
PHYSICAL REVIEW A 107, 012818 (2023)

Electronic stopping power of magnesium including inner-electron excitation
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The electronic stopping power of magnesium for protons and He ions is studied by a nonequilibrium approach
based on real-time time-dependent density-functional theory combined with Ehrenfest molecular-dynamics
simulation. The electronic stopping power of Mg for energetic protons and He ions is calculated, and the
microscopic excitation mechanism for the inner 2p electron of Mg and its contribution to electronic stopping
power is revealed. In the low-energy range, the velocity proportionality of the electronic stopping power of
Mg for protons is displayed. The low-energy stopping power of Mg for He ions displays deviations from the
velocity proportionality, which is ascribed to the electronic structure of He ions that enables an additional
energy-loss channel due to charge exchange. Our calculated stopping power is in a quantitative agreement with
the experimental data up to the stopping maximum, and the stopping power including also 2p-electron excitation
is considerably improved compared to that with only the valence electron taken into account. Our results showed
that the contribution of p-electron excitation to the electronic stopping is remarkable in the high-velocity regime.
The scaling relationship

√
Sα/SH = qα/qH can be extended to low velocities provided that the mean steady-state

charge is employed instead of assuming fully ionized charges and considering also 2p-electron excitation of Mg.

DOI: 10.1103/PhysRevA.107.012818

I. INTRODUCTION

The study of energy deposition of charged ions traveling
through materials is an active field in particle and nuclear
physics. The interaction between ions and substances, such
as metals [1,2], semiconductors [3,4], insulators [5,6], and
liquids [7,8], is significantly important in many applied fields
such as nuclear engineering [9,10], materials science [11], and
radiotherapy [12]. An ion with velocity v loses energy subject
to a decelerating force from the host atoms when penetrating
materials, and the stopping power S is usually employed to
quantify this energy loss, which is defined as the energy loss
from the projectile to the target system per unit path. The S can
be partitioned into two parts: electronic stopping power Se due
to electronic excitations by inelastic collisions between ions
and host electrons, and nuclear stopping power Sn ascribed
to atomic displacement by elastic collisions between ions and
host nuclei [13–15].

The low-energy Se of materials has been extensively stud-
ied in the past decades [16–21]; the electronic structure and
details in the density of states (DOS) of the irradiated sub-
stance become important for the electronic energy loss of
slow ions. Therefore, the study of the underlying physical
mechanism of the electronic energy loss of slow ions traveling
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in materials has attracted great attention [11,22,23]. Many
theoretical models [24–28] have been developed to understand
the physical mechanism for Se of materials for the charged
ions. Bethe [27] calculated the Se using quantum-mechanical
perturbation theory, and found the Se is proportional to the
square of the fully ionized charges of the particles. The Se of
the free-electron gas (FEG) model [28] can be expressed as
Se = Q(Z1,rs)v in the low-energy range, in which the friction
coefficient Q is a function of the atomic number of the projec-
tile, Z1, and the Wigner-Seitz radius of the FEG, rs. The FEG
model is valid for the Se of slow ions in metals in which only
delocalized conduction electrons are considered to be excited.
This has been experimentally confirmed in many materials at
ion velocities below Bohr velocity [20,29]. At high velocities,
another widely used analytical model is Lindhard-Winther
theory [30], which describes the Se via the dielectric function
for the FEG model:

S(Z1, v) = 4πZ1
2e4

mev2
naL(v) (1)

where Z1 is the atomic number of the projectile ion, v is the
ion velocity, and na is the electron density of the FEG model.
L(v) is a velocity-dependent quantity called the stopping log-
arithm [31,32]; this quantity is given according to the mean
excitation energy of the target material in Bethe theory, or
as the energy or wave-vector dependent dielectric response
function in the formula of Lindhard and Winther [30]. Unfor-
tunately, the influence of lattice structure and inhomogeneity
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of electron density is completely ignored by the FEG model
or the Lindhard-Winther linear-response model. In addition,
the projectile ions are assumed fully stripped and the electron
density is input as an external parameter in the two models. In
order to accurately describe electronic stopping, lattice struc-
ture and electronic structure of host materials as well as charge
exchange between ions and host atoms should be consid-
ered, and these characteristics become particularly important
in the low-energy stopping. The real-time time-dependent
density-functional theory (RT-TDDFT) has explicitly taken
into account the effects of the inhomogeneity in electron den-
sity due to these characteristics. Hence, RT-TDDFT provides
a powerful theoretical tool to accurately determine the Se of
a variety of projectile-target combinations, and it provides
physical insight into the nonadiabatic behaviors occurring in
the electronic stopping at the atomic level.

Recently, the Se of solids for protons and He ions showed
unexpected deviations from velocity proportionality in the
low-energy range. The stopping cross section (SCS) of Au
[16], Ag, and Cu [17] for protons deviates from the velocity
proportionality due to the d-electron excitation at 0.175, 0.19,
and 0.2 a.u., respectively. The velocity at which the excitation
of d electrons is triggered is called kink velocity. Quashie et al.
[33] calculated the Se of copper for protons by performing
RT-TDDFT simulations, and the Se displays a deviation from
the velocity proportionality at 0.07 a.u., which is due to the
d-electron excitation of Cu. It was also reported that the off-
channeling stopping is greatly improved and consistent with
the experimental data compared with the channeling stopping.
Markin and coworkers studied the electronic energy loss of
light ions in insulators with large band gaps at very low ve-
locities, and the SCS of LiF [34] and KCl [35] for H and He
ions showed the threshold velocity below which the electronic
excitation is prohibited and the electronic stopping vanishes.
Recent measurements showed that the SCS of Al [36] and
Pt [37] for protons is perfectly proportional to velocity, as
expected by the FEG model. However, a distinct departure
from the velocity proportionality was observed for He ions
in Al [36], and this deviation is interpreted as an additional
energy-loss channel due to the complex electronic structure of
He ions and the charge exchange between He and aluminum
atoms in close encounters.

At high velocities, the electronic energy loss of ions is
mainly due to the excitation of inner-shell electrons of the
host materials. Lohmann and Primetzhofer [3] measured the
electronic energy loss of protons and He ions transmitting
through single-crystalline silicon in both channeling and off-
channeling geometries; the relative contribution of the core
electron excitation to the electronic stopping is given as a
function of projectile velocity. Ullah et al. [1] studied the Se

of self-irradiated Ni, and revealed the importance of core elec-
tron excitation of target atoms, especially in the high-energy
regime. Ojanperä et al. [38] calculated the electronic energy
loss of ions traversing the graphene target and indicated that
accounting for core electron excitations of both projectile and
target atoms is crucial for a quantitative description of the Se.
Yao et al. [39] calculated the Se of water for protons and
pointed out the K-shell core electron excitation of oxygen
atoms was found to be pivotal in determining the Se beyond its
maximum. These results indicate that the contribution of core

electron excitation and off-channeling incidence geometry
should be considered in theoretical investigation to improve
the Se. Bergsmann et al. [40] studied the stopping of protons
and He ions in Mg, and the results showed that the SCS
for He ions is higher than that predicted by the FEG model
considering only conduction electrons; this discrepancy was
assumed to be caused by the electron promotion which is due
to the overlap between He 1s and Mg 2p orbitals, and the
excitation of the inner-shell electrons of Mg.

In this paper, we present RT-TDDFT calculation of Se of
Mg for protons and He ions moving along both midpoint and
off-channeling trajectories. We focus on the threshold velocity
for 2p-electron excitation of Mg in the low-energy region and
the contribution of 2p-electron excitation to the Se in the high-
energy region. Finally, the charge state of protons and He ions
is calculated, and validity of linear-response theory to describe
the Se of Mg is examined.

II. METHOD AND COMPUTATIONAL DETAILS

To study the physical mechanism for the electronic energy
loss of ions in magnesium, the RT-TDDFT combined with
molecular-dynamics [41–43] scheme is employed to calcu-
late the Se of Mg for protons and He ions. This scheme
makes it possible to study the nonequilibrium response of the
electronic subsystem of the media under ion irradiation, and
RT-TDDFT simulations provide physical insights into the role
of electronic structure of both the projectile and the target on
the Se [44,45]. The molecular dynamics allows us to study the
trajectories of ions in solids in real time.

The time-dependent Kohn-Sham equations are employed
to describe the evolution of the energy of the system (atomic
units are used hereafter):

i
∂ϕi(r, t)

∂t
=

[
− 1

2
∇2 + VKS[n, {RJ(t)}](r, t)

]
ϕi(r, t), (2)

where RJ(t) is the time-dependent position of the nuclei. The
electronic states are evolved in time with a self-consistent
Hamiltonian that is a functional of electron density. The Kohn-
Sham effective potential VKS[n,{RJ}](r,t) is given by

VKS[n, {RJ}](r, t) = Vext[{RJ}](r, t) + VH[n](r, t)

+VXC[n](r, t), (3)

in which Vext (r, t) is the time-dependent electron-nucleus po-
tential, VH[n](r, t) is the Hartree potential which describes
the classical electrostatic interaction between electrons, and
VXC[n](r, t) presents the time-dependent exchange-correlation
potential. The electron density of the system is given by

n(r, t) = 2
∑

i

|ϕi(r, t)|2. (4)

In this paper, the bulk Mg is modeled by a 3 × 3 × 3
hexagonal close-packed supercell containing 54 atoms, with
periodic boundary conditions along with Ewald summa-
tion [46] being employed in three dimensions throughout
this paper. The interaction between the valence electrons
and the ionic cores for both Mg atoms and the projectile
ions is described by the norm-conserving Troullier-Martins
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FIG. 1. The kinetic-energy change as a function of the displace-
ment of He ions traveling along the midpoint trajectory. The inset
shows the top view of the incidence geometry. The gray circles
represent the magnesium atoms, and the black circle indicates the
impact location of the projectiles.

pseudopotential [47]. The adiabatic local-density approxi-
mation (ALDA) with Perdew-Wang parametrization [48] is
adopted for the exchange-correlation potential. Only one k
point (Γ ) is sampled in the Brillouin zone of the supercell.
The wave functions, electron densities, and external potentials
are discretized in a real-space grid with uniform spacing of
0.16 Å along all three spatial coordinates in the simulation
cell, which has been checked to yield well-converged Se. To
investigate the threshold velocity of 2p-electron excitation and
its contribution to the Se of Mg explicitly, two pseudopoten-
tials were constructed for the Mg atom. One pseudopotential
containing two electrons in the valence electron configuration
is referred to as Mg2 ([Ne]3s2), and the other one containing
eight electrons is referred to as Mg8 ([He2s2]2p63s2). The
contribution of inner 2p-electron excitation to Se is revealed
by comparing the Se obtained from the two pseudopotential
models.

In the time-dependent evolution, the projectile is origi-
nally placed on the boundary of the simulation box, and an
initial velocity is given instantaneously at the beginning of
the time evolution simulations. All Mg atoms are fixed at
their equilibrium positions in the time-dependent simulations
[32,33]. Therefore, the nuclear stopping can be ignored during
the stopping process. The kinetic energy of the projectiles
is gradually deposited into the electronic subsystem of Mg
through inelastic collisions with host atoms as the projectiles
are moving in the midpoint trajectory and off-channeling ge-
ometries. The trajectories of the ions are integrated by the
Verlet algorithm, and the approximated enforced time-reversal
symmetry method is employed for propagating the electronic
wave functions with a certain step length so that �t × v
≈ 2.4 ×10−3 Å (except for the case of 0.05 a.u. which is
1.2 ×10−3 Å), which is used to ensure the convergence of the
total energy. In the midpoint geometry, the projectiles move
along the c axis of Mg and the incident point is shown in
the insets of Fig. 1. The instantaneous Se is defined as the

FIG. 2. Electronic stopping power of magnesium for protons and
He ions moving along the midpoint trajectory obtained from Mg2
and Mg8 pseudopotential models as a function of velocity. Experi-
mental data from Ref. [52] are also presented.

energy-loss rate of the projectile kinetic energy E(x) with
respect to projectile displacement x, Se = −dE(x)/dx.

Figure 1 shows the kinetic-energy change as a function
of the displacement of He ions traveling along the midpoint
trajectory at different velocities. The oscillation of the kinetic-
energy loss displays the periodicity of the lattice structure. It
is important to note that the charge state of the projectile is not
controlled externally, but it is part of the RT-TDDFT calcula-
tions. Notably, the sudden movement of the projectiles and the
capture of electrons from the host atoms at the beginning of
time-dependent evolution result in a “transient” on the kinetic-
energy loss before the ions reach the equilibrium charged
state. In order to eliminate the influence of this transient on
the accuracy of the Se, the Se is extracted after the projectiles
have achieved the equilibrium charge state. The equilibrium
Se is obtained by averaging the instantaneous Se over the two
lattice periods [49] between the two vertical dashed lines, as
indicated in Fig. 1.

For the off-channeling geometry, four incident points and
three incident directions for each incident point are randomly
sampled for the projectiles; each incident direction is de-
scribed by a unit direction vector which is generated by
random numbers. As many impact parameters as possible are
probed by each off-channeling trajectory, and the head-on-
head collision is avoided in the off-channeling trajectories,
so there are 12 off-channeling trajectories at each velocity.
The off-channeling Se is obtained by averaging the stopping
power over the 12 off-channeling trajectories for each ve-
locity. All calculations are performed by the OCTOPUS code
[50,51].

III. RESULTS AND DISCUSSION

The Se of Mg for protons and He ions traveling along
the midpoint trajectory for ion velocities ranging from 0.1 to
0.8 a.u. is shown in Fig. 2. The figure also holds experimental
stopping data [52] for He ions. The Se of protons obtained
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FIG. 3. (a) The off-channeling stopping power of Mg for protons
and He ions as a function of velocity. (b) The corresponding friction
coefficient Q is shown as a function of velocity. Experimental data
[52] along with FEG predictions based on DFT calculation for H
[53] and He [54,55] ions are also displayed.

from Mg2 and Mg8 pseudopotentials do not differ much in the
low-energy region, indicating that the 3s electron is sufficient
to describe the Se of protons moving along the midpoint trajec-
tory in the low-velocity regime. For He ions, the Se obtained
from the Mg8 pseudopotential is in a good agreement with
the experimental data [52], while the Se obtained from Mg2
pseudopotential rises with a higher slope. A comparison of
the Se obtained from the two pseudopotentials shows that the
addition of the 2p electron reduces the Se of He ions in the
low-energy range; the reason will be discussed later.

Figure 3 shows the off-channeling Se obtained from Mg2
and Mg8 pseudopotential models in the low-energy range,
along with the FEG predictions with Wigner-Seitz radius
rs = 2.66 (3s2) and 2.32 a.u. (2p13s2), which corresponds
to two and three electrons per Mg atom, respectively.
For protons, our off-channeling stopping obtained from the
Mg8 pseudopotential is consistent with the FEG result with
rs = 2.66 a.u. in the low velocity range. For He ions, the
off-channeling Se obtained from the Mg8 pseudopotential is
consistent with the FEG predictions with rs = 2.32 a.u. at
v � 0.2 a.u. The Se of He ions predicted by the FEG model

FIG. 4. The electronic density of states of Mg. The Fermi energy
is shifted to zero and the high values due to the 2p band are scaled
down by a factor of 4.

including eight electrons is much higher than our calculation,
which suggests that only partial 2p inner electrons are excited
in the low-energy range and the excitation of 2p electrons is
a gradual process. The corresponding friction coefficient Q
for protons and He ions is shown in Fig. 3(b). For protons,
the off-channeling Q obtained from the Mg8 pseudopotential
increases gradually to the FEG prediction considering only
3s electrons (rs = 2.66 a.u.) at v < 0.2 a.u., and the Q
values are in line with the FEG predictions including only
the 3s electron at v � 0.2 a.u. It can be derived that the 2p
electrons are not excited in the low velocity region. Although
the off-channeling Q obtained from the Mg2 pseudopotential
is consistently higher than that in the Mg8 pseudopotential at
v < 0.8 a.u., the differences between the two pseudopotentials
is gradually decreasing as the velocity increases. It means that
the introduction of the 2p electron suppresses the excitation of
the 3s electron, which is commonly known as the “shake-up”
effect [39]. For He ions, the shake-up effect shows up more
pronouncedly, and the off-channeling Q values obtained from
the Mg8 pseudopotential are in line with the experimental
data [52]. The off-channeling Se of He ions showed that 2p
electrons are excited beginning at 0.1 a.u.

The electronic DOS of Mg is shown in Fig. 4. The energy
distribution of the 3s band and the inner 2p band can be
distinguished by comparing the DOS results obtained from the
two pseudopotential models. As shown in Fig. 4, the occupied
2p states of Mg are located at about 32 eV below the Fermi
level. Consequently, the threshold velocity for excitation of
the 2p electron to the Fermi level can be calculated by the
following equation [33]:

vk = Ep

2h̄kF
, (5)

where Ep = 32 eV, and the Fermi wave vector kF = 1.92/rs =
0.72/a0 is for the FEG containing only 3s electrons of Mg
(rs = 2.66 a.u.). The calculated kink velocity vk = 0.82 a.u.
for both protons and He ions according to Eq. (5). Thus, one
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FIG. 5. The electronic stopping power of Mg for (a) H+ and
(b) He2+ ions as a function of velocity. The red and black lines
indicate the Se obtained from Mg2 and Mg8 pseudopotentials in
the midpoint trajectory, respectively. The red circles and black
squares represent the off-channeling Se within the two pseudopoten-
tial models, respectively. The black dashed line corresponds to the
tabulated stopping of the SRIM package [58]. Experimental data from
Refs. [52,56,57] are presented.

may assume that the 2p electrons do not participate in the
electronic stopping dynamics at v < 0.82 a.u. For protons, it
can be seen from Fig. 3 that 2p electrons are not excited under
the off-channeling condition below 0.8 a.u., which is consis-
tent with the calculated result from Eq. (5). For He ions, the
2p electrons are excited at v = 0.1 a.u. in the off-channeling
condition.

Figure 5 presents calculated Se of Mg for protons and
He ions in comparison with experimental measurements
[52,56,57] and SRIM predictions [58] in the velocity range
of 0.1 < v < 4.0 a.u. For the Mg8 pseudopotential, there
are some discrepancies in the Se between the midpoint and
off-channeling geometries, suggesting that the contribution
of 2p-electron excitation to Se is particularly sensitive to the
impact parameter. The Se including also the 2p electrons is
greatly improved beyond the stopping maximum compared
to those obtained from the Mg2 pseudopotential for both
midpoint and off-channeling trajectories, thereby verifying

that it is crucial to consider the contribution of 2p-electron
excitation to obtain a reasonable Se at high velocities. For
the Mg2 pseudopotential, there are some minor differences in
the Se between the midpoint and off-channeling geometries,
indicating that the contribution of 3s-electron excitation to Se

is related to the impact parameter when the protons approach
the Mg nuclei. As shown in Fig. 5(a), the off-channeling Se

of protons obtained from Mg2 and Mg8 is consistent with the
measured data [52] up to the stopping maximum, but lower
than the experimental data [52] beyond 1.4 and 1.7 a.u., re-
spectively. Making a comparison between the off-channeling
Se obtained from Mg2 and Mg8 pseudopotentials, as shown
in Fig. 5(a), it is found that the excitation of 2p electrons is
triggered at v > 0.8 a.u., which is consistent with the static
calculation of the kink velocity.

For He ions, it can be seen from Fig. 5(b) that the agree-
ment between the off-channeling Se including also the 2p
electron and the measured data is achieved up to 1.8 a.u.
The off-channeling Se including also 2p-electron excitation
is increased by 50.2% at v = 4.0 a.u. compared to the off-
channeling Se considering only valance electrons. In addition,
the introduction of 2p electrons shifts the stopping maximum
position of both midpoint and off-channeling trajectories to-
wards higher velocities. In general, the off-channeling Se of
both protons and He ions quantitatively underestimates the
experimental data beyond the stopping maximum, which may
be improved by incorporating more inner electrons in the
electronic stopping at higher velocities. For both protons and
He ions, the Se obtained in the midpoint trajectory is con-
sistent with that obtained in the off-channeling geometry for
both Mg2 and Mg8 pseudopotentials, except at the stopping
maximum position of He ions in the Mg8 pseudopotential,
just as the Se of the “centroid path” represents well for the
off-channeling stopping of SiC [32].

Linear-response theory predicts a quadratic dependence
of the Se on the charge state of a fully stripped projectile,
which neglects the charge capture ability of the projectile.
However, previous numerical studies [59–61], to some extent,
have revealed that the charge transfer between the projectiles
and the host atoms might be an important energy-loss channel
for slow ions. For this reason, it is instructive to study the
effect of ion charge state on Se. We explored whether the
description can be improved by using the velocity dependent
charge state of projectiles from our nonequilibrium simula-
tions rather than assuming fully ionized projectiles. The mean
steady-state charge of the projectiles moving along the mid-
point trajectories is calculated in our RT-TDDFT simulation.
The electron density captured by the projectiles is regarded as
spherically distributed. The space around the midpoint ions
is divided into different spherical shells depending on the
radius, in which the shell thickness is set to be 0.1 Å. The
electron density in these spherical shells is calculated, and
the electron density of the shells decreases to the minimum
with increasing the radius of the shell. The radius of the shell
with the lowest electron density is regarded as the border of
the electron density between the projectiles and Mg atoms,
which is adopted as the integration radius for calculating the
charges captured by the projectiles. Using the above method,
the radius that we choose for integrating the ion charge is
0.6 Å for both protons and He ions.
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FIG. 6. The mean steady-state charge of protons and He ions
traveling in the midpoint trajectory as a function of velocity.

The mean steady-state charge of the projectiles obtained
from our nonequilibrium RT-TDDFT simulations is shown in
Fig. 6. As expected, the charge of the projectiles increases
with the ion velocity, and the projectiles can be considered
as bare ions at v > 4.0 a.u. The results should not be regarded
as a quantitative prediction, since the ALDA employed in our
calculations is local in time and space, and it cannot give an
exact description for the electron exchange occurring in the
collisions. The deviations of the Se of He ions from the veloc-
ity proportionality in the low-energy region can be ascribed to
the charge exchange effect between He ions and Mg, which
is considered as an important additional energy-loss channel
for slow ions. It is noted that the mean steady-state charge for
He ions obtained from the Mg2 model is much higher than
that obtained from the Mg8 model at v < 1.5 a.u., especially
at low velocities (i.e., the calculated mean steady-state charge
obtained from the Mg2 pseudopotential is higher than that of
the Mg8 pseudopotential by 53% at 0.8 a.u.). It gives rise to
the Se considering only the valence electron is higher than that
including also the 2p electron for v < 1.4 a.u. in the midpoint
trajectory, as shown in Fig. 5(b).

To further examine the impact of the ion charge state on
the Se, the effective charge state for the α particle,

√
Sα/SH ,

and the mean steady-state charge ratio, qα/qH , are quantified;
the results are shown in Fig. 7. For the midpoint trajectory, our
simulation results and experimental data showed that

√
Sα/SH

is less than 2 for v < 3.0 a.u., and it converges at 2 beyond
3.0 a.u., as one would expect from assuming fully ionized pro-
jectiles in the linear-response theory. However, the

√
Sα/SH

given by the Mg2 pseudopotential model is higher than that
given by the Mg8 pseudopotential model in the midpoint
geometry at v � 2.5 a.u. Likewise, the qα/qH obtained from
the Mg2 pseudopotential is higher than that obtained from
the Mg8 pseudopotential in the midpoint geometry at v <

2.5 a.u., except for at extremely low velocity of 0.1 a.u. It
is noted that qα/qH obtained from the Mg2 pseudopotential
converges rapidly toward 2 in the midpoint geometry at v �
1.0 a.u., which is distinctly different from that observed for

FIG. 7. Velocity-dependent ratios between He ions and protons
for stopping power and mean steady-state charge in magnesium.
Squares and circles show the qα/qH and the

√
Sα/SH obtained from

the midpoint trajectory, respectively. Full and open symbols indicate
the results with 2p electrons considered or not, respectively. Dia-
mond and triangle symbols represent the

√
Sα/SH calculated from

off-channeling trajectories and derived from the experimental data,
respectively. Within linear-response theory, the

√
Sα/SH equals to 2

as represented by the dash-dotted line if fully ionized projectiles are
assumed.

the Mg8 pseudopotential. For the Mg2 pseudopotential, the√
Sα/SH and the qα/qH are basically in agreement beyond

2.5 a.u. For the Mg8 pseudopotential, the two quantities are
in good agreement even at low ion velocities down to 0.8 a.u.
For the off-channeling trajectory, our calculations showed that
the

√
Sα/SH reaches 2 beyond 3.0 a.u., and it is consistent

with the experimental data down to 1.0 a.u. Consequently, this
suggests that the scaling relationship

√
Sα/SH = qα/qH can be

extended to low velocities provided that the mean steady-state
charge is employed instead of assuming fully ionized charges
and considering also 2p-electron excitation of Mg.

IV. CONCLUSIONS

In conclusion, we studied the Se of Mg for protons and He
ions by real-time time-dependent density-functional theory
combined with molecular-dynamics simulation. The effects of
p-electron excitation on the Se of Mg are clarified. The thresh-
old effect for the Se of protons is found in the off-channeling
geometry, and the threshold velocity is at v > 0.8 a.u. The
off-channeling Se of He ions showed that the 2p electron is
excited down to v = 0.1 a.u., and that the Se deviates from
the velocity proportionality, which can be ascribed to the
additional energy loss caused by the charge exchange between
He ions and host electrons. Our results displayed that the Se

is greatly enhanced by p-electron excitation at small impact
parameters.

Our off-channeling Se including also inner 2p electrons
is greatly improved and it is in a good agreement with the
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experimental data up to 1.8 a.u. for He ions. Our results
showed that 2p-electron excitation dominates the Se of Mg
beyond the stopping maximum, and more core electrons are
needed to be considered to predict the measured Se in the
high-energy region. In addition, by quantifying the mean
steady-state charge of protons and He ions, we examined the
extent to which the linear-response theory is applicable to
describe the Se. The results showed that the validity of the
scaling relationship

√
Sα/SH = qα/qH can be extended to

lower velocities if the mean steady-state charge is employed
instead of assuming fully ionized projectiles as well as con-
sidering also the 2p-electron excitation of Mg.
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