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Nuclear Electric Field Gradient and Mean Square Displacement
of the Iron Sites in Sodium Nitroprusside

R. W. GRANT, R. M. HO'tTsLEY, AND U. GONsER

Science Center, North American Rockwell Corporation, Thousand Oaks, California 91360
{Received 1 August 1968)

Both the electric-Geld-gradient (EFG) and mean square displacement (MSD) tensor parameters at the Fe
sites in sodium nitroprusside at 23'C have been determined with a high precision by the Mossbauer technique.
The EFG asymmetry parameter is p=0.01&0.01. The principal axes of the two tensors do not coincide.
Taking proper account of saturation effects was essential, even though the absorbers were only ~.2 mm
thick. For the MSD, proper consideration of polarization sects was also important. A total of 34 runs
on an absolutely calibrated mechanical drive gave for the quadrupole splitting DE@=1.7048&0.0025
mm/sec.

I. INTRODUCTION

S discussed in the preceding paper' (hereafter
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referred to as I), Mossbauer absorption with
single-crystal samples can be used to determine the
electric-Geld-gradient (EFG) and mean-square displace-
ment (MSD) tensors at the sites of the resonant nuclei.
Zory' and Hiena have recently discussed the analysis of
the EFG in single-crystal absorbers containing Fe'7,
while Karyagin" has discussed the more general case of
a nuclear transition of arbitrary multipolarity, all in the
thin absorber limit. Zory' applied his analysis to ferrous
chloride tetrahydrate and evaluated all the EF6
parameters while Danon and Iannarella' used the same
analysis to confirm their expectations concerning the
field-gradient parameters in sodium nitroprusside. More
recently, Ingalls, Ono and Chandler, 7 and Chandra and
Puri have applied a similar analysis to the determina-
tion of the EFG as a function of temperature in ferrous
ammonium sulfate. Unfortunately, in all these cases it
has been necessary to use samples of sufhcient thickness
that the thin absorber analysis cannot be completely
justiied.

In this paper, we present data on sodium nitroprusside
NasFe(CN)sNO 2HsO, which is considerably more pre-
cise than any previously published. We derive the
room-temperature EFG from this data using the 6nite
thickness absorber analysis described in the preceding
paper. We also discuss the measurement of the MSD
from Mossbauer data and determine the vibrational
dynamics at room temperature of the Fe atoms in

sodium nitroprusside.
Sodium nitroprusside is a material of considerable

interest in Mossbauer spectroscopy with Fe". The

' Housley et al. , preceding paper, Phys. Rev. 178, 514 (1969).
~ P. Zory, Phys. Rev. 140, A1401 (1965).
P. Z. Hien, Zh. Eksperim. i Teor. Fiz. 49, 1576 (1965) LEnglish

transl. : Soviet Phys. —JETP 22, 1080 (1966)j.
4 S. V. Karyagin, Fiz. Tverd. Tela 8, 1739 (1966) /English

transl. : Soviet Phys. —Solid State 8, 1387 (1966)j.
s S. V. Karyagin, Fiz. Tverd. Tela 9, 2514 (1967) [English

transl. : Soviet Phys. —Solid State 9, 1979 (1968)J.
6 J. Danon and L. Iannarella, J. Chem. Phys. 47, 382 (1967).
~ R. Ingalls, K. Ono, and L. Chandler, Phys. Rev. 172, 295

(1968).
8 K. Chandra and S. P. Puri, Phys. Rev. 169, 272 (1968).
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National Bureau of Standards recently issued a docu-
ment suggesting the use of sodium nitroprusside as a
standard reference material for calibrating Mossbauer
drives and relating isomer shifts in iron-containing com-
pounds. As noted previously by several authors, '~" the
fairly large and relatively temperature-insensitive quad-
rupole splitting and the weak-temperature dependence
of the isomer shift (at room temperature and below)'s
observed in sodium nitroprusside coupled with the
easily available high chemical purity and stability of the
material in addition to the near natural resonance
linewidths are favorable factors for using this material
as a standard. Several other investigators" ' have ob-
tained spectra of sodium nitroprusside and the room-
temperature values of the quadrupole splitting quoted
in the literature vary from 1.65—1.85 mm/sec. In the
present study, we have obtained an accurate determi-
nation of this splitting.

Throughout Refs. 6, 9, and 12, the labeling of crystal
axes is incorrect. Thus the single-crystal Fe'7 standard
reference material supplied by the National Bureau of
Standards is actually the ac plane and not the bc plane.
While our conclusions regarding the EFG are similar to
Ref. 6 after appropriate relabeling of axes, the data,
analysis, and subsequent EFG parameters presented in
this paper are of much higher accuracy.

'National Bureau of Standards, Standard Reference Material
725 for Mossbauer Differential Chemical Shift for Iron-57 {un-
published). (See also J. J. Spijkerman, D. K. Snediker, F. C.
Ruegg, and J. R. DeVoe, NBS Misc. Publ. 260-13.)' R. H. Herber, in Mossbauer Egect methodology, edited by I. J.
Gruverman (Plenum Press, Inc. , New York, 1965), Vol. 1, p. 3."J.J. Spijkerman, F. C. Ruegg, and J. R. DeVoe, in 3fossbauer
Egect Methodology, edited by I. J. Gruverman (Plenum Press,
Inc., New York, 1965), Vol. 1, p. 115."J.J. Spijkerman, F. C. Ruegg, and J. R. DeVoe, in APPlica-
tions of the Mossbauer Egect in Chemistry and SoHd-State Physics
(International Atomic Energy Agency, Vienna, 1966), p. 254."E.Fluck, W. Eerier, and W. Neuwirth, Angew. Chem. 2, 277
(1963).

'4 W. Kerler, Z. Physik 167, 194 (1962).
"W. Kerler and W. Neuwirth, Z. Physik 167, 176 (1962).
"N. L. Costa, J. Danon, and R. M. Xavier, J. Phys. Chem.

Solids 23, 1783 (1962).
'7 J. Danon, J. Chem. Phys. 41, 3378 (1964).' A. Z. Hrynkiewicz, H. Lizurej, J. Sawicki, and T. Senkowski,

in Theory and Structure of Complex Compounds, edited by B.
Jezowska-Trzebiatowska (Pergamon Press, Ltd. , Oxford, 1964),
p. 409.
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II. EXPERIMENTAL
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TABLE I. Experimental and derived parameters for sodium nitroprusside. '

Line

2
3

5
6
7
8
9

10a

10b

iia

iib

Sample
thickness
(mg/cm')

A3
Al

A 3/A I
p 0

pl0
P3'/Pl'

Pl +P3
P1+P3

f'(n =9.00)

p(0.=8.17)

(r )X10+» cm-2
(o.=9.00)

(r')&(10+18 cm '
( =8.17)

7-ray propagation direction

30.07 ~0.11

I lib

39.25 +0.30

ki[c

31.52 ~0.29

0.6486&0.0025
0.4212&0.0047
1.540 ~0.018
0.7732&0.0035
0.4707&0.0057
1.643 ~0.021
1.244 ~0.007
1.256 &0.007
0.4006&0.0026

0.6147&0.0054
0.5983+0.0058
1.027 &0.013
0.7256&0.0074
0.7029+0.0079
1.032 ~0.016
1.429 a0.011.
1.482 &0.014
0.3620~0.0038

0.4474~0.0017
0.6941&0,0021
0,6446&0.0031
0,5035~0.0022
0.8384+0.0032
0.6005&0.0035
1.342 ~0.004
1,352 &0.004
0.4114+0.0040

1.715 &0.012

1.877 +0.013

1.905 +0.020

2.067 +0.022

1.665 &0.014

1.827 +0.015

0.3674&0.0024 0.3320&0.0035 0.3773+0.0037

0.6150+0.0054
0.5174&0.0028

~ ~ ~

0.7260~0.0074
0.5939+0.0038

0.5332+0.0101
0.4561&0.0060

~ ~ ~

0.6148+0.0134
0.5145&0.0077

~ ~ ~ ~ ~ ~

0 3788+0 0061b
0.3770~0.0061b

0.3474+0.0056b
0.3457&0.0056b
1.819 &0,030b
1.828 &0.030b
1 982 +0 033b
1 991 &0 033b

k 54' from u and J c
1st sample 2nd sample

34.26 &0.37 29.26 +0.32

a All uncertainties represent one standard deviation.
b Weighted average. Twice as much data were collected with the 29.26-mgfcm2 crystal as with the 34.26-mg/'cm2 crystal.

Fe sites in sodium nitroprusside were determined 34
times. The average values and standard deviations ob-
tained for these parameters at 23'C are

EEo= 1.7048&0.0025 mm/sec,

b = —0.4844&0.0010 mm/sec.

The value for AEq is not in good agreement with the
latest reported measurement9 of DE@=1.726&0.002
mm/sec and the cause of this discrepancy is as yet
unresolved. Our value is in considerably better agree-
ment with an earlier reported value" of l.712&0.004
mm/sec. We have checked for the possible influen. ce of
geometrical eRects by increasing the source to absorber
distance but find no change in AEg to well within the
quoted error limits. We also note that geometrical eRects
tend to increase rather than decrease the experimental
value of hE@. We have also checked our frequency
standard and the linearity of our spectrometer for pos-
sible sources of systematic error; we find these errors to
be well within our quoted standard deviations.

III. ELECTRIC-FIELD-GRADIENT AND MEAN
SQUARE DISPLACEMENT TENSORS

Both the EFG and MSD are determined by sym-
metric (3&&3) tensors which can be diagonalized in a
principal axes system and completely specified by the
diagonal components and three orientation parameters
relating the principal axes to the crystal axes. For the
MSD this is strictly true only for harmonic forces."
However, for simple cases which have been studied, '4"
it is a very good approximation even when third- and
fourth-order anharmonic forces are considered. There-

23 D. %'. J. Cruickshank, Acta Cryst. 9, 747 (1956).
'4A. A. Maradudin and P. A. Flinn, Phys. Rev. 129, 2529

(1963)."K.N. Pathak and B. Deo, Physica 35, 167 (1967).

fore, we will assume that it adequately represents the
motion of the relatively heavy Mossbauer atoms in
most cases and in particular for these measurements of
Fe in sodium nitroprusside. Because only s electrons
whose wave functions are spherically symmetric have a
6nite charge density at the nucleus, Laplace's equation
requires the EFG to be a traceless tensor so that only
two of the three diagonal components are independent
variables. Since no fundamental expression relates the
diagonal elements of the MSD, in general, more
measurements will be required to uniquely determine
the MSD than are required to determine the EFG.

If the Mossbauer atom is located at a site of suK-
ciently low symmetry, the orientation of the principal
axes of both the EFG and MSD relative to the crystal
axes must be determined experimentally. Although both
of these tensors must satisfy the point symmetry of the
site, their principal axes will not, in general, be colinear
at a site of low syrmnetry (i.e., at sites with point
synmxetry 1, 1, 2, m, and 2/m). The possibility of having
an anisotropic MSD which is noncolinear with the EFG
principal axis system can complicate the determination
of EFG parameters from single-crystal data when there
is more than one equivalent molecular unit which differs
in orientation with respect to the crystal axes.

In describing the EFG, it is conventional to define
two independent variables q and g where q= V„/Le~ and
the asymmetry parameter g is p = (V,—V») V,. '. The
electronic charge is

~
e ~. The three diagonal elements of

the EFG (V„, V», and V,.) are chosen so that
~
V„~ &

~
V»

~

&
~
V„~ implying 0& rl&1.

For Fe" where the excited and ground states have
nuclear spins 2 and —'„respectively, the presence of an
EFG produces an absorption spectrum of two lines
separated in energy by AEo= e'ttQ(1+vP/3)'"/2, where

Q is the nuclear quadrupole moment of the 14.4-kev
excited state in Fe".
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FIG. 2. Idealized C4, structure of the nitroprusside ion.

There is no convention for labeling the principal axes
of the MSD tensor so we will arbitrarily choose them to
correspond as closely as possible to those of the KFG.

IV. SYMMETRY CONSIDERATIONS

Sodium nitroprusside crystallizes in the orthorhombic
space group Enny (Dzqi2) with four molecules per unit
cell." The detailed crystal structure has been deter-
mined by Manoharan and Hamilton. '~ The Fe sites are
all equivalent and are in the 4g positions & (x,y, —',) and
+(-', +x, -', —y, 0) with point symmetry m. The lat-
tice constants are a=6.17&0.03, b=11.84&0.06, and
c=15.43+0.08 A. The nitroprusside ion lies on the
mirror plane and has approximate C4„symmetry. In
Fig. 2, we show the idealized C4„structure of the
nitroprusside ion as determined by Manoharan and
Hamilton. "The Fe atom is displaced about 0.2 A above
the plane (toward the NO group) of the 4 C atoms in the
CN groups located cis to the NO group. Since it will be
of interest to relate the KFG to the structure of this ion,
we will for convenience refer to the N of the NO group
as N~ and the C of the CN group in the trans position to
the NO group as C~. The mirror planes in this crystal lie
parallel to the ab plane and are equally spaced at the
separation distance of 0.5c along c. The mirror planes
contain the atoms N-C~-Fe-N~-O of each nitroprusside
ion. In Fig. 3, we show the projection onto the crystal-
lographic ab plane of the four N-C~-Fe-N~-O groups
associated with the four nitroprusside ions in a unit cell.
The actual positions of atoms along c are indicated in
decimal units of c.It is obvious that all four nitroprusside
ions have different orientations relative to the crystal-

"P. W. Cooke, Nature 157, 518 (1946).' P. T. Manoharan and +.C. Hamilton, Inorg. Chem. 2, 1043
(&968),

lographic axes. However, these four sites are related by
2-fold screw axes parallel to either the u or the b axes
(at 0.25c) as shown in. Fig. 3. Manoharan and Hamilton"
6nd that the vectors connecting Fe to N~ make angles of
33'54', 146'6', 213'54', and 326'6' relative to the
crystallographic a axis. The corresponding vectors con-
necting C~ to Fe make angles of 37'16', and 142'44',
217'16', and 322'44' relative to the a axis. Since the
KFG and MSD are synnnetric with respect to inversion,
the four Fe sites with different orientations can be
grouped into two sets of two sites having different
orientations of KFG and MSD relative to the crystal
axes. The two sites & (x,y, —,) have identical orientations
of EFG and MSD as do the two sites & (-,'+x, -,'—y, 0).

Since the Fe atoms are located at special positions, a
considerable simplification of our problem is obtained by
making use of the point symmetry of the atom sites.
The mirror planes which contain all Fe sites in sodium
nitroprusside requires one of the principal axes of both
the KFG and MSD tensors to lie parallel to the crystal-
lographic c axis; the other remaining axes are thus
located in the ab plane. Because all Fe sites are related
by the 2-fold screw axes, the MSD along the crystal u

and b axes is the same for all sites as is also true along
the c axis. Along both the a and b axes the absorption
cross sections and polarizations for the two sets of sites
are the same.

The point symmetry of the iron sites itself sets no
restrictions on g. However, since the nearest-neighbor
atoms are expected to have the strongest influence on
the KFG, the approximate local syDUnetry C4„suggests
that g will be small and that the V„direction will most
likely be along the Fe—N~ bond direction.

V. DETERMINATION OF EFG PARAMETERS

The samples used in the measurements were thin
enough that polarization effects are expected to be
moderate and analysis through successive approxima-
tions is expected to be feasible (sample thicknesses are
given in line 1 of Table I). Therefore, the dimensionless
areas listed in lines 2 and 3 of Table I were erst con-
verted into preliminary p (notation defined in I) values,
p', taking the fractional polarization (also defined in I)
a=0 in all cases. For this purpose Eq. (21) of I with
a =0 is very convenient. These and the ratios pao/pio are
listed in lines 5—7 of Table I. The sign of q in sodium
nitroprusside has previously been determined" to be
positive so the higher energy line denoted by the
subscript 3 is associated with the excited nuclear state
having mr=~ —,', while that denoted by 1 comes from
nsl=&~, assuming for the moment that g=0 so that
m& is a good quantum number.

There are two experimental difhculties that might
influence the p' values obtained above. The sample

' See R. %'. Grant, in Mossbauer Egect Methodology, edited by
I. J. Gruverman (Plenum Press, Inc. , New York, 1966), Vol. 2,
p. 23.
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thicknesses might not have been entirely uniform and
the resonance might be slightly broader than the natural
width. Estimates of these eRects may easily be made.
Allowing for a possible 10% variation in thickness
across the samples which seems a reasonable limit from
a microscopic examination, we have found by taking
into account both the distribution in nuclear attenua-
tion and the corresponding variation in electronic
attenuation the p' values will not be changed by more
than about 0.2%. This is considerably smaller than the
statistical uncertainties, and hence we will not consider
it further.

As is known, experimentally determined areas are
insensitive to instrumental broadening in the thin ab-
sorber approximation. However, if we assume that all
the width in the experimental spectra not directly
accounted fox' by thickness broadening ls due to
broadening of the absorber resonance lines, then all the
p"s would be lllcleased 2—

3%%uo. The malll effect of this
would be to slightly increase the absolute values of the
MSD parameters with smaller changes in the relative
values and the EFG parameters. Because of this and our
feeling that most of the broadening is instrumental, we
take the p values listed in Table I, lines 5—7, as the
correct starting values for further refinement. The 1%
uncertainty in areas due to uncertainty in the source
Debye-%aller factor will for similar reasons be
dlsx'cgardcd.

To obtain initial estimates of the EFG and MSD
parameters, we used Zory's' expression for the relative
absoxption intensities, which is valid in the thin ab-
sox'bcl limit. Fol convcnlcncc wc have lncludcd this
expxession in the Appendix along with the general ex-
pression for the MSD in the harmonic approximation.
For the syxnmetry under consideration in sodium
nitroprusside, simultaneous equations were obtained
and solved algebraically for the initial estimates of the
EFG and MSD parameters.

In refining the EFG parameters, we used the six p'
values measured along the a, b, and c crystallographic
directions. In addition to the sample thicknesses, these
depend on g, the three parameters describing the
orientation of an KFG with respect to the crystallo-
graphic axes, and the absorber Debye-%aller factor
values f' in the three directions f,', f~' and f.'.

Fortunately, the crystal syrrunetry restricts the s
pl'lnclpal axis of the KFG 29 to be either parallel to c or
in the ab plane. The ratio pso/pP=0. 60 along t; is
inconsistent" with V„~~c for any value of y. Therefore,
V„must lie in the ab plane. If pP and. p30 were inter-
changed, no value of g would fit the ratio. Therefore,
this is an independent determination of the sign of g.

'QThroughout the remainder of this paper, we will use the
convenient and descriptive, although inexact, notation that V„is
collinear vrith the s principal axis of the KFG, etc.

See Fig. 4 of U. Gonser and R. W. Grant, Phys. Status Solidi
2I, 331 (j.T).

FIG. 3. Pro/ection of the four N-C&-Fe-N&-0 groups per unit cell
in sodium nitroprusside onto the ab plane.

Knowing that t/'„ is in the ab plane, it is possible to
write down the elements of the CGective thickness
matrices at resonance (x=x;;) describing the absorption
along the three crystal axes in terms of y and the angle

P between V„and the a axis. The effective thickness
matrix is defined. in I, Eq. (14) and x is related to the
energy E by x=2E/I'. We will arbitrarily assume

V„~~c. If, in fact, V„„~)c, then g from our analysis will

come out negative, but will have the right magnitude.
The basis systems have been chosen according to the
prescription given in Sec. III of I and the letters in front
of the expressions for the o-'s indicate the crystallo)-

graphic axis along which the corresponding basis vectors
lie. The + and —signs correspond, respectively, to the
E3 and Ej transitions. The quantities I and 0-0 are the
number of resonant nuclei per unit area and the Axed
nucleus cross section, respectively.

k/[a

&: ~»'(&s)l&f'~0= 2 ~l Pl(3+v')7" (1 v), —
c: 022'(S )/Bfg'Oo "g'& ', p3/—(—3+g'-) $'"

&& (1—3 sirPP+g cos'P),
O.l2= O.2y= 0 )

k][f

a: ~»'(*'~)/~f~'«=2~ 'C~/(3+v') j'-"(1 v)—
~: ~„~(*;;)/~fa'«= ,'~K3/(3+v') j-"

X (1—3 cos'P+g sin'P),

k//c

~»'(&; )/&f. '«=', ~ ', P/(3+v')]"'-

(3)
XL(1+.) -"P-2. Pj,

b: 02,'(x;;)/Nf, 'oo= ,'+4p/(3+-g')]"'
&& L(1+q) sin'P —2 cos'Pj,

012 021

For k along a and b, these effective thickness matrix
elements couM be obtained from Eq. (36) of I by in-
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spection since for these directions the 0 and y basis
vectors for the two pairs of sites are the same. For k
along c this is not the case, and it was necessary to
rotate the basis for one pair of sites by P and that for the
other pair of sites by —P before adding effective thick-
ness matrix elements. This was done by the standard
prescription for expressing a matrix in a rotated
coordinate system.

To solve for g, P, f,', f&', and f,' by successive
iterations, we set the six p=(air(x;;)+0.22(x;;)j/2 ex-
pressions obtained from Eqs. (1), (2), and (3) equal to
the six preliminary experimental p' values calculated
assuming a=0 and found the best solution for the
parameters consistent with the statistical uncertainties
in the data. This gives rr(0.013 and /=36'4'+25'.
Using these values, polarization fractions a could be
obtained. It appears that one more step in this pro-
cedure would yield a self-consistent solution.

We actually obtained our final solution in a slightly
diQ'erent way. We found a set of linear equations in the
unknown parameters by expanding Eq. (17) of I in a
Taylor series about the values obtained above and
eliminated f,', f~', and f,' from the pairs of equations
along the same directions. This left three equations in dg
and d cosP. The best solution consistent with the sta-
tistical uncertainties was found graphically. It gives
ran=0. 01&0.01 and P=+36'15'&38' where the quoted
uncertainties approximate one standard deviation.
Using the values of g and P just determined, new values
of pi+ p~ in the three directions were also obtained and
are compared with the values from the previous
iteration in lines 8 and 9 of Table I.

As discussed in I, there is an inherent uncertainty in
the sign of P, i.e., P =&36'15'. This is evident since the
relative absorption areas only depend on the square of
trigometric functions. Thus two solutions exist which
are consistent with the present experimental results,
namely, that V„ is either almost

~~
to the Fe-N& direc-

tion as expected or is at an angle of =72' from the
Fe-N& direction. Because of the approximate C4, sym-
metry of the nitroprusside ion as previously discussed,
we will not consider the solution with V„=72' from
Fe-Ni further.

VI. DETERMINATION OF MSD PARAMETERS

Along the three crystal axes f' values were obtained
using the pi+ p3 values in line 9 and the sample thick-
nesses in line 1 of Table I. In determining f values, it is
necessary to know the value of oo since pi+pa nf'oo-—
In turn, o o depends on the internal conversion coefFicient
n. The value +=9.00 is in current use," but recent
careful measurements" give n= 8.17. The results in line
10a were computed using n= 9.00, while those in 10b are
for n=8 17 The MSD's d. eri.ved from the two f' values
are listed, respectively, in lines 11a and 11b. We have

31 W. Rubinson and K. P. Gopinathan, Phys. Rev. 170, 969
{1968).

used the relationship"" f'= exp( —b'(r')), where (r') is
the MSD parallel to k, and have tak.en' k =5.334
)(10'" cm '.

The data for k along a and b are not sufficient to de-
termine the orientation of the principal axes of the
MSD in the ab plane since there is no condition on the
MSD similar to the condition that the trace of the
EFG=0. In fact, if we assume that the s principal axis
of the MSD for one site lies in the ab plane at an angle
co to the a axis and that the x principal axis lies along the
c axis, we can describe the MSD for that site along an
arbitrary direction in the ab plane making an angle 0
with the a axis by' +" (also see Appendix)

(r') =(s') cos'(n —r0)+(y') sin'(0 —~).

We see that we must have measurements along three
directions in the ab plane to solve for the three un-
k»wns (s'), (y'), and &u. Therefore, the measurements
at 0=54' listed in the last two columns of Table I were
made.

Along this direction the f' values for the two pairs of
sites cannot be assumed to be equal. Also the angles
with respect to V„ for the two pairs of sites will be
different. However, the effective thickness matrix must
be diagonal in the tI, y basis, as discussed in I, Sec. III,
since these vectors are, respectively, perpendicular and
parallel to the ab mirror plane. The effective thickness
matrix elements for lr at an angle 0 from a (k in the ab

plane) are

'Irrr(*'j) kLn(A +f2')«){2+'P/(3+ -r')3"'(1—
~)&

tj2Q(x,,') = 2nfr'pro{ ', &—,'t 3/(3-+ Ij-)]'
)(L1—3 sin'(0 —P)+g cos'(0 —P)])
+2nf2'~0{ 2 ~4L3/(3+ v')]"'

)(L1—3 sin'(0+P)+rr cos'(0+P) j),
012 021

We found fr' and f2' by an iteration procedure similar
to that described in the section on the EFG parameters.
We set the p"s equal to the p's obtained from Eqs. (5)
and solved for fr' and fm' making use of the values of g
and P previously determined. Having preliminary f,
and f2' values, we calculated the polarizations and
carried through another iteration. A further iteration
using these values did not lead to significant changes in
fr' and f~' The ffnal va.lues and the corresponding
MSD's are listed in Table I.

Arbitrarily choosing co to be in the same quadrant as
P, we can now use the two groups of four MSD values
(a') (b') (rim) and (r22) and Eq. (4) to find a consistent
set of values for (z'), (y'), and a&. With either group, the
result is &v=+1+7' and hence ('z')=(a') and (y')=(b').
As previously mentioned, (x')=(c') from symmetry

"P. Zory, thesis, Carnegie Institute of Technology, Pittsburgh,
Pa. , 1964 {unpublished)."J. C. Travis and R. L. Collins, Oak Ridge National Laboratory
Report No. ORNL-11C-10, 1967, Vol. 1, p. 59 {unpublished).
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considerations. The angle co is rather insensitive to the
choice of n. The existence of a consistent solution
supports our assumption that f' in sodium nitroprusside
can be described in the quasiharmonic approximation.
As with the principal axes of the EFG, there is an
inherent uncertainty in the sign of ~. However, the
simultaneous analysis of both the EFG and MSD as
indicated above establishes that only the au=+1' solu-
tion is consistent with the data when we choose
P =+36'15'.

VII. CONCLUSIONS

A complete determination of both the EFG and MSD
tensors and their orientation parameters relative to the
crystal axes has been presented for the Fe sites in
sodium nitroprusside. We find that the principal axes of
the two tensors are not colinear. From physical argu-
ments, this seems reasonable since the EFG will reflect
electron charges located mainly on nearest-neighbor
atoms. The MSD on the other hand will be strongly
influenced by long-wavelength vibrations in the crystal
which reQect the basic symmetry of the lattice rather
than the approximate local syxzimetry of the Fe atoms.
The coincidence of the MSD tensor axes and the crystal
axes (within the experimental uncertainty) support this
view. The nitroprusside ion is a rather stable ion and
probably, in part, vibrates as a molecular unit in the
crystal.

The EFG determined in the present study is con-
sistent with the suggestion of Manoharan and Hamilton
that the departure of the nitroprusside ion in sodium
nitroprusside from ideal C4„symmetry is not significant
at room temperature. This is suggested by both the
fact that q =0 to within experimental error and that V„
is located at 36'15'~38' from the a axis in the ab plane.
The x-ray results show that the Fe-N& direction is
33'54' from the u axis, while the C~-Fe direction is
37'j.6' from the a axis. Thus, V„falls almost exactly in
between these two directions and may, in fact, represent
a more accurate measure of the Ci-Fe-Ni direction (as-
suming linearity) than the x-ray determination.

Banon and Iannarellae concluded that their measure-
ments were consistent with P=33'55' and felt they
found evidence for a large anisotropy in the MSD.
These differences from our conclusions appears to arise
mainly from the fact that the data they present in their
Fig. 7 is in disagreement with our measurements. This
may be due to the extrapolation procedure they illus-
trate in their Fig. 6, although this is certainly not clear.
A linear extrapolation procedure is only valid in general
for very thin absorbers, as can be seen from Eq. (17) of l
or Fig. 1 of Ref. 34.

The MSD determined in the present work could be
compared with thermal factors determined in an x-ray
or neutron crystal structure determination. In the
structural determination of Manoharan and Hamilton, '
photographic data was used and absorption corrections
were not applied. In the re6nement the thermal factors
were considered to be isotropic. From their value of
8=0.62+0.04 A', for the Fe atom we find an average
(r') =0 78+0.05 X10 "cm' This is about a factor of 2
smaller than an average value obtained from our
measurements. We do not believe our value can be in
error by more than about 10% primarily due to the
present uncertainty in the internal conversion coeK-
cient. A more interesting comparison would be with
x-ray or neutron data obtained by counter techniques
and reined without the restriction of isotropy.

Finally, this paper has shown the importance of
considering both saturation and polarization e6ects in
calculating EFG and MSD parameters from even
relatively thin absorbers.

Calculation of the parameters from the measured
areas without taking into account saturation effects at
all gave p=0.12 and correspondingly large errors in all
the other parameters. On the other hand, the pre-
liminary analysis taking into account saturation, but
neglecting polarization, gave results fairly close to the
final values. This is so because the samples were quite
thin and because the polarization was small in all
observation directions, a&0.5. Nonetheless, the change
in Pi+P~ along the b axis, the direction for which the
polarization is largest, is considerably larger than the
statistical uncertainty, Calculation of MSD parameters
from the preliminary pio+ pP values gave, for example,
~=+6'&5' which differs considerably from our final
result of +1'&7'.
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APPENDIX

Zory' has shown that in the thin absorber limit
anisotropy in the MSD modi6es the relative absorption
intensities of a quadrupole split doublet (I=) c~ I=

&

transition) associated with a single set of crystallo-
graphically equivalent sites in the following way:

Pa P f (4[(3+g')/3 j"+(3 cos'8 —1+g sin'tt; cos2p;))

Pi Z' f,(4$(3+rl')/3 j'I' (3 cos'8 —1+q—sin'8, cos2y, ))
~ R. M. Housley, U. Gonser, and R. W. Grant, Phys. Rev. Letters 20, 1279 (1968).

(6)
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where the angles 8 and q are the polar and azimuthal
angles which describe the orientation of k relative to the
principal axes of the EFG. The sums g; are to be
performed over the i equivalent sites per unit cell and f;
is the recoil-free fraction of the ith site along k.

In the harmonic limit, the general expression for f;
can be found in the following simple way. H I, y, and x
represent displacement vectors along the principal axes
of the MSD, then a displacement vector in an arbitrary
direction r is just

r= z cos5+x cosa sinb+y sine sinb,

where the angles 8 and ~ are the polar and azimuthal
angles which describe the orientation of k relative to the
principal axes of the MSD. The mean square displace-

ment in some arbitrary direction for the ith nucleus is
just

r'P (x,y, s)dxdyds

=(s') cos'5 +(x') cos'e; sin'8;+(y') sin'e sin'h (7)

where I'(x,y,s) describes the probability of finding the
resonant nucleus at point (x,y, s) and (,x'), (y'), (s') are
the three components of the diagonalized MSD tensor.
Substitution of f;=expL —k'(r');$ into Eq. (6) therefore
gives a completely general expression for the relative
absorption intensities in terms of only tensor com-
ponents and orientational parameters (in the thin
absorber limit).
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Possibility of Observing Effects of the Superconducting Transition on
Positron Thermalization in Metals*
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An investigation is made of the possibility of observing eBects of superconductivity on positron thermaliza-
tion in metals. Energy is calculated as a function of time for a positron which loses energy by exciting quasi-
particles out of the BCS ground state of the superconductor. The minimum positron energy observable in
annihilation experiments at low temperature is predicted to change sharply if the metal goes from the super-
conducting state to the normal state (preferably by applying a magnetic Geld greater than the critical Geld).
The possible magnitude of the change is estimated to be 6% of the minimum positron energy in the most
favorable cases.

I. INTRODUCTION

~ 'HE use of positron-annihilation experimental
techniques in investigating properties of super-

conductors has not been expected to yield significant
results. The basis for this expectation is that positrons
annihilate with all valence electrons of a metal, whereas

only a very small fraction of these electrons participate
in the building up of the superconducting state. The
experiments of Briscoe, Beardsley, and Stewart~ measur-

ing two-quantum angular correlation in lead through
the superconducting transition temperature con6rm
this expectation, showing no e6ect of the transition.

However, the situation is diferent with respect to
the process of positron thermalization. At low energy,
a positron can lose further energy only by exciting
electrons near the Fermi surface. When the positron
energy approaches the size of the superconducting
energy gap, its further energy loss must proceed using

*Research Supported by the National Research Council of
Canada.

~ C. V. Briscoe, G. M. Beardsley, and A. T. Stewart, Bull. Am.
Phys. Soc. 11, 360 (1965); Phys. Rev. 141, 379 (1966).

electrons whose properties are strongly affected by
their participation in the superconducting state. The
question of positron thermalization through interaction
with the electron gas at zero temperature has been
recently investigated theoretically by Carbotte and
Arora, ' whose treatment is based on earlier work of
I ee-Whiting. ' They found that the rate of energy loss
decreases sharply as the positron energy low'ers. The
result is that, at low temperatures, the positron annihi-
lates before it has completely therrnalized. Kim,
Stewart, and Carbotte reported experimental observa-
tion of the failure to thermalize, using the technique
developed by Stewart and his group' ' for measure-
ment of positron effective mass. They unfolded the
positron contribution to the angular-correlation curves

~ J. P. Carbotte and H. L. Arora, Can. J. Phys. 45, 387
(1967).' G. E. Lee-Whiting, Phys. Rev. 97, 1557 (1955).

4 S. M. Kim, A. T. Stewart, and J. P. Carbotte, Phys. Rev.
Letters 18, 385 {1967).

~ A. T. Stewart and J. B. Shand, Phys. Rev. Letters 16, 261
(1966).

6 A. T. Stewart, J. B. Shand, and S. M. Kim, Proc. Roy. Soc.
(London) 88, 1001 (1966).


