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Quasifree-electron bremsstrahlung induced by the projectile field
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Continuum x rays from targets of Be, C, and Al bombarded with 6—40-MeV protons were observed with a Si (Lij
detector. In addition to the secondary-electron bremsstrahlung (SEB), the spectra show another component, of
which the high-energy limit is given by the relative kinetic energy between the projectile and orbital electrons of the
target atom and by the Doppler effect. The component can well be explained in terms of the bremsstrahlung
produced by the quasifree scattering of orbital electrons in the field of the projectile. The effect of the binding energy
of the orbital electrons on this bremsstrahlung spectrum has been studied. From the comparison of the experimental
results with theoretical predictions based on the plane-wave Born approximation and the binary-encounter
approximation, the importance of the effect of secondary-electron escape from the target material on the SEB at
high-projectile energies was pointed out.

I. INTRODUCTION

Continuum x-ray emission from solid or gas
targets bombarded by heavy-charged particles
or heavy ions has been studied by several groups
of researchers. ' ' Regarding the origin of these
x rays, the following processes have been con-
sidered: Secondary-electron bremsstrahlung
(SEB),"' molecular-orbital rays (MO), radia-
tive ionizations (RI),"radiative electron capture
(REC),"nuclear bremsstrahlung, ' and y rays
from nuclear reactions. In a case of low-energy
heavy-charged-particle bombardments, SEB is
generally the most predominant one among these
processes. However, if the velocity of the pro-
jectile v~ is large enough in comparison with the
velocity of the orbital electron, the orbital elec-
tron can be considered as free and at rest. In
the center-of-mass frame, the. electron collides
with the projectile with the relative kinetic energy
&, = a m, U~ (m, is the electron mass), and brems-
strahlung is produced by the interaction between
the projectile and the orbital electron. We call
radiation from this process quasifree-electron
bremsstrahlung (QFEB). The spectrum of QFEB
is therefore characterized by the relative kinetic
energy T„. These x rays were first observed by
Schnopper et al. ' in. heavy-ion collisions and were
called primary bremsst rahlung. ' Theoretical
calculations of this process have been performed
by Jakubassa, and Kleber, ' and they called this
process radiative ionizations. Experiments on
QFEB have mostly been done in heavy-ion col-
lisions, where MO x rays and REC are dominant,
and QFEB by itself has not been identified.

Here, we have systematically measured the
continuum x rays from Be, C, and Al targets

bombarded with 6-40-MeV protons, and the re-
sults are discussed in connection with calcula-
tions of QFEB based on the plane-wave Born
approximation PWBA and of SEB based on the
binary-encounte r approximation BEA.

EXPERIMENTAL

The general experimental setup is described
elsewhere. " Self-supporting targets of Be, C,
and Al were bombarded with protons of 6 (7 for
Be target), 12, 20, 30, and 40 MeV from the
AVF cyclotron of Tohoku University. Thicknesses
of the targets were measured from the Rutherford
scattering of 1.5-MeV protons with a VBn de
Graaff generator and found to be 46 mg/cm',
about 100 pg/cm', and 41.8 pg/cm', respectively,
for the Be, C, and Al targets. The continuum
x-ray spectra were measured with an QRTEC
Si (Li) detector of energy resolution of 160 eV
for 6.4-keV x rays in the direction 135' to the
proton beam. In order to avoid pileup, counting
rates had been kept below about 200 cps. One of
the spectra obtained is shown in Fig. 1 for the
Be target bombarded with 20-MeV protons.
Production cross sections for these x rays,
shown in Figs. 2, 3, and 4, were obtained by
correcting the spectra —best-fit curves to the
experimental points —for the detection efficiency,
absorption in the air path and the Mylar window
of the chamber, and self-absorption in the target
material. The absolute detection efficiency w3s
determined with intensity-calibrated "Fe and
"'Am x-ray sources. Uncertainties in the cross
sections were estimated to be about 13% for Be
and Al, and about 20% for C from the following
errors: background substraction 3/c, target
thickness 8% for Be and Al and 17% for C, count-
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FIG. 1. A typical continuum x-ray spectrum for the Be target bombarded with 20-Mev protons.

ing statistics 2/o, the detector efficiency and ab-
sorption correction, 10/0.

III. THEORIES

A. Quasifree-electron bremsstrahlung (QFEB)

The production cross section of the QFEB on
the ba, sis of PQPBA is expressed by"

d{F NT, e»m,QFEB 2 C2

dgd(k{u) {{ ~ kc ' T, k&k{

1+psin'8+-,'(1+ p')(3 cos'8-1)»

—~p(3 cos'8 —1)

where P' = 1 —If+/T„, Nr is the number of elec
trons of the target atom, Z~ is the atomic number
of the projectile, @, is the Bohr radius, k~ is
the energy of the emitted photon, and 8 is the
angle between the directions of the projectile and
the photon.

The formula of QFEB for the case where the
velocity of an orbital electron is not negilible in
comparison with the projectile velocity has been
given by Jakubassa and Kleber' on the basis of
PNBA. In conformity with their calculation,
which takes into account the velocity distribution
of the orbital electrons, the angula, r distribution
and the spectrum of the emitted photons are
expressed by

d~QFE B 2 8 Nl
N{ Z{k( ) a~o — — de dT P{(k2 + T) Q(k&, T, 8),

where

G(k~, T, 8) =(& sin'8'+ cos'8'), ~, + (2 sin'8' -cos'8') C, 1+, , + —ln
,

, c+jg~2

-2 Sln 8 Dk'y 2 2+

with

&=(k, +k, )'+ T+k),
C=k~[(k, + k, )'+ T]'~',

k'
D = kw

~

kw + Uq + (k ' + T )),2m,

cos'8' = [(k, + k, )' cos'8+ 2 T sin'8]/[(k, + k, )'+ T],

2m, ") '
U
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PIG. 5. Comparisons between the QFKB spectra calculated from Kqs. (1) and (2) for (a) Be and (b) Al targets.

high-energy projectiles; with 40-MeV protons,
the photon energy is increased by 35%%ua at 8=0'
and decreased by 26%%uo at 8=180 . The cross
sections for QFEB calculated from Eq. (2) and

corrected for the Doppler shift are shown in Figs.
6 and 7, respectively, for the Be and Al targets,
together with theoretical SEB cross sections and
the experimental ones.

B. Secondary-electron bremsstrahlung (SEB)

Electrons ejected from a target atom by the projectile interact with other atoms in the target and produce
bremsstrahlung. This SEB was analyzed first by Folkmann' and then in more detail by Ishii et al."This
continuum x-ray spectrum is characterized by the maximum energy T = 2~,v~ that can be transferred
from the projectile to a free elec, ron. In accordance with the BEA theory, the SEB cross section is given

by

d d(n )= ~ '2 '
a "l '(I')' (

where

f~(&,) d&, i, -'(s.(4fi-- f,4, + 2f.)+ g2(- 'f, + ff, —kf, )]-,
1

dt
-(Are) t

(ki

C, = d
~
—'

~
f, ( }U2ed. . . 'fg, (-8f, + sf,——,'f, ) g,+(—f,B--', f, + ~f,)],

(v) 0 E/k(d Vm

1+T

ln "6(g„)g'~ (~~) ~

I )

—[8+ (s —x) ] tor —-1 &s &~,1 3 y
6x 4

g'o=( —[s'+ 3x'] for 1-—-s -0
3x

0 fors ~—-1,y
4
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Here, E=E,+ U„x = s +y, T=v'1 —1/t, y=E/T„s=v, /v~, and E, is energy of the electron ejected
from the atom, t is energy of the electron passing through the target material in units of A~, Zz is the
target-atomic number, I is the average ionization potential of the target atom, and f;(v, ) is the velocity
distribution of the i-shell electron" and is normalized as expressed by

i V2 de =1 ~

0

The formula for SEB, expressed by Eq. (5), is more simplified than the one previously reported.
As in the present case where the projectile energy is high, the energy of the secondary elec-

trons also becomes high, and in the process of bremsstrahlung production, the relative retarda-
tion effect becomes important. ' Further, the probability of escape of the secondary electrons from the
target increases because of their high energy, and this fact reduces the yield of SEB, especially in the
high-energy photon region. Calculations of SEB taking into account these effects are generally complicated
because of various integral conditions. If we assume the target electron to be at rest, however, the es-
cape effect can easily be estimated. Under this assumption, the cross section of SEB for a target of thick-
ness D is expressed by

D T
= const — dx d E,D 5 Q)

dE,' — dg, —,& cos6, —~e T~
e

sjn 6) + 4 1+ g, 3 cos 0 1 log
~ 2 I 1 2 2 I 1+/

1 —t
——(3 cos'8' —I))2

1 Tm
=const — dx dE, dE,' —,f (8, t),D fl fd g +e

where t = (1 —k&u/ 'E)'~', and E,' is energy of the
electron passing through the target material,
(8, , Q, ) is the ejection angle of the electron with
respect to the incident beam, 0 is the detection
angle of x rays with respect to the beam, 0' is
the detection angle of x rays with respect to the
direction of ejection of the electron, and is re-
lated by cos8' =cos 8, cos8+ sin8, sin&sin8$„
a,nd

f (8, t) = [sin' 8 + 4 (3 cos'8 —1)] log 1-t
1+t

+ —,'(3 cos'8 —1) t 'log ——,'(cos'8 —1) t,1 —t

I

t =(1 —hu)/E ')'/'

cos'0 =cos'0, cos'0+ & sin'8, sin'6I,

since

cos'8, =E, /T

The energy distribution &, (E„8,, g, ) of the
ejected electrons in Eq. (t) has been given by
Bonsen and Vriens" for electrons at rest, and
the energy loss dE,'/ —ttdx' of ejected electrons
in the target can be estimated from the Bethe
formula, " in which the logarithmic term is here
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As the result, we can obtairi the approximate SEB
cross section taking account of the escape effect
by multiplying Eq. (5) by the coefficient C.

In the present work, the thickness of the Al
target was 41.8 pg/cm' and the escape effect
cannot be neglected. The contribution of this
effect to the SEB cross section is shown in Fig. 6
for 20-MeV protons. As seen in this figure, the
escape effect reduces the cross section by two
orders of magnitude and the relative importance
of QFEB in the region of continuum z rays be-
comes large. It therefore becomes difficult to
identify the QFEB for a thick Al target.

IO
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20 IV. COMPARISON BETWEEN THE THEORIES AND
EXPERIMENTAL RESULTS

FIG. 6. Effect of electron escape from a target on the
SEB spectrum is shown for the case of the Al target
bombarded with 20-Mev protons.

where A(E, ) is the range of an electron of energy
E, in the target material, R '(Xl is the electron
energy corresponding to the range X, and x is
the distance along the target surface between the
point of beam incidence and the point. where the
electron is ejected. Hence, (D- x)/cosa, is the
path length of the ejected electron in the target
on the assumption that the beam enters normal
to the target surface. In the case of a target
which is thick in comparison with the rarige of
an ejected electron, Eqs. (I) and (8) give

(9)

By taking the ratio of Eq. (I) to Eq. (9), we obtain
the correction coefficient for the escape effect by

SEB d SE8
c=

d(A&u) dg D d(tao)dA i~„. (10)

replaced by a constant. The production cross
section of the bremsstrahlung has been given by
Heitler" on the basis of PWBA. The escape pro-
bability is taken into consideration in the lower
limit E of the integration on the energy of the
ejected electrons jdE', . From the fact that an
ejected electron can produce bremsstrahlung
only in the target material, the lower limit E is
expressed by

D-X
ke forR E~ (R ha+

(8)
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In the continuum x-ray spectra from a Be target
shown in Fig. 2, the contribution from QFEB and
its Doppler shift are clearly observable at all the
proton energies, while, in the spectra for the C
target shown in Fig. 8, the QFEB is identified only
in the region && (20 MeV. This fact is probably
due to the background from Compton scattering
of y rays from the nuclear reaction "C (P, n)" N
having the threshold energy of E~ =18.23 MeV.
In the spectra for the Al target shown in Fig. 4,
QFEB is observable, but is not so remarkable as
in the case of Be and C targets. The cross sec-
tions for QFEB calculated from Eqs. (2) and (4)
and for SEB calculated from Eqs. (5) and (10) are
compared with the experimental results in Figs.
7 and 8, respectively, for Be and Al targets.
Agreement between the theory and the experiment
is quite satisfactory for the Be target. Since the
Be target used is very thick (46 mg/cm'), the
escape probability of a secondary electron from
the target is expected to be negligible and the
SEB calculated from Eq. (5) should be a good
approximation. The projectile-energy loss in the
Be target amounts to about 2 and 0.6 MeV, res-
pectively, for 9- and 40-MeV protons. On the
other hand, the cross sections for QFEB and SEB,
as seen in Figs. 2-4, gradually increase with an
increase in the projectile energy. Hence, the
theoretical calculation neglecting the effect of
projectile-energy loss can wel1 be compared with
the experiment as in Fig. 7.

As seen in Fig. 4, the continuum x-ray spectra
for the Al target have a plateau on the high-energy
side. This plateau is thought to be due to Compton
scatterings of y rays from nuclear reactions in
the Si (Li) detector. If the y-ray energy h&uz is
large enough in comparison with the energy of
the secondary electron E„ the energy spectrum
of secondary electrons is obtained from the cross
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where ro is the c1assical electronic radius. Since
the right-hand side of Eq. (11) does not contain
E„ the background spectrum due to y rays be-
comes constant in the energy region from 2 keg
to 35 keV. The continuous x-ray spectrum on
the high-energy side in Fig. 8 is thought to be
the background due to y rays and is represented
by dashed lines.

The agreement between the experiment and the
calculations, shown in Fig. 8, is not good. From
the comparison of the experiment with the theory
in the region hu& T„, the correction factor for
the escape effect in SEB, expressed by Eq. (10),
seems to be too large. On the other hand, the
experimental spectra represented in Figs. 8 (b)
and 8 (c) seem to show some contribution from
the QFEB, while the theoretical predictions are
not so large. The situation does not change with
the cross section for QFEB given by Eg. (1). As
seen in Fig. 8 (c), the experimental cross sections
are about one order of magnitude larger than the
theoretical cross sections for QFEB. Even by
taking into account the overestimation of the
correction factor for the escape effect given by

Eg. (10), the contribution from QFEB seen in
the experimental spectra cannot be understood.

In the low-projectile energy region, the formula
of QFEB, expressed by Eq. (2), does not hold.
For low-energy impact, Anholt' has given a cal-
culation of QFEB based on the BEA theory His.
result shows that QFEB becomes effective in
the region E~ &3 MeV.

V. SUMMARY

Targets of Be, C, and Al foils were bombarded
with proton beams of 6-40 MeV and the continuum
x rays produced were measured with a Si (Li)
detector. The production cross section and the
spectra were analysed in terms of the quasifree-
electron bremsstrahlung (SEB) processes. Cal-
culations of QFEB and SEB have been carried out
on the basis of P%'BA and BRA theories, res-
pectively. Satisfactory agreement between the
calculations and the experimental results was
obtained for the Be target. Large energy shifts
due to the Doppler effect were observed in the
spectra of QFEB and the intensity of QFEB was
found to decrease with an increase in the atomic
number of target. It: was also found that the
intensity of SEB decreases with an increase in
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the projectile energy because of the escape of
secondary electrons from the target. Even by
taking into account the escape effect, good agree-
ment between the experiment and the calculation
was not obtained for the results on the Al target.
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