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The differential cross section and energy spectra for the pro-
duction of m+ mesons by the 400-Mev neutron beam of the
Chicago synchrocyclotron on liquid hydrogen has been measured
at 90' and 65' in the laboratory, using photographic emulsions as
detectors. At 65' {corresponding to 90' in the center-of-mass

system), roughly equal numbers of positive and negative pions
were observed, while at 90' the ratio of positive to negative pions
was found to be 2.01~0.24. The laboratory integrated cross
sections (doA„/do)A„, in cm'/sterad, are: for m+ at 90' (2.296
&0.363)&&10 'e, for T)14 Mevi for sr at 90', (1.56+0.357)
X10 ", for T)14 Mev; for sr+ at 65', (1.22&0.30) X10 ", for
T)41 Mev; and for ir at 65', (1.31&0.63) &(10 ".These experi-
mental cross sections are the result of production due to neutrons

of all energies above the threshold for pion production in the
neutron beam.

A phenomenological analysis is made for the reaction N+P —+
~+ under the hypothesis of charge independence and the energy
and angular distributions of the pions at a single neutron energy
are deduced from the experimental cross sections. The total
cross section for x+ or m production, at neutron energy 409 Mev,
is determined to be

o (sr+) =o (ir ) =0.16&0.04 millibarn,

and the differential cross section for the same neutron energy is
calculated to be

(do/doi)+ = (1.07+0.39) %(1.38+0.78) cose
+(0.57&1.14) cos'e&&10 "cm'/sterad.

P+P—rsr++D,

P+P~sr++P+N,
P+Prsr'+P+P,
N+P~'+D,
N+Prrr'+P+N,

N+P —rsr +P+P,

(2)

(4)

(5)

N+Pisr++N+N. (7)

The processes that have not been most studied are
(1) and (2), the production of positive pions in proton-
proton collisions. The cross section, angular distribution,
and energy spectrum were measured at three angles at
345 Mev by Cartwright, Richman, Whitehead, and
Wilcox' at Berkeley. Since then the excitation function
has been studied by Schulz' and Passman, Bloch, and
Havens, ' and careful measurements of reaction (1) have
been carried out recently by Crawford and Stevenson4

*Supported by the joint program of the OHFice of Naval
Research and the U. S. Atomic Energy Commission.

t Presented in partial fulfillment of the requirements for the
degree of Doctor of Philosophy.

f Now at Stanford University, Stanford, California.
' Cartwright, Richman, Whitehead, and Wilcox, Phys. Rev. 91,

677 (1953).
A. G. Schulz, University of California Radiation Laboratory

Report No. 1756 (unpublished).' Passman, Bloch, and Havens, Phys. Rev. 88, 1247 (1952).
4F. S. Crawford and M. L. Stevenson, Phys. Rev. 97, 1305

(1955).

I. INTRODUCTION

1
M~NE of the most significant developments that has

been made following the construction of high-
energy machines is the artificial production of pions.
A considerable e6ort has been devoted to the study of
fundamental processes of pion production in nucleon-
nucleon collisions, of which the following are amenable
to direct measurement:

at 320 and 345 Mev, by Sutton et al. ' at 430 Mev, and
by Rosenfeld' at 440 Mev. The production of neutral
pions in proton-proton collisions has been studied at
only two energies: rather crude measurements of the
total cross section have been made at 345 Mev by
Mather and Martinelli, ' and at 430 Mev by Marshall
et al. '

Kith the availability of the high-energy neutron
beam of the University of Chicago synchrocyclotron, a
number of experiments were undertaken to study the
production of pions in neutron-proton collisions. Hilde-
brand' has studied the production of neutral pions with
deuteron formation and also the branching ratio
between the reactions (4) and (5). Recently, Schluter"
has measured the production of neutral pions in neu-
tron-proton collisions using a di6'usion cloud chamber,
and has also obtained an excitation function for reac-
tions (4) and (5).

The object of the experiment reported in this paper
was to measure the production of charged pions in
neutron-proton collisions. The energy spectrum and the.
difI'erential cross sections at 90' and 65' in the labora-
tory system were measured for both negative and
positive pions. Measurements of the same process are
being made by Wright and Schluter" using a hydrogen
diffusion cloud chamber.

These experiments are interesting for the study of
pion-nucleon interaction. Pion-production process can
be subjected to a phenomenological analysis under

5Fields, Fox, Kane, Stallwood, and Sutton, Phys. Rev. 95,
638(A) (1954).

'A. H. Rosenfeld, Phys. Rev. 96, 130 (1954).
s J. W. Mather and E. A. Martinelli, Phys. Rev. 92, 780 (1953).

Marshall, Marshall, Nedzel, and Warshaw, Phys, Rev. 88,
632 (1952).' R. H. Hildebrand, Phys Rev. 89, 1090. (1952); and the results
on bound-to-unbound ratio (to be published).

io R. A. Schluter, Phys. Rev. 96, 734 (1954)."S. C. Wright and R. A. Schluter, Phys. Rev. 95, 639(A)
(1954).
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Fro. 1. General arrangement. The emulsion detector geometry for the 6rst run at 0~=90+15 is shown in the inset.

charge-independence hypothesis, such as carried out by
Brueckner and Watson, "and also by Van Hove. "They
show that it should be possible to describe all these
reactions in terms of three fundamental matrix ele-
ments. The isotopic spin of the initial state can be zero
only in reactions (4) to (7); hence the matrix element
for the transition from this state can occur only in
these reactions. One of the motivations for the present
experiment was to obtain a measure of this matrix
element. In addition, it will be of interest to see experi-
mentally how well the charge-independence hypothesis
describes the facts.

II. EXPERIMENTAL

This paper is a report of an experiment in which the
production of z+ mesons by 400-Mev neutrons inter-
acting with liquid hydrogen was measured using
photographic emulsions to detect the mesons.

A. General Arrangement

The 400-Mev neutron beam of the Chicago synchro-
cyclotron was used in this experiment. This neutron
beam is produced by the circulating proton beam of the
cyclotron by striking a Be target 2 in. long in the beam
direction and 1 in. high. The neutrons selected were
those emitted in the forward direction and defined by
collimators placed at two ends of the neutron channel
through the shielding wall of the cyclotron. The col-
limation produced a 2—,'-in. diameter neutron beam at
the center of the hydrogen target. Two inches of lead
were placed in the path of the beam before the collima-
tion in order to remove electron and gamma-ray con-
tamination of the beam. The general layout is shown

in Fig. 1.

'~ K. M. Watson and K. A. Brueckner, Phys. Rev. 83, 1 (1951).
"Van Hove, Marshak, and Pais, Phys. Rev. SS, 1211 (1952).

The neutron beam was monitored by having it pass
through a 1-cm thick polyethylene target, the recoil
protons from which were counted by a telescope of two
counters (Fig. 1).

Eight feet from the monitor target, neutrons struck
a liquid-hydrogen target. An extra 3-ft thick iron shield

protected the detectors from neutrons scattered from
the end of the collimator or the monitor target. Positive
and negative pions produced at 90' and 65' in the
laboratory system struck a stack of nuclear emulsions

placed at about 22 cm from the center of the hydrogen
target. They were brought to rest in the emulsion and
the density of track endings was measured as a function
of pion range in the emulsion. Negative pions were
identihed by observing stars at the end of the track, and
positive pions from 7t-+~p+ decay. The total number of
pions leaving the hydrogen at a given angle, and their
energy distribution, were obtained from the density of

endings,
B. N'eutron Beam

1. Energy Spectrum. The neutron b—eam from a Be
target is not monoergic; hence it was necessary to make
a measurement of the neutron energy spectrum, which

was obtained from a range measurement of the recoil
protons from liquid hydrogen.

The neutron beam, collimated to 1-,'-in. diameter,
struck a liquid-hydrogen target. '4 The target used was

34 in. in diameter with a 5-mil stainless-steel wall,

having an outside container with walls of 15-mil
duraluminum. The range spectrum of recoil protons
from the liquid hydrogen at 20' and 30' was measured

by means of a telescope of four counters (see Fig. 2).
The solid angle was defined by counter 2 which was

placed 50 in. from the center of the hydrogen target,

'4The target used here was designed and built by Dr. M.
Glicksman and is described in his paper, Phys. Rev. 94, 1335
(1954).
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Pro. 2. Experimental arrangement for the measurement of
the neutron spectrum.

subtending an angle of 0.04 radian. For this experiment,
the neutron beam was monitored by counting recoil
protons, emitted at 30' from a 0.9 g/cm' CHs target by
means of a counter telescope of two counters. Double
coincidences of these counters are denoted by M. The
beam intensity was also monitored by two auxiliary
monitors: (1) a BFs counter, which counted slow

neutrons in the experimental area, and (2) a thermo-

couple which measured the heat dissipated in the
neutron-producing target.

The quadruple coincidences Q of counters 1, 2, 3,
and 4 per monitor count 3II were recorded for various
thicknesses of copper absorbers placed between counters
2 and 3. The absorbers were placed as close to counter 3
as possible to minimize the corrections for multiple and
diffraction scattering. The ratio Q/M as a function of h,
the thickness of Cu, gives the range curve for the
recoil protons. The two range curves for 20.25' and 30'
are plotted in Fig. 3, These curves were differentiated

to obtain the differential range curves dv/dh for the
recoil protons.

The energy of the protons at the center of the hydro-
gen target was calculated from their range in copper by
using Aron's tables. "The range was obtained from the
observed thickness of copper by adding 2.62 g/cm' of
copper equivalent due to energy loss in counters 1, 2, 3,
and part of 4, in the walls of the target and in half of
the liquid hydrogen.

From the curve of dv/dh, the neutron spectrum is
calculated by the equation:

dv de dT~ de (do) (
EHAQ~~ —

) exp~ — oc„Xdh ),
dh dT~ de dh E.dQJ v E ~ p )
where h is the thickness of copper in g/cm'; dz/dTN is
the number of neutrons in the beam, of energy T&, per
monitor count, per Mev; EH is the number of hydrogen
atoms per cm' in the beam; AQ~ is the laboratory solid
angle; (do/dQ)v is the digerential cross section for
producing recoil protons at O~ in the laboratory for
neutrons of energy T&, and exp( —Jp o-o Xdh) is the
loss of protons due to absorption in thickness x of copper
(N is the number of copper atoms per gram). This
exponential was calculated using the values of o-~„

(absorption) measured by Kirschbaum. "The multiple
and diffraction scattering losses of protons were neg-
ligible in the geometry used. The laboratory cross
section for producing a recoil proton at an angle O~ is
given by

(do g do (P) dkr

EdQ) v da& „dQ

2000 . 4- * 20e2$'

!000

I
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G/CM Cu

50 I00
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FIG. 3. Integral and differential range curves for recoil protons at 0=20.25' and 30'.

"W. A. Aron, University of California Radiation Laboratory Report No. 1325 (unpublished).
"A.J.Kirschbaurn, University of California Radiation Laboratory Report No. 1967 (unpublished).
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where )do(@)/d"$„ is the differential 1V P—scattering
cross section for giving a recoil proton at O~ in the
laboratory or a neutron at the corresponding center-of-
mass angle g, and d"/dQ is the center-of-mass laboratory
solid angle transformation. Measured values' "for the
cross section (do. (p)/da&)„are plotted against the
neutron energy Tz in Fig. 4 and a smooth curve drawn
through them for obtaining (do/da&)„at all neutron
energies. In calculating the neutron spectrum the errors
in the measurement of (do/Cku) „were not included.

The neutron spectra dn/dT calculated from the
measurements at 0'= 20.25' and 30' are plotted in Fig. 5,
and they agree well, within statistical errors. The
spectrum shows a sharp high-energy peak with a 10
percent full width at half-maximum. In Fig. 6 is plotted
the neutron spectrum g(to) normalized to unity for the
area from T~= 280 Mev to maximum possible neutron
energy T&; „——440 Mev. The abscissa is the
maximum meson energy to in the center-of-mass system
corresponding to a neutron energy T&. This energy to

is slightly different for m+- and x -mesons but for the
energy resolution of the experiment the same mean
value is assumed for both. This function g(Io) was
analytically approximated by a straight line and a
parabola as shown in Fig. 6.

The analytical expressions are given by

gr(&o) = (012Ro+9 65)X10 ', 0&&o&29 Mev,

grr (to) = L25.4—0.0772 (45—Io)']X 10—',
27&to&63 Mev, (8)

where
t 0 (maximum)

g(Io)dto ——1.
0

IS

SCATTERING

5

20.25'

——8 -30

100 200 300
Tg MEV

400

Fxo. 4. Di6'erential cross section in the center-of-mass system for
scattering a proton at 0=20.25' and 30' in iV—P collisions.

The number of recoil protons coming from the H2 in
CH2 were determined by measuring the difference
CH2 —C, using a carbon target having the same number
of C atoms per cm' as the polyethylene target. The
measurement of the ratio (CHs —C)/CHs was done at
three different times during the experiment and was
found not to vary outside statistics. Its value was

(CHs —C)/CHs ——8=0.383&0.0146.

Thus the number of protons from H2 are the total
number of counts from CH2 multiplied by R.

To calculate the number of neutrons incident on the
H2, it is necessary to estimate the eKciency of the
proton telescope. The counters were nearly 100 percent
eKcient, and the efficiency of the proton telescope was
estimated to be 80 percent, mainly as a result of the loss
of protons in the copper and the first counter by absorp-

These functions, when multiplied by the total
number of neutrons incident on the hydrogen, give the
number of neutrons per unit meson energy in the
center-of-mass system.

2. %entropy Monitor. —The neutron Qux was measured
by counting the recoil protons from a 1-cm thick poly-
ethylene target placed in the neutron beam 8 ft ahead
of the liquid-hydrogen target (see Fig. 1). The recoil
protons were counted by means of a telescope of two
counters, with 19.79 g/cm' copper absorber in front of
counter 2 which made the telescope sensitive to recoil
protons from neutrons of energy greater than 280 Mev
only. (This arrangement is shown in Fig. 7.) The
counter voltages were set to be in the middle of the
plateau curves of double coincidences against counter
voltages. The telescope was at 45'&3' to the neutron
beam.

20.
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QH 20.25
=30

NKUTRON fNCRGY SPECTRUM

Hadley, Kelly, Leith, Segrh, Wiegand, and York, Phys. Rev.
75, 351 (1949).

'o Kelly, Leith, Segre, and Wiegand, Phys. Rev. 79, 96 (1950);
83, 923 (2951),

Brueckner, Hartsough, Hayward, and Powell, Phys. Rev. 75,
555 (1949).

~ J. de Pangher, Phys. Rev. 92, 1084 (1953).

I00 200 300 400
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FIG. 5. Energy spectrum of the neutron beam.
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material, "pseudite, '"4 which has the same density,
stopping power, and radiation length as that of the
emulsion. The size of the emulsions at each angle was
determined by the requirement that the maximum-
energy pion at that angle would come to rest in the
emulsion. The pellicles were i.5 in. long for the 90'
stack and 4 in. for the 65' stack.

The G-special emulsions are most suited for this
type of experiment because they are insensitive to
electrons, and they have higher sensitivity than C-2
emulsions, high enough to make the meson tracks suf-
ficiently heavy and the variation in grain density near
the end of the track rapid enough to produce very dis-
tinctive pion endings. Further, there is a marked change
in grain density between the pion track at its end and
the emitted muon track. This makes identi6cation of
++~p+ decay immediate. Pellicles 1800 microns thick
were used for the following reasons: (1) to be able to
identify each m+ ending by following the muon to its
end, which was achieved by scanning only the middle
third of the emulsion; (2) to halve the time of develop-
ment and to permit more uniform development than
for plates of equal thickness; (3) to avoid the presence
of material diferent from emulsion in the detector
stack.

TRANSFER

O-RI

BOLT

~BAKELITF~STYROFOAM
E(BRASS)

I
i, ~~F(PYREX TUBE)

BA L SA WOOD ST I CKx &&
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K'KKMI' i5%~ . .
EKE

NEUTRON

BEAM

INCHES

0 IR54 TP BUBBLER

ALUMINUM LINI NG ON

ALL INSIDE SURFACES

FIG. 8. Styrofoam liquid-hydrogen target.

The angular acceptance at each angle was deter-
mined by means of copper or lead collimators (Fig. 9).
The angular spread was &15' for 0~=90' for the first
run and &5' and &3' for O~ =90' and 65', respectively,
for the second run. A lead collimator with i cm of
tungsten in the front edge was used on the upstream
side of the 65' stack because the high densities of these
materials could make the angular de6nition sharper
by stopping high-energy particles in a small thickness.

LIQUID
HYDROGEN

NEUTRON
8EAM

I
0

9 I pg

SNI «Ao

t:/+ COPPER

ping PSEuol TE

I;;";;";;$ TuNosTtN

I:::'",'!i:".:,".:I sMuLsioN

FIG. 9. The 91' and 65' geometries used in the second run.
' Pseudite is a machinable, molded mixture of 6ne Cu, Sn, and Lucite powders, 150 mesh or smaller. Each cc contains 1.28 g Cu,

1,94 g Sn, and 0.71 8 Lucite, and has a total density of 3,93+2 percent. See Roscnfeld, reference 6,
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FIG. 10. Nuclear absorption correction as a function of the pion
energy in the laboratory at the center of the hydrogen target.

E. Ezypsure and Scanning

1. Exposure. —Two exposures were made. The first
was made at 90'&15' in order to determine the mag-
nitude of the cross section and to get an idea of the
background. The background, measured without hy-
drogen in target, was very low and permitted improving
the angular resolution three-fold. This was done in the
second exposure. Exposures were made at two angles:
91'~5 and 65'&3'.

At 91' there are no recoil protons from the hydrogen
due to S—I' scattering, permitting one to scan all the
way to the edge of the emulsion obtaining lowest pos-
sible threshold for the pions. For angles larger than 90',
the energy of the pions becomes too low to measure the
pion spectrum adequately.

At 65' there is sufhcient difference between the ranges
of the maximum-energy recoil protons due to E—I'
scattering and that of the pions to make scanning for
pions beyond the proton range possible. The energy
threshold of detection determined by the range of the
maximum-energy recoil proton was 41 Mev. For smaller
angles the number of recoil protons and neutrons
becomes very large and their energy becomes high so
that the plate would become impossible to scan because
of too many extraneous events. Furthermore, the
center-of-mass angle corresponding go the laboratory
angle 65' is close to 90' so that the constant term a in
the angular distribution (ajb cose+c cos'8) can be
determined directly (see Sec. VI, below).

The length of the second exposure was adjusted so as
to obtain the same density of pion endings at 90' as in

the first exposure. At both angles exposures were made
with and without liquid hydrogen in the target, care
being taken to have only hydrogen gas in the target
during the background exposure.

2. Scarring. —The method of observation was to
scan the emulsion using 22 Xoil ob jectives (also
12.5Xoil objectives for the background plates) in strips
starting from the threshold of detection, along the
direction of pion incidence up to about 5 mm beyond
the range of the maximum-possible-energy pion. For
each strip only the middle 600 microns of the emulsion
were scanned. Both pion and muon endings in this
layer were recorded. This insured that whenever a
7r+~p+ decay was found it was possible to follow the
muon to the end of its range, 597&28 microns, " and
thus identify the event unambiguously. For negative
pions all x stars with one or more prongs were re-
corded. The number of no-pronged negative-pion
endings were calculated by using the value" 1.36 for
the ratio of the total number of negative-pion endings
to the number of pion endings with stars having one or
more prongs.

The advantage of scanning the middle 600 microns
of a pellicle 1800-microns thick is that it permits a
truly objective test of scanning efficiency. "If a m+~p+
decay is found in this 600-micron layer, there is about
50 percent probability that the associated muon will

also end in the same layer, though not necessarily in the
strip currently being scanned, because the range of the
muon is equal to the thickness of the layer. Therefore,
one-half of the pions found by direct scanning in this
layer should lead back to muons in the same layer.
Similarly, one-half of the muons found in this layer by
direct scanning should lead back to pions in the same
layer. Thus pions are found in two independent ways:
By direct scanning and via muons, If the scanning
eKciency were 100 percent it should never happen that
a pion is seen only by tracking the corresponding muon
and is missed in the direct search. The scanning effi-

ciency for pions found by direct scanning is then given

by 1—(1V /1V&), where 1' is the number of pions missed

by direct observation but found by tracking. A similar
efficiency check was kept for the muons. For example,
in the first exposure about 50 pions and muons were
tracked. The number missed was 3 pions and 3 muons,
giving an eKciency of 94 percent for both pions and
muons. For the negative pions no such efficiency test is
possible and the scanning eKciency was assumed to be
equal to that for the positive pions.

For the 90' experiment the event rate was about 1

event every 10 minutes under 22&(oil objective. The
65' exposure, however, had a high background of

~5 W. F. Fry, Phys. Rev. 83, 1268 (1951).
&s F. L. Adelman and S. B. Jones, Phys. Rev. 75, 1468(A)

(1949); A. H. Rosenfeld and W. F. Fry (private communication);
W. Dudziak, University of California Radiation Laboratory
Report UCRL-5641, 1954 (unpublished)."The scanning efFiciency test was designed by A. H. Rosenfeld,
see reference 6.
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proton tracks and stars due to neutrons entering the
emulsion, and made scanning much more difficult,
reducing the event rate to 1 event every 1-,'hours under
the same magnification. It was possible to scan the
background plates eight times faster than the effect
plates. The optimum division of scanning time between
effect and background plates required that equal time
be spent scanning each of them for best statistics.

A certain fraction of the pions, positive and negative,
were not observed in scanning either because they were
absorbed by nuclei of the emulsion or suffered large-
angle scattering. In the first case they disappear sud-

denly, and in the latter case they appear coming from
the wrong direction. Figure 10 shows curves for the
fraction of pions of energy T removed as a result of
nuclear absorption and scattering as a function of the
energy of the pion at the center of the hydrogen target.
They are based on data on nuclear-absorption cross
section of pions in emulsion at various energies. "
Hence, from the observed density of pion track endings
as a function of range in emulsion, pion range spectra
were determined at two angles. The energy spectra of
the pions were obtained by calculating what energy
pion, starting at the center of hydorgen, ends at a
given range in the emulsion.

F. Energy Resolution

The energy of a pion is determined from its range.
This energy is not uniquely determined because of
energy spreads due to: (1) straggling, (2) multiple
scattering, and (3) variation in energy loss due to size
of the beam.

The energy spread due to straggling of the range has
a Gaussian distribution. The standard deviation of the
straggling distribution has been calculated by using
the formula 9

where ls is the meson mass; the function f is taken from
Rossi."The energy spread due to multiple scattering
does not have a Gaussian distribution; however, we
have approximated the distribution by a Gaussian with
5-percent standard deviation. The spreading of the
energy due to the size of the beam occurs because pions
produced at different positions in the hydrogen suffer
different energy losses in traversing the hydrogen. This
energy spread is distributed almost uniformly. The
three distributions were foMed into each other and the
width corresponding to the half-area point of the
resultant distribution was calculated. Table II gives

se G. Bernardini and F. Levy, Phys. Rev. 84, 610 (1951);
Bernardini, Booth, and Lederrnan, Phys. Rev. 85, 1075 (1951);
Hugh Bradner and Bayard Rankin, Phys. Rev. 87, 547 (1952);
D H. Stork, Bul. l. Atn. Phys. Soc. 27, No. 6, 16 (1952)."B.Rossi, High Energy Particles (P-rentice-Hall, Inc. , New
York, 1952), p. 37.

TABLE II. Energy resolution. Energy spreads are half-widths
the laboratory system.

Labora-
tory

angle

Pion
energy
in c.m.
system
(Mev)

Pion
energy
in lab.
system
(Mev)

Energy spread in Mev
due to:

Beam Multiple Strag-
size scattering gling

Total
spread
(Mev)

90'

30
40
50
60

14.5
23.5
32.5
41.5

4.37
3.00
2.41
2.10

0.1
1.1
2.0
2.5

0.08
0.60
0.90
2.00

2.30
1.55
1.75
2.00

65'

30
40
50
60

31.7
42.0
57.1
70.0

2.63
2.32
2.01
1.83

0.40 0.30
1.50 1.00
3.00 2.00
4.80 3.00

1.65
2.10
2.65
3.85

the energy spreads for different pion energies at the two
angles of the experiment.

pions of energy T into a solid angle A/r' at an angle 0
(see Fig. 11). Here A DR=the volume of emulsion
scanned for pions of energy T and T+AT which end
in the emulsion between range R and R+3R.
1/r'(T, s,",y', s') = distance of the element de' of the
target from the point where a pion of energy T stops
in the emulsion. v„=number of neutrons/cms incident
on the target. pH= effectiv density of liquid hydrogen
=0.0705 g/cc. d'a A„/dQd T= cross section for pion
production at an angle 0 to the neutron beam, averaged
over the neutron spectrum. The density drs/dT of pion
tracks of energy T observed in the emulsion will be
this number multiplied by: (1) the scanning efliciency
e, (2) the probability of decay in flight rl(T), and (3)
the probability of loss due to nuclear absorption in
emulsion f(T); and integrated over the active volume
of the target:

A tPO.Av= v„pHerl(T) f(T) de'—
~ target

The integral has been approximated by replacing 1/r'
and d'&rA, /dQdT by suitable averages over the target,

III. CALCULATION OF THE LABORATORY
CROSS SECTION

The energy spectra for ++ and x mesons were ob-
served at laboratory angles 90' and 65'. The pion
spectra are the result of production due to neutrons of
all energies above the threshold of pion production.
First, these observations are reduced in terms of experi-
mental cross sections for the particular neutron beam
used in this experiment. An effort is then made (see
Secs. V, VI, and VII) to reduce these experimental cross
sections to center-of-mass cross sections for a single
neutron energy.

Each element d~' of the active volume of the target
produces

A d'OA„

~~pHd~-
r' dQdT
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ment is given in column 4. Columns 5, 6, and 7 give
the corrections for decay in Right, and nuclear absorp-
tion in the emulsion, respectively. The calculated
average of the inverse square distance is given in
column 8. The experimental cross sections as deter-
mined from Eq. (11) are given in columns 9 and 10.

A total of 325 positive- and negative-pion endings
were measured. No pions were observed beyond the
kinematic limit for pion production from hydrogen.

The differential cross sections for x+ production,
integrated from the threshold of the detector to the
kinematic limit, are:

dg. l +
= [2.296&0.363jX 10 "cm'/sterad,

&dn) ss.
T& i4 Mev,

l l I

LAYER IN WHICH PIONS
OF ENERGY BETWEEN
T AND T+DT STDP

COLUMN OF EMULSION
SCANNED

FIG. 11. Figure explaining the calculation of the
laboratory cross section.

and the volume of the target by the cross section of the
beam 5 times the active length ln(T) of the hydrogen.
The active length of the hydrogen lH(T), is a function
of T because the length of hydrogen seen through the
collimator depends on the position of the pion ending.
Then the density of endings, de/dT, is given by:

(1g (da'Ar'l
=&.~ ~en(T)f(T)l —, I I I, (1o)

Er' ) A„EdQd T) A,

where cVh ——v„S, (the total number of neutrons inci-
dent on the target), (1/r') A„ is the average of the inverse
square distance over the target, and

d~g A„) 1 p 8 ts T|rmex d2g

g (T~)d T~d 8,
&0" "8; nr(tTr hleds)hod&dT

(11)

where the average is carried out over the angular
acceptance of the detector AO' and over the neutron
energy spectrum g (T~).

IV. EXPERIMENTAL RESULTS

A. Measurement at 90'

The results of the two runs are collected in Table IXX.
In columns 2 and 3 are given the number of pions,
corrected for background, observed in the energy band
listed in column 1. The active length of hydrogen deter-
mined by the geometry of the experimental arrange-

(dog = [1.156+0.327jX10 "cm'/sterad.
Edn) „o

T&14 Mev.

B. Measurement at 65'

At this angle, scanning was dificult and slow for two
reasons: (1) There was a large flux of extraneous events,
such as neutron stars and stray proton tracks; (2) the
length of strip required to be scanned was longer than
at 90' because the pion spectrum extends to higher
energies. Hence only a crude measurement of the cross
section was made.

The total number of pion endings found with hydro-
gen in the target was 22 x+ and 50 m mesons. However,
2.1 or+ and 28.6 x of these were due to background as
determined from the run without hydrogen in the
target, giving a net of 19.9&1.45 sr+ and 21.4%5.35 m

from hydrogen alone. The total differential cross sec-
tions, obtained by integrating Eq. (10) from the thresh-
old of detection to the kinematic limit, are:

trdtrl+
= (1.22+0.30)X 10 "cm'/sterad,

«n& „
(dg p = (1.31+0.63)X 10 "cm'/sterad,
EdQ) ss

T&41 Mev,

T&4j. Mev.

The laboratory energy spectra for m+, calculated by
using both runs, are plotted in Fig. 12(a).

A marked predominance of x+ over z—mesons is
found at this angle. The ratio ~+/m is (2.01+0.24).
This indicates an asymmetry in the angular distribution
of positive and negative pions with a preferential
production of x+ mesons at center-of-mass angles larger
than 90'. This would mean, according to charge sym-
metry, that there should be an excess of m over m+

mesons at center-of-mass angles less than 90'. Such an
excess was found by Wright and Schluter" in their study
of x production in g —P collisions.



CHARGED PIONS I N N-2' COLL I S I ON S i339

TABLE III. Differential cross sections for m
+ production at 0=90'.

Pion energy
at center of

hydrogen
T7ro (MeV)

No. of pions in energy band
corrected for background

m.+

Active
length

of liquid
hydrogen,

iH(I)
'

(cm)

Correc-
tion for
decay

in
flight
n(&)

Correction for
absorption in

emulsion, f(T)
x+

Effective

(cm 2)

Average lab. cross section
L(cm~/sterad Mev) &(10»g

7t-+ 7r

Run I. Ãn = (1 51&0.02) X10";g =0.94; & =0.336 cm O~ =90'+15'.
14-20 43&6,7 18&7.0 11.6 0.946
20—26 45%6.85 23&5.0 11.2 0.952
26—32 22&4,69 18&4.69 10.65 0.956
32—38 15&3.87 3&3.0 10.15 0.959
38—44 6&2.44 1&1,73 9.7 0.961

131 63

0 999
0.995
0.988
0.979
0.967

0.999
0.992
0.982
0.969
0.953

0.002295
0.002217
0.002215
0.002030
0.001935

1.43 &0.22
1.60 a0.24
0.828&0.176
0,651&0.168
0.289&0.118

0.597&0.232
0.818&0.178
0.677&0.176
0.13 &0.130
0.048&0.084

Run II. ttrr„= (5.706+0.196))&10"' e= 0 93
&

A =0.182 cm' 0'=91'&5'.

86.3

14-20 31~5.5 12.6 ~4.6 4.71 0.946
20—26 24~4.9 11.28+5.3 4.55 0.952
26—32 19&4.35 7.64+4.0 4.35 0.956
32-38 8&2.82 7.64+4.1 4.14 0.959
38—44 4.3&2.56 5.82&3.3 3.94 0.961

44.98

0.999
0.995
0.988
0.979
0.967

0 999
0.992
0.982
0.982
0.953

0.001995
0.001930
0.001850
0.001780
0.001705

1.41 ~0.25
1.164%0.24
1.01 ~0.231
0.468%0.1.66
0.277a0.165

0.571~0.209
0.547~0.257
0.406~0.212
0.447&0.239
0.375&0.212

217 108

The pion spectra obtained at 65' are less reliably deter-
mined than those obtained at 90'. The histogram of the
events observed at 65' is plotted in I'ig. 13. The total
number of m mesons quoted in figure have been cor-
rected for no-prong stars.

According to the hypothesis of charge symmetry the
m+ and ~ cross sections should be equal at 90' in the
center-of-mass system. The angle 65' in the laboratory
corresponds to approximately 106' in the center-of-
mass; therefore at 65' the number of x+ and & mesons
should be very nearly equal. The experimental results
are consistent with this requirement of charge sym-
metry.

V. ANALYSIS OF DATA

The experimental cross sections can be reduced to
center-of-mass cross sections for a single neutron energy
provided the energy distribution of the neutron beam
is known and provided the energy spectrum and angular
distribution of the reaction are known. Before discussing
the energy spectrum and angular distribution of the
reaction, we shall make the following approximations
and simplify the calculation.

(1) Because of the Rnite resolution 60 of the de-

tector, to each pion energy 1considered in the labora-
tory system there corresponds a range of energies dt
and a range of angles 60 in the center-of-mass system,
for a given neutron energy. The center-of-mass cross
section d'o/dordt varies with 8 and t. The angular spread
60 is small enough so that, in calculating the center-of-
mass cross section for a given angle O~ in the laboratory,
we may neglect the variation in d'o(8, t)/Cordt with. the
center-of-mass angle 8 and approximate the cross section
d'o (8,t)/dordt by its value at the mean angle 8 calculated
at the energy t in the center of mass corresponding to

the angle O'. Thus

(d' (8,t) i d' (8,t(0))
dordt ) 8 dordt

Then the differential cross section for production of
pions in the laboratory system is given in terms of the
center-of-mass cross section by

f d2o ) d2o (8,t) ( orrt )
(dQdT) r, o dordt E Q, T)

where J(or, t/Q, T) is the Jacobian of the transformation
from the center-of-mass system to the laboratory system.

(2) The second approximation is made by neglecting
the variation with neutron energy of the center-of-mass
energy t for a given pion energy T in the laboratory.
This is a good approximation as long as t) 10 Mev, as is
the case for the present experiment. Hence J( t/os, T)
=I'/p (where I' is the given momentum of the pion in
the laboratory system and p is the corresponding mo-
mentum in the center-of-mass system) can be calculated
at a mean neutron energy T~* and used for all neutron
energies.

The double integral (11) for obtaining the experi-
mental cross section is then reduced to

tr d'oA, ) 1 t I' t d'o.

(8rt»N) a(Trr) d T~, -
(dQdT) A, AO~ ~ p & dordt

(12)

where in the integration over the neutron spectrum 8
and t are treated as constant. The average center-of-
mass cross section is calculated from Eq. (12) approxi-
mately, replacing the average of I'/p over 0™ by the
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spectrum and the angular distribution of the reaction
under study.

VI. PHENOMENOLOGICAL ANALYSIS OF
THE REACTION N+P~~+

LLJ

Al

o+
LdI-

IO-

'0 l0 20 30 40 50 60
PION ENERGY IN LABORATORY

SYSTEM {MEV)
(a)

The conservation of isotopic spin imposes severe re-
strictions on the production of pions in nucleon-nucleon
collisions. All production processes can be described in
terms of three independent reactions whose cross sec-
tions we denote by (T», 0-», and 0-&0.' The first subscript
refers to the isotopic spin of the initial state and the
second to that of the final state of the two outgoing
nucleons. If the matrix elements of these three reactions
are denoted by Mo&, M», and 3fjo, then the diBerential
cross sections for the reactions"

N+P+rr +P+P, N+P—+n.++N+N
are given by

2.0 x)0

I.5-

do 2' dS—(I+p~ ) =—{P~it+ild oil'}
dM

A' dS'

d(T 2' dS—(~+p~ )=—hlmit —tinfoil')
den dS"

(13)

'

LLl

X
10

0
4JI-

5-

0 l0 20 30 40 50 60 70
PION ENERGY IN C.M, SYSTEM(atav)

(b)

Fzo. 12. (a) Average laboratory differential cross section for
positive and negative pion production at 90', due to neutrons of
all energies in the beam. (b) Average center-of-mass differential
cross section for positive and negative pion production at 0~= 90',
due to neutrons of all energies in the hearn.

value of P/p at the mean angle 0.

d'&Av (p ) ( d'o'Av 'l
(0 t)=—

I

—
I I

d~dt &P) —, tdodr) „„

The calculated average center-of-mass spectrum for

0=90'(0= 128')

is given in Fig. 12(b).
The integration over the neutron spectrum can be

carried out only if the energy spectrum and the angular
distribution of the cross section d'rr/doidt is assumed.
Hence we shall now discuss the nature of the energy

where dN/dR' is the density of final states and the
total cross sections are given by

o (n+ p~rr )= o(n+ p~—+) = ,'(~pi+~it). -(14)

We may consider the phenomenon of pion production
to take place at a characteristic distance R from the
center of the collision, where 8 5/pc. At the energies
of the experiment, p,h/pc(1 and p*h/t~c(1, where p
is the pion momentum and p* is the relative momentum
of the nucleons in the center-of-mass system. Hence it
is reasonable to limit the discussion to the production
of pions and nucleons into angular momentum states
with /=0 or 1 only.

With this limitation the allowed transitions for the
reaction are determined under conservation of angular
momentum and parity. The allowed transitions are
given in Table IV, whose construction is the following.
Consider first the 0 Oy reaction, in which the final nucleons
have T=i; therefore if the final nucleons are in an 5
state, it must be a singlet state. If the pion is emitted
in a p state, then the final state is ( Sp,p)z', J ln which
the total isotopic spin T=O and the total angular
momentum J= i. Such a state can come from two initial
states of the Ã —I' system, '5& and 'D&, both of which
have even parity. This is shown in row (1) of the 0'pi

reaction column.
The transition of the a~~ reaction written in the same

row is 'Pp —+( Sp s) i p which can interfere with the transi-
tion of the 0-0] reaction just described. For those reac-
tions in which only one of the matrix elements is in-
volved, no asymmetry in the pion angular distribution
can arise. In the present experiment, only the pion is

"A. H. Rosenfeld, Phys. Rev. 96, 139 (1954).
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observed so that, in obtaining the angular distribution
of the pion, one has to integrate over the 6nal nucleon
states. Under these conditions, asymmetry in the pion
angular distribution can arise due to interference
between transitions of O.py and (T» reactions only if the
spin functions of the initial states are the same and the
6nal nucleon states are nonorthogonal. Table IV is
arranged so as to list the reactions which can interfere
to give asymmetry in the pion angular distribution in
the same row.

In order to calculate the energy spectra and angular
distributions for Op& and (T» reactions, it is necessary to
discuss the relative importance of the transitions given
in Table IV.

We 6rst note that the meson, being a pseudoscalar
particle, tends to be produced mainly in p states.
Secondly, the production process is affected by two
types of forces, (1) meson-nucleon force and (2) nucleon-
nucleon force.

The cross section for production is proportional to
the square modulus of the final nucleon wave function
in a region of A/tsc near the origin: ~ff(r Ps/tsc) ~'.
This is large if the nucleons are emitted in 5-states
where the nuclear forces enhance the wave function at
the origin. Hence nucleon-nucleon forces favor the
emission of nucleons in S-states rather than in E-states.

The meson-nucleon force is such that the interaction
between a pion and a nucleon is greatly enhanced if
they are in a state of isotopic spin —', and angular mo-
mentum 2."Therefore, transitions are enhanced if they

'rABLK IV. Allowed transitions for the reaction
/+Phoo"+2 (nucleons). o

0'01
Initial Final state
state Parity ttf

(A) Final nucleons in 'So State
+ ('So,P)o, 1

+ ('~.',p):,

(8) Final nucleons in P2, 1, o

2. 'Po — ('Po,P)o, i

3.

0'll
Initial
state Parity

3Po

3PI

Final state
A

( So S)1,0

(3Po,s) l, o

('Po,P) i, r

5.

7.

1PI ('P,P)o,

( Pl S)0, 1

('Px, p)0, r

( Po,S}0 2

'Po

3P2
3P

'D2 +
3PI
3p2
31'2
3P

('Pl,p) 1, o

( Plop)1, 1

('»,p)~, 0

('Pi,p) ~, 0

( Po)S)1, 2

(P2,P)1, 1

('P ',P) ', .
('P2,P)1, 2

('Po,p)i, o

a tttsfinal state = (i)t'nucleons, @meson) T,J'
0 lpnueleons iS the state of final nucleons,

S or I' s)tmeson is the meson state, s or p; T is the total isotopic spin of
&final; and J is the total angular momentum of p final.

"The study of pion-proton scattering shows the importance of
($,$) state. See Anderson, Fermi, Martin, and Nagle, Phys. Rev.
91, 155 (1953).
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FIG. 13. Histogram of the events at 65'. In the column headed
"total number, " the value 30 should read 28.6.

can lead to a (-'„2) state for the pion and one of the
nucleons. If the total isotopic spin of the 6nal state
has to be zero, as is the case for the o-p~ reaction, there
can be no (2,—',) enhancement. Thus enhancement due
to pion-nucleon force can occur only for the 0-» reaction.

For the o-p~ reaction, where no enhancement due to
pion-nucleon force is possible, the most dominant transi-
tions are assumed to be those leading to an (S,p) final
state. These transitions are:

'Sg
~( SO P)0, I

For the oii reaction, production into a (S,p) state is
forbidden by angular momentum and parity conserva-
tion. The state (S,s) is allowed but can have no (20, 0~)

enhancement as the total angular momentum has to
be zero. For (I',p) states enhancement due to pion-
nucleon force can occur. Some information for the
behavior of the (7» reaction can be obtained from the
study of the process I'+I'—07ro+I'+I'. The two
measurements of m production at 345 Mev~ and 430
Mev' seem to require a rapid energy dependence of the
cross section and they are consistent with pp' to gp'
variation of the cross section, where gp is the maximum
pion momentum in the center-of-mass system, for a
given neutron energy. Such an energy dependence can
only arise from both the meson and nucleon both being
emitted in P-states (see discussion below). Therefore it
is assumed that transitions leading to (I',p) states are
dominant for the (T» reaction.

(d'&r/doodt) oi ——Aoi (t,to)+ Coi (t,to) COS'8, (15a)

(d'o/doodt) ii ——Aii(t, to)+Cii(t, to) cos'0, (15b)

A. Angular Distributions

Since we consider only mesons produced in s- and p-
states, the differential cross sections for the pure reac-
tions o-p~ and 0» are, in general,
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The asymmetry is given by the cos0 term.
The coeS.cient of the coso term has a different energy

spectrum from both Ao& and A». By charge symmetry,
the corresponding equation for x+ production is

2 (d o'/do1d1)+= (1+kp1 COS 0)A pt (1,1p)

+ (1+k11 cos 8)A]1(f)lp) B(1)tp) cos0 —(16b).

B. Energy Spectra

Let us define the pion energy spectra due to the
dominant transitions of the reactions 0.0~ and 0-&~ as
f„and f„respe tcivel y;then

+01 kplf (1 1Q) +11 k11f (",&p), (17a)

where to is the maximum pion energy in the center-of-
mass system for a given neutron energy T~. In obtain-
ing the angular distribution for either m+ or w pro-
duction, asymmetry can arise due to interference
between transitions of the 0-0~ and o-» reactions.

The dominant states ('Sp, p) p, 1 and ('P1,p)1, J cannot
interfere; hence asymmetry has to arise from other
nondominant states, such as ('Sps)t, p ol (P1,$)p, 1,
interfering with the dominant states. The amount of
admixture needed to give sizable asymmetry can be very
small; consequently the contribution of the non-
dominant states to the total cross section would be
negligible. Thus the constant term A and the coeKcient
C of the cos'0 term will be little affected by the presence
of these interfering states. The constant term A and the
coefficient C of the cos'8 term in the digerential cross
section for the x+ or x—angular distribution will there-
for be proportional to each other; e.g. ,

Coi= &odor.

Hence we may write for the differential cross section
for the production of negative pions:

2 (d'o/do1dt) ={1+kpt -cos'0) A p1(1,4)
+ (1+k11cos'e)211(t,fp)+B(t, fp) cos9. (16a)

from a plane wave due to the meson-nucleon force is not
calculated in detail, but it is assumed that at the energies
of the experiment this correction is energy-independent.

The nucleon-nucleon force is well known for the 'So
state, and it is taken into account in calculating the
energy spectra following the method of phonomeno-
logical analysis given by Watson and others. ""The
pion spectrum, for a given neutron energy, for transi-
tions leading to an ('Sp, p) p, 1 state is given by":

r)s(tp 1)l — 8 (2) &

f„(1,1p) =A„
)BJ+ip t — 3~ (p)

(18)

where p is the pion mass, ~B~ is the binding energy of
the nucleons in 'So state and to the maximum pion
energy; p is the pion momentum in pc units; and t is
the pion energy in the center-of-mass system. The
constant A.„is so determined that in the nonrelativistic
limit the integral of f„(t,tp) from zero to the maximum
energy to is given by

64 (4q s~'

f.(&,&p) =A, ti'(&p —&)"'
31r (p j

where go is the maximum pion momentum in p,c units
in the center-of-mass system. The numerator of (18)
is the product of t)'/y from the square of the matrix
element for the production of a p-state pion and
1)(1p—1)'y which is the phase space available to the
three final particles, where p is the total pion energy in
pc' units. The nucleon-nucleon force introduces the
denominator" ((B)+tp t). —

For transitions leading to (P,p) states the effect of
nuclear force is neglected, and therefore the denominator
is absent. As the nucleons are emitted in I' states the
relative momentum of the nucleons appears in the
matrix element. The resulting pion spectrum is

where ho~ and h~~ are constants.
Let us define the energy spectrum B(1,tp) by f„;then where A, is determined in the same way as for the

previous spectrum, i.e., by requiring that

where k„ is a constant.
The Gnal states assumed for the dominant transitions

are ('Sp,p)p, 1 for op1 and ('P1,p)1, g for o11 reactions, re-
spectively. In calculating the energy spectra, the sects
of 6nal-state interactions have to be taken into account.
There are two types of interactions which have to be
considered: the meson-nucleon and the nucleon-nucleon
interactions, respectively.

The meson-nucleon force is taken into account quali-
tatively in determining what states are dominant, and
quantitatively in calculating the energy dependence of
the cross section using the known variation of phase
shift with energy. The distortion of the wave function

in the nonrelativistic limit.
The asymmetry can arise from interactions between

two nondominant states, e.g., ('Pp, P) p, 1 with ('Pp $)1 0,

or between a dominant state and a nondominant state,
e.g. , (1S„P)p 1 with ('Sp, s)1 p. We shall neglect the con-
tribution from the interaction between the two non-
dominant states. Then B(1,1p) is made up of two types

I K. M. Watson, Phys Rev. 88, 116.3 (1952); and Aitken,
Mahmoud, Henley, Ruderman, and Watson, Phys. Rev. 93, 1349
(1934).
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rP(tp —t)'* 3 1
fbi hwi-— . As) $—

~B I, +tp+t Q8 Qp,
(20)

and that for the term of type (2) is

of terms: (1) a term due to interference of an (S,p)
state of o.pi with an (S,s) state of o ii reaction, and (2) a
term due to interference of a (P,p) state of reaction o ii
with a (P,p) state of o.pi reaction. Following phenomeno-
logical analysis similar to that used for the pure isotopic
spin reactions, we obtain the energy spectra for the
coeKcient of the cose term. The energy spectrum for the
term of type (1) is

sections become

(da/dp))++ (do/dp)) =(ai+bi cos'8))tp'

+ (ap+bp cos'8))tpP, (23a)

(do/do))+ —(do/d p)) —(k)—oi)tpP+ k)))prt pi) cos8, (25a)

where qo is the maximum momentum of the pion in
the center-of-mass system in p,c units for a given neutron
energy.

VII. CALCULATION OF CENTER-OF-MASS CROSS
SECTIONS AT A SINGLE NEUTRON ENERGY

A. Total Cross Section

35
f~p ——A.wpvj(tp —t)P"; Amp ——

Q2 ~P/2
(21)

Therefore coefficient B(t,tp) is given by

B(t)tp) =kf~(t)tp) =4)ifu)i+kp)pfp)p)

where k~~ and kw~ are constants.
The total cross section is best analyzed in terms of

the sum of positive- and negative-pion cross sections,
where the interference term does not appear. Prom
Eqs. (16a) and (16b), we get

The experimental cross sections for the sum of
positive and negative pions at any angle are now ex-
pressed in terms of the center-of-mass cross section. The
integration over the neutron spectrum and the average
over the angular acceptance in Eq. (12) is then carried
out. By using Eq. (22), Eq. (12) becomes:

[(d'o /d M T)++ (d'o/d MT) j—

(d'o/do)dt)++ (d'o/d p&dt) = (ai+ bi cos'8)f (t, tp)

+ (ap+bp cosP8) f, (t, tp), (22)

where a~= ho~, b~= ho~ho~, a~ ——h~~, b2 ——h»k~~. Integrating
over the pion energy spectrum, we get the diGerential
cross section for (m++pr ) to be:

(d)r/do))++ (do /d p))

Z q) Zq'= (ai+ bi cos'8) 4Z'( 1—
[ ( 1+—

[

4(2+Z)l E 2)
+ (ap+ b& cos'8) [16Z'(1+3Z/8) )) (23)

where Z= tp/t)c'

The asymmetry is directly measured by the dif-
ference of the positive- and negative-pion cross sections.
From Eqs. (16a) and (16b), we get

(d'o/d p)dt)+ (d'o/do)dt)—
= —B(t,tp) cos8= —[k)aif)))i+k)))pfmp] cos8. (24)

By integrating over the pion energy, the magnitude of
the interference term at any angle is obtained to be

(do/d pp)+ —(do/dp))- =—fkmi[2v2ZP~'(1+ —',Zii

—pir (2+Zp) Qb) j+kmp[8V2Z"~'(1+2Z/9) ]) cos8,
(25)

where Z=tp/pop; b= ~BI/t, .
At nonrelativistic energies these diQ'erential cross

P ~ tpmax—dO~ {(ai+bi cos'8)f„40 ~o;. p "p
+(a,+bp cos'8) f„)g(tp)dtp.

N(t) = f-(t tp)g(«)«p,

p tpQlsx

f„(t,tp) g (tp) dtp.

The experimental cross section is then given by

[(d o„/dndT)+y(d'«/dndT) jo=a,n, (T,O)-
+bipi(T) 0~)+apnp(T) 0')+bppp(T) )) (26)

where ni, Pi, n&, and Pp are the effective pion spectra
transformed to the laboratory system and averaged over
the angular acceptance, after being multiplied by the
appropriate weighting factor of unity or cos'8. They are
given by

1 pe „P
ni(T 0~) = dO~~(t)

AO ~8;. p

to.„P
np(T, O) =

)
dO' —i)(t),

60 oisin p

1 le.„P
pi(T 0)= —

i
dO—cos'8N(t),

+8 ~()min P

1 Io.„P
Pp(T, O) = dO—cos'8o(t).

AO ~e;. p

The effective pion spectra N(t) and v(t) in the center-of-
mass system are dined by

+ tpmax
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FIG. 14, Effective pion spectra u(i) and &(t)
in the center-of-mass system.

where 1& and l2 are constants, whose value is equal to
the average of cos'tII; then the 90' cross section can be
written as:

[(d o„,/dfldT)++ (d os~/dQdT) ]g—s.

= Cini(T, 90')+Csns(T, 90'), (27)

where Ci ——ai+libi, Cs ——as+lsbs, li ——/s ——(cos 0)A„——0.36.
The mean 90' spectrum for the sum of positive and

negative pions was 6tted, using a least-squares method,
by the function previously given. In the analysis the re-
sults of the two runs were combined and the density of
events

(dry/d T)++ (dm/d T)

The effective pion spectra in the center-of-mass system,
N(t) and o(/) for the (S,p) and the (P,p) states respec-
tively are shown in Fig. 14. The laboratory functions
ni, pi, ns, and ps calculated at the two angles of the
experiment, 90' and 65', are shown in Figs. 15 and 16.
They are calculated for pion energies greater than the
threshold of the detector.

The coeKcients a~, b~, u~, b~ can be determined from
the experimental spectrum for (w++ir ) at 90' alone.
However, the functions ni, pi and ns, ps are sufFiciently
similar in shape to make it impossible to evaluate az
b& or a2 and b2 separately from the 90' data alone.
Moreover it is a good approximation to take functions
ni, Pi and ns, Ps to be proportional to each other, i.e.,

Pi=lint, Ps=lsn for 0=90',

XIO ~

was expressed in terms of the functions o.~ and 0,2 cal-
culated for the different geometries of the two runs.
Thus the combined density of events is given by

(dis ) (dry $ nil nls nsl n22

I+I I
=c, —-+ +c,

l dT) (dT) Gi Gs Gi Gs

where the factor G is obtained from Eq. (10) as

G= X~pHerlflH(1/r') A~,

and G~, ~~~, 0;~~, and G~, o;2~, a~~ are the values of G, 0;~,

and n& calculated for the two runs respectively. Table V
gives the pertinent data for the least-squares analysis.
In estimating the error in de/dT, the errors in deter-
mining the length of hydrogen and in the number of
neutrons incident are taken into account.

The values of the coefficients determined are:

0 )0

XIO
LD

0.5

70 bAEV
1

1

40 50 60
~~'a,

Q~ = 65'is'

Q~ = so'

A +5O 0 +5'

Ro so
I

s

Ci——(1.57+0.35)&(10 "cm'/sterad,

Cs= (4.87+2.05) &&10 "cm'/sterad.

The correlation coefficient (Acihcs)&, is equal to
0.305)&10 ".The weighted least-square sum

M=+(D;/X, )s,

where 6; are the deviation of the calculated value from
the experimental value and I; are the experimental
errors in the ith measurement, was found to be 1.15. As
the degrees of freedom for 6tting are 3 this indicates a
good 6t to the data.

The smallness of the contribution of the cos'0 term
at 65' is evident from the comparison of areas under
the Pi, Ps curves and ni, ns curves in Figs. 15(b) and
16(b). Hence neglecting the Pi and Ps terms we may
write the 65' cross section as:

0 .I0 20 50 40 50 60 70 80 MEV

, PlQN ENERGY IN LAB SYSTEM

FIG. 15. Effective pion spectra for the two runs transformed
to the laboratory system and averaged -over the angular ac-
ceptaiice, for the (S,p) final states.

((d'oA„/dQdT)++ ( ' do/ Qd. Td)
—js,'

=aint(T, 65')+asns(T, 65').

A most probable 6t of this function to the events ob-
served was made using the method of maximum likeli-
hood and thc best values fol cocKclents Gy and Qg wcI'c
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TAnLz V. Density of (ir++v ) events at 90' in the laboratory system, and values of functions 1(n»/Gi)+(iris/G&)} and
((nsi/Gi)+(un/Gs)) used to calculate the coeKcients Ci and C&.

Pion energy
at center of

hydrogen
(Mev)

Total number
of (m++7r )
mesons in

energy band
for both runs
corrected for
background

G1 G2

(In units of
10» cm2 per

sterad)

cx 11/G1 n12/G2 cx21/Gl

(In unitS Of 1029 per MeV)

+22/G2

14-20
20—26
26-32
32-38
38-44

104.6 &12.0
102.3 ~12.3
65.6 & 9.5
33.64& 6.6
16.12& 5.05

1.99
2.14
2.26
2.61
2.90

2.72
2.91
3.19
3.51
3;87

2.65
2.95
2.92
1.85
0.912

2.0
2.23
2.26
1.21
0.512

1.215
0.874
0.451
0.160
0.0231

0.890
0.584
0.256.
0.0855
0

found to be

ai= (0.134+0.36)X 10 "cm'/sterad,

as= (7.08+2.58)X 10 "cm'/sterad.

The correlation coefficient (tea&has)A„ is equal to —0.58
&(10 ".Combining these with the values of C1 and C2
determined above, we obtain the values for the coef-
ficients of the cos'0 term to be

bi= (3.99+1.37)X10 "cm'/sterad,

bs (—6.14&——9.1)X10 "cm'/sterad.

ential cross section at the corresponding center-of-mass
angle is

(do p
+ f'do)

I

—I+I —
I

(do&) (deil 0 =90~

~tp ptp

(ai+bi(cos 0)s„) f„dt+ (a2+b2(cos 0)Av)
~

f„dti
0

where f) is such that (cos'0)A, ——0.36 or almost equal to s.
Hence the total cross section can be obtained directly
from their differential cross section by

The correlation coefficient (Db&hb&)A„ is equal to —8.04
X 10-58.

The center-of-mass differential cross section for the
production of (s++vr ) mesons at a single neutron
energy Tz(tp) is given by

o (rr++s.—) =4irI (da/dpp)++ (do/do))-]pp'

at T~=409 Mev this is

o (~++s ) = (0.321+0.082) mb. (29)

(d'o/doid T)++ (d'o/d pid T)
= ((0.134&0.36)+ (3.99+1.37) cos'0}f„
+((7.08+2.58)+(—6.41+9.1) cos'0) f

X10 "cm'/sterad Mev.

The total cross section for the production of (~+1~ )
mesons is obtained by integrating over the energy and
the angle of the pion:

2.0

I.O

X 10

+l5

QH 9Q

o (m++s ) =4~ (1.46&0.56) f„dt
Jo

ptp

+(5.04&3.96) ~ f.dt X10 "cm'

This is evaluated at a neutron energy for which the
result is least sensitive to the exact shape of the energy
spectra and excitation functions. At T~——409 Mev, the
pure-isotopic-spin-reaction cross sections are calculated
to be.

opi ——(0.134&0.051) mb, oit= (0.183&0.143) mb.

Hence the total cross section is

o(s++7r ) =op&+o.ii= (0.317&0.147) mb. (28)

From the experimental cross section at 0=90' coef-
6cients C1 and C2 have been calculated, and the differ-

DETE
THRE

0 IO 20 30 40 50 60 70 80 MEV

5
X I 0

)Icts
0~ =a 65 +3

DETECTOR
THRESHOLO--

0 IO 20 30 40 50 60 70 80 MEV

Pl ON ENERGY IN LA B SY STEM

FIG. 16. Effective pion spectra for the two runs transformed
to the laboratory system and averaged over the angular ac-
ceptance for the (I',p) final states.
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20

X l.075 X 10"4 I

w, (t)

and the corresponding laboratory functions are given by

$
emLX +

L)g (T,O~) =
i

—co sew y (t)d 0",
AO ~8;. p

IO 20 30 50 60 70 MEV

20
X4A9 X IO 4 w, (t)

IO

0 IO 20 30 40 50 60 70 MEV
PION ENERGY

FIG. 17. ERective pion spectra in the center-of-mass system
and transformed to the laboratory system for two types of inter-
ference terms.

[(d'o A,/d Qd T)+ (d'o A /d Qd T) ]—()-
fHmax ~—cosed[kmgWg(t)+kM2W2(t) j

gQ~ ye, p

=k~gbwg(T, O)+kw25w2(T, O~),

where W~(t) and W2(t) are the effective pion spectra
in the center-of-mass system, given by

tpmax

Wy(t) = t f ~( M, p)tgt( p)dt, to

0

+ tpmax

W (t) =
)~ f (t, to)g(tp)dtp,

0

This more accurate value is in agreement with that
fetermined using the complete angular distribution
obtained from both the 90' and 65' data [Eq. (28)j.

Using Eq. (14) the total cross section for or+ or ~
production is

o (~+) =o(s ) = o.(2r+7+vr ) = (0.16+0.04) millibarn

at T~=409 Mev.

B. Asymmetry

By using Eq. (24) for the difference of the positive-
and negative-pion cross sections in the center-of-mass
system, the corresponding difference in the laboratory
system is obtained from Eq. (12) as:

bw2(T, O) = i —cos0w, (t)dO.
~O~o,. p

All these four functions zv1, zv2, 8~1, and 8~2 are shown
in Fig. 17 calculated for 0=90' for the two runs.

The mean 90' spectrum for the difference of x+ and
mesons was 6tted, by using a least-squares method,

with the function given in Eq. (30). Here again in
analyzing the data, the results of the two runs were
combined and the total density of (m+ —m. ) events was
expressed in terms of the functions 8~1 and 8~2 by the
equation

dS dB 8 11 ~tt~21 ~22
ko'1' + +k~2 +

dT dT I Gg G2 61 62

where 6 is the same factor as defined in the analysis of
the sum of (s.++~ ) events, G~, Bw~~, Bw~2 and G2 ti 21,
8~22 are the values of G, 6~1, and bw2 calculated for the
geometries of the two runs respectively. The data
required for the least-squares analysis of the difference
spectrum are given in Table VI. The values of the coef-
ficients k~1 and kM2 are determined to be:

km' ——(0.72&0.54) &&10 "cm'/sterad,

k~2 ——(6.98+4.77) &(10-"cm'/sterad.

The correlation coeKcient (Ak~&6k~2)A„ is equal to
—2.28 10 ". The weighted least-squares sum M=
g(A;/X;)' is 0.02 and the degrees of freedom one.

The coefEcient of the cosa term is given by

B(t,tp) = {(0.72+0.54)fmg+ (6.98w4.77)f~g)
X10 ' cm /sterad Mev.

The coefficient integrated over the pion energy, for the
neutron energy T~=409 Mev, is

tp

B(t,to)dt= (2.763%1.59) &&10 "cm /sterad.

Therefore the differential cross section for charged
pion production in neutron-proton collisions at a single
neutron energy Tz(to) is determined to be:

(d'o/d(ddt)+
={[(0.067&0.18)f„+(3.54&1.29)f.]

+[(2.0+0.69)f + (—3.07%4.5)f„$cos'tt

T [(0 36~0 27) fm, +. (3.49.&2.39)f~2] cose}

X10 "cm'/sterad Mev.

The differential cross section, integrated over pion
energy, for a single neutron energy Tz=409 Mev, is
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calculated to be

(do/d~) ~= ((1.07&0.39)W (1.38%0.78) cosg

+ (0.57+1.40) cos'0}&&10 "cm'/sterad.

VIII. CONCLUSIONS

The diGerential cross sections and energy spectra for
the production of charged pions in neutron-proton col-
lisions have been measured at two laboratory angles,
0=90' and 65'. The number of positive and negative
pions at 65' (corresponds to 90' in the center-of-mass
system) are roughly equal, while at 90' the ratio of
positive to negative pions is 2.01&0.24.

The total cross section for ~+ or x production at the
neutron energy T~——409 Mev is determined to be

o (7r+) =o (s. ) = (0.16+0.04) mb.

Because of the experimental low-energy cutoG for the
pions, -', at most of the total pion energy spectrum at
each angle was observed. Further, the pions observed
were produced by neutrons of all energies from threshold
for pion production to the maximum energy in the neu-
tron beam. Hence, in orer to calculate the cross section
at a single neutron energy, it was necessary to assume
reasonable energy spectra and excitation functions
for the reaction. This was done in a phenomeno-
logical way under the hypothesis of charge inde-
pendence. From the experimental results, the con-
tributions from these various assumed spectra were
determined and the above total cross section calculated
at a single neutron energy. The cross section is quoted
at a neutron energy for which the result is least sensitive
to the exact shape for the energy spectra and the
excitation functions assumed. This is possible because
the neutron beam has a sharp high-energy peak in its
spectrum.

The angular distribution in the center-of-mass system
at neutron energy T~(fs) =409 Mev was determined to
be:

(do/d&o) +={(1.07&0.39)W (1.38+0./8) cose

+(0.57&1.4) cos'f)}X10-"cm'/sterad.

TAsLE VI. Density of (s+—s ) events at 90' in the laboratory
system, and values of functions (bran/G&)+ (sans/Gs) and
(Scag]/Gf)+ (scag//Gg) used to calculate the coel5cients kcoq and kreis.

Total number
of (~+-~ )
mesons in

Pion energy energy band
at center of for both runs

hydrogen corrected for
(Mev) background

G1 G2

(In units of
10» cm2

per sterad)

8~11 ~~12 821 822—+— —+-
G1 G2 G1 G2

(In units of 10» per Mev)

14.0-21,5 55.2 ~12.5 2.015 2.750 3.807 0.6582
21.5-31.5 44.1 ~13.1 2.26 3.085 3.471 0.2621
31.5-50,0 15,05 + 8.25 2.92 3.89 0,7748 0.0300

IX. ACKNOWLEDGMENTS

It is indeed a great pleasure to acknowledge the
excellent guidance of Professor H. I.. Anderson through-
out this research. I wish to thank Dr. Roger H. Hilde-
brand for his interest in the problem and for his active
help throughout the course of the experiment. I also
thank. Dr. Arthur Rosenfeld and Dr. Frank Solmitz for
many stimulating discussions and useful suggestions.
Thanks are due to Tadao Fujii and Joseph Fainberg,
for their help in conducting the experiment and as-
sembling the equipment; to the cyclotron staG for their
excellent cooperation during the experiment; and to the
scanners J. T. Lach and Meera Backus.

In determining the coeKcient of the cos8 term there is
a large uncertainty not shown by the error quoted,
which is due to the lack of knowledge of the number of
states contributing.

The cross sections for the pure isotopic spin reactions
0-01 and 0.11 are CalCulated tO be:

o'or= (0.131&0.051) mb, ops= (0.183+0.143) mb,

at T~=409 Mev.

It is seen that at the energy of the experiment the
magnitude of the a-11 cross section is comparable to the
0-O1 cross section. The value for the 0.11 cross section can
be compared to the value estimated by Rosenfeld"
from the measurement of the cross section of x' pro-
duction in proton-proton collisions at 345 and 430 Mev.
The estimated value of 0.1 mb is consistent with
(0.183+0.143) mb determined in this experiment.


