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Electron-spin double resonance of nitrogen-vacancy centers in diamond under a strong driving field
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The nitrogen-vacancy (NV) center in diamond has been the focus of research efforts because of its suitability
for use in applications such as quantum sensing and quantum simulations. Recently, the electron-spin double
resonance (ESDR) of NV centers has been exploited for detecting radio-frequency (RF) fields with continuous-
wave optically detected magnetic resonance. However, the characteristic phenomenon of ESDR under a strong
RF field remains to be fully elucidated. In this study, we theoretically and experimentally analyzed the ESDR
spectra under strong RF fields by adopting Floquet theory. Our analytical and numerical calculations could
reproduce the ESDR spectra obtained by measuring the spin-dependent photoluminescence under the continuous
application of a microwave and a RF field for a DC bias magnetic field perpendicular to the NV axis. We found
that anticrossing structures that appear under a strong RF field are induced by the generation of RF-dressed
states owing to the two-RF-photon resonances. Moreover, we found that 2n-RF-photon resonances were allowed
by an unintentional DC bias magnetic field parallel to the NV axis. These results should help in the realization
of precise MHz-range AC magnetometry with a wide dynamic range beyond the rotating wave approximation
regime as well as Floquet engineering in open quantum systems.

DOI: 10.1103/PhysRevA.108.012610

I. INTRODUCTION

A nitrogen-vacancy (NV) center in diamond is a point
defect composed of a substitutional nitrogen atom adjacent
to a vacancy in the carbon lattice [1,2]. The electronic spin
states of an NV center can be initialized by the illumination
of a green laser and readout by measuring the spin-dependent
photoluminescence. Moreover, the spin state can be manipu-
lated by irradiating microwaves (MWs) and exhibits a long
coherence time even at room temperature. Owing to these
properties, the NV center is a promising system for realizing
quantum sensors with high sensitivity and spatial resolution
[3–5] as well as feasible quantum simulators [6–8] under
ambient conditions.

Quantum sensing and simulation based on NV centers
have been demonstrated using optically detected magnetic
resonance (ODMR). ODMR has been performed using
continuous-wave techniques (CW-ODMR) [9–11] and pulsed
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techniques [12–15]. In the case of AC magnetic field sensing,
several types of pulsed (such as Hahn echo) techniques have
been used. However, these techniques suffer from control
errors and require careful calibration before measurements
[16–18]. In contrast, the CW-ODMR technique is simple and
employed widely because it uses continuous laser illumination
and MW irradiation and does not require pulse control or
careful calibration. However, the detectable frequency of CW-
ODMR-based magnetometry is limited to values typically
lower than the kHz range.

Recently, we proposed and successfully demonstrated
MHz-range AC magnetometry using CW-ODMR [16,17] by
exploiting the phenomenon of electron-spin double resonance
(ESDR) of NV centers [16–22]. During the ESDR mea-
surements, we simultaneously and continuously irradiated a
radio frequency (RF) field as the target and an MW as the
probe. If the RF field is coherently coupled to the electron
spin states of the NV center, then RF-dressed states are gen-
erated, allowing one to probe the states by measuring the
CW-ODMR spectrum by sweeping the MW frequencies under
a RF field (ESDR spectrum). Thus, ESDR allows for the
detection of MHz-range AC magnetic fields without pulse
control and high-speed measurements. However, despite these
advantages, the characteristic phenomenon of ESDR under a
strong RF field remains to be completely elucidated [16–22].
Previous studies of ESDR focused on measuring weak RF
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fields. In the theoretical analysis performed in these studies,
the rotating wave approximation (RWA), which is valid only
for weak RF fields, played an important role [16–18,20].

In the present study, we theoretically and experimentally
analyze the ESDR spectra of NV centers under strong RF
fields. When driving a system with a strong external field,
it is difficult to perform a theoretical analysis because the
RWA is violated [23–26]. To solve this problem, we adopt
Floquet theory [27,28], which can be used to treat quantum
systems driven by the time-periodic Hamiltonian [29–31].
The Floquet theory provides more precise solutions beyond
the RWA regime, can account for multiphoton transitions,
and yields further insights [32–37]. Using Floquet theory,
we calculated the ESDR spectra under both weak and strong
RF fields. Moreover, we performed ESDR experiments and
found that the numerical and experimental results are in good
agreement. Thus, our results should aid the realization of more
precise MHz-range AC magnetometry with a wider dynamic
range using CW-OMDR, fast and precise quantum control
beyond the RWA regime [24,25,36,37], and simulations of
various quantum phenomena under strong driving fields
[6,38,39]. In particular, the NV center can be treated as a
single-body system resistant to dissipation and is expected to
serve as a platform for Floquet engineering in open quantum
systems [40–42].

II. THEORY

A. Single RF-photon resonances

In this section we review the previous work about ESDR
under a weak RF field in Refs. [16,17]. We applied a DC
bias magnetic field perpendicular to the NV axis. It should be
noted that the bias magnetic field contributes to suppressing
inhomogeneous broadening owing to random magnetic fields
[43]. For Mx � γeBx, γeBy � DGS, the electronic spin-triplet
(S = 1) ground-state Hamiltonian of the NV center without
an external oscillating field can be written as (h̄ = 1) follows
[17,18]:

Ĥ0 ≈ D̃GSŜ2
z + M̃x

(
Ŝ2

x − Ŝ2
y

)
, (1)

where Ŝ = (Ŝx, Ŝy, Ŝz ) is the dimensionless spin-1 operators
for the electronic spin. Here we consider the direction of
the effective strain to be the x direction. Furthermore, D̃GS

is the zero-field splitting, and M̃x is the effective strain un-
der the perpendicular magnetic field [17] (see Appendix A
for details). Under the perpendicular DC bias field, the
eigenstates can be approximated as |B〉 := (|ms = +1〉 +
|ms = −1〉)/

√
2 and |D〉 := (|ms = +1〉 − |ms = −1〉)/

√
2

and |ms = 0〉 [16,17,44]. The energy diagram is shown in
Fig. 1(a).

For the ESDR, we assumed simultaneous irradiation with
an MW and a RF field. In this case the Hamiltonian is given
by

Ĥ (t ) ≈ D̃GSŜ2
z + M̃x

(
Ŝ2

x − Ŝ2
y

)
+ (2λbŜx + 2λd Ŝy) cos ωMWt

+ 2�RFŜz cos ωRFt, (2)

where λb (λd ) is the amplitude of the MW in the x (y) direc-
tion, �RF is the amplitude of the RF field in the z direction,
and ωMW (ωRF) is the MW (RF) frequency. Here we ignore

FIG. 1. (a) Energy diagram of electronic spin-triplet ground state
of NV center under DC bias magnetic field perpendicular to a NV
axis under continuous application of an MW and a RF field. D̃GS

is zero-field splitting, and M̃x is effective strain under perpendicular
magnetic field. (b) CW-ODMR spectra without and with the RF
fields for the amplitude BRF = 69.8 µT and frequency ωRF/(2π ) =
9.09 MHz. In CW-ODMR spectrum under RF field (i.e., ESDR
spectrum), four dips are observed owing to creation of RF-dressed
states [see (a)]. Solid lines indicate fitting curves calculated using a
multiple harmonic oscillator model.

the longitudinal components of the MW and the transverse
components of the RF field because they oscillate with a high
frequency without any resonance. In addition, we move to
a rotating frame defined by R̂0(t ) = e−iωMW Ŝ2

z . By using the
RWA, we can rewrite this Hamiltonian as

Ĥ (t ) ≈ �MWŜ2
z + M̃x

(
Ŝ2

x − Ŝ2
y

)
+ λbŜx + λd Ŝy + 2�RFŜz cos ωRFt, (3)

where �MW := D̃GS − ωMW is detuning. To derive Eq. (3),
we drop the high-oscillation term, that is, e±2iωMWt . Because
2ωMW is significantly larger than any of the parameters in
Eq. (3) except the zero-field splitting, D̃GS, we assumed that
this approximation would be valid throughout this study.

The Hamiltonian in Eq. (3) is periodic in time. Thus, we
can adopt the Floquet theory to describe the dynamics beyond
the RWA regime. By using the Floquet theory, we obtain a
time-independent Hamiltonian instead of a time-periodic one
(see Appendix B for details). To simplify the notation, we use
the extended Hilbert space or the Sambe space, F [28]. Then
we can express the time-independent Hamiltonian using the
basis of |α, n〉 = |α〉 ⊗ |n〉, where α is the state of the NV
center, and n is the Fourier index. In this case, the Fourier
index n can be interpreted as the number of absorbed RF
photons (if n is negative, |n| = −n can be interpreted as the
number of emitted RF photons) [29]. Thus, we can treat |n〉 as
the Fock state. In the Sambe space, the quantum dynamics can
be described using the Floquet Hamiltonian ĤF as follows:

ĤF :=
∑

m

F̂m ⊗ Ĥ (m) + N̂ ⊗ ωRF1̂, (4)

where F̂n are the Floquet ladder operators, N̂ is the Floquet
number operator, and Ĥ (m) is the Fourier coefficient, defined
as follows [31]:

F̂n|m〉 = |n + m〉, (5)

N̂ |n〉 = n|n〉, (6)

Ĥ (t ) =
∑

m

Ĥ (m)eimωRFt . (7)
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For the ESDR, the Floquet Hamiltonian can be represented by the matrix using the basis of {|B〉, |0〉, |D〉} as follows:

ĤF =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

. . .
...

...
...

...
...

...

· · · �b
MW + ωRF λb 0 0 0 �RF

· · · λb ωRF iλd 0 0 0
· · · 0 −iλd �d

MW + ωRF �RF 0 0
· · · 0 0 �RF �b

MW λb 0 0 0 �RF · · ·
· · · 0 0 0 λb 0 iλd 0 0 0 · · ·
· · · �RF 0 0 0 −iλd �d

MW �RF 0 0 · · ·
0 0 �RF �b

MW − ωRF λb 0 · · ·
0 0 0 λb −ωRF iλd · · ·

�RF 0 0 0 −iλd �d
MW − ωRF · · ·

...
...

...
...

...
...

. . .

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

,

...

← |B, +1〉
← |0, +1〉
← |D, +1〉
← |B, 0〉
← |0, 0〉
← |D, 0〉
← |B, −1〉
← |0, −1〉
← |D, −1〉

...

,

(8)

where �b
MW := �MW + M̃x,�

d
MW := �MW − M̃x.

The time-averaged transition probability from |α〉 to |β〉 is
calculated as follows:

〈Pα→β〉 =
∑
n,m

∑
k

|〈β, n|qk, m〉|2|〈qk, m|α, 0〉|2, (9)

where |qk, m〉 are the eigenstates of the Floquet Hamiltonian
[27]. To obtain |qk, m〉, we must solve the infinite-dimensional
eigenvalue equation [see Eqs. (B6) and (B4) for details].
Specifically, by truncating the Floquet Hamiltonian to a finite
size, we can calculate the transition probability through a
numerical simulation.

When the ESDR condition |ωRF − 2M̃x| � �RF is satis-
fied, |B, n〉 and |D, n + 1〉 can be coupled to the RF field, and
a single-RF-photon resonance occurs. Focusing on the single-
RF-photon resonance (e.g., that between |B, 0〉 and |D,+1〉)
we can reduce the infinite-dimensional Floquet Hamiltonian
in Eq. (8) to a 3 × 3 effective Hamiltonian:

Ĥeff ≈

⎡
⎢⎣

�b
MW λb �RF

λb 0 0

�RF 0 �d
MW + ωRF

⎤
⎥⎦. (10)

This matrix can also be derived from Eq. (3) without the
Floquet theory by using the RWA in the rotating frame defined
by e−iωRFt |D〉 〈D|, as in Ref. [17]. Using Fermi’s golden rule
or the harmonic oscillator model [17,18,44] under the weak
driving condition �RF � ωRF, we can obtain the resonant
MW frequencies [16,17], as follows:

ωMW = D̃GS + 1

2
ωRF ±

√(
M̃x − 1

2
ωRF

)2

+ �2
RF. (11)

Similarly, focusing on |B,−1〉 and |D, 0〉, we obtain another
analytical solution, as follows:

ωMW = D̃GS − 1

2
ωRF ±

√(
M̃x − 1

2
ωRF

)2

+ �2
RF, (12)

which can also be derived from Eq. (3) by the RWA in the
rotating frame defined using eiωRFt |B〉 〈B|. Equations (11) and
(12) indicate that the anticrossings occur at the RF frequency
ωRF ≈ 2M̃x. These anticrossing gaps are called the Aulter-
Towns splittings [17,20,45] and are proportional to the RF
amplitude �RF. Thus, upon the irradiation of a resonant RF
field, we observed four dips in the CW-ODMR spectrum (i.e.,
ESDR spectrum) with the Aulter-Towns splittings 2�RF =
γeBRF [see Fig. 1(b)], which allowed for MHz-range AC mag-
netic field sensing [16,17].

B. Multi-RF-photon resonances

Next, we consider ESDR under a strong RF field �RF �
ωRF, which results in multi-RF-photon resonances. The sim-
ple model for using the RWA [16,17] does not explain these
phenomena, while Floquet theory can reproduce the experi-
mental results in this regime, as described later. In the case of
a single-RF-photon resonance, the nonzero off-diagonal terms
with �RF 
= 0 in the Floquet Hamiltonian induce the transition
between |B, n〉 and |D, n + 1〉. Here the RF photon number, n,
changes with �m = +1. On the other hand, other transitions
also occur between the states with different RF photon num-
bers in the case of multi-RF-photon resonances. The key point
is that even when the off-diagonal terms between the states in
the Floquet Hamiltonian are zero, the transitions between the
specific states can occur via indirect transitions that use the
other states as the intermediate states.

Let us consider an example of one such indirect transition
owing to strong RF driving. In Eq. (8) there is an indi-
rect transition between |B,−1〉 and |B,+1〉. Let us focus on
this transition. While there are no direct transitions between
|B,−1〉 and |B,+1〉, we can induce a transition from |B,−1〉
to |D, 0〉 and subsequently induce a transition from |D, 0〉 to
|B,+1〉. In this case, the quantum number, n, changes by +2,
which corresponds to the two-RF-photon transitions. It should
be noted that, during the transition described above, the spin
state does not change, thus the so-called anticrossing is not ob-
served during the spectroscopy. In addition, more RF-photon
transitions can occur if we consider higher-order transitions,
including three-RF-photon transitions through a sequence of
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transitions, such as |B,−2〉 → |D,−1〉 → |B, 0〉 → |D,+1〉.
In this case, an anticrossing structure should be observed
since the spin state is changed. By performing similar cal-
culations, we can show that 2n-RF-photon transitions from
|B,−1〉 to |B, 2n − 1〉 cannot induce the anticrossing struc-
tures while (2n − 1)-RF-photon transitions from |B,−2〉 to
|D, 2n − 1〉 can.

Importantly, if we consider the effect of the DC bias mag-
netic field parallel to the NV axis, ωL := γeB(bias)

z , additional
anticrossing structures occur owing to the multi-RF-photon
resonances. Such magnetic fields may originate because of
the misalignment of the perpendicular bias magnetic field
or the Earth’s magnetic field (≈0.05 mT). The Hamiltonian
under the bias magnetic field in the absence of drivings is
given as

Ĥ ′
0 = D̃GSŜ2

z + M̃x
(
Ŝ2

x − Ŝ2
y

) + ωLŜz. (13)

The lowest-energy eigenstate of this Hamiltonian is |0〉 with
an eigenenergy of 0. The other eigenstates of this Hamiltonian

are as follows:

|B′〉 := (M̃x + V )|B〉 + ωL|D〉√
(M̃x + V )2 + ω2

L

,

|D′〉 := −ωL|B〉 + (M̃x + V )|D〉√
(M̃x + V )2 + ω2

L

, (14)

with eigenvalues of D̃GS + V and D̃GS − V , respectively,
where V :=

√
M̃2

x + ω2
L . By using this basis, the Hamiltonian

of the NV center including the MW and the RF field is ex-
pressed as

Ĥ (t ) ≈ D̃GSŜ2
z + M̃x

(
Ŝ2

x − Ŝ2
y

) + ωLŜz

+ (2λbŜx + 2λd Ŝy) cos ωMWt

+ 2�RFŜz cos ωRFt . (15)

In the rotating frame defined by R̂0(t ), we adopt the RWA for
the MW; then the Hamiltonian is represented as

Ĥ ′(t ) ≈

⎡
⎢⎢⎣

�MW + V + 2 ωL�RF
V cos ωRFt λb′

2 M̃x�RF
V cos ωRFt

(λb′
)∗ 0 iλd ′

2 M̃x�RF
V cos ωRFt −i(λd ′

)∗ �MW − V − 2 ωL�RF
V cos ωRFt

⎤
⎥⎥⎦, (16)

where λb′
:= (M̃x+V )λb−iωLλd√

(M̃x+V )2+ω2
L

[λd ′
:= iωLλb+(M̃x+V )λd√

(M̃x+V )2+ω2
L

] is the effective MW amplitude corresponding to the transition between |0〉
and |B′〉 (|D′〉). Similar to the derivation of Eq. (3), for the RWA to be valid, the effective MW amplitude should be much smaller
than the MW frequency, that is, |λb|, |λd | � ωMW. We assume that this condition is always satisfied throughout this paper. From
the Fourier expansion, the Floquet Hamiltonian for the ESDR can be represented as follows:

Ĥ ′
F =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

. . .
...

...
...

...
...

...

· · · �b′
1 λb′

0 ωL�RF/V 0 M̃x�RF/V
· · · (λb′

)∗ ωRF iλd ′
0 0 0

· · · 0 (iλd ′
)∗ �d ′

1 M̃x�RF/V 0 −ωL�RF/V
· · · ωL�RF/V 0 M̃x�RF/V �b′

0 λb′
0 ωL�RF/V 0 M̃x�RF/V · · ·

· · · 0 0 0 (λb′
)∗ 0 iλd ′

0 0 0 · · ·
· · · M̃x�RF/V 0 −ωL�RF/V 0 (iλd ′

)∗ �d ′
0 M̃x�RF/V 0 −ωL�RF/V · · ·

ωL�RF/V 0 M̃x�RF/V �b′
−1 λb′

0 · · ·
0 0 0 (λb′

)∗ −ωRF iλd ′ · · ·
M̃x�RF/V 0 −ωL�RF/V 0 (iλd ′

)∗ �d ′
−1 · · ·

...
...

...
...

...
...

. . .

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

,

(17)

where �b′
n := �MW + V + nωRF and �d ′

n := �MW − V +
nωRF.

Then the new off-diagonal terms, ωL�RF/V , allow other
subsequent transitions, such as |B,−1〉 → |B, 0〉 → |D,+1〉.
These subsequent transitions indicate that the anticrossing
structures owing to the two-RF-photon resonances are created
approximately at half the RF frequency at which the single-
RF-photon resonances occur.

C. Analytical solutions

To obtain an approximate analytical solution for the res-
onant frequency of these two-RF-photon resonances, we
use the Jacobi-Anger expansion [46,47]. This method al-
lows for the conversion of multistep single-photon transitions
into direct multiphoton transitions. Before calculating the
Floquet Hamiltonian of the ESDR, we move to a rotating
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frame with a unitary operator defined as

Û = exp

[
i
2ωL�RF

ωRFV
sin ωRFt (|B′〉 〈B′| − |D′〉 〈D′|)

]
. (18)

Then the Hamiltonian in Eq. (16) becomes

ĤI (t ) =

⎡
⎢⎣

�b′
MW

∑
k λb′

k eikωRFt
∑

k �keikωRFt∑
k

(
λb′

k

)∗
e−ikωRFt 0 i

∑
k λd ′

k eikωRFt∑
k �ke−ikωRFt −i

∑
k

(
λd ′

k

)∗
e−ikωRFt �d ′

MW

⎤
⎥⎦, (19)

where λb′
k := λb′

Jk ( 2ωL�RF
ωRFV ), λd ′

k := λd ′
Jk ( 2ωL�RF

ωRFV ), �k := kωRFM̃x
2ωL

Jk ( 4ωL�RF
ωRFV ).

We used

ei x
ω

sin ωt =
∞∑

k=−∞
Jk (x)eikωt , Jk−1(x) + Jk+1(x) = 2k

x
Jk (x),

(20)
where Jk (x) is the kth-order Bessel function of the first kind.
For the RF-dressed states generated by the coupling between
|B, m〉 and |D, n〉, we move to the rotating frame defined by
e−iωRFt (m|B′〉 〈B′ |+n|D′〉 〈D′|), and we use the RWA, wherein we
ignore all the oscillating terms [32,33,48]. Then we obtain the
time-independent Hamiltonian as follows:

ĤRWA ≈

⎡
⎢⎣

�b′
m λb′

m �m−n(
λb′

m

)∗
0 iλd ′

−n

�m−n (iλd ′
−n)∗ �d ′

n

⎤
⎥⎦. (21)

Since the MW driving is weak, we assume that λb′
k � 0 and

λd ′
k � 0. In this case, we can analytically diagonalize the

Hamiltonian in Eq. (21). Based on the energy difference be-
tween the ground and excited state, we obtain the resonant
frequency as follows:

ωMW ≈ D̃GS + m + n

2
ωRF

±
√(

V + m − n

2
ωRF

)2

+ �2
m−n. (22)

When the resonant condition �b′
m ≈ �d ′

n is satisfied, the (m −
n)-RF-photon resonance occurs and generates the RF-dressed
states, which exhibit an energy split of 2�m−n. The RWA
is valid when λb′

k and λd ′
k are much smaller than ωRF. In

addition, as we increase �RF, the Bessel functions, Jk ( 2ωL�RF
ωRFV )

and Jk ( 4ωL�RF
ωRFV ), become smaller, and the RWA becomes more

accurate [48]. However, since it is experimentally difficult to
realize such an ultrastrong RF driving regime, confirming this
was out of the scope of this study.

RWA is valid when the off-diagonal component �m−n is
much smaller than the oscillating frequency, ωRF. Therefore,
as we increase the amplitude of the RF driving, the approxi-
mation breaks down. As a result, we cannot explain some of
the resonances by using this analytical solution. On the other
hand, the numerical results with the Floquet theory are still
valid even for strong RF driving.

To overcome the limitations of the RWA, we use the
van Vleck (vV) transformation [31,49,50]. When calculating
the effective Hamiltonian Eq. (21) up to the second-order

correction using the vV transformation, we obtain

ĤvV ≈ Ĥ (1)
vV + Ĥ (2)

vV

=

⎡
⎢⎣

�b′
m + δb′

m,n λb′
m �m−n(

λb′
m

)∗
δ0

m,n iλd ′
−n

�m−n −i(λd ′
−n)∗ �d ′

n + δd ′
m,n

⎤
⎥⎦, (23)

where

δb′
m,n :=

∑
k 
=0

�2
k−m+n − �2

k+m−n + ∣∣λb′
k−m

∣∣2 − ∣∣λb′
k+m

∣∣2

2kωRF
, (24)

δ0
m,n :=

∑
k 
=0

∣∣λb′
k+m

∣∣2 − ∣∣λb′
k−m

∣∣2 − ∣∣λd ′
k+n

∣∣2 + ∣∣λd ′
k−n

∣∣2

2kωRF
, (25)

δd ′
m,n :=

∑
k 
=0

�2
k+m−n − �2

k−m+n + ∣∣λd ′
k−n

∣∣2 − ∣∣λd ′
k+n

∣∣2

2kωRF
. (26)

By calculating the energy difference between the ground and
excited states, we obtain the resonant MW frequencies as

ωMW ≈ D̃GS − δ0
m,n + m + n

2
ωRF

±
√(

V + δb′
m,n − δd ′

m,n

2
+ m − n

2
ωRF

)2

+ �2
m−n.

(27)

By including the higher-order corrections described in
Eq. (17), we can obtain a more accurate analytical solution.
This is left for a future work study.

III. RESULT

A. Setup

To verify this theory, we performed experiments using
a home-built confocal laser microscope setup with NV en-
sembles, as in Ref. [18]. The diamond sample used was a
N-doped CVD-grown NV layer with a thickness of 4.9 µm
on a (111)-oriented diamond substrate. The NV concentration
was estimated to be ∼1016 / cm3 . The NV orientation was
preferentially aligned along the [111] direction of the dia-
mond lattice [51–54]. The NV ensembles were excited using
a 532 nm green laser with an average power of 0.080 mW.
The spin-dependent photoluminescence was measured using
an avalanche photodiode under the continuous application of
the MW and the RF field to obtain the CW-ODMR spectra
under ESDR conditions (i.e., the ESDR spectra). The MWs
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FIG. 2. (a) ESDR spectra under a DC bias magnetic field perpendicular to the NV axis as measured by sweeping MW and RF frequencies
for a weak RF field with BRF = 69.8 µT. (b) Comparison of the resonant frequencies obtained experimentally and those obtained from analytical
solutions under a weak RF field. Experimental resonant frequencies were extracted from (a), while analytical solutions without and with
parallel DC bias magnetic field ωL were obtained using Eqs. (11), (12), and (22). (c), (d) Results of numerical simulations performed using
Floquet Hamiltonian (c) without and (d) with a parallel DC bias magnetic field. Parameters used for simulation in (c) [(d)] are D̃GS/(2π ) =
2.8825 GHz, M̃x/(2π ) = 9.09 MHz/2 [M̃x/(2π ) = 4.40 MHz, ωL/(2π ) = 0.50 MHz] and λb′

/(2π ) = λd ′
/(2π ) = 0.12 MHz. Dashed lines

in (a) and (b) indicate resonant frequency between |B〉 (|B′〉) and |D〉 (|D′〉), and anticrossing structures emerge near dashed lines. There is
good agreement between experimental and analytical results, and the parallel bias magnetic field had no effect under the weak RF field.

were irradiated at a power of −30 dB from an MW antenna
placed on the opposite side of the NV layer [55]. The RF fields
were irradiated by placing a copper wire on the NV layer.
During all the ESDR experiments performed in this study,
we swept the MW frequency for different RF frequencies and
amplitudes under a DC bias magnetic field perpendicular to
the NV axis.

B. Preliminary experiment without RF field

As a preliminary experiment, we measured the CW-ODMR
spectrum without a RF field. As shown in Fig. 1(b), we ob-
served two dips corresponding to the two resonances. One
of them corresponds to a transition from |0〉 to |B′〉, while
the other corresponds to a transition from |0〉 to |D′〉. This
ODMR spectrum could be fitted using a harmonic oscillator
model [17,18,44]. From the fitting, we obtained D̃GS/(2π ) =
2.8825 GHz (zero-field splitting), 2V = 9.09 MHz (the res-
onant frequency between |B′〉 and |D′〉), and λb/(2π ) =
λd/(2π ) = 0.12 MHz (the MW amplitudes).

C. Weak RF regime

Next we performed the ESDR experiment under a weak
RF field with �RF/(2π ) ≈ 1.96 MHz (BRF = 69.8 µT), which
satisfied the RWA condition for single-RF-photon resonances,
�RF � 2M̃x(2V ). Under the continuous application of the
MW and the RF field, we measured the ESDR spectra while
setting the amplitude of the RF field at BRF = 69.8 µT and
varying its frequency. The results are shown in Fig 2(a). An-
ticrossing structures were observed when we set ωRF/(2π ) =
9.09 MHz [dashed line in Fig. 2(a)]. The corresponding ESDR
spectra are shown in Fig. 2(b). This result indicates the
formation of RF-dressed states. Importantly, we did not ob-
serve a clear anticrossing behavior near the RF frequency
of ωRF/(2π ) = 4.5 MHz under the weak RF field. Here we
considered the effect of a parallel DC magnetic field in the

calculations, because an unintentional parallel DC magnetic
field may have been applied in the actual experiment.

Using Eq. (9), we numerically simulate the ESDR spec-
tra without (with) a parallel DC bias magnetic field, ωL, as
shown in Fig. 2(c) [Fig. 2(d)]. We then truncated the Floquet
Hamiltonians in Eqs. (8) and (17) to 405 × 405 matrices and
set M̃x/(2π ) = 4.40 MHz and ωL/(2π ) = 0.60 MHz. Here
the parallel DC magnetic field, B(bias)

z = ωL/γe ≈ 0.02 mT, is
relatively small compared with the Earth’s magnetic field of
≈0.05 mT. This is because the effect of the Earth’s magnetic
field and the misalignment of the perpendicular DC magnetic
field probably cancel each other. Moreover, we extracted the
resonant MW frequencies from Fig. 2(a) and compared them
with the analytical solutions obtained using Eqs. (11), (12),
and (22), as shown in Fig. 2(b).

With respect to the resonant MW frequencies, both the
numerical and analytical solutions agreed with the experi-
mental result. However, there was a small deviation between
the experimental and theoretical results in the case of the
contrast and linewidth. This is because we did not consider the
effect of the initialization by the laser and the decoherence for
simplicity. More importantly, we did not observe any signifi-
cant differences between the numerical simulations performed
with and without the parallel bias magnetic field, ωL, with
respect to the resonant frequencies in the weak RF regime,
�RF � 2M̃x(2V ). This is because the parallel magnetic field
induces multi-RF-photon resonances but does not signifi-
cantly affect single-RF-photon resonances. We observed the
anticrossing structures under the parallel bias magnetic field.
However, the splitting of the anticrossing structures under the
weak RF field was much smaller than that under the strong RF
field, as discussed in Sec. III D.

D. Strong RF regime

In the second experiment, we applied a strong RF field
with an amplitude of BRF = 136.8 µT and measured the ESDR
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FIG. 3. (a) ESDR spectra under a DC bias magnetic field perpendicular to the NV axis as measured by sweeping MW frequencies and
RF frequencies under a strong RF field with BRF = 136.8 µT. (b) Comparison of extracted resonant frequencies obtained experimentally
and those obtained from numerical simulations (c, d) under a strong RF field. Experimental resonant frequencies were extracted from (a),
and numerically determined were extracted from (c) and (d). (c, d) Results of numerical simulations performed using Floquet Hamiltonian
(c) without and (d) with a parallel bias magnetic field. Parameters used are same as in Fig. 2. In (a)–(d) dashed lines indicate resonant
frequency, ωRF/(2π ) = 9.09 MHz, of single-RF-photon resonances, and dotted lines indicate resonant frequency, ωRF/(2π ) = 5.50 MHz,
of two-RF-photon resonances. There is good agreement between experimental results and those of theoretical calculations that consider a
parallel bias magnetic field. In contrast, theory without a parallel bias magnetic field could not reproduce anticrossing structures induced by
two-RF-photon resonances.

spectra while varying the frequency of the RF field. The RWA
condition began to collapse owing to the large RF amplitude,
�RF. Figure 3(a) shows the experimental results under the
strong RF field. Similar to the case for the ESDR spectra
under the weak RF field, the anticrossing structures corre-
sponding to the single-RF-photon resonances were observed
around the RF frequency, ωRF/(2π ) = 9.09 MHz, with large
splitting energy as indicated by the dashed line in Fig. 3(a).
In contrast to the weak RF regime, we observed additional
anticrossing structures when the RF frequency, ωRF/(2π ),
was approximately 5.5 MHz, as indicated by the dotted line in
Fig. 3(a). The resonant RF frequency, ωRF/(2π ), correspond-
ing to these additional anticrossing structures was slightly
different from the half of the energy gap between |B′〉 and
|D′〉, that is, 4.54 MHz. This was owing to the Bloch-Siegert
shift [56] because of the large anticrossing structures near the
RF frequency ωRF/(2π ) = 9.09 MHz. To quantify the Bloch-
Siegert shift, we can use the analytical solutions, ωMW ≈
M̃x + �2

RF/M̃x, derived from a simple model, and estimate the
resonant RF frequency considering the Bloch-Siegert shift as
ωRF/(2π ) ≈ 5.24 MHz, as discussed in Appendix C.

Figures 3(c) and 3(d) show the results of the numerical sim-
ulations of the truncated Floquet Hamiltonians (dimensions of
405 × 405) in Eqs. (8) and (17), respectively. Both simula-
tions in Figs. 3(c) and 3(d) could reproduce the anticrossing
structures around the RF frequency ωRF/(2π ) = 9.09 MHz as
well as the sideband resonances. However, the anticrossing
structures specific to the strong RF field would not be repro-
duced by the simulations without the parallel bias magnetic
field, ωL. In contrast, the simulation with the parallel bias
magnetic field, ωL, could reproduce the anticrossing structures
around the RF frequency, ωRF/(2π ) = 5.5 MHz. For compari-
son, we extracted the resonant frequencies from Figs. 3(a) and
3(c) and plotted them in Figs. 3(b) and 3(d), respectively. The
numerical results obtained considering parallel bias magnetic

field, ωL, shown in Fig. 3(d) agreed with the experimental re-
sults shown in Fig. 3(a). Therefore, the anticrossing structures
specific to the strong RF field are induced by the two-RF-
photon resonances allowed by the parallel bias magnetic field,
as discussed in Sec. II B.

In this study, we demonstrate only single-RF-photon and
two-RF-photon resonances. However, in principle, it should
be possible to observe the anticrossing structures owing to the
more RF-photon resonances by using a stronger RF field.

E. Validity for analytical solutions

In the third experiment, we fixed the RF frequency,
ωRF/(2π ), to 9.09 MHz while changing the RF amplitude,
BRF, and measured the ESDR, as shown in Fig. 4(a). As
discussed in Refs. [16,20], the anticrossing gaps induced by
single-RF-photon resonances increase linearly with an in-
crease in the RF amplitude, BRF. We adopted the analytical
solutions described by Eqs. (11), (12), and (22) and attempted
to fit the experimental results using them. In both cases, the
calculation results agreed with the experimental ones. More-
over, the analytical solution in Eq. (22) reproduced even the
resonant frequencies of the sidebands. However, because we
used the RWA to derive the analytical solutions in Eqs. (11),
(12), and (22), these solutions will not be valid for strong RF
fields. When the Rabi frequency of the RF field is larger than
half the resonant RF frequency (�RF > ωRF/2) [25,36], the
RWA is usually invalid. The analytical solutions in Eqs. (11),
(12), and (22) started to deviate from the experimental re-
sults at frequencies higher than the Rabi frequency, �RF >

4.54 MHz [this RF amplitude is indicated by the dotted line in
Figs. 4(a) and 4(b)].

To observe the two-RF-photon resonances, we measured
the ESDR by setting the RF frequency as 4.54 MHz while
changing the RF amplitude. The results are shown in Fig. 4(c).
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FIG. 4. (a), (c) ESDR spectra under bias magnetic field perpendicular to NV axis as measured by changing RF amplitude BRF while keeping
the RF frequency at (a) ωRF/(2π ) = 9.09 MHz (single-RF-photon resonance) and (c) 4.54 MHz (two-RF-photon resonance). (b) Comparison
of resonant frequencies extracted from (a) and the analytical solutions given by Eqs. (11), (12), and (22). Analytical solutions obtained using
Eqs. (11), (12), and (22), which were obtained with and without a parallel DC magnetic field, respectively, agree with experimental results.
(d) Comparison of resonant frequencies extracted from (c) and those obtained from analytical solutions given by Eq. (22), which was based on
RWA, and in Eq. (27), which was based on vV transformation. In (a) and (b) [(c) and (d)], dotted lines indicate boundaries of RWA conditions
�RF > ωRF/2 [25,36], which was calculated from ωRF/(2π ) = 9.09 MHz (4.54 MHz). Analytical solutions given by Eqs. (11), (12), and (22)
use RWA, which starts being violated in the area above the dotted line. In contrast, the analytical solution given by Eq. (27) does not use RWA
and can reproduce resonant frequencies beyond RWA conditions.

The resonant RF frequencies of the two-RF-photon reso-
nances were smaller than those of the single-RF-photon
resonances. This implies that the RWA is violated for smaller
RF amplitudes. Thus, we used the vV transformation to ob-
tain the analytical solutions that would be valid for a strong
RF field. In Fig. 4(d) the experimentally measured resonant
frequencies are plotted. In addition, we compared the results
with the resonant frequencies calculated using the RWA and
the vV transformation [see Eqs. (22) and (27)]. When we
used the analytical solutions with the RWA, we could not
reproduce the experimental results for a strong RF field as
shown in Fig. 4(d). This is because the RWA is violated for
�RF > 2.27 MHz [indicated by the dotted line in Fig. 4(d)].
However, the results obtained using the vV transformation
(indicated by the dashed line) were in better agreement with
the experimental results, as shown in Fig. 4(d). This is be-
cause we considered a higher-order correction, as mentioned
in Sec. II C.

IV. CONCLUSIONS AND FUTURE PROSPECTS

In this study, we theoretically and experimentally inves-
tigated the phenomenon of ESDR under strong RF fields.
We observed the anticrossing structures attributable to multi-
RF-photon resonances and reproduced the ESDR spectra of
the NV centers through numerical simulations based on the
Floquet theory. Moreover, using the vV transformation, we
derived analytical solutions for the anticrossing structures ob-
served under the strong RF field. Our results provide insights
into the phenomenon of ESDR, including the mechanism
responsible for the anticrossing structures and the role of a
parallel magnetic field. In addition, they should aid in the
realization of practical RF sensors with NV centers and allow
for the exploration of Floquet engineering in open quantum
systems.

Finally, we discuss the direction for future work on the
topic. First, these results will aid in the realization of practical
RF sensors based on the CW-ODMR of NV centers. Our
previous understanding of the effect of a strong RF field on the
phenomenon of ESDR was limited. Because we elucidated the
mechanism of the ESDR under strong RF fields, it should be
possible to develop practical RF sensors with a wider dynamic
range.

Next, the results of this study should help simulate various
quantum phenomena in strong driving fields. Floquet engi-
neering, which involves the creation of quantum systems with
desired properties using a driving field, has succeeded in real-
izing various quantum phenomena [30]. In such experiments,
the quantum systems are well-designed isolated systems; the
dissipation can be negligible [40–42]. However, most ma-
terials interact with the environment in reality, and their
dissipation is not negligible. Moreover, it is usually difficult
to detect the quantum states of such materials [57]. Therefore,
it is necessary to extend Floquet engineering to open quantum
systems. Because the NV center is robust to dissipation by
the environment, and its spin state can be easily manipulated
and readout with high fidelity, it is an ideal model for Floquet
engineering in open systems [40,41]. Strong driving (or mul-
tiphoton) phenomena in NV centers have been reported using
different methods and setups [23,24,37,46,47,58]. However,
in most previous studies, an MW was used instead of a RF
field. Because it is easier to go beyond the RWA regime in
the case of RF fields compared with MWs, our approach
may be more promising for observing phenomena owing to
the breakdown of the approximation. Although a few stud-
ies have used a RF field, one needs to use multiple driving
fields to realize strong driving phenomena; this results in high
power consumption and requires complex control. Therefore,
generating RF-dressed states using their approaches is not
straightforward.
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APPENDIX A: EFFECT OF A PERPENDICULAR
DC BIAS MAGNETIC FIELD

The Hamiltonian of the NV center under the bias magnetic
field perpendicular to the NV axis is described as

Ĥ0 = DGSŜ2
z + Mx

(
Ŝ2

x − Ŝ2
y

) + γeBxŜx + γeByŜy. (A1)

Here the strain is considered to be along the x direction. It
is difficult to diagonalize the Hamiltonian in Eq. (A1). Thus,
we treat the bias magnetic field terms as a perturbation under
the assumption that Bx, By � DGS. From the second-order
perturbation theory, the Hamiltonian in Eq. (A1) is rewritten
as [17,18,43]

Ĥ0 ≈ D̃GSŜ2
z + M̃x

(
Ŝ2

x − Ŝ2
y

)
, (A2)

where

D̃GS := DGS + 3

2

( ‖γeBx‖2

DGS + Mx
+ ‖γeBy‖2

DGS − Mx

)
,

M̃x := Mx + 1

2

( ‖γeBx‖2

DGS + Mx
− ‖γeBy‖2

DGS − Mx

)
. (A3)

APPENDIX B: FLOQUET THEORY

Let us consider the time-dependent Schrödinger equa-
tion with a time-periodic Hamiltonian (h̄ = 1):

Ĥ (t )|ψ (t )〉 = i
d

dt
|ψ (t )〉, Ĥ (t ) = Ĥ (t + T ), (B1)

where T = 2π/ω denotes the time periodicity. Using Flo-
quet’s theorem, which is similar to Bloch’s theorem, the
solution of Eq. (B1) can be written as a linear combination
of the Floquet states, as follows:

|ψα (t )〉 = e−iεαt |φα (t )〉 (B2)

Here |φα (t )〉 = |φα (t + T )〉 is the Floquet mode and εα is
called the quasienergy. We use the Fourier expansion,

Ĥ (t ) =
∑

m

Ĥ (m)eimωt , |φα (t )〉 =
∑

m

eimωt
∣∣φ(m)

α

〉
, (B3)

where Ĥ (n) and |φ(n)
α 〉 are the nth Fourier coefficients of

Ĥ (t ) and |φ(m)
α 〉, respectively. On substituting these into

Eq. (B1), we obtain the infinite-dimensional time-independent
eigenvalue equation [27]∑

m

(Ĥ (n−m) + mωδm,n1̂)
∣∣φ(m)

α

〉 = εα

∣∣φ(n)
α

〉
, (B4)

where δm,n is the Kronecker delta and 1̂ is the identity op-
erator. For convenience, we introduce the extended Hilbert

space or the Sambe space, F := H ⊗ T [28], where H and T

are the Hilbert spaces for the quantum states and T -periodic
functions, respectively. A quantum state einωt |α〉 in the Hilbert
space corresponds to |α, n〉 := |α〉 ⊗ |n〉 in the Hilbert space.
Moreover, we use the Floquet ladder operators F̂n and the
Floquet number operator, N̂ , as defined in [31]:

F̂n|m〉 = |n + m〉, N̂ |n〉 = n|n〉. (B5)

Then Eq. (B4) can be simply written as

ĤF |φα〉 = εα|φα〉, (B6)

where ĤF is the Floquet Hamiltonian defined as

ĤF :=
∑

m

F̂m ⊗ Ĥm + N̂ ⊗ ω1̂ (B7)

=

⎡
⎢⎢⎢⎢⎢⎢⎢⎣

. . .
...

...
...

· · · Ĥ (0) + ω1̂ Ĥ (+1) Ĥ (+2) · · ·
· · · Ĥ (−1) Ĥ (0) Ĥ (+1) · · ·
· · · Ĥ (−2) Ĥ (−1) Ĥ0 − ω1̂ · · ·

...
...

...
. . .

⎤
⎥⎥⎥⎥⎥⎥⎥⎦

. (B8)

Therefore, the Floquet theory can be used to convert the
time-dependent Schrödinger equation given in Eq. (B1) into
an eigenvalue problem of the infinite-dimensional, time-
independent Hamiltonian given in Eq. (B8).

APPENDIX C: EVALUATION OF THE
BLOCH-SIEGERT SHIFT

In this section we discuss ways to qualify the Bloch-Siegert
shift. Here we focus on the two-RF-photon resonance between
|B,−1〉 and |D,+1〉, which occurred around the MW fre-
quency, ωMW ≈ 2.8825 GHz. The two-RF-photon resonance
occurs where the resonant MW frequency of |B,−1〉 is the
same as that of |D,+1〉 with respect to the single-RF-photon
resonances. Finding such a condition from Eqs. (11) and (12),
we obtain

ωRF ≈ M̃x + �2
RF/V. (C1)

FIG. 5. Comparison of the resonant RF frequencies for two-RF-
photon resonances between the analytical solutions given by ωRF ≈
M̃x + �2

RF/M̃x , the numerical results, and the experimental results
extracted in Fig. 3(a).
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Thus, under the strong RF field with BRF ≈ 136.8 µT, the
resonant RF frequency considering the Bloch-Siegert shift
is calculated as ωRF/(2π ) ≈ 5.24 MHz. There is a small
difference between the experimental value of 5.50 MHz
and the analytical value of 5.24 MHz. This is because we
adopted a perturbative approach to derive the analytical value,
which is valid only when the RF amplitude is weak. On

the other hand, as shown in Fig. 5, the numerical simu-
lation without the perturbation effectively reproduced the
experimental results. Moreover, as the RF amplitude was
reduced, the value from the analytical solution became
closer to that from the numerical simulation. This behav-
ior is consistent with the fact that we used the perturbation
theory.
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