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Based on the first Born approximation and coupled-channel wave functions, a full
three-dimensional treatment of state-to-state reactive scattering (rearrangement collision)
has been made to derive explicitly the transition amplitude, differential cross section, and
total cross section for atom-diatomic molecule systems. The present coupled-channel
Born-approximation method will serve as a generalization of the distorted-wave Born-
approximation method that we discussed elsewhere.

I. INTRODUCTION

The three-dimensional treatment of elementary
molecular rearrangement collisions has been of
great interest. Two of the computationally used
three-dimensional methods are the close-coupling’
and DWBA (distorted-wave-Born-approxima-
tion)>* methods. In the DWBA, the interaction
potential in the Hamiltonian is divided into two
potentials, the distorting and perturbation poten-
tials. The former is used to obtain the distorted
wave function by solving the resulting Schrodinger
equation. The latter is the interaction potential re-
sponsible for opening a new arrangement channel.
The first Born approximation and the distorted-
wave functions are used to construct the transition
amplitude from which the differential and total
cross sections are obtained. In the close-coupling
method, the total wave function is expanded in
terms of rovibrational basis functions. Wave func-
tions properly constructed from the solutions of
the resulting coupled Schrédinger equations are
then used to obtain the S matrix. The S matrix is
required to satisfy asymptotic boundary conditions.
The scattering amplitude constructed from the S
matrix is used to derive the differential and total
cross sections. Unfortunately, the exact close-
coupling methods demand excessively large compu-
tation time.

In general, the effect of coupling is not ignorable
in rearrangement collisions (reactive scattering). In
the usual DWBA, the coupling effect is not taken
into account. The distorted-wave function used in
the DWBA transition amplitude is simply the solu-
tion of the Schrédinger equation which describes
only elastic scattering in the entrance and exit

2

channels, respectively. In this paper, by consider-
ing the first Born approximation and coupling be-
tween channels in each arrangement (that is, the
initial and final arrangement, respectively), we
derive a three-dimensional CCBA (coupled-channel
Born-approximation) formalism that describes
state-to-state reactive scattering processes involving
atom-diatomic molecule systems. The present
CCBA will serve as a generalization of the DWBA
method that we presented elsewhere.* The theoret-
ical development will be largely self-contained in
nature, requiring only a small number of refer-
ences.

II. FORMAL CCBA TRANSITION
AMPLITUDE

Discussions which follow below are general for
reactive scattering (particle transfer) processes that
occur as a consequence of collision between two
composite particles. The transferred particle can
also be a composite system. We write the
Schrédinger equation to describe the system of two
interacting composite particles,

HY=EVY . 2.1

V¥ is the total wave function and H the Hamiltoni-
an. H can be viewed in terms of an arrangement
channel a,

H=H,, (2.2a)
with

Ha=ha+Ta+Ua ’ (2.2b)
187
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where £ is the intrinsic Hamiltonian which de-
scribes the internal motions, T the relative kinetic
energy, and U the interaction energy between the
two particles in the arrangement channel a.

We introduce the projection operators, P, Q, and
R. Pis to denote projection onto an entrance
channel state (in the initial arrangement channel
a), Q onto other states in the same initial arrange-
ment channel a, and R onto states in the final ar-
rangement channel B. These projection operators
satisfy

P+Q+R=1, 2.3)

P’=P, Q*=Q R?*=R, (2.4)
and

PQ=QR=PR=0. (2.5)

In addition, they are commutative. The interaction
potential viewed in terms of the arrangement chan-
nel a is

U,=(P+Q +R)U,(P+Q+R) . (2.6)

The two-potential Hamiltonian suitable for the
description of the CCBA is written

H,=H)+(P+Q)U(P+Q)+ W, , 2.7
or

Ho=%0+W,
with

Hl=h,+T,, (2.8)

Hu=HY+(P+Q)U(P+Q)

=H)+U,—W,, 2.9)

and
Wae=Us—(P+Q)U(P+Q). (2.10)

Considering the Hamiltonian (2.7), we write the
scattering integral equation that satisfies the boun-
dary condition of an outgoing wave in the arrange-
ment channel «,

WH=xerw xt, 2.11)
or
Vo =X +8." (U — (P +Q)UL(P+ QXS
2.12)
where the Green’s function is
8a =8ixt+81aWa8a (2.13)
with

gl =1/[E —H2—(P +Q)U,(P +Q)+ie] .
(2.14)

X\t above is the solution of the scattering integral
equation corresonding to the Hamiltonian 5,
which prohibits the opening of a new arrangement
channel

XV =0, 48 (P+QIU,(P+Q)P,, (2.15)
where ®, is the free state, that is, the solution of
H)®,=Ed, . (2.16)

Following the Gell-Mann — Goldberger transfor-
mation,® we find the T-matrix element for the
state-to-state rearrangement collision between the
two arrangement channels a and S,

Tpa={Dg|(P+Q)U,(P +Q)- Wg| X))
—(X5 | Ug—(P+Q)U,(P+Q) | Wi+ .

2.17)
|
The insertion of (2.12) and (2.15) into (2.17) yields
Tpa={DPp|(P+Q)U4(P +Q)+(P +Q)U,(P +Q)g (P +Q)U,(P +Q)—Wp | ®,)
+(X5 | Ug—(P+Q)U,(P+Q)
+[Uy—(P+Q)U(P+Q)gd [Us—(P + QU (P+Q)]| X)) , (2.18)

where Wy is the expression (2.10) for the arrange-
ment channel B. In the case of the same coordi-
nate system, the first term of (2.18) vanishes due to

the othogonality between the bound state and
scattering state. This definitely occurs when a
transferred particle forms a bound state with an in-
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finitely massive core after the interaction between a
projectile and an infinitely massive target particle.
Otherwise, a recoil effect causes the bound and
scattering states to be in different coordinate sys-
tems. In this case the first term will not vanish.

However, in the DWBA and CCBA expressions,
the first term is usually neglected and the higher-
order contribution in the second term of (2.18) is
ignored. Thus the first Born approximation leads
to the CCBA transition amplitude of the type.

TePA=(X5 |U,—(P+Q)U(P+Q) | X)),
(2.19)

or using (2.10),

TEPA= (X5 | W, | X)) . (2.20)
The use of (2.6) for (2.19) above yields
TEPA = (X5 |RUL(P+Q) | X5P)) .21)
since

R|XP)=P|X§7)=0|X57)=0. (222

From the inspection of (2.20) and (2.21), above, we
now see that the perturbation potential W, defined
in (2.10) takes the role of opening a new arrange-
ment channel B. Explicit descriptions of the
state-to-state CCBA transition amplitude, differen-
tial cross section, and total cross section follow in
Sec. III.

III. EXPLICIT CCBA TRANSITION
AMPLITUDE AND CROSS SECTIONS

In the previous section, the colliding and depart-
ing particles were considered to be the composite
systems made of any number of “eclementary parti-
cles.” The elementary particle is to mean a parti-
cle with no internal degree of freedom. Here we
limit our discussions only to the case of reactive
atom-diatomic molecule systems of type 4 + BC.
Such a study has the merit of simplicity. Besides,

C
Ry’
- /.
A RCI ,/, R lrCI
\\\\ y
S /
-
rb \\]
B

FIG. 1. Vector diagram of reactive scattering
A +BC— AB+C. The continuous line is for the initial
arrangement channel while the dotted line is for the fi-
nal arrangement channel.

tions fall into this category.

Introducing the set of channel quantum numbers
{ngsjasLs} in an arrangement channel a, we
rewrite the Schrodinger equation (2.1), given in the
previous section, as

HYM | (R,,T,)=E¥,Y, L, (R, 7). 3.1)
Here n, is the vibrational quantum number and j,
the rotational angular-momentum quantum num-
ber of a diatomic molecule. L, is the relative orbi-
tal angular-momentum quantum number between
the atom and diatomic molecule, J is the total
angular-momentum quantum number, and M is its
projection quantum number. R, is the channel
coordinate vector connecting an atom and the c.m.
(center of mass) of the diatomic molecule and T,
the interatomic displacement vector of the diatom-
ic molecule in an arrangement channel a (see Fig.
1 for details).

We introduce the partial-wave function which
describes the relative motion between the atom and
diatomic molecule with the relative angular
momentum L; and its projection M;,

X1, R)=[X, (R)/RIY.(R) (3.2)

and the rovibrational wave function of the diatom-
ic molecule

many of the important elementary molecular reac- Gujm (V) =[1j(r) /r]Y[(F) . 3.3)
The complete wave function is expanded in terms
of the rovibrational basis functions
wiya’v.(i“’?a =2 [X.:;j;La'«uajaLa(ﬁa) ®¢,,‘;j‘;(?a)]JM , (3.4)
nadaLq
where
i ir s, Ra) @ by i1 (T )]m=?/ﬂ;(ﬁa,ﬁ, Wi 110 s, Ra)/Ralln,, 1 (72) /5] 3.5)
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with
I Ref)= 3 CGoLim M, |IM)Y,, (7)Y "(R ). (3.6)
m;M,

a in the expansion of (3.4) is an index to introduce all possible arrangement channels. The scalar product of
(3.1) by the product of the radial molecular wave function u, ' (r, )/r, and the bipolar spherical harmonics

9” 2 ,(R,,r,) leads to the set of the coupled differential equatlons

# | d2 Lg(Lg+1)

2 J
T, |aRZ T RE . mis msirienn,r, R
== 3 mjiLg |Us | nJisLdY Xy vy, 1 (Ra)

”
"a"ja,Lg"

— 3 R, [ drd®Rolu} (n) /1190 (Ras P XH —Ettn,j,(ry) /1)

nyipLy
Xg’;ﬁb(ﬁb,ﬂ )X‘:bijb«n,jaLu(Rb)/Rb , (3.7)
where the wave number K nl it is
172
o | 2Ma
K,;j,;—K 7 (E— e;j;) y (3.8)

and the interaction matrix element is
(MijaLy | Un InajaLa Y= [ [ w0 (r)370 (Re P Uty (r) 7, (R P, )d R dr, (3.92)

or more explicitly®

J o +is +J

(ngjaLg | Uq | ngjaLly Y =(— [(2j, + 12, +1)(2L, +1)(2L, +1)]'/

XU, (R){aja00|jO)(L,Ls00]jO)
j a’a a’a
X WjaLajaLa3Jj)/(2j +1) . (3.9b)

The undefined symbols above are as follows: y, is the reduced mass and €, the internal (rovibrational)

energy of the diatomic molecule. U, ., (R,) is given by

ajaﬁ'l -’
Ul gy, Ra)= [ drau}, . (r)ULRG 1y (1) . (3.10
with
1 — A A
UL(Ra,ra) =12 +1)/2] [_ Ua(R,,F0)P(R, 7 )d(R, ) 3.11)
which results from
Ua(R,,Ta)= 3 UL(R,,7,)P)(R,F,) . (3.12)

J
W (jsLgajsLg;Jj) in (3.9b) is the Racah coefficient. Finally, 25 in the last term of Eq. (3.7) is to denote the

summation over arrangement channels other than a. This last term represents coupling between arrange-
ment channels.
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However, in the CCBA’ we use the Hamiltonian which describes only elastic and inelastic scattering pro-
cesses in both the initial and final arrangement channels. Such Hamiltonian has the property of (2.9) shown
in the previous section. Thus the Schrédinger equation is in the form of

Z’GX::,{“LH(R’M?,,)=EX:gaLn(§a,?a) . (3.13)

The resulting coupled Schrédinger equations from (3.13) exclude the arrangement coupling term and re-
places U, by U, — W, in (3.7),

# | @ LgLg+1)

2 J
" 2u, |dR2 R? Ko Knsins gt Re)
a
2 (na.]a a —Wal|ngjsL, ")xl Via'L ”‘_"alaLa(Ra) : (3.14)
n"JaI,La"
We write the total wave functions
oo, 4 L, iaLa . - M: A
X(:;: a(KayRarra)=?1:_ 1 e (]aLama IJM>[X 'J L ngj,L (Ra)®¢n‘:j;ma'(ra)]lMYLa (Ka) ’
(3.15)

for the initial arrangement channel, and

(—)*

.—L, oL
n,,]bmb(Kb’Rb,rb)— 2 e

b(isLympMy | J'M')

[X il

®y) @6% ., (Fp)lyael — 1Y ™ (K,) (3.16)
ng g Ly«npipLy 0 ¢"U$"'$ Tollrmt = Ly b ’

for the final arrangement channel. In the case of negligible coupling in (3.15) and (3.16), the coupled-
channel wave functions which describe relative motions are reduced to the usual distorted-wave functions,*®

- io, M A M* A
XK, Ry)= S e oXp,(KoRo)YL (R)YL (Ky) (3.17)
a a aMa
and
- - - io -M, A —M* A
X5 (K, Ry) = S i e Xy (Ky,Ry) YL, C(R,YL b (Ky). (3.18)
KbRb Lbe b b b

Now we introduce (3.15) and (3.16) into the CCBA transition amplitude (2.20), in order to obtain
T(ﬂ:gBA T’E;(;f'ﬁb‘_"aja mg

2 ilo; +o
(4’17') 21 "Lb L, Lb(_l)

= X.K, *8158mm{jaLamaM, | IM ) (jy LympyM, | J'M' ) (js Lomo M, | IM )

X {jp Ly my M}, |J'M')YL°(K )Yy, b(Kb)/fX,,me‘_,,bjb,_b( b)¢:';j';m,;(?b)wa¢";j;m;(?a)

XXyr s i1 (RaVIRdR, . (3.19)

/& is the Jacobian of transformation from T, and 1} to ﬁ, and l_i,,. From the inspectation of (2.19) and
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(2.20) along with (3.14), we write the perturbation potential (operator) in the form of

Wa= Ua_ I najaLa >(najaLa | Ua I najaLa ><najaLa | + 2' ”a’jt;La, >(”a’j¢;L¢; | Ua | najaLa )(najaLa I
ngiaLg

+ 2, |najaLa ><najaLa ‘ Ua | naJaL )<na.’a a |
nalal
+ 3 4L ¥ ngjsLy | Ug | najaLa YnajaLa | | - (3.20)
nadaLg
djﬂ a

.’ stands for the exclusion of summation over the state | nj,L, ).
Consider now the expression

by i s iomy (T6)81 i1 e (Fa) = 2(—1) (s jormy —my | j'm’ Mo jimy (T6) @y ir e (Ta)lme (3.21)
with
[¢n$15m£(Fb) ®¢n;j;m;(?a)]j'm'= 2'(_1)"% (j,;ja,mb' ——m; |j’m')¢:1;ll;”'1;(?b)¢";j.;"'n'(?a) . (3.22)
™

Here j’ is the transferred angular-momentum quantum number between the intermediate states in the two
arrangement channels and is constrained by

i'=Ti—J.=L,-L;, (3.23)
which assures the conservation of the total angular momentum

J=TFe+L,=704Li=T3+L=75+L; . (3.24)
The substitution of (3.21) into (3.19) yields

(4m)? Lo—Ly "L, toL) m My M, . : g
T::;;’,?ﬁ,;«najam = K[,K /2’ be ’ (=1) b bSJJ 8MM’<]aLamaMa |JM)(]bmebe IJM )
a a

X jaLamgMy |IM ){jsLymyMy |J'M')
YY) ’ ’ ] M: & My A
X (GpJamy—mg | i'm" VYL * (Ko)Yy, * (Kp)
X S0t i, R Wa R, TO0, e (F) ©8,0 1 (Fo) ]

XX, ., (R,)dR,dR, . (3.25)

ng JaLg+ngisLg

Note that in the limiting case of zero coupling, the expression (3.25) here is reduced to the DWBA expres-
sion [Eq. (19) of Ref. 4]

sz“;p';.':._.. m, 2(—1) *(jpjamp—mg | jm)
X [ X577 (K Ry )W (R, Ta) B, jymy(T) ® b g m, (Fa) m X" (Ko, R, MR, R,
(3.26)

where the perturbation potential W is of the form
Wa(ﬁm?a)=Ua_U80 ’ (3.27)
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with Ug, being a properly chosen spherically symmetric distorting potential.

We define
175 Ry, R) =i W o R, B 1 (F) ©, (Bl (3.28)
and
B omy (T =11, (POY* (R) (3.29)

with kK =a or b. We note that the form factor f above transforms under rotations of the coordinate system
like the complex conjugate of a tensor operator of rank j,

£ (&, R,)= 2 FJle,(R,,, D™ (Ry,R,) (3.30)
with
" (Ry,R,)= ;(Lle—Mle imY R,,)Y,_I'(R ), (3.31)
2
and
“{';zjl.éli'(Rb,Ra)= S (L,L,—M,M,|j'm’) ffj’ép{":(ﬁb»ﬁa)Y[;Mz(ﬁb)Y:!]l(R\a )dR,dR,, . (3.32)
M2
The use of (3.28) —(3.32) for (3.25) leads to
TS num = 3 e T i i

X (jaLamaMa |JM>(ijbmbe |JM>(j;Lalma'M¢; |"M)

X (JpLympMy | IM ) jpjamp —mg | j'm' YLy L, —MyM, | j'm’)

]b/

XY (K, Y, "Ry [ X, i Ly, ROF L1 1 (Ro,RS)
XXpr i1ty i1 (Ra)RsdRsRodR, . (3.33)

We choose the z axis along the incident wave vector K and the y axis along K ka, y requiring the
wave vector K,, of the scattered particle to be in the x-z plane. Thus the polar angles K =(6,4) become
K,=(0,0) and K » =(6,0), 0 being the scattering angle. This yields

*
YL: (K)=[QL,+1)/47]"%8 o . 230
and
1/
M, g (1My | +My)72 | Ly +1)(Ly— | My | ! M, |
Y, (Kp)=(—1) 0 T yym P 6) . 3.35
Lb( b) ( ) (Lb+|Mb|)| L 6) ( )

In view of the angular-momentum vector coupling (L,L, —M,M, | jm ) due to
T=Li-Ly=is—Ja> (3.36)
which obeys the conservation of the total angular momentum J, we write*

On,,=8m+m,.0 3.37)
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and, therefore,
(2L1,+1) (Lb_ |m | i
4 (Ly+ |m | N

2
Yi, (Ry)=(—1)Im|-m12 [ P o). (3.38)

The introduction of (3.34) and (3.38) into (3.33) yields

1. oy 407 ) ’ ’
T lsmyola =%/2il"" Bl T et q)im I =m 2L, 4 DL, + 1]

(Ly—|m |0 |2

(Lb+ |m I )! PA,:" ! (0)(jaLama0|Jma)(ijbmb—m |Jm,)(j,;L,'m;M,; IJM)

X (s Lymy My, | IM ) g jamy —mg | j'm" Ly Ly —MyM; | j'm’)

s

XX s o1 (Ra)RydR,R AR, (3.39)
where the form-factor coefficient is given by*
F2e =+l syt Ta(a), 4 12, +1)
_ %o | (2 - i}
X3 3 =0Tk 50 | | | GeRa) PR TR
k Aph, “
X (6aRp) * GV (R, R )Z (3.40)
where
bj ¢ 1 j R = j A A
G “*(Ry,R, )= f_l[un,,j,,("b)/rbb]Wa(Rmra)[un,j,("a)/':']Pk(Ra'ﬂ)d(Ra""}) (3.41)
and
Zlathek dyd k
Zyniit = E My Ni,,x dyd, (3.42)
with
dyd k
My, j=(dyk00| L,0){d,k00|L,0)W(dyL,d,L,;kj) (3.43)
and
Iy
Ny, =102d, +1)2dy + 1]y — A1, 00| ;0
A'l: ja—la da
X a—AaA500(d,0) ljy—Ay A, dp |, (3.44)
jb ja ]
where
v Jj2 Jn
J3 Ja Ju

J13 o J
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above is the 9-j symbol.” The mass factors are given by*

Sq=—M,(Mg+Mc)/[Mp(M,+Mp+Mc)], (3.45a)

t,=(M4+Mp)Mp+Mc)/[Mg(M,+Mg+Mc)], (3.45b)

Sp=tg » (3.45¢)
and

ty=—(M,+Mp)Mc/[Mp(M,+Mp+Mc)] . (3.45d)
The summing indices are constrained by the following triangular inequalities:

0<As<Ja > (3.46a)

0<As <Js » (3.46b)

lja—Ra—Rp | <da <ja—Ra+2s » (3.46¢)

lis—As—Aq | <dp <jp—Ap+As, (3.46d)

lda—j| <dp<da+j, (3.46¢)

|L,—d, | <k<L,+d, , (3.46f)
and

|Ly—dp | <k <Lp+dy . (3.46g)

The insertion of (3.40) into (3.39) and further reduction leads to

TCCBA

“Lb oL, to Lb (— )( |m| —m)/2; ~Ja—Js
Ryjpmy<ngigmg —

X(—1Ya o ths ¥+ 00 4 1)2j + DL, +1)02L, +1)]'/?

Ly—|m ]2y ,
Ty | Pl (0 aLamaO | Jmg Y jyLymy —m | Jmy )

(Ly+ |m | )
X WL jiLiL; ,J'J)Ai"’gf;, , (3.47)
where
2][,' 172 21: 172
Jpdaid Ay —A. a JeBA ALK ety ALK
ALy _EAELI (=17 "2k’ +1) 2, 20 ZL,;Z J Sibz g (3.48)
b
with the overlap integral S given by*
Jplatphak "b Jb "‘b Ja—2g A nyJynads J '
Sprert =t st [ Xy, Ko ROIGK " (R Ry (KaoRa)
) _AI Al 1 2! _A’ Al l
xR T T IRI T T R AR, . (3.49)

Thus, the CCBA differential cross section for unpolarized diatomic molecules in the initial state is given by

dUCCBA Haltp Kb 1 CCBA
dQ (nb.’b(—'naja (21Tﬁ2)2 K 2]a +1 2 | Tnb]bmbﬁ—najama |2 . (3-50)

mym,
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Now for the case of negligibly small (zero) coupling, we find from (3.47) that

27T . . ‘_-a_~
T’ﬁ??’ﬁb‘—",.f,,ma=m(2ja+l)(2]b+1)/l Ja=Jb

ilo; +o; )
—-La—-L,,el L, 7L, (_1)(|m|—m)/2(_l)ma[(ZLa+l)(2Lb+l)]l/2

X i
172
PO LyLamO | jm Y jojamy —m, | jm )

172 .
l21a

(Ly+ |m |

172
Jodarprok Lipiarphak
ZLbLaj SLbLa

X3S (=1 @k +1) e
24,

k Agh, 2Aq

(3.51)

and

2 | Tﬁ?bB:b'_"ujaLa I 2= 2 I T::X?iznja;jm 12 ’ (3.52)
mbma jm

where the DWBA transition amplitude is given by
T etnagiim =27 /(KpKo )2 + D)2y +1) £ (1) m [ +m12

Rypy«—ngigsim
L — iloy +oy )
X 3 iThe T oL, 4 1)(2L, + 112
LyL,
172

(Ly— |m | ) -
{—l—ﬂ Pi™()(LyL,mO| jm )A’L”:za, : (3.53)

(Ly+ |m | )

where ¢

172 172

j ApA k _jpi ApA k
Zilzlzajb a SIJ_:]Zab a . (3.54)

2j,
24,

2jp
2,

Jbla A=A,
AL",,L,,=§A§ (—1)"* 72k +1)
b

The phase factor i’ ™75 in (3.53) does not affect the DWBA cross sections.

Thus the DWBA differential cross section is

dO‘DWBA . . Halbp Kb 1 DWBA 2
aq e )= R, Q1) 2 | Tl 1 49

We now note that this is the same as the DWBA expression derived elsewhere [examine Eq. (3.48) and its
related equations of Ref. 4 for verification]. Using the symmetry relation*

iy i+

Toglymgiyiim =(— 1Y TR DWBA (3.56)
we obtain

doPWBA . . Hattp Ky 1 DWBA 2

49 (npjpengjz)= 2 K, ot ) jmzz[l+}’(m)]|Tn,,jb._n,ja;jm (3.57)

with

Y(m)=0 for m=0 (3.58a)
and

y(im)=1 for m>0; (3.58b)
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m > stands for m greater than or equal to 0.
Finally, we use

1 2

o= [ dicoso) [,"ds 3T, (3.59)
in order to obtain the CCBA total cross section

CCBA(,, : o Mty Ky 1 )

4 (nb]b‘_na]a)'— /‘n'ﬁ‘* K, (2ja+1) LE,, I T"bjb‘—"aja;Lb ’ (3.60)

where
- io it ! ’ ’
TrianaiiLs =-—KZZ £ ik ) dm =my T h gyt o 4127 4+ DL, + 112
bHa

X (jaLamaOIJma)(ijbmb_m |Jma )(jalzL:; mx;Ma’ [JM>(]I;Ll;ml;MI; IJM)

Jydgid

X s jarmy —mg | f'm WLy L, —My My | f'm AL (3.61)
or briefly,
_ 0 2 o ' )
Trﬁ?fin,ja;Lb=°"—K2; F3 ittt g eyl T ym l=m2 g 4 1)(2)5 4+ 1D(2L, + D2
bfra
. . P ibJa
X (jaLamg0 | Jmg Y jyLymy —m | Jmg YW (s js LaLysj' DAY (3.62)

LyLj'

In the limiting case of zero coupling, the expression (3.60) is reduced to the DWBA total cross section,

. . Koty Ky 1 DWBA
O ey Ml =K, G D) 2 2 | Tl it % (3.63)
m Ly
where
_ io ..
Tn‘iﬁi?-"n.,f,;z.,,=,f’,’< S+ D2+ 1D i e (2L, + 1) LyL,m0| jm AL ; - (3.64)
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Using the symmetry relation similar to (3.56),

ju+ip i+
T’g.‘;{,?—A",ja;Lbjm=(_l)l Bt mTrgmaja;Lbj—m ) (3.65)
we obtain
DWBA,,, ; Moty Kp 1 DWBA 2
o (npjp<ngjs)= o K, 2,41 2 2 +vm)] | Toj, S jsnyim |~ - (3.66)

IV. DISCUSSION AND CONCLUSION

Based on the first Born approximation and
coupled-channel wave functions in the initial and
final arrangement channels, we have presented the
systematic derivations of the state-to-state transi-
tion amplitude, differential cross section, and in-
tegral (total) cross section in order to describe the
rearrangement collision processes of atom-diatomic
molecule systems. We have also deduced the

jm> L

DWBA expressions from the present CCBA as a
limiting case of zero coupling between channels in
each arrangement.

Coupling effects are expected to be more signifi-
cant at larger collision energies. For this reason,
the DWBA should selectively be used. The
DWBA here refers to the “conventional” treat-
ment, that is, the distorted-wave functions describ-
ing the relative motion between the colliding or
departing pair are elastic waves and the diatomic
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molecules remain free (unperturbed) during col-
lision. Such treatment is easily transferable to our
DWBA formalism, also. However, in a qualitative
sense, the “free molecule” treatment in the DWBA
is found to be good in describing the physics of
molecular reactions despite its inherent failure of
unitarity and quantitative accuracy. In the future,
it will be of great interest to see how well the
present CCBA method will improve over the
DWBA.* Also, it will be of great interest to study
the variation of coupling effects with the scattering
angle based on the CCBA.

The direct solution of the coupled Schrodinger
equation (2.7) for rearrangement collisions requires
excessive computation time. An excessively large
number of terms which take into account the high-
ly excited state (bound states) and unbound states
of the diatomic molecule would be required in or-
der to represent a new arrangement. In the CCBA,
we truncate the infinite set of equations to a rela-
tively small number of channels. This includes the
neglect of coupling between arrangement channels.
Such a strong coupling approximation with the
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first Born approximation has been termed
coupled-channel Born approximation in nuclear re-
action. It is expected that our present molecular
version of the CCBA will be economically feasible.
Finally, we find from the present study that (1)
the transferred angular momenta incoherently add
to both differential and integral (total) cross sec-
tions only in the case of ignorable coupling as can
be seen from Egs. (3.55), (3.57), (3.63), and (3.66).
(2) The incoherent contribution of product partial
waves to the integral cross section is predicted to
be universal for both cases of the zero coupling
and nonzero coupling, an (3) the difference between
the CCBA and DWBA differential cross section
defines the variation of coupling effects (excluding
coupling between arrangement channels) as a func-
tion of the center-of-mass scattering angle. The
last study will be of great value for further under-
standing of microphysical reaction mechanisms.
In view of various qualitative successes with the
DWBA, the present CCBA method is highly
promising for better quantitative results.
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