). Observe now,

TABLE I. Asymmetries of interest are listed in terms of the externally controlled vectors in each experi-
rnent; photon spin S„, photon direction k, electric field 8, and magnetic field B. A pair of amplitudes %„
and %~i interfere, producing an asymmetry A~i defined by A„'~ —(h, + —A. )/(X++5, ), where X+ (X ) is

the transition rate with one of the listed external vectors in the normal (reversed) direction. Also listed is a

state-mixing interaction H„which can give rise to the listed asymmetry, along with an estimate of the pre-
cision o ((H„) ( attainable in such a measurement using available technology.

Transition Asymmetry Precision (o ( (H„) ()

1'S, +y- 2'S,

2. 2 3$ i + y —2 'So

3. n 3Si 2iP +p

n =1, 2

AgpEm S E

APjrscc k B'b

~cp, za

~cp 0~S& k

~Pi s S„B'
Alps~ S„B'

HCjT

—10 MHz

—10 MHz

—3 MHz

—3 MHz

—100 KHz

—100 KHz

'This asymmetry measurement ~as first proposed in footnote b but was erroneously thought to reverse sign
~ith circular polarization of the exciting radiation.
bW. Bernreuther and O. Nachtmann, Z. Phys. C 11, 235 (1981).
'A level crossing experiment with externally variable T properties (see Sec. II).
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that if Hgp is Hermitian (i.e., it does not result from a CP
violation in an external decay channel), then

(2'P„Imp~12'P„)

is purely imaginary and

(2'PioiHgpri2 Pio)

is purely real. This is reflected in their symmetry assign-
ments in Table I and in Eq. (I). The T-odd and T-even
terms, respectively, can be distinguished by their resonant
and dispersive dependences on v.

III. LIMITS ON SYMMETRY VIOLATIONS
FROM OTHER ATOMIC EXPERIMENTS

In this section we compare the Ps symmetry-violation ex-
periments, detailed in Sec. II, with other experiments that
test the same symmetries. Since the energy and distance
dependences of interactions can be quite model dependent,
we restrict our analysis here to atomic systems, which are all
of the same approximate size. Moreover, we only consider
symmetry violations manifested through the mixing of
atomic states of opposite symmetry, rather than through a
basic electron-photon interaction independent of formation
of a bound state. We analyze three types of direct experi-
ments: heavy-atom parity (HAP) tests, static electric dipole
moments (EDM's), and Ps charge-conjugation tests, which

t

are sensitive to interactions of the form HpT, Hpg, and Hgp,
respectively. Symmetry-violating interactions can also be
manifested indirectly as deviations of energy splittings or
decay rates from their values calculated from quantum elec-
trodynamics (QED). Such effects are considered later in
this section.

(i) Heavy atom parity tests. Matrix elements of the form
(H~) (which includes Her and H~pr) have been mea-
sured in HAP tests. In this case there exists a well veri-
fied theory, the standard electroweak theory, which predicts
the measured results. From the calculations of Bernreuther
and Nachtmann, 9 who use the standard electroweak model
to compute the Hg T mixing in Ps, we obtain a value for
I(2 S&IHgyrl23P~) of 2.16x10 4 Hz. This is far below
the sensitivity listed in Table I. The HAP tests are predom-
inantly sensitive to short-range electron-nucleon interactions
(e-N), but are also sensitive to electron-electron interac-
tions (e-e) (e.g. , the effect of e-e is calculated to be about
2'/o of that of e Nin C-s). '0 We conclude that experiments
in Ps cannot compete with HAP tests in searching for ampli-
tudes of the form (Hg~) and (Her), even in the context
of a purely leptonic model.

(ii) Static electric dipole moments Meas.urements of atomic
EDM's" place limits on symmetry violations of the form
Hpj (which includes HizrIz and H~pz). For example, a re-
cent result'2 in Xe gives (d)x, = ( —0.3+1.1)x10 26 ecm.
In comparison, if a measurement of APACE (Table I) yielded
l(2'P&IHcpr 12'Si) ( =10 MHz, the EDM in the 2'S~' state
would be

l(2 S& Idl2 S&) I= (2'S&ldl2'P)) + ' ' '
(2 Ptldl2'S)) 4x10 "ecm (2)

E(2 S)) —E(2 P() E(2'S)) —E(2 P))

Although a completely model-independent comparison is
not possible, we consider it unlikely that violations of the
form (Hype) and (Hcpg) at the 10-MHz level in Ps could
be consistent with the null result in Xe.

(iii) Ps C violation tes-ts Direct ato.mic tests of interactions
of the form Hgp (which includes Hi/pg and Her) have only
been made in Ps." These were searches for the C-violating
decays' " 1 'Sp 3p and 1 S& 4p which placed limits on
the branching ratios

and

Ra(I~SO) =P (1~SO 3y)/X(1~$0 2y) & 2.8x10

Rs(1'S)) = ) (I 'S) - 4y)/Z(l 'S) - 3y) & S x 10 '

Such C-violating transitions cannot occur as an admixture of
the initial state with another Ps state via an Hg'p mixing
since there is no Ps state that has the opposite C and the
same P and J as either the 1'S~ or the 1'Sp state. Although
these branching-ratio experiments do test models which in-
clude C violation in the basic e-y interaction, ' ' they do
not place any limit on an Hgp bound-state mixing. More-
over, since Ps is still the only available atom with cigcn-
states of C, no direct symmetry test limiting Hgp mixing has
been made in any atomic system.

We turn now to indirect measurements, those for which
an energy splitting Av or decay rate A. is precisely calculable
from QED and for which the presence of the Himp mixing
would shift A~ or A. by an experimentally detectable
amount. For example, in Ps, measurements and theoretical

l

calculations of E(1'S&)—E(1'So), E(2'S~) —E(2 P2),
h. (13$~), and h. (1'So) have each been made, but none of
the states involved has the same P and J but opposite C
with respect to any other Ps state. Thus again, no Hgp state
mixing can occur. The only other atoms where sufficiently
precise theoretical calculations of energy splittings are avail-
able are H and He. Here the requirement that the mixed
states have opposite C eigenvalue no longer applies, and
states of the same P and the same angular momentum (J or
F) are relevant. In He the appropriate states have such
large energy splittings that no useful limit is placed. In H,
ho~ever, the matrix element

(2'P&i2(P = I ) 1 Hspgl2'P3i2(F = I ) )

must be less than approximately 20 MHz if the experimen-
tal value' for the 2 5~~2 2 Py2 transition frequency
v -9911.117(41) MHz is to agree with the QED theoretical
value'9 v =9911.160(13) MHz. '0 This limit only applies if
the Hgp mixing is semileptonic in nature, since the mixing
requires a proton spin flip. We conclude that no atomic ex-
perirnent gives better limits than those which could be set
by measurements of transition 3 or asymmetry Alps espe-
cially in terms of a purely leptonic model of Hgp.

IV. CP NONCONSERVATION: Ps COMPARED TO EO,EP

In the 20 years since its discovery, 2' Cj' nonconservation
has been observed only in the Ep,E system and even there
it has not been explained in any fundamental sense.
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Several models22 '4 have been developed to explain the ob-
served CP violations but evidence in favor of one model to
the exclusion of all others is lacking. A second system that
exhibits CP nonconservation would be invaluable in clarify-
ing the nature of the interaction. Ps shares with the E,Eo
system the property of having (in the absence of CP viola-
tion) two adjacent states with the same J, the same P, and
the opposite C. For Ps these are, as noted above, the 2'P~
and 23Pi states with /LE = 1.8 GHz, while in the K,Ko sys-
tem they are KL and Es with Im —ii), I'/2= (0 85.+0 &9i.)
GHz. On the other hand, Ps differs from the E,Eo system
in that (i) it is a purely leptonic system, (ii) it is "diago-
nal, " that is, the electron and positron are direct antiparti-
cles to each other, and (iii) it is electromagnetically bound
system. These differences, if CP nonconservation is seen in

Ps, ~ould place strong constraints on any CP-violating
model. Finally, we note that, although the hadronic nature
of currently popular models designed to explain CP noncon-
servation in K,Ko implies that such models predict essen-
tially unobservable CP-violating effects in Ps, no experi-
mental result (e.g. , from g —2 of the electron, q 3y, or
the Ko,Eo system) interpreted in a model-independent
fashion, precludes Ps from exhibiting a measurable CP
violation.

V. SUMMARY

%e have examined tests of the discrete symmetries C, P,
and T in single-photon transitions of Ps. Limiting our
analysis to interactions which are manifested as mixings
between atomic states, we have compared these possible
tests in Ps to existing tests in other atoms. We conclude
that only in the case of interactions of the form Hg~ can ex-
periments in Ps (i.e., measurements of the transition matrix
element 9R)t or the asymmetry Aft tt) place more stringent
limits than previous experiments. We are presently pursu-
ing an experimental effort to search for the C-forbidden
transition 2 sSi 2 'Pi + y described by %)t .
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