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Doubly resonant coherent excitation in the x-ray regime: 1s-3d transition in H-like Ar17+
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The 3d states in the n = 3 level of H-like Ar17+ ions, to which direct excitation from the 1s ground
state is optically forbidden, were prepared by the ladder-type (1s1/2 → 2p3/2 → 3d) double excitation with
three-dimensional resonant coherent excitation (3D-RCE). 455 and 390 MeV/u Ar17+ ions were excited by a
combination of two different crystal fields induced by the arrangement of crystal planes as they passed through a
1.0-µm-thick Si crystal. We observed resonance profiles in the charge-state distribution of the ions after passing
through the thin crystal and in yields of Lyman α and β x rays. The 2p3/2 → 3d transitions were confirmed by
depletion of the Lyman α x-ray yield. The observed resonance profile and its dependence on the polarization of
the crystal field are in reasonable agreement with theoretical simulations based on the density matrix approach.
These results pave the way for the formation of highly excited states of highly charged heavy ions, where the
direct transition from the 1s ground state is optically forbidden.
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I. INTRODUCTION

Population control of highly charged, heavy atomic ions
has long been out of reach due to the lack of energy-tunable
light sources in the x-ray region. However, with the devel-
opment of high-energy synchrotron radiation facilities and
free-electron lasers, monoenergetic x rays can be produced
for resonant excitation of highly charged ions (see Ref. [1]
and references therein). Applications to coherent control and
pump-probe experiments using two colors in the ultraviolet
(UV) and the x-ray regions have also made rapid progress
by employing two separate ensembles of electrons at differ-
ent energies or by two undulator beamlines with different
strengths [2–5]. What is more, the future gamma-ray factory
at CERN is an ambitious proposal for laser excitation of
relativistic heavy ions with only one or a few bound electrons
using the relativistic Doppler effect [6]. The approach using
resonant coherent excitation (RCE) and heavy ion accelerators
allows such observations by choosing the right combination
of projectile energy and crystal spacing. It is also possible
to observe the charge states of the ions and the resulting
electron emission, which is usually difficult with ion traps. In
the future, it is expected to target a variety of ion species, such
as H-like uranium and unstable RI ions.
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RCE in the x-ray region using a periodic crystal field in-
stead of an oscillating field, i.e., real photons, has shown over
several decades the excellent ability to control populations
of H-like or He-like heavy ions [7–13]. Fast ions passing
through a crystal target may undergo transitions between two
electronic states if the frequency corresponding to the periodic
crystal field sensed by the ions matches their transition ener-
gies [14,15]. In 1998, by using highly energetic heavy ions,
Komaki et al. observed sharp and intense resonances of 1s →
2p1/2,3/2 for H-like Ar17+ ions passing through a Si crystal
under the planar channeling condition, which are caused by
the crystal field originating from the periodic atomic string
arrangement, i.e., two-dimensional resonant coherent exci-
tation (2D-RCE) [7,8]. After this observation, Kondo et al.
found the three-dimensional resonant coherent excitation (3D-
RCE) under nonchanneling conditions [9]. Ions penetrating
a crystal in arbitrary directions feel the oscillating crystal
field originating from the arrangement of the periodic atomic
planes. Electronic transitions via 3D-RCE can be treated
as optical dipole transitions. The ions experience a linearly
polarized oscillating field, leading to the alignment of the
excited states [10]. Using 3D-RCE opened up a variety of
applications, with double resonance (DR) being one typical
example.

The �-type double resonance (1s2 → 1s2p ↔ 1s2s) using
two different frequency components of a single crystal equiv-
alent to photons in the x-ray and vacuum ultraviolet (VUV)
regions (3940 and 15 eV, respectively) was demonstrated
in He-like Ar16+ ions [11]. The Autler-Townes doublet, a
feature of this resonance profile, could be explained by the
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FIG. 1. Schematic energy diagram of (a) ladder-type and (b) V-
type double resonances (DR) of Ar17+. Note that both (a) and
(b) occur within the resonance width. See the text for details.

dressed-atom concept of quantum optics. Subsequently, the
ladder-type resonances (1s2 → 1s2p → 2p2) due to two crys-
tal fields equivalent to photons in the x-ray region (3140 and
3287 eV) forming doubly excited states of He-like heavy ions
were also confirmed by observation of Auger electrons from
the doubly excited state [12].

This method is expected to be a versatile means for ac-
cessing unexplored highly excited states of heavy ions, where
direct transition from the ground state is dipole forbidden. In
this paper, we report on the preparation of 3d states of H-like
Ar17+ ions by the ladder-type resonance (1s → 2p → 3d)
with two different crystal fields equivalent to photons in the
x-ray region (3323 eV and 613 eV). A schematic energy
diagram of the ladder-type three-state configuration is shown
in Fig. 1(a), and the corresponding energies of the states are
listed in Table I. The total oscillator strengths, i.e., the oscilla-
tor strengths multiplied by the statistical weights of the initial
and final states of 2p3/2 → 3s1/2, 3d3/2, 3d5/2 for hydrogen,
have been calculated theoretically to be 0.05, 0.28 and 2.50,
respectively [16]. Their ratio is similar for H-like heavy ions,
with the transition 2p3/2 → 3d5/2 being the primary channel,
followed by 2p3/2 → 3d3/2, and 2p3/2 → 3s1/2 being negligi-
bly small. The calculated oscillator strengths of the relevant
transitions [17] are given in Table II. First the 1s1/2 electron is
excited to the 2p3/2 state and subsequently the 2p3/2 electron
is excited to the 3s, 3d states, where 3d5/2 is the dominant final

TABLE I. Transition energy of the excited states from the 1s1/2

ground state in Ar17+ [18].

State Energy (eV)

2p1/2 3318.17737
2p3/2 3322.993290
3s1/2 3934.34189
3p1/2 3934.29458
3p3/2 3935.72192
3d3/2 3935.719420
3d5/2 3936.191400

state. In the following, we reveal these dynamics through an
elaborate combination of different experimental approaches
and theoretical simulations.

II. THEORETICAL BACKGROUND

A. RCE and DR

The periodic electric field in a crystal is generally repre-
sented in a Fourier series of reciprocal lattice vectors g as

F(r) = �gFg exp(−2π ig · r), (1)

with Fg = 2πgVg, Vg being the Fourier coefficient of the
scalar potential. Here, the direction of Fg is parallel to g, i.e.,
normal to the corresponding atomic planes. In the rest frame
of traveling ions, ions with a velocity vector v feel the crystal
field F′ consisting of different oscillating fields of frequency
νg generated by the arrangement of atomic planes specified by
the reciprocal lattice vector g:

F′(t ′) = �gF′
g exp(−2π iνgt ′), (2)

νg = γ v · g, (3)

where γ is the Lorentz factor. The resonance condition for the
transition energy Etrans of the ions is given by

Etrans = hνg, (4)

where h is Planck’s constant [9].
A Si crystal was employed as a target. As described in

Ref. [10], the orientation of the crystal with respect to the ion
beam is defined by the angles θ and φ, as shown in Fig. 2(a).
The laboratory frame of reference was defined as follows:
the z axis is taken to be parallel to the ion beam direction,
and the x axis to be upward vertically. A new set of the
base lattice vectors in the diamond structure was chosen as

TABLE II. Oscillator strength of the relevant transitions
of Ar17+ [17].

Transition Oscillator strength

1s1/2 → 2p3/2 0.27337
1s1/2 → 3p1/2 0.026067
1s1/2 → 3p3/2 0.052143
2p3/2 → 3s1/2 0.014278
2p3/2 → 3d3/2 0.069389
2p3/2 → 3d5/2 0.62379

053101-2



DOUBLY RESONANT COHERENT EXCITATION IN THE … PHYSICAL REVIEW A 109, 053101 (2024)

FIG. 2. (a) Orthogonal coordinate system for a Si crystal. The
red arrow represents the velocity vector v of the ion penetrating
the crystal, and θ and φ are the ion incident angles with respect to
the [110] axis. (b) Schematic measurement geometry. Two semicon-
ductor x-ray detectors were installed in the horizontal and vertical
planes. The target crystal was mounted on a high-precision three-axis
goniometer [10].

A = (−1, 1, 0)a/2, B = (0, 0, 1)a, and C = (1, 1, 0)a/2,
a being the lattice constant. The target crystal was mounted
on a goniometer so that the directions of the x, y, and z
axes and those of the lattice vectors, C, −B, and A coin-
cide, respectively, when θ = φ = 0. Introducing a new Miller
index (k, l, m) for the new basis, the reciprocal lattice vec-
tor is represented as gk,l,m = kA∗ + lB∗ + mC∗, where A∗ =
(−1, 1, 0)/a, B∗ = (0, 0, 1)/a, C∗ = (1, 1, 0)/a are the bases
of the reciprocal lattice space. The resonance condition for the
transition energy Etrans for the crystal field with gk,l,m is given
by

Etrans = Ek,l,m(θ, φ)

= hvγ

a
(
√

2(k cos φ + m sin φ) cos θ + l sin θ ), (5)

where v = |v|. The resonance conditions of 3D-RCE are sat-
isfied by adjusting the two independent angles θ and φ with
the ion velocity v fixed. Tilting the crystal with respect to the
ion beam corresponds to scanning the oscillating frequency of
the crystal field. In this experiment, the angle θ was scanned
while keeping φ fixed. After 3D-RCE, the excited ions either
experience ionization by collisions with crystal atoms or de-
excite to their initial state by emitting x rays. The ionization
cross section of the excited states is larger than the ground
state, and that of the n = 3 level is larger than the n = 2 level,
thus increasing the ionization probability in the crystal.

The resonance profiles were obtained by measuring (i) the
charge-state distribution of the ions after passing through the
thin crystal target and (ii) the yield of deexcitation x rays emit-
ted from the ions. The anisotropy in the angular distribution
of the x-ray emission is due to the excitation of magnetic
sub-states by a specific polarization of the oscillating field.
It is explained theoretically in the Appendix and calculated by
the density matrix approach, which is described in the next
subsection.

Each component of the frequency νg shown in Eqs. (2)
and (3) corresponds to a specific reciprocal lattice vector of
the atomic plane gk,l,m. By definition, when two frequencies
of the crystal field are combined, their sum and difference
frequencies are naturally present in the crystal field unless
the Fourier coefficient of the electric field for the resultant
reciprocal lattice vector vanishes due to destructive interfer-
ence (the extinction rule) [7,19]. Among three states of a,

b, and c, when two frequencies satisfy resonance conditions
for a → b (transition energy: hνgk1 ,l1 ,m1

) and b → c (transition
energy: hνgk2 ,l2 ,m2

) simultaneously, the a → c direct transition
is always resonated by the component of another frequency at
ν corresponding to gk1,l1,m1 + gk2,l2,m2 .

In the present study, two different oscillating fields are
used for the transition from the n = 1 to n = 2 level (1s1/2 →
2p3/2), and that from the n = 2 to n = 3 level (2p3/2 →
3d), leading to ladder-type DR. The ions simultaneously feel
the field of their sum frequency corresponding to transitions
1s1/2 → 3d , which are optically forbidden. The energy differ-
ence among five substates in the n = 3 level is below 2 eV, as
shown in Table I. These states are not distinguishable in 3D-
RCE because the typical resonance width is found to be a few
eV full width at half maximum (FWHM) in this experiment.
Therefore, the field specified by gk1,l1,m1 + gk2,l2,m2 coincides
with the transition from the n = 1 to n = 3 level (1s1/2 →
3p), and a V-type DR (1s1/2 → 2p3/2, 1s1/2 → 3p) is ex-
pected as shown in Fig. 1(b) in addition to ladder-type DR.

This is seemingly similar but essentially different from
the sum frequency generation (SFG) and difference frequency
generation (DFG) in nonlinear optical media, which are based
on higher-order processes of real photons induced by intense
external laser fields.

B. Density matrix calculation

We performed a numerical simulation of the RCE process
using the density matrix approach developed by Balashov
et al. [20–23]. The simulation takes into account the colli-
sional excitation, ionization, and radiative decay of the ions in
the crystal, leading to decoherence, in addition to the coherent
excitation by the crystal fields. We traced the time evolution
of the populations of specific states of ions moving through
the crystal. A total of 28 states were treated corresponding to
the | jm〉-resolved substates of n = 1, 2, and 3 states of Ar17+.

The charge-state distribution at the exit of the crystal is
evaluated and compared with experimental data. The x-ray
yield is calculated as the sum of emission both in the crystal
and in a vacuum after the exit. The observed Lyman α and β

(Lyα and Lyβ) x rays, with energies above 3 keV, penetrate
through the thin Si crystal target. However, the majority of the
x-ray emission occurs after passing through the 1.0-µm-thick
crystal because the intrinsic lifetime of the excited states is
on the order of ∼10 fs [24] and the excited ions travel more
than a hundred µm before x-ray emission. Thus, it is primarily
the population of excited states at the exit that determines the
observed x-ray intensity.

Cross sections for collisional ionization and excitation
from the ground and excited states are provided by the com-
putation code ETACHA4 [25], as listed in Table III. Transitions
between the | jm〉-resolved substates were evaluated using
the algebra of Clebsh-Gordan coefficients by taking into ac-
count statistical weights. The ionization cross sections are
larger for the higher excited states. Electron capture cross
sections are not included in the calculation because they are
negligibly small.

The energy width and loss of the incident ion beam are
again negligibly small, and therefore, not taken into account.
The angular divergence of the incident ions is also not taken
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TABLE III. Collisional ionization and excitation cross-
sections of Ar17+ in a solid Si target [25] used for the calculation of
the population evolution of the excited states. The 3s → 3p cross
section is used also for 3s → 3d and 3p → 3d excitations.

Transition Cross section [×10−20cm2]

Case I Case II
455.32 MeV/u 389.82 MeV/u

1s ioni. 2.77 3.01
2s ioni. 10.5 11.4
2p ioni. 11.2 12.3
3s ioni. 25.9 28.3
3p ioni. 25.9 28.3
3d ioni. 25.9 28.3
1s → 2s 0.220 0.240
1s → 2p 3.07 3.33
1s → 3s 0.0446 0.0486
1s → 3p 0.569 0.616
1s → 3d 0.0318 0.0347
2s → 2p 16.5 18.0
2s → 3s 1.83 2.00
2s → 3p 5.22 5.70
2s → 3d 6.24 6.81
2p → 3s 0.249 0.271
2p → 3p 2.10 2.30
2p → 3d 13.6 14.9
3s → 3p 25.7 28.0

into account, but its contribution is discussed later for case II.
Elastic collisions that change the direction of the ions were
not considered.

Finally, it is noted that the crystal field induces ac-Stark
mixing and splitting in the energy level. These contributions
were taken into account in the calculation; however, they are
much smaller than the observed resonance width in the present
condition. We clearly observed them for the case of the strong
coupling of the relevant states [11].

III. EXPERIMENTS

Ion beams of 455.32 and 389.80 MeV/u Ar17+ were pro-
duced at the Heavy Ion Medical Accelerator (HIMAC) in
Chiba, Japan, with a small angular divergence of less than
0.05 mrad. The incident energy of the ions was evaluated
from the peak position of the 1s1/2 → 2p1/2 transition in
the resonance profile of the Lyα x-ray emission yield. A
schematic layout of the setup is shown in Fig. 3. This is

FIG. 3. Schematic layout of the experimental setup.

essentially the same as the previously reported experiments
[10]. A beam collimator with a diameter of 0.6 mm and
thickness of 50 mm was placed 6.50-m upstream of the target.
A 1.0-µm-thick Si crystal target was mounted on a specially
designed high-precision three-axis goniometer. The angles
of the three rotation axes were controlled by stepping mo-
tors coupled with several gears; their precision was assessed
(including repeatability) by a combination of the attached
reflection mirror and a He-Ne laser. The precision of the θ

rotation achieved is better than 0.005◦. The geometrical con-
figuration shown in Fig. 2 was fulfilled by placing the target
so that the (220) plane is horizontal at φ = 0, and the [110]
direction is parallel to the ion beam at θ = φ = 0.

We performed two types of measurements independently
under the conditions of low and high ion intensities. A
dipole magnet of 0.5 T at maximum separates ions with
different charge states after passing through the crystal tar-
get. Under the low-intensity condition for the charge-state
measurement, the ions were subsequently detected by a
two-dimensional position-sensitive silicon detector (2D-PSD)
placed 5.6-m downstream from the crystal target. This detec-
tor is a 20 mm × 20 mm square-shaped PIN diode detector
(First Sensor Technology GmbH). The intensity of the ion
beam for the charge-state measurements was kept below 5 ×
103 ions per pulse with a width of 1 s to avoid counting
losses.

Under the high-intensity condition for the x-ray detection,
we measured the yield of x rays from the excited states of
the Ar17+ ions. To study the angular anisotropy of the x-ray
emission, two solid-state x-ray detectors were placed at a
distance of about 150 mm from the target crystal and at an
angle of 41◦ to the beam direction along the vertical and
horizontal planes, respectively, as shown in Fig. 3. Vertical
and horizontal detectors are placed on the x-z and y-z planes,
which coincide with the (004) plane at θ = 0 and the (220)
plane at φ = 0, respectively. In the ion rest frame, the Lorentz
transformed detection angle was almost 90◦, i.e., in the x′ and
y′ directions. The Si(Li) detector (Princeton Gamma-Tech In-
struments Inc.) placed in the vertical direction has an effective
thickness of 6 mm and a detection area of 30 mm2. The silicon
drift detector (SDD) (KETEK GmbH) placed in the horizontal
direction has an effective thickness of 450 µm and a detection
area of 80 mm2. For evaluating the relative geometrical factor
of the two detectors, Lyα x rays from Ar17+ produced by
the collisional process at nonresonance conditions were used,
assuming their isotropic emission with respect to the beam
axis. The energy calibration of the detectors was performed
using 5.9 keV x rays from a 55Fe source. The measured energy
resolution was 145 and 165 eV for vertical and horizontal
detectors, respectively, which is enough to separate Lyα and
Lyβ x rays. It is noted that the width of the resonance peaks
does not stem from these resolutions.

We needed the projectile intensity for the normalization of
the obtained spectrum of x rays from Ar17+. However, the
typical ion beam intensity for the x-ray measurement was on
the order of 106 ions per pulse with a width of 1 s, which
cannot be measured in the counting mode by the 2D-PSD.
Therefore, we monitored Kα x rays of 8.05 keV emitted
from a Cu foil placed on the axis of the projectile by using
the additional silicon drift detector (SDD) (KETEK GmbH)
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placed 0.5-m away from the Cu foil as shown in Fig. 3, whose
energy resolution is around 200 eV.

IV. RESULTS AND DISCUSSION

Before explaining our approach and observed resonance
spectra, we define the resonance width, which is critical for
the discussion. The resonance widths originate from several
factors: relaxation of the coherence between the lower and
upper states in the resonance due to the collisions in the crys-
tal, but also from the nonnegligible velocity spread and beam
divergence. As already stated, the typical resonance width �E
is a few eV FWHM as a function of the transition energy, i.e.,
�E/Etrans is about 10−3, in the present experiment [9].

When scanning the ion incident angle θ , the resonance
width in the angular spectrum �θ depends on the Miller index
(k, l, m) of the resonance. Hereafter referred to as the ap-
parent resonance width, it differs from the resonance energy
width in terms of the transition energy �E . It is understood
by the derivative of Eq. (5) as follows:

∂Ek,l,m(θ, φ)

∂θ

= hvγ

a
(−

√
2(k cos φ + m sin φ) sin θ + l cos θ ). (6)

In the present experimental condition, φ and θ are small. This
leads to

∂Ek,l,m(θ, φ)

∂θ
∼ hvγ

a
(−

√
2(k + mφ)θ + l ). (7)

When l is large, it is clear from Eq. (7) that Ek,l,m(θ, φ)
varies to a large extent by changing the angle. �E and �θ

are connected by the relation �θ = �E/(∂Ek,l,m(θ, φ)/∂θ ),
leading to narrow �θ .

The apparent resonance width �θ is further convoluted
by experimental factors like the velocity (v) spread and beam
divergence. �v/v is estimated to be of the order of 10−4, and
its contribution is much smaller than �E/Etrans. The angular
divergence of the beam is estimated to be a few 0.01 mrad,
evaluated by the beam profile on the 2D detector and the
configuration of the beam transport, and its contribution is
again small. However, it depends on the beam transportation
condition, which will be mentioned later.

Two approaches were taken to study ladder-type DR or
V-type DR under different conditions. One is when all tran-
sitions have similar apparent resonance widths (case I). The
other is when two transitions from the n = 1 level have similar
apparent resonance width, but the transition from the n = 2
to the n = 3 level has a much narrower width reflecting a
large l component of the Miller index (case II). By combining
resonances with different apparent resonance widths into DR,
the processes involved can be clearly identified.

A. Case I: Small l component of the Miller index

An incident energy of 455.32 MeV/u was chosen for
the Ar17+ ion beam. The resonance condition diagram as
a function of angles θ and φ was calculated using Eq. (4)
with (k, l, m) = (1,−1, 0) for 1s-2p, (k, l, m) = (1, 2, 3) for
1s-3p, and (k, l, m) = (0, 3, 3) for 2p3/2-3s, 3d transitions.

FIG. 4. The 3D-RCE resonance condition diagram of 455.32
MeV/u Ar17+: 1s1/2 → 2p3/2 with the field specified by g1,−1,0

(blue line) and 1s1/2 → 3p1/2,3/2 by g1,2,3 (green lines), 2p3/2 →
3s1/2, 3d3/2,5/2 by g0,3,3 (red lines), respectively. The black dashed
lines are the scanned θ regions at fixed φ under three conditions:
SR(n = 2), SR(n = 3), DR.

Figure 4 shows the result in which each point on the line
satisfies the corresponding resonance condition. We scanned
the angle θ keeping the angle φ constant under three dif-
ferent conditions where the apparent resonance width does
not vary much between the transitions reflecting the low l
component. The first scan is for a single resonance SR(n = 2)
profile of the transition of 1s1/2 → 2p3/2 by the field spec-
ified by g1,−1,0. The second scan is for a single resonance
SR(n = 3) profile of the transition of 1s1/2 → 3p by the field
specified by g1,2,3. The third scan is for a double resonance
DR profile. As already mentioned, the ladder-type DR of
1s1/2 → 2p3/2 → 3d is realized in the same condition within
the resonance width where the V-type DR of 1s → 2p3/2 and
1s → 3p occurs. The oscillation frequency specified by the
g0,3,3 = g1,2,3 − g1,−1,0 satisfies the resonance condition for
the transition of 2p3/2 → 3s, 3d of the ladder-type DR. Fig-
ures 5(a), 5(b) and 5(c) show the observed resonance profiles
of the Ar18+ fraction, the Lyα x-ray yield, and the Lyβ x-ray
yield, respectively, under the single resonance SR(n = 2) of
1s1/2 → 2p3/2. As for the charge-state distribution, a frac-
tion of 0.2 of the incoming Ar17+ ions appeared as Ar18+

as the baseline, after passing through the crystal due to col-
lisions with crystal atoms, while a fraction of 0.8 survived
as Ar17+. The Ar18+ fraction increased to 0.25 at the peak
of the SR(n = 2) condition, reflecting the larger ionization
cross section of the excited states. The Lyα x-ray yield also
increased in both vertical and horizontal directions (0.88 and
0.55, respectively). For the angular anisotropy, the vertical
emission is clearly favored, i.e., the vertical to horizontal x-ray
yield (RV/H) is 1.60. As for the Lyβ x-ray yield, the enhance-
ment is negligibly small within the statistical uncertainty.

For SR(n = 3) profiles, the Ar18+ fraction increased to
0.23 [Fig. 5(d)]. While the Lyα x-ray yield did not increase
[Fig. 5(e)], a significant enhancement in the Lyβ x-ray yield
was observed [Fig. 5(f)]. However, it is roughly ten times
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FIG. 5. Resonance profiles as a function of θ for 455.32 MeV/u Ar17+ ions. SR(n = 2) profiles of 1s1/2 → 2p3/2 at φ=−0.400◦: (a) Ar18+

fraction, (b) Lyα x-ray yield, (c) Lyβ x-ray yield. SR(n = 3) profiles of 1s1/2 → 3p1/2,3/2 at φ=−0.250◦: (d) Ar18+ fraction, (e) Lyα x-ray
yield, (f) Lyβ x-ray yield. DR resonance profiles at φ=−0.320◦: (g) Ar18+ fraction, (h) Lyα x-ray yield, (i) Lyβ x-ray yield. Inserted vertical
bars denote the resonance angles calculated from Eq. (5). Filled and open circles in the x-ray yield show measurements by the detectors placed
in the vertical and horizontal directions, respectively. They are normalized to the baseline at the SR(n = 2) condition [Fig. 5(b)]. The red curve
overlaid on each profile is the corresponding resonance spectra from the simulation. For x-ray yields, solid and dashed lines show simulated
resonance spectra in the vertical and horizontal directions, respectively. They are scaled to match the ones measured at the (b) SR(n = 2)
condition and this common scaling factor is employed for the Lyα and Lyβ x-ray yields.

smaller than the SR(n = 2) Lyα x-ray yield [Fig. 5(b)]. This
is because collisional ionization is more dominant than x-ray
emission, reflecting the ionization cross-sections for the n = 3
level being more than twice those for the n = 2 level, as shown
in Table III. The statistical quality of the Lyβ x-ray yield data
was insufficient to discuss the angular anisotropy.

We then proceeded to DR. Figure 5(g) shows that the
Ar18+ fraction at the resonance peak was further enhanced to
0.29. In Figs. 5(h) and 5(i), both Lyα and Lyβ x-ray yields
were enhanced, indicating that both the n = 2 and 3 levels
are populated under DR. At first glance, this behavior can
be explained simply by V-type DR, as long as the ground
state has a sufficient population. The increase of the Ar18+

fraction by 0.09 above the nonresonance condition is close
to the sum of the 0.05 and 0.03 increases for SR(n = 2) and
SR(n = 3), respectively. The enhancement of the Lyβ x-ray
yield [Fig. 5(i)] is considered to originate from direct RCE to

the n = 3 level in the V-type DR, and its intensity is similar
to SR(n = 3) [Fig. 5(f)]. Note that this enhancement is not
due to ladder-type DR because it should produce the 3d3/2,5/2

states, which are not allowed to decay to the ground state by
single-photon emission. However, the Lyα x-ray yield was
clearly reduced at the DR condition [Fig. 5(h)] compared to
the SR(n = 2) condition [Fig. 5(b)]; it is reduced by 35%
(from 0.88 to 0.57) in the vertical direction and 20% (from
0.55 to 0.44) in the horizontal direction. This reflects the de-
pletion of the 2p3/2 state population due to population transfer
to the 3s1/2, 3d3/2,5/2 states in ladder-type DR. The depletion
of the Lyα x rays was more prominent in the vertical direction
compared to the horizontal. Considering the polarization of
the oscillating field, the vector F−1,1,0 has electric field com-
ponents in y and z, and thus excites the 2py and 2pz substates,
while F3,3,0 has x and y components [10]. This resulted in
selective depletion of the 2py substate, making RV/H of the
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FIG. 6. Calculated population evolution of the excited states of
Ar17+ as a function of the penetration depth from the entrance in the
crystal under the DR condition of θ = 5.109◦ and φ = 0.320◦ for
case I. The population is normalized to the incoming Ar17+ ions.

Lyα x-ray yield in the DR condition smaller than that in the
SR condition. To summarize case I, the ladder-type DR was
confirmed by the reduction of the Lyα x-ray yield compared
with the case of SR(n = 2) in addition to V-type DR.

Hereafter, we compare the observed resonance profiles
with simulations by the density matrix method. Each of the
calculated resonance profiles is overlaid in Fig. 5. Calculated
x-ray yields are scaled to match the ones measured at the
SR(n = 2) condition [Fig. 5(b)], and this common scaling fac-
tor is employed for the Lyα and Lyβ x-ray yields. The baseline
of the Ar18+ fraction is well reproduced; however, the increase
at the peak of the resonance condition is overestimated. The
origin of this is not clear, but larger collisional ionization
cross sections employed for the excited states may account
for this discrepancy. The simulation reproduced the charac-
teristic behavior of the Lyα x-ray yield both in the vertical
and horizontal directions [Figs. 5(b) and 5(h)]. The calculated
anisotropy, i.e., RV/H, of 1.59 and 1.46 in the SR(n = 2) and
DR conditions also agrees with our observations. The differ-
ence in RV/H is due to the direction of the oscillating field for
2p3/2 → 3s, 3d of the ladder-type DR.

For Lyβ x-ray yields, the increase under SR(n = 3)
[Fig. 5(f)] and DR conditions [Fig. 5(i)], including the ratio
of the Lyβ x-ray yield to the Lyα x-ray yield, were well
reproduced.

To obtain the simulated spectra mentioned above, we cal-
culated the population evolution of each excited state as a
function of ion position, i.e., the penetration depth from the
entrance surface of the crystal. For a deeper understanding,
the case at the peak of the DR condition θ = 5.109◦, φ =
−0.320◦, where the largest population of the 3d5/2 state is
theoretically expected, was shown in Fig. 6. The population
in the 2p3/2 state increases as the ions travel and reaches
a maximum at around 0.47 µm from the entrance, and then
decreases. Accompanied by this enhancement, the popula-
tion of the 3d3/2,5/2 states also increases due to population

FIG. 7. The 3D-RCE resonance condition diagram of 389.80
MeV/u Ar17+: 1s1/2 → 2p3/2 with the field specified by g1,1,0

(blue line), 1s1/2 → 3p1/2,3/2 by g1,9,m (green lines), and 2p3/2 →
3s1/2, 3d3/2,5/2 by g0,8,m (red lines), where m = 2, 0, −2. The black
dotted line is the scanned θ region for fixed φ = −0.100◦ in the
measurements.

transfer from the 2p3/2 state. The increase in population of
the 3p3/2 state is also appreciable. The population ratio of
3d5/2 to 3d3/2 is smaller than the value expected from the total
oscillator strength (0.62 versus 0.07) shown in Table II. This
reflects the contribution of the nonresonant component due to
inelastic collisions. That is, the ions are excited by collisions
with atoms in the crystal, and the population of excited states
gradually increases as the ions penetrate the crystal.

These behaviors indicate that the largest population of the
3d5/2 state is indeed achieved by the population transfer via
ladder-type DR; around 11% of the incoming ions are excited
to the 3d5/2 state. However, the population of 3p1/2,3/2 states
also increases as a result of V-type DR.

B. Case II: Large l component of the Miller index

Using a 389.80 MeV/u Ar17+ ion beam, we excited the
1s1/2 ground-state electron to the 2p3/2 state with the field
specified by g1,1,0, and further excited it to the 3d3/2,5/2 states
with the field specified by g0,8,m, where m = 2, 0, −2. The
resonance condition diagram is presented in Fig. 7. In contrast
to case I, the second resonance has a much narrower apparent
resonance width, reflecting the large l component (l = 8) of
the Miller index. Resonant excitation to the 3p1/2,3/2 states
from the 1s1/2 ground state with the field specified by the
g1,9,m (m = 2, 0,−2) occurs at the same time, as in case I.

The obtained resonance profiles possess a rich structure, as
shown in Fig. 8. The Ar18+ fraction [Fig. 8(a)] is character-
ized by a large, broad feature peaking as high as 0.30 above
the baseline of 0.20 and centered at θ = 1.914◦, along with
two small shoulder peaks around 1.88◦ and 1.95◦. From the
resonance condition diagram shown in Fig. 7 and the expected
apparent width, the broad peak due to the 1s1/2 → 2p3/2 tran-
sition covers the entire region, and the sharp peaks due to the
transitions to the n = 3 level are also involved in this structure.
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FIG. 8. Resonance profiles as a function of θ for 389.80 MeV/u
Ar17+ at φ = −0.100◦. (a) the Ar18+ fraction, (b) the Lyα x-ray yield,
and (c) the Lyβ x-ray yield. The red curve overlaid on each profile is
the corresponding resonance spectra from the simulation. Filled and
open circles in the x-ray yield show measurements by the detector
placed in the vertical and horizontal directions, respectively; corre-
sponding resonance spectra from the simulation (solid and dashed
red lines) are overlaid. For comparison between the experimental
data and calculated results of x-ray yields, both are normalized to
the largest intensity in the Lyα x-ray yield in the vertical direction.

These additional structures correspond to the transitions
2p3/2 → 3d with the field specified by g0,8,m or direct tran-
sition of 1s1/2 → 3p1/2,3/2 with the field specified by g1,9,m,
where m = 2, 0, −2. The sharp enhancements of ionization
again reflect the larger ionization cross sections for the n = 3
level compared with the n = 2 level. Thus, the position of the
observed central peak corresponds to the resonance condition
to 3d states being shifted from 2p3/2, which is confirmed by
the discussion below.

For the resonance profile of the Lyα x-ray yield emitted in
both vertical and horizontal directions [Fig. 8(b)], we again
observed a broad peak covering the entire scanning region

due to the 1s1/2 → 2p3/2 transition. Angular anisotropy was
also observed. A prominent feature is the dip at θ = 1.916◦,
slightly to the left of the center of the broad peak. The dip
originates from the depletion of the 2p3/2 state population due
to the 2p3/2 → 3d3/2,5/2 transition. This characteristic feature
is the smoking gun for population transfer by ladder-type DR.
On either side of the dip in the Lyα x-ray profile, there is an
expectation of the dip corresponding to the small shoulder
peaks in the charge-state profile, but this is not so obvious.
This might be related to the fact that the 2p3/2 state population
at the tail of the broad resonance profile of the 1s1/2 → 2p3/2

transition is not high, which is in contrast to the situation at
the central region.

For the resonance profile of the Lyβ x-ray yield [Fig. 8(c)],
we observed a sharp central peak at θ = 1.916◦. This peak
originates from the 3p1/2,3/2 states excited through V-type DR
directly from the 1s1/2.

We again compare the observed resonance profiles with
simulations. The calculated resonance profiles were overlaid
in Fig. 8. For comparison between the experimental data
and calculated results of x-ray yields, both are normalized
to the largest intensity in the Lyα x-ray yield in the vertical
direction. The overall agreement between the experimental
results and the simulated profiles is reasonable. However, in
Fig. 8(b), the simulated peak width is much narrower than
the observation, and the characteristic reduction of the Lyα

x-ray yield at the center of the broad peak was also clearly
discernible by the narrow dip width in the simulation. This
difference suggests that there are additional factors that are
not included in the calculations but cause broadening. From
the resonance width of the 1s → 2p1/2 transition (not shown
in this paper), we noticed a larger angular divergence of the
beam under the experimental conditions for case II compared
with case I, which is one of the sources of broadening. For
the Lyβ x-ray yield, the structure of the main peak is well
reproduced, although the predicted higher- and lower-energy
side peaks are not clearly observed in the experiment. This is
likely related to the broadening due to the angular divergence
of the beam. In addition, the calculated background under
the nonresonance conditions was found to be rather higher.
We also noticed a slight difference in the dip position in
the Lyα x-ray yield and the peak positions in the Lyβ x-ray
yield between the experimental result and the simulation. The
origin of these discrepancies has so far not been clarified. It
is not attributed to problems in the calibration procedure of
the tilt angle θ or errors in evaluating the incident ion energy.
However, such discrepancies do not affect the discussion and
conclusions.

Figure 9 shows the population evolution of each excited
state as a function of the penetration depth from the entrance
under the DR condition at θ = 1.912◦. As in case I, the popu-
lation of the 2p3/2 state grows, reaching a maximum at around
0.63 µm from the entrance and then decreases. The population
of the 3d5/2 state increases due to population transfer from the
2p3/2 state and reaches as high as 13% at the exit. This is
in contrast to the limited population growth in other states.
In the approach of case II, the narrow apparent resonance
width allows a cleaner extraction only ladder-type DR to the
3d5/2 state and minimizes the contribution of V-type DR to the
3p1/2,3/2 states.
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FIG. 9. Calculated evolution of the population of excited states
of Ar17+ as a function of the penetration depth from the entrance
in the crystal under the resonance condition of θ = 1.912◦ and φ =
−0.100◦ for case II. The population is normalized to the incoming
Ar17+ ions.

V. CONCLUSION

The 3d states of Ar17+ ions were produced by the 3D-
RCE double-resonance (DR) technique via the ladder-type
1s1/2 → 2p3/2 → 3d3/2,5/2 transition. We obtained resonance
profiles of the Ar18+ fraction, along with Lyα and Lyβ

x-ray yields as a function of the transition energy by tilt-
ing the crystal angle. The Lyα x-ray yield provided solid
evidence confirming the population transfer by ladder-type
DR. Two different conditions were employed. Under the
first condition (case I), the ladder-type DR was observed as
the depletion of the resonance amplitude of the Lyα x-ray
emission yield compared to the SR case of 1s1/2 → 2p3/2

due to the population transfer of 2p3/2 → 3d3/2,5/2 states.
Under the second condition (case II), this depletion was ob-
served more clearly owing to the narrow resonance, where
the higher-order resonance by gk,l,m with a large l com-
ponent was employed for the 2p3/2 → 3d3/2,5/2 transitions.
These transitions were observed as a sharp dip in the broad
resonance profile of the first excitation of 1s1/2 → 2p3/2. Un-
der these conditions, the V-type DR of 1s1/2 → 2p3/2 and
1s1/2 → 3p1/2,3/2 transitions also occur. Theoretical calcula-
tions using the density matrix method indicate that ladder-type
DR can be chosen more selectively than V-type DR, tak-
ing advantage of the narrow apparent resonance width in
case II.

By combining two crystal fields equivalent to two different
x rays, we succeeded in demonstrating the efficient production
of 3d states in H-like heavy ions up to more than 10% in
which the transition from the 1s1/2 ground state is optically
forbidden. This method is also a promising tool for sequential
excitation into optically forbidden higher excited states.
Preliminary resonance profiles have been observed for n = 4
and 5 excitations.
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APPENDIX: ANISOTROPIC ANGULAR DISTRIBUTION
OF X-RAY EMISSION

A theoretical treatment of the anisotropic angular distribu-
tion of x-ray emission was already described elsewhere [26].
Hereafter, a brief summary related to the present experiment is
explained. Concerning x-ray emission from the excited states,
we discuss the observed ratio of x-ray yields in the vertical and
horizontal directions. By the Lorentz transformation of the
crystal potential, the polarization direction of the oscillating
electric field in the ion rest frame is found to be parallel to
(γ gx, γ gy, gz). Reflecting the character of electric dipole ra-
diation in the geometric layout of the present experiment, the
x-ray detector placed in the vertical plane detected x rays from
the 2py, 2pz or 3py, 3pz substates. The horizontal detector
observed deexcitation of the 2px, 2pz or 3px, 3pz substates.

In the presence of an internal perturbation to the excited
state by the spin-orbit interaction, the excited states undergo
a time modulation of alignment parameters during the time
between excitation and radiative decay. The period of the
modulation determined by the fine-structure splitting is 8.6 ×
10−16 s for the n = 2 level of H-like Ar17+, which is much
shorter than the lifetime of the excited state. In such condi-
tions, the time integration of the alignment parameters over
the period can be considered. The angular distribution of the
electric dipole radiation from the perturbed system is given by

I (ξ ) = 1
2 (1 − c2 cos 2ξ ), (A1)

where ξ is the angle from the polarization direction and
c2 (0 � c2 � 1) is the shape parameter denoting the degree
of linear polarization. A decrease in c2 means the loss of
polarization: c2 = 1 gives the pure dipole radiation pattern
of sin2 ξ , and c2 = 0 gives a completely isotropic radiation
pattern. The shape parameter can be obtained analytically
using the density matrix description. For the 2p1/2 → 1s and
2p3/2 → 1s transitions, c2 = 0 and 3/5, respectively [27].
Therefore, anisotropy is absent in the radiation from 2p1/2,
while radiation from the 2p3/2 state shows an anisotropic
angular distribution with respect to the polarization direction,
although it is affected by the spin-orbit interaction.

The theoretical V/H ratio, RV/H, is given by I (ξx)/I (ξy). In
the present experimental configuration

cos ξx = |F′
gx |

|F′
g|

= γ |gx|√
γ 2

(
g2

x + g2
y

) + g2
z

,

cos ξy = |F′
gy |

|F′
g|

= γ |gy|√
γ 2

(
g2

x + g2
y

) + g2
z

. (A2)
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The RV/H from the 2p3/2 state is

RV/H = 4 − 3 cos2 ξx

4 − 3 cos2 ξy
. (A3)
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