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Production of Heavy Nuclides in 440-MeV Proton Fission of Uranium*

JAMn J. Hoohwt AND NATHAN SUoARMm

I'Received 15 November 1968)

The recoil properties of 20 nuclides of mass about 140 formed in the 440-MeV proton 6ssion of uranium
@&ere determined. The average kinetic energy, cascade deposition energy, and angular anisotropy for each
fission product vrere calculated from the recoil results. The kinetic energy and excitation energy of the
primary fragments leading to these fission products, and the total kinetic energy and excitation energy
of the primary-fragment pair, frere calculated from those of the 6ssion products. The primary-fragment
results indicate a dependence of the deformation of the Gssioning nucleus on its excitation energy, and
explain the trends observed in the kinetic energy and cascade deposition energy of the 6ssion products.
The theory used to explain the angular distribution of fission products produced by low-energy ( &50 MeV)
bombarding projectiles vras applied successfully in the explanation of the angular anisotropies observed at
440 MeV. The charge dispersion of the fission products of mass 139 vras determined, and was fitted by a
Gaussian curve vrith a full vvidth at half-maximum of 3.2 charge units. The primary fragments leading
to isobaric fission products differ from each other by taro mass units per charge unit, and are more constant
in neutron-to-proton ratio than the 6ssion products.

L INTRODUCTION

4HZ complexity of high-energy nuclear 6ssion has
~ . thus far precluded a thorough understanding of its

mechanism. This reaction has been studied in various
ways in an attempt to learn about the hssion process
by observation of its products. The fast. intranuclear
cascade leaves a variety of excited nuclei which may
fission or dccxcitc by evaporation of nucleons in com-
petition with 6ssion. The goal of the present work is
the study of the recoil properties of fission products in
R Qarlow mass rcglon ln ordcl to dctci1Tllnc thc propcr-
tlcs of thc primary 6ssloD flagll1cDts leading to thcsc
products. From this, some knowledge of the 6ssion
pI'occss Rnd its dcpcndcDcc on thc divlsloll of charge
between the two primary fragments is obtained.

Measurements of the recoil properties of cession prod-
ucts have been used previously by many authors to
determine kinetic energies, cascade deposition energies,
and angular anisotropies for many fission products at
many bombarding energies. ' '0 In general, the results

~Work supported in part by the U.S. Atomic Energy Com-
mission.

f Submitted in partial fulfillment of the requirexnents of the
Ph.D. degree in the Department of Chemistry of the University
of Chicago. The author acknowledges the aid of a Union Carbide
Corporation Fellowship. Present address: Department of Chem-
istry, McGill University, Montreal, Quebec, Canada.

I N. Sugarman, M. Campos, and K. %'ielgoz, Phys. Rev. 101,
388 (1956).

2 N. T. Porile and N. Sugarman, Phys. Rev. 10/, 1410 I'1956).
3 J. B.Niday, Phys. Rev. 121, 1471 I,'1961).
4 J, M. Alexander, C. Baltzinger, and M. F. Gazdik, Phys.

Rev. 129, 1826 (1963).' J. A. Panontin and N. Sugarman, J. Inorg. Nucl. Chem. 25,
1321 (1963).

6 V. E. Noshkin and T. T. Sugihara, J. Inorg. Nucl. Chem. 27,
943 (1965);2/, 959 (1965).

R. Bl'andt ln Ehpsk's 888 Ch8fÃssft'p of F$sssos C, International
AtoInlc EIielgy AgeIicy VienIla 1965) Vol. II p. 329.

8 N. Sugarman, H. Mi*inzel, J. A. Panontin, K. Wielgoz, M. V.
Ramaniah, G. Lange, and E. I opez-Menchero, Phys. Rev. 143,
952 (1966).' J. A. Panontin and ¹ T. Porile, J. Inorg. Nucl. Chem. 30,
2027 (1968).

«~ V. P. Crespo, J. B. Cumming, and A. M. Poskanzer, Phys.
Rev. 1'/4, 1455 (1968).

show that the kinetic energy of a product is R few
percent lower than that observed in thermal neutron
6ssion. The average cascade deposition energy for for-
mRtloD of a pI'oduct ls higher fol neutron-deGclcnt
products than for neutron-excess ones. The angular
distributions generally deviate less than 10% from
isotropy. Alexander et al.4 and Brandt~ observed s
dramatic decrease in the range of very neutron-dehcient
iodine nuclides a,s the proton bombarding energy in-
creased from 0.5 to I8 GCV, whereas the range of the
neutron-excess iodine isotopes remained essentially un-
changed. These recoil investigations and the related
yield studies of Fricdlander 8I' cl. I ln thc Cs I'cglon,
Hagebg on Sb," and Dobronrovova et cL" on Xe
Quclidcs indicate that another production mechanism
diferent from fission is responsible for the formation of
the most neutron-deficient species. The present recoil
study of isobar~@ 6ssion products, in which the charge
rather than the mass dependence of the division of the
nucleus is studied, was undertaken to yield information
on the dependence of the energetics of the high-energy
fission process on charge division.

The exceedingly short lifetimes of the primary frag.
Dlcnts preclude thc possiblllty of studying thclr pI'oper
ties directly. However, the properties of the primar
fragments may be calculated from those of the observe
cession products by makiQg assumptions regarding th
fissionability of the excited cascade nuclei, the divisic
of the total kinetic energy and excitation energy b
tween the two primary fragments, the yield pattern
the primary fragments, and the effect of particle evaI.'

ration from the primary fragments on the kinetic ener
of the fission products.

In this work, recoil properties of j.7 nuclides of ator
number 55 to 60 and mass number 133 to 147 (15
them in the mass region 138-145) have been measure
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From these, the .momentum transfer to the 6ssioning
nucleus, and the kinetic energy and angular anisotropy
of the 6ssion products, have been calculated. These
results were used to calculate the identity, kinetic en-

ergy, and excitation energy of the average primary
fragment leading to each observed product.

The charge dispersion curve for Gssion products of
mass number 139 was determined and found to be
symmetric about a most probable charge.

IL EXPERIMENTAL PROCEDURE

Forward —Backward Experiments

Proton
Beam

Backward Target Forward Recoil
Recoil Foil Catcher
Catcher

B. Perpendicular Experiments

Proton
Beam

A. Measurement of Recoil Properties

The experimental procedure used was similar to that
of previous thick-target thick-catcher studies of nuclear
reactions performed in this laboratory. ""

A 1-mil U target foil was surrounded by 1-mil Al
catcher foils, and. these were enveloped in 1-mil Al foil
as shown in Fig. 1. The target stacks for the first
experiments on a given element also contained a 1-mil
Al foil for impurity activation situated downstream
from the target and catchers.

The U foils were of natural isotopic composition,
nominally 1-mil thick and 1.0)&1.5 cm in size. The
surface of the foils was cleaned in dilute hydrochloric
acid solution immediately before preparation of the
target. The average thickness, ranging from 40 to 43
mg/cm', was determined by weighing the target and
carefully measuring its size.

The Al catcher foils and envelope were of high-
purity ()99.99%) 1-mil Al, more than twice the thick-
ness of the longest-range fission products measured. In
no case was there need for an activation correction to
the data, The catcher foils were approximately 1.5/2. 0
cm so that they overlapped, the target by several milli-
meters on all sides. The envelope was a single sheet
of the same high-purity Al, approximately 1)&1-', in.
in size, folded in such a way that the fold was the
leading edge.

Irradiations were performed in the internal beam of
the University of Chicago Synchrocyclotron at a radius
of 75 in. , corresponding to a nominal proton energy of
440 MeV. The period of irradiation varied from 1 min
for the short-lived Cs"' to 2 h for the long-lived Ce
isotopes. The intensity of the proton beam was varied
according to the production cross section of the nuclide
under investigation, and the volatility of the nuclide
and its P-decaying precursors.

Experiments were performed in two orientations,
called "parallel" and "perpendicular, " as depicted in
Fig. 1. The angle of 10' was used in perpendicular
experiments to lessen the effects of multiple scattering
of the proton beam in what otherwise would effectively
be a 1.5-cm-thick target.

After the irradiations, the target package was dis-
assembled and the target and catcher foils were dis-
solved for radiochemical analysis. The U foils were
dissolved in 6M HCl in the presence of HNO3. The

FIG. 1. Target assembIy for forward-backward and perpendicuIar
experiments.

Al catcher foils were dissolved in a mixture of 50%
63' HC1 and 50% 63f HNO3, with heating. In most
experiments, the requisite carriers were preserlt irl the
dissolving solution. The samples were chemically sepa-
rated by the procedures given in Appendix A, mounted,
and counted. The decay curves were generally analyzed
after several half-lives of the radioactivities under in-
vestigation except for 285-day Ce'4', which was counted
for 15 months.

3. Measurement of Charge Dispersion

Three ratios of cross section. s of nuclides of mass num-
ber 139 were measured in. order to define an isobaric-
charge dispersion curve. These three ratios provide 6ve
points to define the parameters of the curve after one
cross-section value is used for normalization. The three
experiments determined (i) the ratio of the yield of
Ba"9 with no contribution from P-decaying precursors
("independent") to that of Cs'+ with its full contribu-
tion of P-decaying progenitors ("cumulative" ), (ii)
the ratio of the yield of Ce'" (independent) to that of
Pr"l (cumulative), and (iii) the ratio of the yield of
the combined neutron-deficient nuclides to that of the
combined neutron-excess nuclides, through a measure-
ment of the ratio of the activity of Ce'3' (cumulative)
to that of Ba"' (cumulative). The procedure used in
the charge dispersion experiments is given in Appen-
dlX B.

The results of these experiments were combined and
Gtted with a best charge dispersion curve, assumed to
be Gaussian. The procedure used was to vary the most
probable charge and the full width at half-maximum
(F~HM) independently. Each set of assumptions
yielded values of the three cross-section ratios. The
best fit was then chosen by minimizing the sum of the
squares of the deviations of the calculated ratios from
the experimental ones.

III. RESULTS AND ANALYSIS OF DATA

A. Charge Dispersion Curve

The relative production cross sections of nuclides of
mass 139 were determined by measuring the ratios of
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FIG. 2. Charge dispersion curve for Gssion products of mass 139
Q, va]ues predicted from the curve; Q, experimental values.

the cross section of Cs(C) and Ba(I), Pr(C) and
Ce(I), and Ce(C) and Ba(C). Here C stands for
"cumulative" and I for "independent, " as dehned in
Sec. II B. The charge dispersion curve for mass 139
wa.s determined from these ratios by assuming a Gauss-
ian curve Rnd determining the parameters which ht
the measured ratios best.

The ratio of the cross section of Cs(C) to that of
Ba(I) was calculated from the measured activities of
the separated Ba fractions as follows. The Cs activity
at the time of separation arises from Cs produced
directly during the irradiation and from Xe decRy
during and after the irradiation. The Ba activity at
the time of separation results from the Ba produced
directly during the irradiation, and from the Cs and
Xe decay during and after the irradiation. Three quan-
tities Rre unknown: the cumulative production cross
section for Xe, OPCe(C) j, the independent ones for
Cs and Ba, 0Lcs(I)j and of Ba(I)g; two quantities
are determined: the activities of Ba and Cs at the time
of separation.

H one assumes that the ratio 0LXe(C) j/OLCs(I)]
is 0.25 (see later discussion and Fig. 2), the Ba activity
at the time of separation has less than 0.1% contribu-
tion from Xe produced both during and after irradia-
tion. The same assumption permits a direct calculation
of the relative cumulative production cross section of
Cs from the Cs activity at the time of separation. The
activity of Ba at the time of separation was then used
to calculate the relative cross section of independent Ba.

The value of the ratio 0LCs(C) g/0L'Ba(I) 7 is 0.806&
0.029, the error arising from the counting statistics. If
the assumption mentioned above is invalid, the error
is increased, at most, by 0.016.

The measurement of the ratio oLPr(C) j/rrf Ce(I)g
was performed in two ways. In the cumulative proce-
dure, three aliquots were taken after 0.1, 1.0, and 12
half-lives of Pr"', and analyzed for Ce"' activity. Each
of the three samples contained the Ce activity present
at the end of irradiation plus that which grew from
the decay of Pr prior to the time of separation. The
activities of Ce and Pr present at the end of irradiation
were calculated by a least-squares analysis of the growth
curve of Ce with half-lives of Pr'3' and Ce"9 of 4.5 h
and 140 days, respectively. After correction for the
saturation factors, the ratio OLPr(C) j/(rLCe(I) j was
found to be 0.405~0.011.

In the milking experiment, Ce was separated from
R single aliquot from the same bombardment as that
above after 0.1, 1, and 12 half-lives of Pr'". The last
two samples determine the activity of Pr"' at the end
of bombardment. This value was calculated by a least-
squares analysis in which the activity of each sample
was weighted by the total number of observed counts.
From the milking experiment, a value of the ratio
O'LPr(C) j/0LCe(I) j of 0.439+0.009 was calculated.

The cross-section ratio, calculated by weighting the
results of the two experiments by the squares of the
errors, is 0.426&0.010. It should be noted that this
calculation has been performed on the assumption that
the half-life of Nd"' is short compared to that of Pr'"
(see Appendix A). Both the growth curve of Ce in the
cumulative experiment and the decay of the Ce milked
from Pr are consistent with this assumption.

The experiment relating the cumulative yield of
neutron-deficient and neutron-excess products was per-
formed by analyses for cumulative Ce and Ba, respec-
tively. After decay of 9.5-min Cs"9, Ba was chen1ically
isolated and counted via the same 166-keV transition
in' La"' by which Ce was counted. Because of the
decRy of Cs to BR during Rnd after the irradiation the
equation relating the activity measured to the cumula-
tive production cross section contains two unknowns,
the cumulative production cross section of Cs and the
independent production cross section of Ba. However,
the erst experiment discussed above relates these and
allows direct calculation of the cumulative Ba cross
section. The Ce was isolated after 12 half-lives of Pr'".
The ratio calculated for 0Lce(C) g/0 I Ba (C)j is 0.545&
0.015, the error arising from the counting statistics.

The cross-section ratios from the three experiments
described above are given in Table I. These cross-
section ratios may be calculated from a charge disper-
sion curve assumed to be Gaussian, centered about a
selected most probable charge, Z~, and having a se-
lected I'"%HM. Calculations were performed for all Z„
values between 56.20 and 56.70, in 0.01 charge unit
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TABLE I. Comparison of charge dispersion results with Gaussian-curve analysis.

Cross-section
ratio

Observed
value

Z„=56.58
FWHM =3.21

Z~ =56.58 Z„=56.38
FWHM =3.41 FWHM =3.21

ofca(C)]/go[Ha(I) j
0.$Pr {C)g/0LCe(I) J
~gee(c) 3/"Eaa(c) 7

0.806+0.029

0.426&0.010

0.545&0.015

0.785

0.438

0.522

0.876

0.515

0.541

0.901

0.385

0.373

steps, with FTHM assuming all values between 3.10
and 3.60, in 0.01 charge unit steps. The parameters
which give the best fit to the data are Z„and FWHM
equal to 56.58 and 3.21 charge units, respectively. The
results of the calculations are given in Table I for the
"best-6t" parameters. For comparison, the results for
Z„and FWHM diftering by 0.2 charge unit from the
"best-fit" values are also given.

A charge dispersion curve giving the fractional chain
yield versus charge displacement from Z„ for the nu-

clides of mass number 139 is given in Fig. 2. The curve
is Gaussian in shape, normalized to unity, and has the
"best-fit" parameters. A comparison of the measured
relative production cross sections for Cs'+(C), Ba"'(I),
Ba'3 (C), Ce'~ (C), Ce' (I), and Pr' (C) with those
calculated from the charge dispersion curve is also
shown. The points derived from the experimental ratios
were determined by minimizing the sum of the squares
of the deviations of the measured values from those
calculated from the curve.

B. Recoil Properties of Fission Products

The recoil properties of the fission products are
determined in thick-target thick-catcher experiments
from the activity of each of the measured nuclides in
the two catchers and in the target foil. The fractions
of the activity escaping from the target into the for-
ward and backward catchers are calculated from these
quantities, and are called E and 8, respectively. In
the case of perpendicular experiments, the average
fractional activity in each of the two catchers is desig-
nated by I'. The thickness of the U target, expressed
in mg/cm', is given by W. The recoil properties charac-
terizing a nuclide are FW, BH/", and I'S', or combina-
tions of these quantities.

The measured quantities are corrected for two ef-
fects': an edge eBect arising from recoils escaping from
the edges of the target foil, and a scattering effect
arising from the net scatter out of the heavy U target
into the light Al catchers. For 1-mil U targets bom-
barded by 450-MeV protons, the correction for the
edge eGect is taken to be 0.9957 ' and that for scatter-
ing 0.970. The net reduction in the measured activity
of fission products in the mass region 140 in the catcher
foils is then 3.48% for 1-mil U targets. The recoil

properties of each of the nuclides measured, corrected
for the edge and scattering effects, are given in Table

II. The first column lists the measured nuclide and its
mode of formation, cumulative (C), or independent
(I), d.ependent upon the presence or absence in the
measured product of significant amounts of activity
produced during irradiation as P-decaying precursors.
Columns 2 and 3 give the results of the forward-back-
ward experiments and the corresponding standard devi-
ation of the measured average from the true mean.
Column 4 gives the number of separate determinations
of the forward-backward results on the given nuclide.
Column 5 reports the results of the perpendicular ex-
periments and column 6 the number of these experi-
ments on the given nuclide. Ualues of the recoil proper-
ties are given in mg/cm' of U.

The recoil parameters of the 6ssion products are cal-
culated from the measured recoil properties on the
basis of a two-step model for the high-energy Gssion
process. "The erst step is the collision of the bombard-
ing particle with the target nucleus, initiating a cascade,
and imparting a velocity v in the laboratory frame,
with components v~~ in the beam direction and v~ in a
plane perpendicular to the beam. The second step is
the fission process, in which a fragment leading to the
isolated nuclide is emitted with velocity V in the sys-
tem of the struck nucleus. Because of the fast-slow
sequence of these events, it is assumed there is no
correlation between v and V. The quantities g~~ and
'g J are de6ned as e~~/V and vi/V, respectively.

The range of a product in the laboratory system, I,,
is taken to be proportional to 'U~ where 'U is its initial
speed and E depends upon the velocity of the product. 4'
In the moving frame, moving with velocity v, the
fission product has a mean range in U, E, propor-
tional to t/'~.

The angular distribution of fission products in the
moving frame is expressed in the form a+b cos'8, where
a and b are constants associated with a given 6ssion
product and 8 is the angle between the direction of
emission of the fission product in the moving frame
and the beam direction. A positive value of the an-
isotropy parameter b/a corresponds to preferential emis-
sion along the beam direction, whereas a negative
value corresponds to preferential emission in a plane
perpendicular to the beam axis.

The equations used to calculate the values of E, g~~,

"R.Serber, Phys. Rev. '72, 1114 (1947).
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TAsl.z II. Recoil properties of measured nuclides (corrected) .

Qa (188+185}m (I)
Prl88 (I)
Nd188(I)

S189(C)

Ba'89(C)

Qa189(I) a

{ el89(1) a

Cel89 (C)
Pr'"

ga140(C)

I.a140 (I)
Nd'40{I)

Ce141 (C)

Prl49 {I)
Ce148(C)

Pr148 (C)

Prl48( J) a

Ce"4{C)

Pr145 (C)
Nd147 (C)

2' (Ii+8)
(mg/cm')

7.63&0.05

7.00&0.12

6.93&0.13

8.21&0.03

8.15&0.03

8.09&0.07

7.39&0.04

7.34&0.05

7.10&0.09

7.98&0.07

7.84&0.04

'7.08&0.06

7.90&0.07

7.26&0.09

7.86&0.06

7.69&0.08

7.58&0.07

7.62&0.07

7.47&0.08

7.79&0.03

8'{P—8)
(mg/cm9)

0.401~0.010

0.691+0.054

0.724+0.086

0.096+0.005

0.166+0.009

0.219+0.020

0.450+0.022

0.482+0.024

O. 635~0.037

0.192+0.025

0.387&0.018

0.664~0.054

0.360+0.032

0.398&0.010

0.180+0.022

0.294~0.075

0.363+0.061

0.143%0.041

0.063~0.040

0.094a0.011

6

4$'E
(mg/cm')

7.64aO. 04

6.76+0.01

6.34~0.07

8.50&0.10

8.38+0.07

8.30a0.09

7.39+0.16

7.30&0.14

6.85~0.02

8.15+0.05

7.68+0.04'

6.86+0.12

8.01a0.09

7.24+0.04

7.95~0.04

7.47~0.06

7.18+0.05

7.73~0.04

7.66~0.01

8.00&0.06

a Independent vaIues calculated from cumulative values of this nuclide and its p-decaying progenitors using the charge dispersion curve.

gi, and b/a from the recoil properties if Ã is taken to
be unity (see Sec. III C) are'"

2$'(8+8) =R
1+-',b/u

W(F 8) =Eq((, —

4lVE=E
1+-',b/a+pi'(1+-, 'b/u)

&+3b/~

In order to calculate 8, g~~, gi, and b/a from the
experimental data, a relationship between qL~ and q&

is required. This relationship is the same as that of pt~

and pJ., the related momenta of the cascade nucleus,
shown in Fig. 3 and discussed in Sec. III C.

A computer program was developed to calculate the
recoil parameters. As a erst approximation, q~~ was
taken to be 0.05, qJ. to be 0.0, and b/a to be +0.02.
A value of R was calculated from Kq. (1), then a new
value of g~ ~

from Kq. (2), and a value of b/a from the
difference of Kqs. (1) and (3). By a process of suc-

"If N is not equal to unity, the calculated range must be
corrected for the effects of the momenta imparted to the system
by particle evaporation both before and after Qssion.

cessive approximation, the three equations were iter-
ated and solved subject to the requirement that the
sin of the absolute values of the chueges in R, y~i, and
b/a in two successive iterations was not greater than
0.00005.

A preliminary calculation was then made of the ki-
netic energy by the range-energy equation &Kq. (5)j
discussed below. From this the velocity of the ission
product, V, the parallel component of the velocity in
the moving frame, e~~, and the parallel momentum
imparted to the cascade nucleus, p~~, were calculated.
%ith the use of the Vegas srzxwo ca1culation de-
scribed below, the momentum transferred in the direc-
tion perpendicular to the beam, pz, was then. related
to p~ ~

(Fig. 3) and a value of gi was calculated.
This value of y& was then used in a second iteration

of the recoil equations with the same procedure as
above being followed. The 6nal requirement for the
complete solution of the equations was that in two
successive iterations, g& did not change by more than
0.00005. Thus, the calculation of the recoil parameters
yielded results of all four quantities to better than
0.000j..

The results of the calculation of the recoil parameters
of the 6ssion products are shown in Table III. The
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6rst column shows the measured nuclide and, its mode
of production. Columns 2—5 are the recoil parameters
calculated from Eq. (1)-(3) in the units shown.

C. K1Q8tlc EQ81'~ IQC CRsca88 98Positlon EQ81'~ of
Fission Products

The kinetic energy of a cession product was calcu-
lated by use of the range-energy equation of Lindhard,
Scharff, and Schigttrs (LSS), modified from that de-
veloped hy Bohr. '7 In its Inost general form, both
electronic and nuclear stopping are considered, Noshkin
and Sugiharae showed that for velocities typical of
6ssion products, the nuclear stopping term can be ig-
nored, Rnd the range-velocity dependence is linear.
They 6t the range d.ata for thermal neutron 6ssion
products stopped in Al,"~23 Zr,"Au, '0 Rnd U, ' to ki-
netic energy data'~ by the equation

—IO.O;

O. l

0 O.Z 04 0.6 O.e t,o
Pil PCg

p(e) = (1.30/a) e'", (4) FIG. 3. Relationship of the transverse and parallel components
of momentum transferred to the cascade nucleus.

where p(e) snd e are dimensioniess measures of range
and energy and 0. is a parameter which depends upon
thc IHass Rnd chRI'gc of tbc 6sslon pI'oduct and thc
stopping material. M H only heavy 6ssion products
stopped ln U are considered, least-squares analysis of
the range-energy data results in R slight increase of
the proportionality constant of Eq. (4), from 1.30
to j..3j.2.

Aftex substitution of known quantities into the equa-
tion above, the relation used for calculating the kinetic
energy as a function of range in U is

r=453.4Z ~'~'/A(&'~s+20. 4}',

where Z and A refer to the recoiling nuclide, T is in
MeV, and R is in mg/cm'. In the calculation of the
kinetic energy from the range data by Eq. (5), it was
assumed that the values of (V)' and (V') are equal,
or that the dispersion of V is small compared to (V)'.
This Rssumptlon ls lndccd valid fol ncutx'on-cxccss 6s"
sion products both at thermal neutron'9 and GcV pro-
ton bolnbarding energies. '0 It is not valid, however,
for neutron-dc6cicnt high-energy cession products, e.g. ,
Sa'3' at 2 2 GcV'0 where the correction due to the
dispersion of V is about 10% of the kinetic energy. If

' J. LIndhard, M. Schar6', and H. E. Schrgftt, Kgl. Danske
Videnskab. Selskab, Mat. -Fys. Medd. 33, No. 14 I'1963).

"N. Bohr, Phys. Rev. 59, 270 I'1941).
'8N. K. Aras, Ph, D. thesis, MIT, 1964 (unpublished),
'9 F. Brown and B.H. OHver, Can. J. Chem. 39, 616 (1961).
'0 J. M. Alexander and M. F. Gazdik, Phys. Rev. 120, 8'N
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2'N. Sugarman, J. Chem. Phys. 15, $44 ('1947)."B.Pinkie, K. J. Hoagland, S. Katco6, and N. Sugarman, in

&~~ckemk el Stedkz: The I'issioN I'rodlcfs, edited by C.
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it is invalid. at 440 MeV for neutron-deficient products,
the CGect would be to increase the reported kinetic
energies of these products by a maximum of 5+~, or
about 2.5 MeV.

The ca,scade deposition energy for prod. uction of R

given fi.ssion product;was determined by combining
the results of the recoil experiments with those of
calculRtlons pcrforXIlcd at Brookhaven National Labo-
ratory. Using the Vegas sxzPNo formalisln, '6 2500 cas-
cades foI' 380-McV pI'otons iIQpinging on U8 werc
carried out. The output of this calculation includ, es
the Z and. A of thc cascade nucleus, its excitation en-
ergy, the parallel and perpendicular momentuIn com-
poncIlts relative to tbc bcBIQ dilcction and thc totRl
angular momentum imparted to the cascade nucleus
as well as its projection along the beam axis.

The average momentum transferred to thc cascade
nucleus along the beam direction, p~~, was calculated
for each of several intervals of deposition energy. I ig-
ure 4 shows the relation between P~~/PcN and Ee/EeoN
derived from these calculations. The quantities pcN
and B+cN are the momentum and excitation energy,
lespcctlvcly, which thc target nucleus would have lf a
compound nucleus (CN) had been formed. The mo-
xncntuID Rnd cxcltatloI1 cneI'gy transfer arc cxpI'csscd
as fractions of the corresponding CN values in order
to apply the results of the Vcgas sxxpwo calculation
for 380-MeV protons to the analysis of the 440-MeV
proton experiments reported herc. Vertical error bars
in Fig. 4 represent the width of the Ee//E*ow bins
chosen froIQ thc Vcgas datR. Horizontal bRrs represent,
the standard deviation of the average p~~/pop values
about the mean. The relationship between these quanti-
ties was determined by a least-squares analysis over

26K. Chen, Z. Fraenkel, G. Friedlander, J. R. Grover, J. M,
Miller, and Y. Shimamoto, Phys. Rev. M5, 949 (1968).
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TABLE III. Recoil parameters of measured nuclides.

Nuclide

Ba(133+135&~(I)
Pr138 (I)
Nd138(I)

Cs'"(C)

Ba'39(C)

Ba»9(I)'

Ce'"(I) a

{
Pr139 (C)
Ba140(C)

La'40(I)

Nd'4'(I)

Ce141 (C)

Pr142 (I)
Ce"'(C)

Pr143 (C)

Pr143(I) a

Ce"'(C)

pr145 (C)

Nd'47(C)

R (mg/cm')

7.62&0.05

6.81a0.12

6.50&0.12

8.40+0.03

8.30&0.03

8.22~0. 07

7.37~0.04

7.29&0.05

6.90&0.08

8.08%0.07

7.72&0.04

6.90&0.06

7.96a0.07

7.23%0.08

7.92&0.06

7.53&0.07

7.30~0.07

7.69+0.07

7.59a0.08

7.92&0.03

0.053~0.001

0.102&0.008

0.111&0.013

0.011&0.001

0.020&0.001

0.027%0.002

0.061&0.003

0.066+0.,003

0.092%0.005

0.024&0.003

0.050&0.002

0.096&0.008

0.045&0.004

0.055~0.001

0.023&0.003

0.039%0.010

0.050+0.008

0.019&0.005

0.008&0.005

0.012&0.001

0.056&0.002

0.066&0.005

0.068&0.008

0.035%0.002

0.041+0.002

0.045~0. 004

0.060+0.003

0.062&0.003

0.065&0.004

0.044&0.006

0.056&0.003

0.065~0.005

O. 054w0. 005

0.060&C:.002

0.045&0.005

0.053&0.014

0.058&0.010

0.043~0.012

0.035&0.022

0.037a0.004

b/a

—0.007&0.036

0.113&0.074

0.367&0.100

—0.126~0.047

—0.109&0.034

—0.097~0.052

—0.009&0.090

0.014&0.080

0.129a0.053

—0.083~0.043

0.082&0.030

0.106&0.080

—0.058&0.053

0.008+0.052

—0.042%0.035

0.121+0.052

0.237&0.052

—0.057~0.043

—0.092&0.040

—0.096&0.031

~ Independent values calculated from cumulative values of this nuclide and its P-decaying progenitors using the charge dispersion curve.

two momentum regions in each of which a linear de- pi/pcN as a function of p[~/pcN may be expressed as
pendence was used.

1n(p~/pcN) =0.287 in(p~ ~/pcN) —0 706,
E*/E*cN =0.860(p()/pcN) —0.008, p((/PCN &0.56

(6) pi/pcN ——0.382,

Pll/PcN &o4(8).
Pll/pcN+0 4 (9)

E,*/E*cN = 1.136(p~ ~/pcN) —0.164, p[~/pcN) 0.56.

The quantity p~ ~/pcN was approximated by ~~ ~/rcN.
A relationship was also derived relating the average

momentum transferred to the cascade nucleus in the
plane perpendicular to the beam direction, pi, to that
parallel to the beam direction, pII. Figure 3 shows this
relationship plotted in two ways. The perpendicular
momentum imparted to the struck nucleus and the
ratio of the perpendicular to the parallel component
are both shown as a function of the parallel component.
The plots have been derived in the same manner as
that above for the relationship of parallel momentum
to excitation energy deposited, and are plotted, simi-
larly, in terms of the ratio of the momentum trans-'
ferred to that expected if a compound .'nucleus were
the result of the cascade interaction. The value of

It should be noted that while the ratio of the perpen-
dicular to the parallel momentum transfer rapidly de-
creases with increasing values of the parallel momen-
tum transfer, the perpendicular momentum transfer is
itself increasing from zero to a constant value.

Calculation of the kinetic energy of a cumulative
fission product requires knowledge of the average charge
of the recoiling nuclide. This quantity is calculated by
making use of the charge dispersion curve (Fig. 2),
and the most probable charge at each mass number,
Z„. Table IV shows the value of Z~ at each mass num-
ber for which a cumulative fission product was meas-
ured. The value at mass 139 was determined directly;
the value at each of the other masses was taken from
the work of Sugarman et al. and that of Pappas and
Hagebfi~ and will be discussed in detail in Sec. IV A
(Fig. 5).

»A. C. Pappas and E. Hagebg, J. Inorg. Xucl. Chem. 28,
1769 (196'6).
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proton momentum transferred to the cascade nucleus.
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FIG. 5. Variation of the ratio of the neutron number to most
probable charge, NjZ~, with mass number A. , work of
Sugarman et al. (Ref. 44); Q, work of Pappas and Hagebgf
(Ref. 27); Q, work of Panontin and Porile (Ref. 39); X, this
work.

The equation taken for the fractional-yield curve for
the heavy masses is

y; =0.294 expj—(Z;—Z~) '/3. 716j, (10)

TAaLz IV. Values of Z~ used in this work.

Mass
number

56.63

57.60

57.88

58.46

corresponding to a FWHM of 3.21 charge units (Sec.
III A).

The results of the calculation of the kinetic energy
and cascade deposition energy of the fission products
are shown in TaMe V, and Figs. 6 and 7. The first
column shoes the measured nuclide and its mode of
production. The next column gives the average value
of Z, (Z), used in the kinetic energy equation. In the
case of an independently measured nuclide, (Z) is that
of the nuclide itself. For a cumulative product, the
(Z) value is that calculated by using the fission-product
charge dlspelslon curve tEq' (10)ji a Zn value f lorn

Table IV, and calculating a weighted average of Z
over the P-decaying precursors. Column 3 shows the
kinetic energy calculated from Eq. (5) . Column 4 gives
the cascade deposition energy Ji~ calculated from the
results of the Vegas STzpNo calculation PEq. (6) and
(7)g. The Anal column gives the value of (&V)/(Z),
the ratio of the average number of neutrons to the
avcragc number of pI'otons ln thc obscI'vcd fission plod-
uct. In the case of an independently produced nuclide,
it is cV/Z of the nuclide itself. The errors listed in
columns 3 and 4 are the standard deviations of the

TAaLz V. Kinetic energy and cascade deposition energy
of measured nuclides.

Nuclide (Z) T (Mev) Z~ (Mev) gV )/(Z)

pa (133+136) (I)
Pr»g (I)
Nd»8(I)

Csl39 (C)
Qa199 (C)

aa»9(I)

Ce»9(I)

Ce»9 (C)

Pr'"(C)
a140 (C)

1 a140(I)

Xd140(I)

Ce141{C)

Pr"'(I)
Ce"'(C)
Prl49 {C)

Pr143 (I)
Ce144 (C)

Pr'4'{C)

Qd147 (C)

56.0 54. 7a0.8 128a4

59.0 45.9&1.6 229+19

60.0 42.9%1.6 247&29

54. 7 61.9a0.5 26a2

55.4, 61.7a0.6 48%3

56.0 61.5&1.1 66&6

58.0 52. 1~0.6 143+7

58.2 51.2~0.7 153~8

59.2 47.8m i.2 206m 13

55.4 58.1&1.0 56&8

57.0 55.3&0.6 120%6

60, 0 47.7&0.8 216+18

56. 5 57.6&1.0 109&10

59.0 50.3&i.2 125~4

56.8 56.6&0.8 52~7

58.2 53.2&1.1 89&24

59.0 50.9&1.0 112&20

57.0 53.3ml. 0 41+13
57.6 52.4w1. 0 16~12

58.3 5/. 4+0.5 25~4

i.398

1.509

1.396

1.348

1.527

1.333

1.496

1.407

1.424

1.526

1.517

1.521

average values of the calculated quantities from the
true n1cans. .

A cursory examination of the results of Tables III
and V indicates the following trends, which will be
discussed in detail in Sec. IV: Vhth decreasing neutron-
to-proton ratio, the range, and therefore the kinetic
energy, decrease approximately 17% and 30%, respec-
tively (Fig. 6); the excitation energy deposited in the
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target nucleus increases from near zero to about 60%%u&

of the full 440 MeV available (Fig. 7); and the anisot-
ropy parameter increases from negative values, through
zero, to positive values (Fig. 8) .

F1G. 6. Dependence of the fission-product kinetic energy T on
the ratio of the average neutron number to average proton
number, divided by the mass number ((E)/(Z))/A.

evaporated neutrons associated with the production of
each fission-product mass. With the assumption that
10 MeV is required to evaporate a neutron, the plot
of Pappas and Hagebp was converted to a plot of
average deposition energy for each given mass. It was
then assumed that a product of charge Z„observed
in 170-MeV fission by Pappas and Hagebg would have
been observed by Sugarman et a/. in 450-MeV fission
at a diGerent mass, because of the increased neutron
evaporation at the higher bombarding energy.

The increase in the number of neutrons evaporated
at the higher bombarding energy was calculated and
used to adjust the data of Pappas and Hagebg to the
higher bombarding energy. The effect is to move the
points of Pappas and Hagebfi to lower values of A
and correspondingly lower values of 1V/Z„.

The data of Sugarman et at. ,' Panontin and Porile, 9

Pappas and Hageb), 2" and the value at mass 139 meas-
ured in this work are plotted in Fig. 5. This curve has

SOO-
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FIG. 7. Dependence of the cascade deposition energy Z* on the
ratio of the average neutron number to average proton number
(E)/ (Z)

IV. DISCUSSION OF PROPERTIES OF
FISSION PRODUCTS

A. Charge Dispersion in High-Energy Fission

The most probable charge Z~ at each mass is a
necessary parameter in determining the average charge
of an observed cumulative fission product. In order to
calculate a value of Z„at each mass, a plot of E/Z„
versus A was obtained in the following manner. Sugar-
man et al. and Panontin and Porile have reported
values of E/Z~ for observed fission products from 450-
MeV fission of U, and iV/Z„at mass 139 was deter-
mined in this work. To define the curve further, the
quite extensive data measured and collected by Pappas
and Hagebfp' at 170 MeV were corrected for the differ-
ence in bombarding energies. This correction was made
using the average value from Sugarman et al.' of the
cascade deposition energy leading to the product of
most probable charge at a given mass, and the plot
from Pappas and Hagebp'" of the average number of

+.2—

II
II ii

0 40
I I I I I

80 120 I 60 200 240 280

E, MeV

FIG. 8. Variation of the anisotropy factor b/a vrith cascade
deposition energy E~.

been used to determine the values of Z„at each mass
of interest in this work (Table IV) . The average charge
of a cumulative fission product is calculated by use of
the charge dispersion curve, Zq. (10).

An apparently serious discrepancy had arisen be-
tween the previously published work of Friedlander
et al." (FFGY) and Sugarman et at.' on the width of
the fission-product charge dispersion curve at about
400 MeV. In FFGY, the production cross sections for
many nuclides of mass number about 135 are plotted
against the neutron-to-proton ratio of the observed
product. It was concluded from this plot that for 380-
MeV protons the charge dispersion had a FWHM of
5.2 charge units. On the other hand, work of Sugarman
et al. , based on data in the mass region above A = j.00,
indicated that FWHM was about 3.5 charge units in
the same mass region.

This apparent discrepancy has now been explained
in part. Friedlander et al. determined the charge dis-
persion width from their cross-section data by assum-
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ing that the most probable neutron-to-proton ratio
IV/Z„ is constant over the mass region studied. How-

ever, as seen in Fig. 5 and discussed above, this is
probably not the case. While the ratio 1V/Z~ appears
to be constant from about mass 95 to 120, it is appar-
ently increasing at higher masses. The values of 7II/Z~

from Fig. 5 allow calculation of Z„at each mass studied
by FFGY.

A charge dispersion curve was calculated from the
FFGY" cross sections for independent nuclides cor-
rected for the variation in the total chain yield with
mass reported for 340-MeV 6ssion by Folger et al."
The resultant data were 6tted to a normalized Gaussian-
shaped curve and are shown in Fig. 9 as the fractional
chain yield versus displacement of charge from the
most probable. The FWHM of the fractional chain

yield curve is 3.0 charge units, in good agreement with

Folger, Stevenson, and Seaborgs' at mass 140 (3.0
charge units), Sugarman et aLS in the heavy mass
I'cgloll (3.5 clialgc uIllts), PRIlolltlll and PO111c 111 tile
symmetric Ilsslon I'cgioll (2.9 cllal'gc units) ~ Hagcbp
in mass region 130 for 580-MCV fission (3.2 charge
units), and this work at mass 139 (3.2 charge units).
However, a serious diGerence still remains between the
cross sections of three cumulative nuclides measured

by FFGY and those which v ould be predicted on the
basis of the charge dispersion curve of Fig. 9.

There is also an apparent discrepancy in FWHM,
in. the region of bombarding energy around 150 MeV,
IIetween the values found by Pappas and, Hagebp2I in
mass chains 127-134 for 170-MCV fission (FWHM of
2.8 charge units) and those found by FFGY" at 100
MeV (3.3 charge units) and 200 MeV (3.8 charge
units). Pappas and Hagebfi showed that the value of

iV/Z„ in this region increases from 1.458 to 1.481. If
their data are plotted against IV/Z, and X/Z~ is as-
sumed to be constant, the apparent FWHM increases
from 2.8 to 3.4 charge units. The peak. in the IV/Z

plot so drawn is at a value of 1.480 in excellent agree-
ment with the average value from FFGY of 1.478.
The FWHM results are thus consistent; in this case,
too, the apparent discrepancy in the FWHM values
arises from the FFGY assumption of constant E/Z„
over the mass region.

If the fractional. chain yield curve of Fig. 9 is normal-
ized at Cs'" to the cross section observed by FFGY,
the cross sections for the ten other independent and.
three cumulative cross sections may be calculated. The
11 independent cross sections are reproduced with an
average deviation from the experimental values of less
than 0.5 mb. The cumulative cross sections of Cs"',
Cs"~, and Ba'~ are not reproduced well, being under-
estimated in each case by a factor of about 2, as shown

in Fig. 9. In order to reproduce the cumulative data,
a much flatter, though not necessarily broader, non-
Gaussian shaped charge dispersion curve is required.

~8 R. I .Folger, P. C. Stevenson, and G. T. Seaborg, Phys. Rev.
98, 107 (1955).
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Fxo. 9. Charge dispersion curve for 6ssion products of mass
126-140. The data are taken from Friedlander ef ul. (Ref. 37),
reanalyzed as discussed in Sec. IV A. O, data of Friedlander et u$. ,
independent nuclides;, data of Friedlander et el. , cumulative
nuclides; g, values for cumulative nuclides predicted from the
curve. The curve has been rejected (dashed line) about the most
probable charge.

B.Energetics of Production of Observed
Fission Products

1. Kinetic Energy of Fissiom Prodgcts

The calculation of the kinetic energy of a 6ssion
product from its experimental range was carried out
using a modi6ed form of the Lindhard, Scharff, and
SchiIIItt" theoretical treatment of the stopping of heavy
ions. Both electronic and nuclear stopping are con-
sidered in the general formulation; however, since the
nuclear stopping term is estimated to account for only
10% of the total stopping even after the fission-product
kinetic energy has been reduced. by about 70%2' it
may be ignored in dealing with Gssion products.

The agreement between the Lindhard et al."univer-
sal stopping theory and experimental data is good."
However, quantitative disagreements do exist, the
prime one of interest in this work being an under-
estimate of the stopping power for high-velocity atoms,
and therefore an overestimate of the range of 6ssion
products, particularly the light ones. Various param-
eters have been used"'~" to normalize the predictions

"J.B. Cumming and V. P. Crespo, Phys. Rev. 101, 287
(1967).

30 J. Lindhard and M. ScharG, Phys. Rev. 124, 128 (1961)."C. D, Moak and M. D. Brome, Phys. Rev. 149, 244 (1966)
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of the Lindhard et al. theory to existing experimental
data. In particular, Noshkin and Sugihara' showed
that agreement between experiment and theory over
a wide range of fission products and stopping materials
could be obtained by a 35% reduction in the propor-
tionality constant relating range and velocity. The
range data of Niday3 and kinetic energy data of Milton
and Fraser were used to determine the constant of
Eq. (5) used in this work.

Other forms of the range-energy equation have been
used, such as that due to Panontin and Sugarman'
and to Alexander et a/. ,32 namely, E=CT~', in which
C and E are parameters depending upon the mass of
the stopping and recoiling atoms. This form of the
range-energy dependence does not, however, include
an explicit dependence on the charge of the recoiling
atoms of a given mass, a quantity of great interest in
this work. Use of the Panontin and Sugarman' range-
energy formalism, including their correction for the
average charge of the recoiling atom, would increase
the values reported here for the kinetic energy 3—5%,
and slightly increase the slope of the dependence of
the kinetic energy on the Iieutron-to-proton ratio of
the 6ssion products.

Besides the experimentaI work cited in Sec.
III C,'''~'4 which can be adequately described by
an equation in which the range varies linearly with
velocity, several other authors"" "have reported data
supporting this dependence. The work of Cumming
and Crespo" on fission products recoiling through
Mylar shows experimental points on a range-velocity
plot deviating only slightly from linearity over the
velocity range of interest in this work. . A better fit to
the data was obtained by variation of the dependence
of the range on the charge of the recoiling atom as a
function of velocity. Over the narrow region of veloci-
ties encountered in this work, this variation was not.
used. Other work33 " also reports experimental data
showing a linear dependence of range on velocity within
experimental error, and excellent fits to the predictions
of the LSS theory result after various adjustments are
made in the proportionality constant described above.
In the present work, the intercept of the range-velocity
curve was taken to be zero, consistent with ignoring
the nuclear stopping term.

The iesults of the calculations of the average kinetic
energy of observed fission products are shown in Table U
and plotted in Fig. 6. The abscissa ((1V)/(Z))/A was
used in order to reduce the effect of the A dependence
of kinetic energy in this region. The average range
decreases with increasing A over the mass region from
130 to 150,"with approximately a 1/A dependence.

"J.M. Alexander, M. F. Gazdik, A. R. Trips, and S. %asif,
Phys. Rev. 129, 2659 (1963).

"M. "Kaplan and P. Richards, Phys. Rev. 145, 153 (1966).
'4V. Subrahmanyan and M. Kaplan, Phys. Rev. 142, 174

(1966).
'" M. Kaplan and R. D. Fink, Phys. Rev. 134, 30 (1964)."J.Gilat and J. M. Alexander, Phys. Rev. 130, 1298 (1964).

Therefore, the variation of the observed kinetic energy
with the average neutron to average proton ratio di-
vided by A should more nearly represent the isobaric
kinetic energy dependence. It shouM be noted, how-
ever, that introduction of this 1/A dependence does
not substantially alter the kinetic energy curve; the
scatter is slightly reduced.

A 17% decrease in the range of the observed fission
products from the most neutron-excess to the most.
neutron-deficient has been observed. This corresponds
to a decrease of 30% in the kinetic energy from the
most neutron-excess product measured Cs" to the most
neutron-deficient Xd"'. A reduction in the kinetic en-

ergy of less neutron-excess fission products was 6rst
observed in the thermal neutron fission work of Niday. '
The range measured for each of the two "shielded"
nuclides, Rb" and Cs"', lying near P stability, was 10%
lower than the average range for neighboring mass
chains, as was confirmed by Brown and Oliver" in the
case of Cs"'. Hollstein'7 measured the ranges of inde-

p.ndently produced nuclides of mass number 139 from
thermal neutron fission of Pu~3' and found a nearly
linear decrease of the kinetic energy with increasing Z
of the fission product, about 7% per charge unit.

Nakahara" explained the short range of the shieMed
nuclide, Cs'" by its formation from processes involving
primary fragments with considerably higher than aver-
age excitation energies and lower than average kinetic
energies. In the case of thermal neutron fission, where
the total. energy of the fissioning nucleus is constant,
the kinetic and excitation energies are directly related
to each other.

The case of high-energy fission is more complex since
the fissioning nucleus does not have a constant mass
charge and excitation energy. The effect of these
quantities on the 6ssion process and the primary frag-
ments is discussed in Sec. V B. The interpretation of
the 30%%uo decrease in the kinetic energy of the most
neutron-deficient fission products relative to the most,
neutron-excess ones is based on the calculation of the
primary fragments and is given later in Sec. U C.

The kinetic energy of the nuclides of mass 139 and,
140 is plotted versus (Z)—Z„ in Fig. 10. There is a
linear dependence in the variation of kinetic energy
with (Z), with a slope of 3.0 MeV, or about 6%,
per charge unit. It is interesting to note that this value
is nearly the same as that observed by Hollstein'~ in
the mass I39 chain from thermal neutron fission, about
7% per charge unit. In the light of later discussion
on the source of the kinetic energy reduction in the
neutron-dehcient products from high-energy fission, it
must be concluded that this agreement is probably
fortultous.

It is of considerably greater significance that over
the broad range of charge studied for a given mass, no

'"' M. Hollstein, Ph.D. thesis, Kernforschungzentrum,
Karlsruhe, 1965 (unpublished. )"H. Nakahara, Ph.D. thesis, MIT, 1966 (unpublished).
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significant deviation from linearity in the kinetic energy
dependence on (Z) is observed. There is no indication
of a discontinuity occurring in the kinetic energy of the
very neutron-deficient nuclides. This is in marked con-
tI'Rst to thc I'csults ' ' ' of studies carried oUt, Rt mUltl-
GeV energies, where a marked reduction was observed
in the kinetic energy of the neutron-deficient products
as the bombarding energy increased into the GeV re-
gion. This cGect has been attributed to a process other
than binary fission which becomes important only at
high encl glcs.

Z. Cascade Deposition Energy Leading
to aN Observed Prodlct

To cascade deposition energy associated with the
production of a fission product is determined from the
measured recoil results by use of Eqs. (1)-(3), as
discussed in Sec. III C. The momentum transferred
to the cascade nucleus along the beam direction, p~~,
is calculated from g~t after determination of the veloc-
ity of the 6ssion product, V, from the range-cnergy
equation. The relation between p~~ and the excitation
energy deposited in the cascade nucleus is obtained
from the intranuclear cascade calculations.

The calculation used in this work was the Vegas"
calculation performed for 380-MeV protons impinging
on U23', with no account taken of pion production.
Although the distribution of the cascade nuclei in Z
and A was taken directly from the calculation, the
cascade deposition energy and the Hnear momentum
transferred to the cascade nucleus were corrected for
the difference in bombarding energy. The correction
was made on the assumption that the ratio of the
cascade deposition energy to that expected for com-
pound nucleus production, E*/E*oN, and the ratio of
thc llQcRI' momentum tl ansfcr to that cxpcctcd foI'

compound-nucleus production, p~~/pcN, were the same
at 380 and 440 MCV.

Two forms of the Vegas calculation are Rvailab1C,
called sTKP and sTKPNo, " corresponding to inclusion
or neglect of refraction and reAection at the nuclear
potential boundaries between successive radial steps.
The STzPNo calculation was chosen on the basis of
better agreement between calculated and experimental
cross-section results for high Z targets. "

In this section, only the excitation energy-linear mo-
mentum relationship of the cascade nucleus will be
considered. This relationship is ambiguous since it is
possible to calculate the average momentum transfer
for a given region of excitation energy deposited, and
the average value of excitation energy for a given mo-
mentum transfer. The choice between the two relation-
ships was made by considering the deposition energy
to be the crucial point in determining the identity of
the 6nal product. That individual 6ssion products
"select out" cascade events with certain values of the
deposition energy was discussed in detail by Sugarman
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FIG. 10. Isobaric dependence of the 6ssion-product kinetic
energy T on the displacement of the average 6ssion-product
charge from the most probable charge for mass chains 139 and
140. O, independently formed nuclides; , cumulatively formed
nuclides.

et al. For example, Ba" is produced from cascades
with 50—60 MCV of deposition energy, independent of
the bombarding energy: 170 MeV, ' 450 MeV, ' or 2.2
GCV." It was decided, therefore, to calculate as in
earlier work the average momentum transfer parallel
to thc beam, having "selected out" all events leading
to a given cascade deposition energy. The relationship
derived is that given in Fig. 4, and the data were
fitted to straight lines over two regions of E*/E*gN,
Eqs. (6) and (7).

The average deposition energy of the cascade nu-
cleus leading to an observed product (Table V) is re-
lated to the ratio of the average neutron number to
average proton number of the product as shown in
Fig 7. The. values of the average proton number (Z)
are listed in TaMe V. The increase in excitation energy
required to produce neutron-deficient 6ssion products
had been observed previously by Alexander et al.' and
Sugarman et al.s The general interpretation of these
1csults ls that, Biolc cxcltRtloQ cQcrgy ls rcqUlI'cd to
evaporate enough particles (nearly all neutrons in this
mass and excitation energy region) to produce neutron-
de6cient species from the normaHy neutron-excess pri-
mary fragments. This interpretation has been supported
and discussed in detail by Sugarman et al.s who ana-
lyzed the data of several authors, 4'8" using the pro-
cedure of Porilc and Sugarman, ' and arrived at two
conclusions. First, the production of lleutron-deficient
Iluclidcs requires IRI'gc RIQoullts of CRscRdc .deposition
energy, as shown by their sharply increasing excitation
functions with increasing bombarding energy (up to
GeV energies). This is in contrast with the excitation
functions of neutron-excess nuclides, which show peaks
at low bombarding energies, followed by slow decreases
as the bombarding energy increases beyond a few hun-
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collision model of Turkevich, as quoted by Porile and
Sugarman, ' gives F*/F.*oN equal to p~ ~/PoN. This would
yield a slope 14% greater than 35 MeV per charge
unit, or 40 MeV per charge unit. On the other hand,
Alexander e1 al.4 used the relationship F~//F. *qN equal
to 0.75p~~/poN, yielding a slope of 32 MeV per Z unit.
In all of these approaches, however, there is a linear
dependence of the excitation energy deposited in the
struck nucleus on (Z)—Z„.

3. Angular Distribution of Fission Products
50—
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C $139
I I I I j
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t" FIG. 11. Isobaric dependence of the cascade deposition energy
E~ on the displacement of the average fission-product charge
from the most probable charge for mass chains j.39 and 140. Q,
independently formed nuclides; , cumulatively formed nuclides.

'9 S. S.Parikh, D. A. Marsden, N. T. Porile, and L. YaGe, Can.
J. Chem. 45, j.863 (1967).

dred MeV.""Second, the production of all nuclides
tends to show a preference for certain values of the
cascade deposition energy. This point is supported by
an analysis of work cited above ~ 8 " and work of
Crespo et al. ' for a wide range of (1V)/(Z) ratios of
fission products.

A linear relationship between the cascade deposition
energy and (Z)—Z~, the displacement of the average
charge from the most probable charge, is given in Fig.
11 for nuclides of mass numbers 139 and 140. The
slope of this line is ~35 MeV per charge unit. Previ-
ously, a value of 25 MeV per charge unit was reported
by Sugarman et al. ,' and a value of 29 MeV per charge
unit was suggested by Panontin. and Porile' in the
symmetric fission-product mass region. It should be
noted that both of these values were calculated using
a somewhat different form of the range-energy equa-
tion. Analysis of these data' ' using E.~ T'~' yields val-
ues of 28 MeV per charge unit and 32 MeV per charge
unit, respectively. It is thus apparent that the slope
of excitation energy versus (Z)—Z„ for heavy 6ssion
products is a few MeV per Z unit greater than that
averaged over the entire mass region, or that in the
region of symmetric fission. What is perhaps most
surprising is that this linearity exists over a range of
5.2 charge units, and for deposition energies varying
by a factor of 9, from 25 to 225 MeV.

The slope of the A~—Z dependence of Fig. 1.1 is also
directly related to the momentum-excitation energy
relation derived from the Vegas sTEpNO calculation, "
sin.ce E* is calculated from the experimentally meas-
ured number gI I. A different model of the proton-nucleus
interaction could yield a significantly different value
of the slope of the A'~ —Z curve. For example, the

The angular distribution of the fjLssion products was
taken to be of the form a+5 cos'8, where 0 is the angle
between the beam axis and the Bight direction of the
fission product. The recoil properties of a fission prod-
uct are used to calculate the ratio b/a as discussed in
Sec. III. This value of b/u is the same as that for the
primary fission process if the evaporation of particles
in the deexcitation of the primary fission fragment does
not, on the average, alter the direction of flight.

The value of b/a for each observed nuclide is plotted
in Fig. 8 against the cascade deposition energy leading
to that nuclide. As was first observed by Sugarman
et al ,' there i.s an increase in fi/a from about —0.1 to
about +0.2 as the cascade deposition energy increases
from 0 to 250 MeV.

The anisotropy of fission fragments is a consequence
of their preferential emission in a plane perpendicular
to the direction of the angular momentum vector' of
the fissioning nucleus. Since the angular momentum
vector of a compound nucleus is oriented perpendicular
to the beam direction, b/a is positive, i.e., preferential
emission occurs along the beam direction. The theo-
retical results of Bohr, ' Halpern and Strutinski, 4' and
Grif6n, " have been used to analyze the experimental
results for low-energy fission following compound-nu-
cleus formation,

The situation in high-energy fission is considerably
more complex. The intranuclear cascades result in the
production of excited nuclei whose angular momentum
vectors vary considerably in magnitude and direction.
Until recently, no calculation had been made of the
angular momentum of a nucleus resulting from the
cascade process. The Vegas calculation of Chen et al. ,"
which has been used in this work for correlating lin.ear
momentum and cascade deposition energy, also pro-
vides for calculation of the total angular momentum
of the cascade nucleus and its projection along the
beam axis. The first use of these calculations to explain
the fission-product anisotropies observed in high-energy
fission was made by Crespo, Cumming, and Poskanzer. '
They explained the qualitative features of the variation

40 A. Bohr, in Proceedings of the International Conference on th
Peaceful Uses of Atomic Energy (United Nations, Net York,
1956},Vol. 2, p. 151.

4'I. Halpern and V. M. Strutinski, in Proceedings of the Second
International Conference on the Peacefll Uses of Atomic Energy
(United Nations, Geneva, 1958), Vol. 13, p. 408; J. J. GriKn,
Phys. Rev. 1M, 107 {1959).
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in b/a observed by Sugarman ef al.' and this work, that
of negative b/a for low deposition energy events and
positive b/a for high deposition energy events.

For low deposition energy events, the presence of an
excess of angular momentum vectors oriented nearly
parallel to the beam results in the emission of fission
products preferentially in a plane perpendicular to the
beam axis, i.e., negative b/a In .the region of deposition
energy around 100 MeV, the angular distribution of
the angular momentum vectors is essentially isotropic
so that b/a is about zero. Finally, at large deposition
energies, the angular momentum vectors are oriented
preferentially at angles close to 90' to the beam, result-
ing in the emission of fission products preferentially
along the beam axis, i.e., positive b/a. In the three
cases, the magnitude of the angular momentum vector
was reasonably independent of angle.

The success of this qualitative approach made it of
interest to attempt quantitative calculations to deter-
mine the value of b/a, as well as its sign. The calcula-
tion made use of the expression derived by Leachman
and Sanmann4' based on the fission anisotropy theory
proposed by Bohr."The ratio of the differential cross
section per unit solid angle for the production of fission
products at 0' to that at 90' in the frame of the fission-

ing nucleus is given by

co(0')

(a(90')

. I exp(
—M'/2E, ') j

t expt (M' —IP) /4Ep'] I IJp(i(P —M') /4Ep') I
'

where I is the total angular momentum of the 6ssion-
ing nucleus; M is the projection of I on the beam axis;
Jo is the zeroth-order Bessel function; and Eo' is given
by T8,«/P, with T the nuclear temperature, and 8,«
the effective moment of inertia of the fissioning nu-
cleus. In the derivation of Eq. (11), it was assumed.
that the nucleus is in a state of statistical equilibrium
at the saddle point.

The calculation was performed for cascade nuclei
from the Vegas sTzpNo calculation" for 380-MeU pro-
tons bombarding U"'. The angular momentum data
were not corrected for the difference in bombarding
energies of the calculation and experiment. Three de-
position energy regions were considered —20—40 MeV,
120—140 MeV, and 200—220 MeU, corresponding to
regions of negative, zero, and positive values of b/a,
respectively. The calculated results of 2500 cascades
for 380-MeU protons on U"' contained about 125
events in each excitation energy region.

The cascade deposition energy used to calculate the
nuclear temperature in the expression for Eo' was cor-
rected for the effect of pre6ssion neutron evaporation

4'R. B. Leachman and E. E. Sanmann, Ann. Phys. (X.Y.)
18, 274 (1962).

TABLE VI. Calculated and experimental angular anisotropies
of fIssion products.

jeff 20-40
S~ (MeV)

120-140 200-220

Calc J,ph/0. 7

d,~h/0. 8

z„h/0. 9

&„h/1.0

—0. 10

—0.07

—0.08

—0.09

—0. 10

+0.02

+0.07

+0.08

+0.09

+0.10

+0.18

+0.16

+0.18

+0.20

+0.22

and the height of the fission barrier. Calculation of the
excitation energy of the fissioning nucleus (discussed.
in Sec. V A) showed that on the average the cascade
deposition energy was reduced by about 10% by par-
ticle evaporation prior to fission. The cascade deposi-
tion energy was then. further reduced by 5.5 MeV,
corresponding to the height of the fission barrier~ in
the region of nuclides neighboring on. U"'. The cor-
rected excitation energy was used to calculate the nu-
clear temperature by the relation 7= (E/a)'~', where
a is 3 of the fissioning nucleus divided by 10.5.

The value of d, ff used in the calculation was allowed
to vary from that of a rotating sphere 8,„h with radius
r taken to be 1.4X10 "A"' cm to 1.438„h."Results
discussed below show that the calculated values of the
anisotropy do not change appreciably over the range
of values of this parameter.

For each cascade nucleus, with its associated values
of I, M, and cascade deposition energy, the production
ratio at 0' and 90' was calculated, and related to b/a
by the equation b/a=tpp(0')/pp(90') j—1. Since the
normalization factor for the distribution a+b cos'8 is
a+—,'b, for each cascade, a&(0') =(1+b/a)/(1+ —', b/a)
and pp(90') =1/(1+-', b/a).

This calculation was carried out for each cascade in
a given deposition energy bin, and the sums of co(0 )
and cu(90') were calculated. These yield an average
value of b/a for all cascade events in a given region
of 8*.

The results of the calculation are compared with
experimental values in Table VI for four assumed val-
ues of the effective moment of inertia.

A least-squares fit of the results for each of the four
8 ff values to the experimental results shows that the
best fit is the one for which d.«equals S,ph/0. 8, in
essential agreement with previous work. 4' The calcu-
lated results are, however, relatively insensitive to this
parameter.

The fit to the experimental values is perhaps some-
what better than might have been expected. The Uegas

4' W. D. Myers and W. J. Swiatecki, University of California
Radiation Laboratory Report No. UCRL-11980, 1965 (un-
published) .

44 J. E. Gindler and J. R. Huizenga, in Nuclear Cheeustry,
edited by L. YaBe (Academic Press Inc., New York, 1968).
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TABLE VII. Average 6ssioning nucleus leading
to observed products.

reduction of their excitation energy by an amount
sufhcient to evaporate about eight, rather than about

Product

Qa(133+135)tn (I)
Pr138 (I)
Nd138 (I)
Cs139 (Q)

ga139{I)
Ce»9(I)

Pr139 (C)

Sa'40(C)

La140 (I)
Qd140 (I)
Cel41 (C)

PI 142 (g )

Ce143(g}

Pr143 (I)
Ce144 (C)
Pr145 {C)

Nd'47(g)

92.2

91.6

91.7

91.8

92.6

92. 1

92, 2

91.6

92. 6

92.2

92.5

92.4

92.6

92.3

92.5

234.0

233.5

234.4

235.3

235.0

235. 1

234. 1

235. 2

235.6

234. 6

234.8

235.4

236. 1

235.5

234. 8

235.9

234.4

117.2

205.4

225.4

18.2

66. 7

119.4

191.0

41.3

112.9

204. 7

87.8

117.4

104.2

25.8

10.7

two, neutrons. Using the formalism discussed above,
and the assumption that S.n=d.~q/0. 8, the calculated
value of b/a, after evaporation of eight neutrons, is
0.23 rather than 0.|8.This small overemphasis of the
anisotropy in the fission of less-excited nuclei may
lend support to the assumption used in this work and
discussed in Sec. V A, that even in the case of high-
deposition-energy events, fission occurs relatively early
in the deexcitation process. Unfortunately, the insensi-
tivity of b/a to the nuclear temperature precludes
using this calculation to make definitive statements
regarding the length of the prefission evaporation chain.
At the very least, however, it may be stated that fission
from high-deposition-energy events does not appear
to occur at the end of the particle evaporation chain.
In this case, the calculated value of b/a is 0.42, con-
siderably greater than that observed experimentally.
No correction was made in this case for the effect of
evaporation on the anisotropy factor.

V. DISCUSSION OF PROPERTIES OF PRIMARY
FISSION FRAGMENTS

A. Calculation of Properties of Primary
Fission Fragments

calculation" which provides the data on I and M was
performed in a strictly classical manner, in that the
angular momentum is not quantized, and the intrinsic
spin of the cascade nucleus is not considered. The as-
sumption has also been made, in using the I and M
for the cascade nucleus in the calculation, that pre-
fission particle evaporation does not affect the angular
momentum or its projection along the beam axis in.
any substantial way. Previous to this calculation, the
Bohr fission anisotropy theory, ' as extended by Ha.l-
pern and Strutinski, 4' Grifhn, ' and Leachman and
Sanmann, 4' had not been tested in fission induced by
particles of bombarding energy greater than 40 MeV.
It is reasonable to assume, however, that the statistica. l
theory responsible for the assumptions that the I
distribution is Gaussian, and that E02=T8,rq/P, is at
least as good for high-energy fission as for 40-MeV
fission. It is also rea, sonable to assume that the values
of I and M remain constant as the fissioning nucleus
deforms to the saddle configuration and on to scission
since they are "good" quantum numbers.

It has. been suggested4'" that prefission particle
evaporation may take place to a large extent in the
case of high-cascade-deposition-energy events. Since Eo
is dependent upon the nuclear temperature, it was
considered of interest to perform the calculation of
b/a for cascade nuclei of high deposition energy after

4' Y. LeBeyec, M. Lefort, and J. Peter, Xucl. Phys, 88, 215
(1966}.

48 Z. Fraenkel (private communication),

l. Average FissionAng nucleus I.eading to an
Observed Ii ission I'rodlct

FJ/F =expr 0.343(Ce—A) $, (12)

where Cg3 =238.88 Cg2 =234.07 Cgy =229.92, Cgo =
224.80, and Csg =220.96.

At each step along the evaporation chain, fission
competition was included. If fission did not occur, the
product nucleus resulting from further evaporation was
then "tested" for fission. In this manner, the average
values of Zy, A~, and E*~ were calculated for cascade

4~ M. Lindner and A. Turkevich, Phys. Rev. 119, 1632 (1960).

The average fissioning nucleus responsible for the
formation of the observed fission products was calcu-
lated from the output of the Vegas sTKPNo calcula. -
tion" by the following procedure. For each measured
fission product, ten cascade nuclei having values of
the excitation energy deposited and parallel momentum
transferred closely corresponding to values measured
in the recoil experiments were chosen randomly. Each
of these was used as the initial nucleus in 20 evapora-
tion calculations in which fission was a competing
process. The fissionability pa, rameter used was a func-
tion of Z and A of the nucleus under consideration,
but was independent of the excitation energy. " The
ratio of the probability for fission to the probability
for neutron evaporation, Fr/F„, is given in Kq. (12),
which was derived from the fissionability data collected
by Gindler and Huizenga. 4'
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nuclei having the appropriate average values of linear
momentum transfer and cascade deposition energy for
each observed fission product. These values are listed
in Table VII.

It may be noted that there is no striking dependence
of the calculated values of Zf and Af on the average
excitation energy at fission. This is a result of the
excitation-energy —independent fissionability parameter
used in these calculations. Although there is a signifi-
cant difference in the average values of Z aad A of
the cascade nucleus for low ( 50 MeV) and high
(~200 MeV) deposition energy events, this difFerence
essentially disappears in the calculation of the average
fissioning nucleus. An average fissioning nucleus with

(Zy) of 92.2 and (Ar) of 234.9 was used in the calcula-
tion of the properties of the primary fragments. These
properties are not altered appreciably if somewhat dif-
ferent values of (Zr) and (Ar) are used.

Z. Calculation of Properties of Primary
Fi ssi oe Fragments

The primary fission fragments leading to the ob-
served fission products were calculated by the proce-
dure discussed below, which is based on the formalism
of Sugarman et al.s In all cases, the primed quantities
refer to the primary fragments, the unprimed quantities
to the observed fission products, and those subscripted
"f"to the fissioning nucleus. The following assumptions
were made:

(a) The kinetic energy of the fission fragment lead-

ing to an observed product is related to that of the
observed product by the relation

T(Z', A') =T(Z, A) XA'/A. (»)
The assumption inherent in this equation is that

the average velocity of the fission fragment is un-

changed by successive particle evaporations, consistent
with isotropic evaporation of nucleons in the moving
frame. The effect of evaporation is a reduction in the
kinetic energy of the fragment proportional to the
reduction in its mass.

(b) The total kinetic energy of the two fission frag-
ments in the fissioning system, T"', is divided between
them in accord with the conservation of momentum,
so that

T"'=T(Z', A')/(1 —A'/Ar) . (14)

(c) The total excitation energy of the two primary
fragments, E*"",is given by the excitation energy of
the fissioning nucleus, corrected for the mass-energy
release in the fission process leading to particular frag-
ments, the total kinetic energy calculated from Eq.
(14), and the energy attributed to prompt y-ray emis-
sion, ' 7.5 MeV.

E,*"'=E*g+M(zr, Ar) —LM(z', A')

+M(zt —Z', Af —A') ]—T"' 7.5 MeV, (15)—

where M(Z, A) is the mass in MeV of the nuclide Z".
The masses used were those calculated by Myers and
Swiatecki. "

(d) The total excitation energy is divided between
the two fragments such that the excitation energy of
a fragment is proportional to its mass.

E*(Z' A') =E*"'XA'/A (16)

This assumption requires that there is thermo-
dynamic equilibrium in the fissioning nucleus at the
time of scission. Harp et al." have shown that even
in the case of very large excitation energy ( 1000
MeV), in times very short ((10 " sec) compared to
that required for fission, the excitation energy is parti-
tioned in close accord with thermodynamic equilibrium.

This assumption is invalid in the case of spontaneous
fission" and thermal neutron fission of U."Measure-
ment of the number of neutrons associated with pro-
duction of nuclides of a given mass shows a sharp
discontinuity with increasing mass in the symmetric
fission region in both of these cases.

Unpublished work of Fraenkel et al." on 150-MeV
proton fission of U shows that a plot of the average
number of neutrons associated with the production of
a given mass versus A is continuous over the fission-
product mass region; it is not linear, however, as would
be expected from the assumption used above. The
validity of this assumption will be considered further
in Sec. V 8 in which the excitation energy of the
primary fragments is discussed.

(e) The primary frs, gment with excitation energy
L'*(Z', A') is deexcited by particle evaporation in ac-
cord with the Porile evaporation calculations, "based
on work by Dostrovsky et al.5' The level-density pa-
rameter a was taken to be A/10. 5.

48 G. D. Harp, J. M. Miller, and B.J. Berne, Phys. Rev. 165,
1166 (1968}."S.L. Whetstone, Jr., Phys. Rev. 114, 581 (1959}.' J. Terrell, Phys. Rev. 12'7, 880 (1962}.

"N. T. Porile (private communication}."I.Dostrovsky, Z. Fraenkel, and G. Friedlander, Phys. Rev.
116, 683 (1960}.

3. Properties of Primary Fragments

a. Primary fragments leading to independent fission
products The calcula. tion was performed by first select-
ing all conceivable fragments which could lead to an
observed independent fission product. The quantities,
E*(Z', A'), T(Z', A'), E*"", T"", were calculated,
as discussed above, and the values of Z', A', and
E*(Z', A') were used as the input data in an evapora-
tion calculation. Twenty to fifty evaporations were car-
ried out on each trial fission fragment; the larger number
was used for fragments leading to many products. In
all cases, enough evaporations were carried out on the
trial fjLssion fragments to produce the observed fission
product some ten to twenty times. Those evaporations
which yielded the observed fission product were col-



TABLE VIII. Properties of average primary fragments leading to independent Gssion products.

Product
B*(Z', A'} T(Z', A')

I'MeV} I'MeV)
++tot +tot

(MeV)

Qa (188+185)sts

Pr138

d138

Ce139

I a140

Pr14o

Pr143

60.8

56.0

59.0

152.2

152.9

173.0

80.3

47 4

57.0

267. 1

79.1

125.3

226. 0

140.2

124.5

161.5

Iected and the quantities discussed above were aver-
aged.

The results of these calculations are given in Table
VIII. Column 1 lists the observed product; columns 2
and 3, the average values of Z' and A' for the fission
fragment leading to the observed product; columns 4
and 5, the excitation and kinetic energies of these frag-
ments; and the last two columns, the calculated values
of the total excitation energy and kinetic energy of
the fragment pair produced in the ission process.

b. Primary fragmemts leading to cstmllatiee fissiort
prodstcts. The calculation described above was carried
out indepertderttiy for each p-decaying precursor of an
observed cumulative 6ssion product. The dependence
of E* on (E)/(Z), and T on ((1V)/(Z))/A, for the
fission products LFig. (6) and (t)j were used to deter-
mine the values of the excitation. and kinetic energies
which would have been measured had each of the
progenitors been determined independently. In all
cases, the values chosen for these quantities were
then normalized such that the calculated values for a
cumulative product were in agreement with those actu-
ally measured. .

The average calculated values of the recoil param-
eters of hssion fragments leading to the individual
progenitors of an observed product were then weighted
by the chain yields of the prodgicts to calculate grand
averages for an observed cumulative product.

The results of these calculations are given in Table
IX. Column 1 lists the observed product; column 2,
the P-decaying progenitors of the product; columns 3
and 4, the average values of Z' and A' for the fission
fragment leading to the observed progenitor; columns
5 and 6, the excitation energy and the kinetic energy
of these fragments; and the last two columns, the
calculated values of the total excitation energy and
kinetic energy of the Aeo fragments produced in the
Gssion process. The final rom under each observed
cumulative product lists the grand averages for each
of the quantities above.

4. Errors ie Calculatioe of Properties ofIt'Msofg ass'Los Frsg5Msts

The primary source of error in the calculation of
the properties of individual primary fragments, other
than the errors from the assumptions listed in Sec.
V A 2, is the averaging of the calculated quantities
of the trial fragments with no weighting for the relative
yields of the fragments themselves. For the independ-
ent Gssion products, except for NdI38, Pr"', and Nd."',
80-90% of the observed product was shown to arise
from no more than two primary fragments. If the trial
primary fragments are produced in equal yield, the
average calculated primary fragments are correct to
0.1 charge unit and j. mass unit, and the values of
E*(Z', A'), T(Z' A') E*"" T""are correct to 2, 0.5,
3.5, and j..5 MeV, respectively. These errors represent
Hberal estimates of the relative contribution from each
of the two calculated primary fragments accounting
for the bulk Of the product.

Much more serious are the errors arising in the cal-
culation of the average primary fragment for the three
neutron-deficient products mentioned above. The most
extreme case Nd"', with a cascade deposition energy
of nearly 250 MeV, was found to be one of the final
products arising from a total of 16 diferent primary
fragments. None of the fragments contributed more
than 20% of the yield of the product, and none de-
excited to Nd'" in as many as 50% of its evaporations.
These fragments ranged over values of Z' from 60 to
62, and A' from 748 to 155. The Z values of the very
neutron-dehcient products, Nd'38 Pr'3' and N(V4o are
far from the most probable charge of the fission-
product charge dispersion curve. It is likely, there-
fore, that these neutron-deficient products arise from
fragments far from the most probable fragment charge,
where the relative yields of the fragments are changing
most rapidly. It is estimated from the spread in values
of the various primary fragments, and the uncertainty
in the weighting factors used in averaging, that the
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Progenitor
E*(Z', A') T(Z', A')

(MeV) (MeV)
+tot

(MeV)

Average

59.2
60,4
59.4

151.2
153.0
151.6

130.8
176.0
148. /

51.7
49.0
51.2

203.2
270.2
214.9

145.2
141,6
144.5

S139

CS139

Xel3s

55.0
54.0
53.0
54.7

143.6
142.0
140.0
143.1

30.8
17.1
8.5

26.6

62. 1

64.7

66.9
62.9

50.4
28.2

14.2
43.7

159.6
163.5
165.5
160.8

Sa140
SaHO

Qs140

Xe"'

56.0
55.0
54.0
55.5

146.8
145.2
142.0
145.8

54.6

36.3
15.4
44.7

58.7

61.3
63.3
60.0

87.3
58.7
25.4
71.8

156.6
160.3
160.0
158.1

e141
e141

Sa'41

Cs141

Xe141

58.0
57.0
56.0
55.0
54.0
56.6

150.1
148.5
146.7
144.2

142.0
147.5

88.3
62.4
41.4
22. 7

8.5

54.8

56. 1

58.6
61.1
63.2
65.5
59.6

138.0
98. /

63.3
37.1

14.1
86.7

155.4
159.4
162.5
163.6
165.5
160.2

5 Ce143

Average

Ce143

La143

Sa143

Cs143

58.0
57.0
56.0
55.0
56.9

149.9
148.1
146.8
144.5
148.1

62.4
40. 1

25.8

11.0.
41.4

55.8
58. 1

60.7

62.9
58.4

9/. 8

63.6
41.3
17.9
65.3

154.1
157.3
161.7
163.6
157.9

Average

e144

I a144

Sa144

CS144

58.0
57.0
56.0
55.0
57.0

149.7
148.9
147.0
146.0
148.6

53.4
37.0
24. 0
20.3

39.5

52.3
54.9
57.2

57.6
54.5

83.8
58.4
38.3
15.8
61.3

144.1

150.0
152.8
157.8
148.8

/ Prl45

Average

8. Nd14~

Average

Ce145

Sa'"

Qe14V

Lal47

Qa147

59.0
58.0
57.0
56.0
57.7

60.0
59.0
58.0
57.0
56.0
58.4

152.1
148.9
148.1
147.0
149.2

152.0
150.7
149.0
148.0
147.0
149.7

44.3
35.2
25.9
14.8
32.2

44.4
31 2

21.3
10.5
2.0

25. 2

54.3
53.0
55.3
58.1

54.6

54.3
56.9
59.3
61.9
64.8

58.5

69.0
55.4
41.1
23.6
50.7

69.2
48.7

33.6
16.6
3.2

39.5

140.4
144.8
150.7
155.2
146. /

153.9
158.8
162.2
167.4
173.2
161.3
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FIG. 12. Variation of the total kinetic energy of a pair of
fission fragments divided by their Coulomb energy, T«'/Ez, „&,
with their total excitation energy E*«'.~, this work, independent
nuclides;, this work, cumulative nuclides; the dashed line is
from Crespo et gl. (Ref. 10).

maximum errors of Z', A', E*(Z', A'), T(Z', A'),
A~"', and T"' are 0.5 charge unit, 2.5 mass units,
3, j., 8, and 4 MeV, respectively, for these three nu-
clides.

In the case of cumulative fission products, the same
assumption of constant yield was made in averaging
the primary fragments leading to each progenitor. With
the exception of the production of Pr'@, no P-decaying
precursor of a cumulative fission product was formed
from more than three fragments. In all of these cases,
one or two fragments accounted for 90% of the total
production of the progenitor. The errors in the calcu-
lated properties of each progenitor of a cumulative
fission product are then similar to those discussed above
for independent products. The average primary frag-
ment leading to each of the progenitors of the cumula-
tive products, as well as the average primary fragment
for all the cumulative products themselves, (except
Pr"') may be considered to have a maximum error in
Z', A', E*(Z', A'), T(Z', A'), E*"' and T"'" of 0.1
charge unit, 1 mass unit, 2, 0.5, 3, and 1 MeV, respec-
tively. In the case of Pr"', serious errors arise for both
independently formed Pr'", and its progenitor Nd"'.
Pr'"(I) arises from six fragments. Nd'@ arises from
ten fragments, no one of which accounts for as much
a,s 20%%uo of the total production of Nd"'. It is estimated
that for both of these progenitors of Pr'@(C), as in.

the case of the three independently measured neutron-
deficient nuclides, the maximum errors for the inde-
pendently formed species are 0.5 charge unit, 2.5 mass
unit, 3, 1, 8, and 4 MeV for Z', A', E*(Z', A'),
T(Z', A'), E,*"",and T"', respectively.

There is a second source of error in the primary-
fragment calculation for cumulative fission products.
In the calculation of the average fragment leading to
a cumulative product, the average fragment leading
to each P-decaying precursor was weighted by the rela-
tive yield of the precursor, as determined by the fission-
prodlct charge dispersion curve. Insofar as the cal-
culated properties of the average fragment for each pre-

cursor are valid, the weighted (by relative yields)
grand average for the cumulative product should also
be valid. Errors may arise, however, in the determina-
tion of these weighting factors. They are, of necessity,
taken from a fission-product charge dispersion curve
which is not experimentally defined for nuclides far
from the most probable charge.

An estimate of the consequences of this source of
error may be made for any given nuclide by calculating
the effect of neglecting a given progenitor on the aver-
age values of the properties of the primary fission
fragments. For example, if I"' is rot a significant pro-
genitor of Cs"', these values calculated for Cs"' would
be in error by about 4% of the difference between the
corresponding values for I"' and the average values
for Cs"'.

In light of this discussion, the most serious error in
the calculation of the primary fragments is expected
in the case of Pr"'(C). Its progenitor Nd'" lies 3.4
charge units from the most probable value for mass
chain 139; therefore, the relative weights for the aver-
age fragments leading to it and to Pr"'(I) are not
well known. Second, the products Nd"' and Pr"' arise
from high-deposition-energy events. The calculated av-
erage fragment leading to each of them may be in
serious error because of the multiplicity of calculated
primary fragments. The over-all error associated with
the calculated values for the average fragment leading
to Pr"'(C) are 0.7 charge units, 3.0 mass units, 5, 1.5,
11, and 6 MeV, in Z', A', E*(Z', A'), T(Z', A'),

and T" respectively.

B. Results of Calculation of Properties of Primary
Fragments Leading to Observed

Fission Products

I. Relationship of Average Tata/ Kinetic Energy abut

Excitation Energy of Primary Fragments

The average total kinetic energy and excitation en-

ergy, T'" and E*"', of the average primary-fragment
pair leading to each observed fission product are related
to the nuclear configuration at scission. The ratio of
the average total kinetic energy for a given pair of
primary fragments, T"', to the calculated Coulombic
energy at scission, ~,„&, on the assumption that the
two fragments are spheres in contact, is plotted against
the total excitation energy of the two fragments (see
Tables VIII and IX) in Fig. 12. In this calculation,
the nuclear radius parameter was taken to be 1.40 F.
This ratio T"'/Ecoui decreases with increasing E "' by
about 12%%uo from the lowest value of E*"'",~40 MeU,
to the highest 260 MeV. The decrease is somewhat
less, about 11% instead. of 12%, if a dispersion in V
(see Sec. IV 8 1) is included in the calculation of
T"'/Ec, „~. A least-squares fit of the data to a straight
line (not shown) gives T""/F~,„~ (0.762&0.013)———
(2.76~0.88X10 ')E*~', The slope is negative, lying
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3.1 standard deviations from a horizontal line. A hyper-
bolic curve gives a slightly better fit, T""/Eo«i=
1/f (1.31&0.20)+(5.40&1.40X10 4) E*'"}.The erro s
in each case are calculated from the scatter of the
data about the "best-fit" line. No attempt was made
to evaluate the errors in the data, or to weight the
data in the computation of the best-6t curve, since no
quantitative estimate can be made of the errors from
the assumptions used to calculate these points. The
precision error in the kinetic energy of the 6ssion
products is about 1.5%%uo (Table V), corresponding to
about 0.01 in the ratio T""/Eo,„~.

The decrease of T"'/Eo, „~ with increasing E*""indi-
cates that the distance between the charge centers of.
the primary fragments (which are taken to be spherical)
increases with increasing 8*"", from 17.5 to 19.6 F.
The negative dependence of the scission distance on
E*"'is not signi6cantly affected by either the assump-
tion that the fissionability parameter is independent
of excitation energy, or that the total excitation energy
available to the fragments is divided in proportion to
the fragment masses. A different 6ssioning nucleus, in
particular a 6ssioning nucleus whose mass is a func-
tion of the initial excitation energy, would of course
produce a change in the calculated properties of the
primary fragments. If the assumption is made that
high-deposition-energy processes lead to 6ssioning nu-
clei which are most neutron-deficient, ~ one would
expect correspondingly fewer neutron-excess primary
fragments for these events. It may be shown that if
the 6ssioning nucleus is U"4 for neutron-excess prod-
ucts from low-deposition-energy events, and U"' for
neutron-deficient products from high-deposition-energy
events, the slope of Fig. 12 would become more nega-
tive, largely due to a substantial reduction in the
calculated value of 7'~""' The value of 2'"'/Ec«i is
reduced 2%%uo in. the case of the most neutron —deficient
products, while E.*"' is reduced roughly by the excita-
tion energy required to evaporate six more neutrons
prior to fission. The over-all effect is to move the high-
deposition-energy events toward signi6cantly lower val-
ues of E*"',making the observed slope more negative.

.It is also necessary to consider the effect of the
assumption relating the excitation of a given primary
fragment to the total excitation energy of the fission-
ing nucleus. If the heavy fragment receives less excita-
tion. energy than that calculated from its proportional-
it.y to mass t Eq. (16)g, as indicated by the results of
Fraenkel" on 150-MeV fission. of Bi and U, the slope
of Fig. 12 again becomes more negative. The primary
fragment, produced with a smaller excitation energy,
would have a smaller mass, and, from Eqs. (13) and
(14), a lower value of T"'/Ec,„i. There would be an
increase in E*'" from the mass-energy release because
the mass split is less asymmetric. This increase in
I~*"" is small compared to the decrease in T'"/Eo«i.
The over-all effect is still a more negative slope of the
curve of Fig. 12,

o
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FIG. 13. Relationship between the average neutron-to-proton
ratio of the primary fragments and the average neutron-to-proton
ratio of the products to which they deexcite. ~, independent
nuclides; Q, cumulative nuclides. The dashed line is from Crespo
et al. (Ref. 10).

In order to ensure that the negative slope of Fig. 12
is not a consequence of the momentum-excitation en-

ergy relation used (Fig. 4), calculations were also
performed using two other dependences, E~/E*cN=
0.70p~~/pcN and E*/E*cN=1.0p~t/pcN. In the former
case, the slope of the curve becomes more negative; in
the latter case, the slope becomes about 20% less
negative.

The range-energy formulation' R=CT~" leads to
slightly larger absolute values of the kinetic energy,
but to nearly the identical dependence of the kinetic
energy on N/Z (see Sec. IV B 1). Equations (13)
and (14) may be combined to show that the calculated
values of T'" and T"'/Ec, „& are directly proportional
to T, with minor corrections arising from a small vari-
ation in A'. Thus, while the form of the range-energy
equation affects the absolute value of T"'/Eo, „i, its
dependence on E*""is essentially unaffected.

Z. Relationship of Neutron to Proton Ea-tio -of Average
Primary Fragment I.eaA'ng to ae Observed Prodlct

to that of the Fission Product Itself
r

The neutron-to-proton ratio of each average primary
fragment, calculated from data in Tables VIII and
IX, may be compared with that of its associated fission
product (Table V). The relationship between these
quantities is shown in Fig. 13. It is evident that the
charge dispersion of the average primary fragments is
less than that observed in the 6ssion products. This
result suggests that the increase in the width of the
charge dispersion curve at a given mass from 440-MeV
proton fission (FWHM ~3.2 charge units), from that
observed in thermal neutron fission (FWHM 2.2
charge units), may arise principally from increased
neutron evaporation of the primary fragments leading
to the observed fission products. The primary division
of charge between. the two fragments does not appear
to be very dependent upon the energy of the incident
particle. The average fragment leading to a neutron-
excess product with mass 140 is itself neutron-excess
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TABLE X. Properties of average primary fragments leading to fission products in the complementary and symmetric mass regions.

Product A'
E*{Z',A') T(Z', A')

(MeV) (MeV)
E+tot

(MeV)
Ttot

(MeV)

Sr89

Sr"

Mo9'

Ru103

Pd103

Ru'0'

Pd109

Aglll

gnlll

36.8

37.2

40.9

42.4

46.8

43.3

44. 8

45. 6

49.8

93.7

97 ~ 0

104.0

107.4

111.4

112.9

115.0

117.3

121.4

61.5

60.2

68.5

72. 5

105.6

75.2

82, 1

83.9

119.7

85.8

85. 1

80. 1

78.3

83.2

76. 1

74. 8

74.0

68.6

151.6

144.2

152.4

155.0

222. 5

154.4

165.2

165.2

253.2

144.0

146, 1

145.7

147.3

158.6

147.8

148.7

150.2

141.8

relative to the fissioning nucleus. The neutron-de6cient
products, on the other hand, arise from primary frag-
ments which are neutron-excess, but less so than the
fissioning nucleus.

These results are essentially unaffected by the sub-
stitution of 0.7 or 1.0 in the slope of dependence of the
excitation. energy on momentum transfer LEq. (6)j.

The mean velocity of a primary fragment leading to
a product may also be calculated by the method of
Crespo et al.' from the theory of Nix and Swiatecki. "
In this method, the primary fragment is assumed to
have the same charge-to-mass ratio as the fissioning
nucleus, taken to be U"44. The primary fragment of
charge Z' and mass A' yields a fission product (Z, A)
by evaporation of neutrons ortly (Z equals Z') with no
change in the mean velocity. The kinetic energy of
the primary fragment, and that of its associated fission
product, are thus related by the ratio of the masses A'
and A. The kinetic energy of each of the 6ssion prod-
ucts studied in this work was calculated by this proce-
dure and the results show the same trend as that of
Fig. 6. The calculated values, though, are uniformly
about 1.7 MeV higher than the corresponding values
on the curve of Fig. 6. There is no depertderlce of the
neutron-to-proton. ratio of the primary fragment on
that of the product, since (N/Z) for the fragment is
assumed to be that of U"4', i.e., 1.55 (see Fig. 13).
There is also no dependence in the Nix-Swiatecki theory,
other than the Coulombic dependence, of the total ki-
netic energy of the fragment pair on (N/Z) or E*'"
for the product. The ratio T"'/Ec, „~ is 0.742 (see
Fig. 12). The determination of the primary fragments
by the assumption of unchanged charge distribution
results in a much stronger dependence of the excitation
energy of the fragment on (N/Z) of the product than
that calculated in this work.

"J. R. Nix and W. J. Swiatecki, Nucl. Phys. '71, 1 (1965).

3. Calculatiorl, of Properties of Average Primary
Fragments Leadirlg to Fissiorj, Products

in Lozver Muss Regions

The properties of the primary fission fragments lead-
ing to products in the region of mass roughly comple-
mentary' to that of 2~140 and in the symmetric
region were obtained from data of Sugarman et al.'
and Panontin and Porile. ' The results of this analysis
are listed in Table X, and are plotted in Figs. 14 and
15, where the dotted lines are the same as the solid
lines shown previously in Figs. 12 and 13. The same
dependence of the total kinetic energy on the excita-
tion energy of the average primary fission fragments
seen in Fig. 12 is clearly present.

While data in the mass region. A =72 from Sugarman
et al. were not included in this analysis, the trends
observed in the kinetic and excitation energies of the
fission products, Ga", Zn", and Ga", the values of
T"" and 8*'" for the fission fragments corresponding
to these products, and the scission distance derived
from these values, are all consistent with the trends
observed in Figs. 14 and 15.

Panontin and Porile' used a different range-energy
equation, and slightly different assumptions in calcu-
lating the properties of the primary fragments. The
present analysis slightly changes the values of T"'/Ec, „&

and E~"' from those reported by Panontin and Porile,
but the pattern of the results is essentially unchanged.
The more limited data of Panontin and Porile do not
by themselves establish the trend observed in this
work.

The ditference in the magnitude of T'"/Ec, „~ at, s,

given E*""between the heavy and symmetric mass
eegions may be attributed to the apparent kinetic en-

rrgy deficit of 7—10 MeV observed in symmetric 6ssion,
discussed by Sugarman et al. ,

' although no such de-
crease is expected in the product mass region from
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Fxo. I4. Variation of the total kinetic energy of a pair of 6ssion
fragments divided by their Coulomb energy T«f'/~«l, with
their total excitation energy E*«~. , this work, independent
nuclides;, this work, cumulative nuclides; O, work of Sugarman
et al. (Ref, 44) and Panontin and Porile (Ref. 39), reanalyzed
by the procedure of this work.

85—$00.8 These lower kinetic energy values may be the
result of the fact that nearly all of the data in this
mass region are those of cumulative fission products
where the greatest uncertainty in averaging the proper-
ties of the primary fragments is present. Another source
of error is the set of charge dispersion parameters used
for cumulative products. There may be an error in
the constant value of E/Z„of 1.420 used for all masses
in this region, ' or in FTHM of the charge dispersion
curve, taken to be 2.9 charge units, '

The calculated values of (X/Z)r, ~~cue are plotted
against (A/Z)v„a, e for the lighter fission products as
wel1 as those of mass about 140 in Fig. 15. The rda-
tlvdy SIIlall SPrcad Ul thc avclagc (S/Z)vroduee values
precludcs making a detailed comparison of the resu1ts
for the high and low mass region. The line drawn
represents the data in the light region better than that
(dotted line) previously drawn through the data in
the heavy mass region alone (Fig. 15) .

Thclc ls aD appalcDt lllcoQsistcncy lD thc fact that
the trends in the two mass regions are similar. In the
heavy-mass region, the neutron-de6cient high-deposi-
tion-energy products are shown to arise from primary
fragments which are neutron-dc6cient relative to the
6ssioning nucleus. The complementary fragments, neu-
tron excessive relative to the fissioning nudcus, might,
incorrectly, then be expected to lead to the high-
deposition-energy neutron-deficient products in the
light-mass region. Experimentally, however, this is
not the case, as shown by I'"ig. 15. Neutron-deficient
products in the light-mass region also arise, on the
average, from fragments neutron-deficient relative to
the Gssioning nucleus.

The explanation of this apparent inconsistency lies
in what may bc called the "inverse averaging prob-
lem. "The properties of an observed product are used
to calculate the properties of its average primary frag-
ment. These calculated properties of the average pri-

D
Q ~G

Q

l.45—

l.40—

l.20 l.25 l.X) i.55 l.40
IN/ Zh PRODUCT

445 L50 I.55

FM. 15. Relation between the average neutron-to-proton ratio
of primary fragments and the average neutron-to-proton ratio
of the products to which they deexcite. , this work, independent
nuclides; Q, this work, cumulative nuclides; O, work of Sugarman
et al. {Ref.44) and Panontin and Porile (Ref. 39), reanalyzed
by the procedure of this work.

mary fragment leading to a given fission product,
however, are not necessarily the average properties
of that fragment —those obtalncd by aver'aging over
a11 cession events leading to the primary fragment.
Second, the observed product is not, in general, the
average product arising from a given primary fragment.
In some cases, of which Xd"' is an example, the ob-
served product is not even the average product arising
from those fissions in which the given primary fragment
has the average calcllated properties.

C. Explanation of Properties of Fission Products

1. Einetic Energy of Fission I'rodlcts

The kinetic energy of the most neutron-deficient
fission product is some 30% lower than that of the
most neutron-excess fission product (see Fig 10) .Th. ree
cGects are responsible for the reduction in kinetic en-
ergy with decreasing neutron. excess; deformation of
the Gssioning nucleus, particle evaporation from thc
primary fragments, and the mass CQ'ect on the division
of the total kinetic energy between the two fragments.

The 6rst CGect amounts to increased excitation en-
ergy at the scission point and is thus similar to the
case of thermal neutron 6ssion. Evidence which was

. dlscusscd lD Scc. V 3 shows an lnclcasc lIl the deforma-
tion. of the 6ssioning nucleus suIIicient to reduce the
total kinetic energy of the two fragments by about 10%
between the lowest- and highest-deposition-energy Gs-
sion. products.

Second, a large source of excitation energy other
than deformation is present in high-energy cession. The
initial cascade may deposit several hundred MCV in
the Gssioning nucleus. Much of this excitation energy
eventually is present in the primary fragments result-
ing in. long evaporation chains to the observed cession
product. Since the kinetic energy is reduced in propor-
tion to the reduction in mass, as much as 8-10% more
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of the primary-fragment kinetic energy may be lost in
the evaporation to neutron-deficient products than to
neutron-excess products.

Finally, the conservation of momentum determines
the division of the total kinetic energy between the
two fragments. In particular, a heavier primary frag-
ment receives a lower fraction of the total kinetic
energy. As discussed above, the high-deposition-energy
products have long particle-evaporation chains. This
implies significantly heavier primary fragments being
produced with correspondingly lower kinetic energy.
In the mass region of interest in this work, the heavier
fragments leading to neutron-deficient fission products
receive about a 10% smaller share of the total kinetic
energy than do the lighter fragments leading to neutron-
excess products of the same mass.

Thus, three eGects combine in roughly equal amounts
to produce the 30% decrease in the kinetic energy of
neutron-deficient relative to neutron-excess products.
This is in marked contrast to the case of thermal
neutron fission where a very nearly equivalent reduc-
tion of the kinetic energy, about 6—7% per charge
unit, @ is caused apparently solely by a deformation
effect."

The 30% decrease in the kinetic energy of neutron-
deficient relative to neutron-excess fission products is
also predicted by Crespo et al. ," using the Nix and
Swiatecki@ theory (see Sec. V 8). In this case, the
assumption of unchanged charge distribution in the
primary fragments increases the magnitude of the sec-
ond and third effects above in order to compensate
for the assumed absence of the first eGect. The rela-
tively short evaporation chains to the n.eutron-excess
products calculated in this work become substantially
shorter, while the longer evaporation chains to neutron-
deficient products become substantially longer.

Z. Cascade Deposition Energy for Formations

of Fission Products

The cascade deposition energy leading to isobaric
fission products increases lin.early with increasing charge
by about 35 MeV per charge unit (see Fig. 11).This
difFerence in deposition energy arises from difFerences
in the following three quantities: the mass-energy re-
lease in. the production of the primary fragments, the
total kinetic energy of the two fragments, and post-
scission particle evaporation.

Results of the primary-fragment calculation. reported
in Tables VIII and IX show that isobaric products
which differ by one charge unit arise, in general, from
primary fragments differing by one charge and two
mass units. The three energy values above change as
follows for the fragment or fission fragment pair lead-
ing to the more neutron-deficient product. First, the
mass-energy release is reduced by ~5 MeV.4' In this
mass region, the addition of a proton to the heavy
fragment reduces the mass-energy release by 1.5

MeV, a r.eutron. by 3.5 MeV. Second, the total
kinetic energy associated with the fragments is reduced
by about 2 MeV. This reduction is a product of in-
creased deformation at the higher excitation energy,
discussed in Sec. V B. These two effects reduce from
35 MeV to about 32 MeV the increase in excitation
energy available to the fragment pair leading to the
more neutron-deficient isobaric product.

Third, this 32 MeV is divided between the two frag-
ments in direct proportion to their masses. A fragment
of mass 150 will receive about 20.5 MeV—just enough
to evaporate two neutrons, and yield a product with
one more charge than its more neutron excess isobaric
partner.

VI. SUMMARY AND CONCLUSIONS

The charge dispersion curve for 6ssion products of
mass 139, formed in the 440-MeV fission of U, was
measured and found to have a FTHM of 3.2 charge
units. This value is in agreement with that reported
by Folger et al. ,'8 Panontin and Porile, ' Hagebg, " and
Sugarman et al.' The discrepancy between this value
and that of Friedlander et al. ," 5.2 charge units, was

partly resolved by use of a mass-dependent most-
probable neutron-to-proton ratio for the fission prod-
ucts.

The recoil properties of 17 nuclides were determined
and those of three nuclides were calculated by use of
the measured charge dispersion curve. The range of a
fission product, calculated from its recoil properties,
was used to calculate the kinetic energy by a linear
range-velocity relation.

The velocity imparted to the cascade n.ucleus, calcu-
lated from the ratio of this velocity to that of the
fission fragment in the moving frame, was related to
the excitation energy deposited in the cascade nucleus.
Finally, the diGerence in the measured "apparent"
ranges in forward-backward and perpendicular experi-
ments was related to the angular anisotropy of Gssion

products. The principal results of the recoil properties
of isobaric Gssion products may be summarized:

(1) The kinetic energy of Gssion products decreases
linearly with increasing charge by about 2% per charge
unit.

(2) The cascade deposition energy increases linearly
with increasing charge approximately 35 MeV per
charge unit.

(3) The anisotropy of the angular distribution
changes with increasing cascade deposition energy
from preferential emission perpendicular to the beam
direction at low deposition energy to preferential emis-
sion along the beam direction at high deposition. en-

ergy. This change in the anisotropy was accounted
for by use of the angular momentum data of the cas-
cade nucleus and the theoretical approach applied
previously to fission induced by protons of less than
40 MeV.
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The recoil properties of the 6ssion products were
related to those of the primary 6ssion fragments from
which the fission products arise by particle evapora-
tion. Results of this calculation were used to explain
the observations on kinetic energy and deposition en-
ergy mentioned above. The decrease in kinetic energy
for a more neutron-de6cient 6ssion product was found
to arise from three sources, contributing nearly equally.
First, high deposition energies were found to cause
increased deformation in the 6ssioning nucleus with
consequent reduction of the Coulombic repulsion be-
tween the primary fragments at scission. Second, a
neutron-de6cient product arises from a heavier, more
highly excited, primary fragment which is deexcited
by a longer evaporation chain. The heavier fragment
has a smaller fraction of the total kinetic energy be-
cause of conservation of momentum. Finally, the longer
evaporation chain leads to a greater loss of mass, which
corresponds to a greater reduction in the kinetic energy
of the final 6ssion product.

The increase in excitation energy of 35 MeV per
charge unit for isobars was found to arise from one
additional proton and one additional neutron in the
primary fission fragment. The extra 35 MeV was used
up primarily in the increased excitation energy of the
primary 6ssion fragment Deeded to evaporate these
two additional nucleons.

The calculated properties of the primary fission frag-
ments show an effect of excitation energy on the scission
shape, which affects the kinetic energy of the fission
products. This effect, not previously observed in high-
energy 6ssion is supported by data on 6ssion products
in other mass regions. The charge dispersion of the
primary 6ssion fragments is signidcantly narrower than
that of the 6ssion products; the broadening of the
charge dispersion is a consequence of post-6ssion par-
ticle evaporation.

Pote added in proof. The manuscript of a paper
Recoil Properties of Autimorsy Isotopes Produced by the
Reaction of $70 3&V ursd fg.Z GeV Protons with Vru
nium by Hagebtt and Ravn arrived after this paper
was submitted for publication. In this paper, Hagebtt
and Ravn conclude that at 570 MeV "the average total
kinetic energy of the primary fragments is smaller and
thus the average separation distance of their charge
centers at scission larger for the lightest antimony
isotopes than for the heaviest, the diGerence being
about 10%."This conclusion, arrived at using a simpli-
6ed means of calculation of the properties of the
primary 6ssion fragments, lends support to the con-
clusion of this work that the total kinetic energy release
is dependent upon the excitation energy of the 6ssioning
nucleus.
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APPENDIX A: CHEMICAL AND COUNTING
PROCEDURES) RECOIL EXPERIMENTS

1. Cesium

The recoil properties of 9.5-min Cs"' were deter-
mined indirectly by analysis of the Ba"' activity grown
from purified Cs.

From each solution of target and catchers, a mixed
hydroxide —carbonate of barium and strontium was pre-
cipitated in the presence of Cs carrier by addition of
12M NaOH and 2M Na2CO3. After digestion of the
precipitate for 1 min, the solution was filtered through
a double layer of hardened biological 6lter paper which
allowed negligible Aow under gravity. Vacuum was
then applied in parallel to the three Buchner funnels
so that the solutions were filtered and the precipitates
washed in a few seconds. This time, usually about
15 min from the end of irradiation, is the time zero
for growth of 85-min Ba"'.

There was no quantitative measure of the recovery
of Cs in the filtration; however, experiments using Cs"'
tracer showed (0.05% Cs was lost in the hydroxide-
carbonate precipitate. A known aliquot of Ba carrier
solution (~20 mg) was then added to the filtrate and
the solution was allowed to stand for 90 min (about
ten half-lives of Cs'"). Ba was isolated in the usual
way (see below) and counted on methane flow P-
proportional counters. The samples were monoisotopic,
decaying with an 85-min half-life, since no other Ba
isotopes grow from Cs on the time scale of the experi-
ment.

2. Barium

The procedure used is based on that developed for
separation of Ba from thermal neutron fission prod-
ucts."Modifications were made in the experiments on
12.8-day Ba"', due to the presence of spallation-
produced isotopes of Ra in the sample.

For the determination of 85-min Ba'", 5-min irradi-
ations were performed and the samples were counted
on P-proportional counters. For the mixture of 39-h
Ba'33~ and 29-h Ba"'~, the target was irradiated for

'4 L. E. Glendenin in Radiochemical Studies: The Fission
Products, edited by C. Coryell and N. Sugarman (McGraw-Hill
Book Co., New York, 1951), Nat. Nucl. Energy Ser. , Vol. IV-9,
p. 1657.



15 m1nq and thc SRmplcs coun tcd on R i-ln. -thick
NaI(Tl) crystal. Because the two nuclides decay with
un1 csolvRble 39- Rnd 29-h hRlf-llvcs RQd 276- Rnd
268-keV y rays, respectively, recoil properties are re-
ported only for the mixture. The two y rays are resolved
by a Li-drifted solid-state Ge detector, which ma, kes
possible the determination of the composition of the
mixture. Because of low CKcicncy, it was impossible
to measure the individual recoil properties. The results
show the ratio of the cross section of Ba'" to that of
Ba"' is 1.'B.

The presence of isotopes of Ra is a serious problem
only in counting Ba'~, where it may account for 15%
of the total P activity of the sample 2 days after the
cnd of lrradlatlon. RR wRs scpRlRtcd from Ba by ion
exchange based on a procedure of Power eI al."The
solution containing Ba and Ra as nitrate was deposited.
on a column of 50-100 mesh Dowex 50, 8% cross-
linkcd. The columns were approximately 25 cm long
and i cm diameter. They were eluted. with 0.4M am-
monium citrate at a pH of 5.0. With a flow rate of
approximately 6 drops/min, the Ba is eluted in 3 to
5 h. Tests using R Ra tracer showed that decontamina-
tions averaging 1400:j. were achieved. Earlier experi-
ments, 1Q wh1ch the 1'cco11 properties of BR~% werc
determined lndlrcctly by La'~ separations, yielded re-
sults in excellent agreement with the column separated
BR'~, although this procedure was abandoned in favox
of the more efficient Rnd less error-prone column sepa-
ration.

3. Cerium

The chemical procedure used was essentially that of
Glendenin eI, al. ,"with slight modification due to the
presence in the initial sample of large amounts of U
or Al.

In about one-half of the Ce experiments, the x-rays
of 140-day Ce"' 325-day Ce"' and 285-day Ce'~
were counted on 1/S-in. -thick NaI(Tl) crystals begin-
ning 1 month after a 2-h bombardment. The decay
curves were analyzed by least-squares analysis after
15 months of counting. In the other experiments, the
Ce samples were counted on a 1-in.-thick NaI(TI)
crystal, and the three y-ray peaks occurring at j.66,
f45 and I34 kcV for CC139 CC141 Rnd CC144 respec
tively, werc followed for I yr. VVhile the peaks were
not resolvable, the large change in the relative activi-
ties of the nuclides over a long period of time made
analysis of the complex y-ray peak possible. The agree-
ment of results obtained from the two procedures was
excellent, although the x-ray counting was discont nued
when the thick crystals and associated multichannel
analyzers became available.

After bombardments of about 15 min, 33-h Cc'I was

I'~ W. H. Power, H. W. Kirby, W, C. McCluggage, G. D. Nelson,
and J.H. Payne, Anal. Chem. 3J., 1077 (1959).~ I.E. Glendenin, K. F. Flynn, R. F. Buchanan, and E. P.
Steinberg, Anal. Chem. N, 89 (1NS).

chemically separated as above and counted by its char-
acteristic 294-keV y ray.

4. Rare Earths

The carrier for the element being studied in a given
experiment was present in the target and catcher dis-
solving solutions. The procedure for the group separa-
tion was that of Nervik. "The separation of the ind:.vid-
ual rare earths (RE) was a modification of the proce-
dure of Wolfsberg. "

The cation exchange column was approximately 65
cm long by 7.5 mm i.d. The resin used was Dowex 50,
minus 400 mesh, 4% crosslinked. The eluting solution
was 0.531 O.-hydroxy-isobutyric acid, and the rare
earths mere added. to the column in a minimum vol-
unlc of QltIlc acid.

The fractions of an element under investigation werc
combined, generally taking only a narrow band at the
yield peak, in order to lessen contamination by adja-
cent elements. The oxalates mere precipitated, 6ltercd,
dessicated in vacuum at room temperature, and counted
as REs(Cs04) s ~ 10HsO.

Lonrkaesim. The pH of the eluting solution was about
3.85 and elution took approximately 16 h. The samples
were P counted, and there was no impurity found in
any 40.2-h La'~ expenments apart from small amounts
of 4-h La'4 activity initially present.

Eruseodymilm. Rare-earth chemistry was carried out
as described above using an eluting solution burred
to a value of pH 3.90. At a flow rate of 9 ml/h, this
suKced to separate Pr in a maximum of 8-9 h. The
Pi's(Cs04) s' 10HsO was counted with a 1-1n;thick
NaI(Tl) crystal, and, after 12 h, on a P-proportional
counter as well. Two-h Pr'" eras counted via the
300-keV transition in its Ce daughter. Pr"s (tiqs=4. 5 h)
was counted by the 5II-keV annihilation radiation
associated with positron decay, corrected for the 10%
positron branch in the decay of 2-h Pr"'. Pr'~ (tiis=
I9.2 h) was counted. both by its I.58-MeV y ray Rnd.
as a component of the P-decay curve which includes
13 /-day Pr'~ Pr"' (tile=5 9 h) was counted by both
the 72 keV and the 670-740 keV y rays.

Recent work~9 performed on 2-h Pr"' indicated that
it is not formed, in the decay of Nd'", to which a
half-life of 5 h has been assigned. The Nd"' decays
to a short-lived excited state of Pr'~ which, in turn,
decays to Ce'". This decay scheme was con6rmed in
these experiments by the absence of a y-ray peak at
300 keV in samples in which Nd is erst separated and
PI' grows 1n.

Neodymilm. In experiments investigating 3.3-day
NdI~ and ii.i-day Nd"', bombardments lasted for

»W. Nervik, U.S. Department of Commerce Report No.
NAS-NS-3020, 1961 (unpublished) .

K. Kolfsberg, Anag. Chem. 34, 518 C'1962).
59 K. J. Gromow, A. S. Danagulyan, L. N. Nikityuk, V. V.

Murav'eva, A. A. Sorokin, M. Z. Shtal', and V. S. Shpinel', Zh.
Ehsperim. i Teor. Fis. 4'y, 1644 (1M4) LEnglish transi. : Soviet
Phys. —JETP 20, 1104 (196$)g.
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1 h and the eluting solution was buffered to a PH of
3.8. Nd was eluted in 10-12 h and P decay of the
samples was followed. For Nd experiments on the 5-h
Nd isotope, irradiations of 15 min or less were performed
and the eluting solution was buffered to 3.96. Nd was
separated in 5 to 6 h and was P-counted as the oxalate.

During the course of this work, a question arose as
to the existence of Nd"' Nd" and Nd'3~. Little
work'~' had been done on these nuclides since their
discovery some 16 yr ago."An attempt was made to
study the recoil properties of Nd'" or Nd"'" by sepa-
rating Nd, allowing the Pr to grow and decay, and,
after several days, isolating Ce"' which decays with a
well-known 166-keV p ray accompanying electron cap-
ture. In several experiments, there was no evidence
for Ce"' grown from a sample of separated Nd, al-
though it was shown that Ce"' did indeed grow from
Pr'" in the same experiment. The production cross
section of Nd"' would have to be less than 1% of
that of Pr"' to explain these results if the half-life of
Nd"' is of the order of 5 h. The observation that Ce'"
does not grow from Nd"' is consistent with that of
Friedlander and co-workers, 63 who found no evidence
for a 5.5-h—4.5-h complex decay curve in an isotope-
separated mass-139 sample from the 29-GeV proton
6ssion of U. These results are inconsistent with the
conclusion of Gromow et ul."that the half-life of Nd"'~
is 5.5 h. It should be noted, however, that Gromow
et uL do not present evidence for the growth of Pr'"
from Nd'" . Recoil results for the 5-h isotope of Nd
are therefore reported as Nd" to which Gromow et ul. '
have also assigned a 5-h half-life. Because of the very
low activity of Nd"' and the presence of 1.8-h Nd"',
the observed half-life of the Nd'~ varied from 4 to
5.6 h in various runs.

Short-lived Nd'4t (t&~&
——2.5 h), although presumably

made in relatively high yield, decays by electron cap-
ture to the ground state of Pr"' with a branching ratio

N. A. Bonch-Osmolovskaya, B. S. Dzhelopov, O. E. Kraft,
and Chou Yven-vra, Izv. Akad. Nauk SSSR Ser. Fiz. 25, 826
{1961}."K. J. Gromow, A. S.Danagolyan, A. T. Strigachev, and V. S.
Shpinel', Izv. Akad. Nauk SSSR, Ser. Fiz. 27, 1357 {1963}."B.J. Stover, Phys. Rev. 81, 8 (1951}.

8' G. Friedlander (private communication).

of 98%.'4 An attempt was made to count Nd"' by
detecting the 2% positron branch, both by counting
the P+ and by counting its annihilation 7 rays, but
this attempt was not successful.

APPENDIX 8: CHEMICAL AND COUNTING
PROCEDURES; CHARGE DISPERSION

EXPERIMENTS

The ratio of the production cross sections of Csta'(C)
and Ba"'(I) was determined by performing Cs chem-
istry as discussed in Appendix A, modiied as follows.
A measured aliquot of Ba carrier solution was present
in the dissolving solutions and the hydroxide-carbonate
precipitate was later analyzed for Ba. The activity of
the two Ba samples, that grown in the 6ltrate, and
that remaining in the precipitate, is related to cross
sections of Cs"'(C) and Ba"'(I), respectively.

The ratio of the production cross sections of Pr'39(C)
and Ce"'(I) was determined in two ways. First, ali-
quots were taken at timed intervals over 2 days and
analyzed for Ce" in order to compare its growth from
the decay of 4.5-h Pr'N with the Ce'N initially present
in the sample. Second, a sample, initially scavenged
of Ce, was milked for Ce" at intervals over 2 days,
yielding the Ce"' growing from the 4.5-h Pr"9.

The ratio of the total production cross section of
neutron-deicient nuclides to that of neutron-excess
nuclides was determined by analysis of two aliquots
of the target solution. The 6rst was analyzed several
hours after irradiation for cumulative Ba'N, and the
second 4 days later for cumulative Ce'". In both sam-
ples the same 166-keV 7-ray transition in La"' was
counted, with correction for the 27% branching ratio
from Ba"'.~

The Ce samples were counted. on a solid-state Ge-Li
detector which allowed for detection of the 166-keV
peak of Ce'" in the presence of the 145- and 134-keV
peaks of Ce"' and Ce'~, respectively. The samples
were counted twice at an interval of about 4 months
and half-lives of the three Ce nuclides were in agree-
ment with literature values'4 within experimental error.

O' C. M. Lederer, J. M. Hollander, and I. Perlman, in TaMe of
Isotopes (Wiley-Interscience Inc., New York, 1967).


