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Ionization of atomic hydrogen by bare ions with charges l to 6
in the Glauber approximation

J. H. McGuire
Department ofPhysics, Kansas State Uniuersity, Manhattan, Kansas 66506

and Bereich Physik, Hahn Meitner Institiit, 1000 Berlin 39, Federal Republic of Germany
(Received 25 January 1982)

Total cross sections for the ionization of atomic hydrogen by the impact of bare ions
with charge Z& ——1 —6 evaluated in the Glauber approximation are presented and compared
to recent data for Zl ——1 —3 and to other theoretical predictions. At projectile velocities
v &Z& (in atomic units) the Glauber results lie below data observed. For v~Z& the
Glauber results converge to observed results better than other theoretical calculations now
available.

I. INTRODUCTION

Recently there has been interest, both experirnen-
tally and theoretically, in the ionization of atomic
hydrogen by fully stripped ions of charge Z& from 1

through 6 at projectile velocities near and above the
peak of the ionization cross section. Experimental-
ly' there are recent data (for Z& ——1, 2, and 3)
and expected data (Z& ——4, 5, and 6) from about 15
keV/amu to about 1 MeV/amu bare projectiles on
atomic hydrogen. The accuracy of this data is typi-
cally better than 10'. This improved accuracy en-

ables a more detailed test of theory in a region
where perturbation theory (which is quite useful at
sufficiently high projectile velocities) is no longer
applicable.

Concurrently there has been a recent development
of theoretical models ' which possibly may be ap-
plied to situations where perturbation theory is

inapplicable. Classical calculations have been suc-
cessful in predicting total vacancy production (elec-
tron capture plus ionization) cross sections in atom-
ic hydrogen near the peak of the cross section.
Continuum distorted-wave (CDW) calculations,
based on solving the Schrodinger equation with an

approximation satisfying Coulombic asymptotic
boundary conditions, have been reported for ioniza-
tion of hydrogen by proton and a-particle impact.
Quite recently the unitarized distorted-wave Born
approximation (UDWBA) has been applied to a
variety of reactions with atomic hydrogen. For pro-
tons and a particles on hydrogen a dipole close-
coupling approximation, coupling the 1s wave

function to continuum pseudostates via dipole cou-

pling has been reported. In addition to these ap-
proximate solutions, recent progress has been made

toward exact numerical solutions using close-
coupling techniques ' with large basis sets and by
integration of the Schrodinger equation with the use
of the finite element method. '

The Glauber approximation" ' is a compara-
tively simple method for solving the Schrodinger
equation by retaining, in an eikonal approximation,
all terms in the Born expansion. This approxima-
tion introduced" over 20 years ago was (and is be-

ing) used in nuclear and high-energy physics, as
well as atomic physics where it was introduced' in
1969. The first applications to atomic ionization'
were reported for electron impact about 1974, where
the tota1 cross sections for e +H and e +He were in
reasonable agreement with observed data near and
above the peak of the cross section. Such agree-
ment is typical of many Glauber applications and is
somewhat better than what is expected theoretically.
However, Glauber results' for p +H and p +He
tended to lie below observed results near the peak of
the cross sections. This discrepancy was attribut-
ed' to the effects of charge transfer to the continu-
um, omitted in the theoretical calculations. A cal-
culation' for atomic ionization of hydrogen by a-
particle impact was briefly reported in 1976, but
with a lack of data or alternative nonperturbative
calculations to test the theory, no further calcula-
tions for ionization were performed.

With both experiment and theory now available
for comparison, calculations in the Glauber approx-
imation for ionization of atomic hydrogen by ions
of charges 1 to 6 are presented in this paper.

II. CALCULATIONS

In order for the reader to understand the nature
of the results presented here, it is useful to briefly
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and simply review the Glauber approximation itself.
Although there exist various derivations, each giv-

ing some insight, the conventional derivation" is il-

lustrative. Consider

—ikV E (2)

A A
then setting k /2~ ——E, choosing Z =k, and assurn-

ing that+ does not vary rapidly with R so that

V P « 2k. Vt)), one has
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corresponding to the eikonal approximation, name-

ly,
pZ
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and choosing qi=e'"'" p(R), the above Schro-
dinger equation becomes
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Expanding the exponent, one obtains the first Born
amplitude exactly and higher Born amplitudes ap-
proximately.

For ionization in atomic hydrogen, the above ex-

pression for the scattering amplitude becomes"

so that + corresponds to a plane wave (as in the
first Born approximation) times an eikonal phase
proportional to the average of the perturbing poten-
tial over the trajectory of the particle. The corre-
sponding scattering amplitude fmay be expressed

f= Jdke ! V%'
2'
—M i( &!—k;)' R i!Uf vdz

dRe Ve
2n

This eikonal amplitude may be reduced to a
Glauber amplitude by choosing the Z axis of in-

tegration so that (kf —k; ).R=q.R~ q.B, i.e.,
q Z=O. Then, the Z integration is easily done so
that

where (uf
~

.
~
u;) denotes an integration over

the electronic initial and final states u;(r) and uf(r),
where r is the electron coordinate and R the inter-

nuclear coordinate. Algebraic reduction of this arn-

plitude has been done two ways. ' ' Both ways
have given the same numerical results. Total cross
sections for ionization correspond to

o= I ~
f(q, k, )

~

dqdk, , (8)

where f (q, k, ) is the Glauber amplitude of Eq. (7)
and k, is the mornenturn of the ejected electron.
Following previous techniques' ' ' this may be re-

duced to

o'=Xi, J dq dk e
~ fi. (q ke)

~

2

where the fi, corresponding to the terms in Eq.
(15) of Ref. 16, are represented by a one-
dirnensional numerical integral of hypergeometric
functions.

III. RESULTS

The results of these calculations are presented in

Table I and in Figs. 1 —3. The numerical error in

I

the Glauber calculations is about 1%, caused most-

ly by truncation of the sun over partial waves I, in

Eq. (9) past I =4. Also listed are Born calculations
for p+H. Since the Born calculation varies as the
square of the projectile charge (i.e., as Z i), values of
Born cross sections for particles of charge Z& may
be easily evaluated from Table I and compared to
Glauber calculations. It is noted that for C ++H
the difference between Glauber and Born predic-
tions is more than 2 orders of magnitude near 20
keV/amu. Also, while the Born cross section peaks
at 25 keV/amu for all values of Zi, the peak of the
Glauber cross section moves to higher projectile
speeds as the charge Zi, of the projectile increases.
At the higher velocities listed, the Glauber approxi-
rnation converges slowly to the Born approxima-
tion. For example, at 1 MeV for p+H (where

charge transfer to the continuum is quite small), the
Born cross sections are still 3% larger than Glauber
cross sections. Thus, while the Born cross section is
correct at very high velocities, inaccuracies of a few

percent remain, according to our calculations, at
projectile speeds in the MeV/arnu region even for
p+H.

In Fig. 1 cross sections for p+, He +, and Li +
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TABLE I. Total cross sections for Z~+H~Z~+p +e evaluated in the Glauber and Born approximations for Z~ ——1,

2, 3, 4, 5, 6 in units of m.a 0 =8.79 & 10 cm .

keV/amu Zi ——1

Glauber ionization cross sections (vrao)

Z] —2 Z] —3 Zi ——4 Zi ——5 Z, =6
Born

o(Z~ )/Z
&

20
25
30
40
50
75

100
150
200
300
400
500
600
800

1000
1500
2000

9.05( —1)
1.04(0)
1.17(0)
1.32(0)
1.38(0)
1.32(0)
1 ~ 19(0)
9.59( —1)
7.93( —1)
5.88( —1)
4.69( —1)
3.91(—1)
3.36( —1)
2.64{—1)
2.19(—1)
1.55( —1)
1.21( —1)

1.32(0)
1.54(0)
1.76(0)
2.23(0)
2.65(0)
3.21(0)
3.31(0)
3.05(0)
2.70(0)
2.13(0)
1.75(0)
1.48(0)
1.29(0)
1.02(0)
8.54( —1)
6.08{—1)
4.76( —1)

1 ~ 19(0)
1.58(0)
1.88(0)
2.43(0)
3.02(0)
4.30(0)
5.00(0)
S.27(0)
4.98(0)
4.21(0)
3.57(0)
3.09(0)
2.72(0)
2.20(0)
1.85(0)
1.34(0)
1.05(0)

7.93( —1)
1.26(0)
1.69(0)
2.38{0)
3.02(0)
4.67(0)
5.98(0)
7.14(0)
7.22(0)
6.52(0)
5.72(0)
5.05(0)
4.51(0)
3.71(0)
3.15(0)
2.31(0)
1.83(0)

4.55( —1)
8.48( —1)
1.30{0)
2.15(0)
2.86(0)
4.63(0)
6.36(0)
8.S1{0)
9.19(0)
8.87(0)
8.04(0)
7.24(0)
6.54(0)
5.47(0)
4.70(0)
3.49(0)
2.79(0)

2.85( —1)
5.33( —1)
9.05{—1)
1.77(0)
2.59(0)
4.43(0)
6.37(0)
9.37(0)
1.08(1)
1.11(1)
1.04(1)
9.56(0)
8.75(0)
7.43(0)
6.45(0)
4.85(0)
3.91(0)

2.39(0)
2.46(0)
2.44{0)
2.31(0)
2.13(0)
1.74(0)
1.45(0)
1.09(0)
8.74( —1)
6.28( —1)
4.94( —1)
4.09( —1)
3.50( —1)
2.73( —1)
2.25( —1)
1.58( —1)
1.23( —1)

In Fig. 2 the ratio cr(Z&)/Z&0. (1) is plotted
versus energy in the energy region where the
Glauber approximation appears to be useful. The
Born approximation, which varies as Z&, predicts a

value of one for this ratio, independent of projectile
velocity. In this region, the Glauber approximation
lies below the Born approximation. Furthermore,
the Glauber approximation predicts no "polariza-
tion effect" ' ' [in which the ratio eiZ, )/Z&ail)
rises above unity]. Deviations of several percent or
more from the Z

&
projectile charge scaling are

predicted even at energies of the order of
MeV/amu.

In Fig. 3 the ratio cr(Z&)/Z&e(1) is compared to
experimental observation and to other theoretical
calculations ' for protons and a particles on atomic
hydrogen. The Glauber approximation tends to
converge to observed results at the higher energies,
i.e., energies above the peak of the cross sections.
While the other theoretical results shown do not
converge to the data as well as the Glauber results,
the trends are reasonable with the exception of the
CDW results. This apparent breakdown of the
CDW results is surprising, in the author s opinion,
since CDW, like Glauber, represents a better solu-
tion to the Schrodinger equation at high energies
than the simpler Born approximation.

Availability of precise total-cross-section data on

highly perturbed systems, including, for example,
C + + H in the near future, provides a useful and

stringent test of new approximations, such as those
included in Figs. 1 and 3, as well as more extensive,
exact numerical calculations ' now being
developed. Even greater differences are evident in
differential cross sections in our calculations than in

total cross sections, providing incentive for more
detailed studies.

IV. SUMMARY

In summary, calculations of cross sections for
ionization of atomic hydrogen by bare ions of
charge Z& ——1 —6 have been presented (Table I). At
projectile velocities u pZ&, the Glauber results lie
below recently observed results for Z~ ——1 —3. At
velocities u &Z~, the Glauber results converge to
the observed data, consistent with the validity cri-
terion.

ACKNOWLEDGMENTS

The author gratefully acknowledges discussion
with J. Eichler, H. B. Gilbody, and C. D. Lin.
This work was supported by the Department of En-
ergy, Division of Chemical Science.



26 IONIZATION OF ATOMIC HYDROGEN BY BARE IONS WITH. . . 147

'M. B. Shah and H. B. Gilbody, J. Phys. B 14, 2361
(1981).

2M. B. Shah and H. B. Gilbody, J. Phys. B 15, 413
(1982).

H. B. Gilbody (private communication).
4R. E. Olson and A. Salop, Phys. Rev. A 16, 531 (1977);

R. E. Olson, R. E. Berkner, K. H. Graham, W. G.
Pyle, R. V. Schlachter, and J. W. Stearns, Phys. Rev.
Lett. 41, 163 (1978)~

5Dz. Belkic, J. Phys. B 13, L589 (1980).
H. Ryufuku, Phys. Rev. A 25, 720 (1982).

7R. K. Janev and L. P. Presnyakov, J. Phys. B 13, 4233
(1980).

R. Shakeshaft, Phys. Rev. A 18, 1930 (1980).
A. L. Ford, J. F. Reading, and R. L. Becker, Phys. Rev.

A 23, 510 (1981).
' C. Bottcher, Phys. Rev. Lett. 48, 85 (1982)~

"R.J. Glauber, in Lectures in Theoretical Physics, edited
by W. E. Brittin and L. G. Dunham (Interscience, New
York, 1959), Vol. I, p. 315.

' E. Gerjuoy and B. K. Thomas, Rep. Prog. Phys. 37,
1345 (1974}.

' F. T. Chan, M. Lieber, G. Foster, and W. Williams, Jr.,
in Aduances in Electronics and Electron Physics, edited

by L. Marton (Academic Press, New York, 1979) Vol.
49.

'4V. Franco, Phys. Rev. Lett. 20, 709 (1968).
' J. E. Golden and J. H. McGuire, Phys. Rev. Lett. 32,

1218 (1974); H. Narumi, A. Tsuji, and A. Miyamoto,
in Proceedings of the Fourth International Conference
on Atomic Physics, Abstract of Contributed Papers,
Heidelberg, 1974 (Heidelberg U.P., 1974). B. K. Tho-
mas, Bull. Am. Phys. Soc. 19, 1191 (1974).
J. E. Golden and J. H. McGuire, Phys. Rev. A 12, 80
(1975); 15, 499 (1977). The basic formulas used here

are in the 1975 paper.
' J. T. Park, J. E. Aldag, J. M. George, J. L. Preacher,

and J. H. McGuire, Phys. Rev. A 15, 508 (1977).
~8J. Macek, Phys. Rev. A 1, 235 (1970); A. Salin, J. Phys.

B 2, 631 (1969).
'9J. E. Golden and J. H. McGuire, J. Phys. B 9, L11

{1976).
~oH. Narumi, A Tsuji, and A. Miyamoto, Prog. Theor. ,

Phys. 54, 740 (1975};B.K. Thomas (private communi-
cation).

'W. Brandt, Bull. Am. Phys. Soc. 26, 1294 {1981).
D. R. Bates and G. Griffith, Proc. Phys. Soc. A 66, 961
(1953).


