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Ke present a theory to describe the direct generation of transverse acoustic waves in metals by electro-
magnetic radiation incident on the metal surface and to describe the converse effect, both in the presence
and in the absence of an external magnetic field directed normally to the metal surface. This theory can be
used to predict the fraction of the incident power which goes into the generated wave. The predictions of
this theory are shown to be in substantial agreement with the experimental data reported by Houck et al.
and others on the direct generation of transverse acoustic waves by radio-frequency radiation in aluminum
in the presence of a magnetic field. However, when the predictions of this theory for the direct generation
of transverse acoustic waves by microwave radiation in indium are compared with the experimental data of
Abeles and others, the predicted insertion loss is found to be several orders of magnitude below that reported.
The theory is developed from Maxwell's equations and the equation of motion of the lattice for a free-electron,
semi-infinite metal with an electromagnetic field and/or a shear acoustic wave incident on the metal surface.
The only forces acting on the ions in the metal are those forces present in the bulk metal or applied ex-
ternally; that is, the theory is devoid of any forces on the ions resulting from electron scattering at the
metal surface. The theory can be easily understood by imagining the unfilled half-space to be occupied by
another piece of the same metal and introducing a current sheet and/or a shearing force in a plane containing
the origin. The equations which describe the electric field and the ionic displacement Geld in the metal
can then be derived in the context of an infinite metal in a manner which is analogous to that frequently
used in deriving the expression for the surface impedance of a metal in the extreme anomalous limit.

I. INTRODUCTION

KCKNTI.Y, experimental evidence has been pre-
sented' ' for the direct excitation of transverse

acoustic waves by radio-frequency and microwave
electromagnetic Gelds in metals, both in the normal and
superconducting states, and for the converse e8ect, the
direct excitation of electromagnetic fields by transverse
acoustic waves in metals. Direct excitation of trans-
verse acoustic waves by rf radiation has been observed
in the presence of a magnetic Geld applied perpendicu-
larly to the metal surface in Al, ' Nb, and Sn ' above the
helicon absorption edge and in Ag, Al, and PbTe'
below the helicon absorption edge. Also, direct exci-
tation of transverse acoustic waves by microwaves has
been found to occur in indium Glms in the absence of a
magnetic field."Quinn' has given a brief theoretical
treatment of this problem in which he Gnds that acoustic
waves can indeed be generated directly in a normal
metal by an rf field incident on the surface of the metal;
he assumes that an applied magnetic Geld is present and
directed normally to the surface of the metal, although
this assumption is not necessary to the theoretical
treatment of the problem.

In Sec. II A of this paper we shall develop expres-
sions relating the electric Geld to the ionic displacement
Geld in a semi-infinite normal metal where either an

~P. K. Larsen and K. Saermark, Phys. Letters 24A, 374
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Dobbs, Phys. Letters 25A, 773 (1967).
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electromagnetic Geld or a transverse acoustic wave, or
both, is normally incident on the surface of the metal
in the absence of any externally applied magnetic Gelds.
This development parallels that used by Reuter and
Sondheimer7 to obtain an expression for the surface
impedance, except that it has been modified to include
the ions by including collision drag effects and by taking
the total current density to be the sum of the electronic
current density and the ionic current density, rather
than simply the electronic current density. The ionic
current density can be related to the electric field in the
metal by use of the equation of motion for the ions. '

Using these relations we shall then develop, in Secs.
II 8 and C, expressions which describe the coupling
between the electromagnetic Geld and the transverse
acoustic wave in a metal for two model configurations.
The Grst model will consist of an electromagnetic Geld
incident normally on the surface of a semi-infinite
metal; we shall obtain an expression for the rate of
energy transfer to the acoustic wave. The second model
will consist of a transverse acoustic wave incident
normally on the metal surface; we shall obtain an ex-
pression for the rate of electromagnetic energy transfer
across the boundary. In Sec. II D we shall generalize
the results obtained in the prior three parts to include
the presence of a magnetic Geld applied normally to the
metal surface.

Sec. III we shall adopt the parameters and experi-
mental configurations given in Refs. 4 and 3 and com-
pare the predictions of the theory given in Sec. II to
the experimental results. Section IV will be devoted to

7G. E. H. Reuter and E. H. Sondheimer, Proc. Roy. Soc.
(London) A195, 336 (1948).

I J. J. Quinn and S. Rodriguez, Phys. Rev. 133, A1589 (1964).
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a discussion of these results and the conclusions which

may be drawn from them.

II. THEORY

k(N) = d8 sin'8 sec8 exp) —(1+icor) i cc
i sec8j. (&)

A. Development of Equations Coupling the
Electric Field in the Metal to the Ionic

Displacement Field

We shall consider a semi-infinite metal with its sur-
face in the xy plane and the positive z axis directed
toward the interior of the metal. The metal will be
assumed to consist of a free-electron gas embedded in
an isotropic background of positively charged ions which
is able to sustain shear acoustic waves. It will further
be assumed that both electromagnetic radiation and
transverse acoustic waves are incident normally on the
surface of the metal. The electric field E(z)e' ' in the
metal will be taken to be in the x direction and the
magnetic field H(z)e'"' in the y direction. Although we
shall have occasion to discuss experiments which involve
an external magnetic Geld directed normally to the
surface of the metal, we choose, for reasons of simplicity
of presentation, to develop the theory in the absence of
an applied magnetic Geld and then to outline the
generalization of the resultant theory to include the
presence of an external magnetic Geld. Deleting the
factor e'"' in these and all subsequent equations,
Maxwell's equations take the form

d'E co' 4z.ice 2z.e'm'P " z t)—
+ E—

dz' c' c' h' „ l i

X E(t)
scotÃ

((t) dt+nfficoe$ . (7)

In Eq. (7) we shall make the substitutions

x=z/l and y=t/1 (8)

In these equations, nz is the electronic mass, —e is the
electronic charge, and 8 is the velocity of an electron
on the Fermi surface. The electronic mean free path is
l=8v-, where v is an average relaxation time for an elec-
tron on the Fermi surface. In deriving Eq. (4), as is
pointed out in Appendix A, we have used the assumption
that the electrons are specularly reQected at the surface
of the metal. Furthermore, in order to dehne the elec-
tric Geld and the ionic displacement Geld on the negative
z axis, we have set

E(—z) =E(z) and 5(—z) = h(z) (fi)

When Kqs. (3) and (4) are substituted in Eq. (2),
one Gnds that

da' ice 4x———=—E+—J
dz c c

dE
= ——a 7

dz c

and delete the factor l from the dependent variables,

(1) i.e., E(lx) =E(x), etc. We shall also define the parameter
a according to

d'E co2 4xi(u
+—E— J

dz' C2 C2

where J(z) is the total current density. Upon eliminating
H(z) from these equations, one obtains

of= 8com'(7ree/c)'(1/h)'= z (t/8)' (9)

where b=c/(2xcoo)'t' is the classical skin depth. The
classical conductivity o = nrffe/ mis related to the elec-
tron plasma frequency co„by the relation co„'r=4xa
With these definitions and substitutions, Eq. (7)
becomes

The total current density J(z) will be taken to be the
ourn of the electronfe current de ~sty J,(z) e d the d. frd. f)ionic current density J,(z). The ionic current density is dx' c' e
given by

J;(z)=nffe8$/Bt =nffeico$(z), (3) k(x—y) E(y)— $(y) dy. (10)
where ((z,t) = g(z) exp(icot) is the displacement in the x
direction of an ion at position z and time t. We have
taken the charge on an ion to be ze, where e is the abso-
lute value of the charge on an electron, and no to be the
number of free electrons per unit volume. The elec-
tronic current density is shown in Appendix A to be

(z-t)
J,(z) = 2fre'h 'm'8' k

l

Assuming the functions E(x) and $(x) to be continu-
ous everywhere, to tend toward zero as ixi becomes
large, to be absolutely integrable over the real axis, and
to be differentiable in all orders everywhere except at
@=0, we may deGne the Fourier transforms

E(x)e-co*dx,

icom)
X E(t)— j((t) dt, (4)

er i &(ct) = P(x)e
—"*dx,
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the parameter f' in Eq. (16) is identically zero. Also,
since the existence of an ionic displacement field de-
pends on the presence of the electric 6eld, the significant
driving term on the electric 6eld in the metal is the
gradient of the electric Geld at the metal surface p, , thus,
we shall neglect the second term on the right of Eq. (14).
We shall also neglect the term in Eq. (14) which results with

Pii noi——(ge'14
~

14
~
'Ii/(4+Ms') (23)

from the displacement current for the same reasons
given in Ref. 7 for neglecting this term. Upon substi-
tuting Eqs. (14) and (16) into Eq. (21) subject to the
approximations just described, we obtain

(24)

where c.c.means the complex conjugate of the preceding
term. Finally, Maxwell's equations may be used to
obtain the relation

cls = ia&lH (0),

and Eqs. (20) and (23) may be used to obtain

pi= (i/24r)(z4n/M)(40 u4l /s e )Ii.

(25)

(26)

C. Direct Generation of Electromagnetic Radiation
by Transverse Acoustic Waves

We shall again use Eqs. (14) and (16) to calculate the
ratio of the electromagnetic power transferred across
the metal surface to the acoustic power entering the
metal when a transverse acoustic wave is normally
incident on the surface of a semi-infinite metal from a
semi-infinite insulator having dielectric constant equal
to unity. From the Poynting theorem we immediately
observe that the electromagnetic power per unit area
transferred out of the metal across the metal surface is
given by the Poynting vector evaluated at the surface
of the metal, i.e.,

Psi= (c/164r)LE(x)H*(x) +E*(x)H(x)]i, 0. (27)

P20 ——Mnos'~ f ~'/(2zP) (28)

The acoustic Aux of the incident transverse acoustic
wave entering the metal is —',sC44~8)/Bz~', where C44
is the shear elastic stiffness constant. This elastic stiff-
ness constant is related to the transverse sound velocity
according to s = (C44/p) '",where p = noM/z is the density
of the metal. Thus, the acoustic power entering the
metal per unit surface area is

This result may be inserted into Eq. (27) to obtain

P2i ——(e/84r)
I
E(0)

I

4. (30)

P4~ = (c/87r) (curd//c) 4(4n/me)'
~ i ~

'
~

I. 4
~

', (31)
where

(1—4«(V))
X . (32)

{g'—(~l/s)'Ll —4V(1—4«(V))])(V'+i«(V))

Finally, combining Eqs. (28) and (31) we find that

g2=4r '(zn4/M)(12/sc)'cd 'a&'~I4~' (33)

Since the existence of an electric field in the metal de-
pends on the presence of an ionic displacement field, the
significant driving term on the ionic displacement is the
strain at the metal surface; thus, we shall neglect the
second term on the right side of Eq. (16).The boundary
condition on the electromagnetic 6elds given by Eq.
(29) and the Maxwell relation given by Eq. (25) can be
used in Eq. (14) to relate the gradient of the electric
6eld at the metal surface to the electric field at the
surface. It can then be observed that neglect of the term
p in Eq. (14) introduces an error in the electric field at
the metal surface which is of order cZ/24r, where Z is
the surface impedance of the metal. For a typical metal
and for frequencies in the microwave range or below,
this error is several orders of magnitude less than unity,
and hence we shall neglect the term p in Eq. (14).If we
neglect the displacement current and substitute Eqs.
(14) and (16), subject to the above approximations,
into Eq. (30), we obtain

E(0)=H(0) . (29)

where we have made use of Eq. (13). The ratio of the
electromagnetic power leaving the metal to the acoustic
power entering the metal is then &2= P4i/Pmp.

The generated electromagnetic wave will be assumed
to consist of a plane wave of frequency co propagating
in the dielectric medium. Therefore, since the electric
and magnetic fields must be continuous across the metal-
insulator boundary, we have

D. Generalization of the Theory to Include
an External Magnetic Field

In this part we shall discuss the modifications of the
theory that are necessary when an external magnetic
6eld of magnitude 8 directed normally to the surface
of the metal is added to the model discussed in Secs.
II A, 8, and C. Each equation in this part will be num-
bered in such a manner that it may be easily identified
with its counterpart in the original theory. In the p res-
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ence of a magnetic field it wi11 be convenient to describe
the fields and currents in the metal by their left- and
right-circularly polarized components; thus, E+(z)
=E,(z)&iE„(z), etc. , where the subscripts refer to the
x and y components of the electric field vector in the
metal. As before, the wave equation is

(2')

where J~=J,~+J;~. The circular components of the
ionic current density are

the Fourier transform of the wave equation is

L
—a*+ (~f/~)' —~z+(v)5E+(a)

= 2s+—(~P/~)'(~/z)(1 —4s+(0))4(a) (14')

The equation of motion for the ions is

M—&u'$+ =Ms'(d'f~/dz')+ zeE+% (zesrB/c) $+

+(z~/r)((~)+ —~+), (15')

where we have included a term on the right side of Eq.
(15') to take into account the Lorentz force on the ions
due to the magnetic field. The Fourier transform of
Kq. (15') is

j '—( i/ )'Ll+fl. / — (1—-' +( ))5}4(Q)
= -24+(z«*/M")(1-fz, (a))E,(~), (16')

&+((z—i)/i)

X LE+(t)—(iree/mr) $~(l)5di, (4')

J,~= 2xe'h 'm'v'

where Q, =zeB/Mc in the cyclotron frequency of the
fons. At this point we should mention that if f ~ in Kq.
(14') is set equal to zero, then the solution of Kqs. (14')
and (16') for $~(g) is identical to that obtained by
Quinn, ' and if y+ in Kq. (16') is also set equal to zero,
then the solution of these equations for $~(g) is identical
to that obtained by Quinn and Rodriguez. '

In order to derive an expression for the ratio q~ we

shall require that the electromagnetic field incident on
the metal surface be plane polarized, i.e., E„(0)=H, (0)
=0. The electromagnetic power incident on a unit
area of the metal surface is then given by Kq. (20) and
the power added to the acoustic wave per unit area of
exposed surface is

kp(N) = d8 sin'tI} sec8

Xexp( —L1+i(~+&a,)r5 I uI sec&}, (5')

where co.=eB/mc is the cyclotron frequency of the
electrons. The Fourier transform of Kq. (5') is

kg(x) e-*'&*dx;

in the limit or7«1 and co,r&) j. we shall make use of the
limiting forms

lim z~(q) = 4s(1&ice,r) -'
rI((cd C T

(1Z) &»=~& LI~(x)E+*(x)+I'-(x)E-*(*)+cc.5dx.

If we define

hm z~(q)=

de
lim — =p~, etc.,0+ dx

(19')
Proceeding as before, we find that

q, = (i/4z)(zm/M)(a) 'aPP/s'c')(Ig~+Ig ), (26')
(13')

where

(1——,'~~(9))
dq —C.C.

(I'—(~i/s)'L1~" /~ —iv(1 —4~+(9))5}I9'+io~+(&) I'
(24')

Similarly, in order to define an expression for the ratio g& we shall require that the transverse acoustic wave
incident on the metal surface be plane polarized, i.e., f„=0 The acou.stic flux entering the metal is then given by
Kq. (28) and the electromagnetic power transferred across a unit area of the metal surface is

I's~= (m/32s. )(E+(x)H+*(x)—E (x)H *(x)—c.c.) I
0. (2/')

Proceeding as before, we Gnd that

qs (2z') '(zm/M)(P/sc)'a——) 'co'LII»I'+ IIs I'5

where

(1—4~+4))
dq

(q' —(col/s) 'L1+0,/s) —iy(1 —~~+(v))5}(0'+ inca(q))

(33')

(32')
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We find that
p = (a&l/s) (a7r)

Ig 27ri (s/a)l—)'——

(34)

(35)

for both the regions n« 1 and n»1, and hence, for both
these regions we have

gg
——(zm/M ) ((a,/co) '(s/c) ' (36)

We now consider the second part of this experiment,
that is, the generation of microwave radiation by the
transverse acoustic waves which return to the In film
upon reflection from the far end of the Ge rod. As a

III. COMPARISON WITH EXPEMMENT

A. No Magnetic Field

In this section we shall specialize the theory developed
in Sec. II A, B, and C to the experimental conditions
described by Abeles. 4 In this experiment microwaves in
a resonant rectangular cavity were incident upon an
indium 61m several thousand angstroms in thickness
which composed a portion of one of the walls of the
cavity. The indium 61m had been evaporated on a
germanium rod which extended behind the cavity. Thus,
microwaves incident on the indium 61m generated
transverse acoustic waves which traveled down the Ge
rod, were reflected, and traveled back to the In film.
These acoustic waves then generated microwave radi-
ation which was detected in the cavity as an echo oc-
curring at a time after the initial pulse corresponding to
the transit time of a transverse sound wave up and down
the Ge rod. For the 9.3-GHz microwaves used in this
experiment, the insertion loss, defined as the ratio of
the amplitude of the echo to the amplitude of the
initial pulse, was observed to be 10 ".The parameters
appropriate to the In film' are s=1.28X10' cm/sec,
zm/M=048X10 ' co '= 1.2X10" sec ' v=1.21X10'
cm/sec, and r = 2X 10 ' sec. Assigning this value to the
relaxation time v leads to a value of the parameter n
which is of order unity; however, the poles of the inte-
grals Ii and I2 are not easily obtained when n is of
order unity. Hence, we shall examine the regions
a&&1 and o»1 in the expectation, since o, is proportional
to the cube of the relaxation time, that one of these
cases will correctly describe the experimental data.

We shall consider this experiment in two parts. In
the first part we discuss the generation of transverse
acoustic waves by the microwave radiation incident on
the indium film, As a model for this portion of the
experiment we shall extend the thickness of the In
film to in6nity and ignore all the energy-loss mecha-
nisms available to the acoustic wave. In the context
of this model the ratio of the acoustic power generated
in the In 61m to the microwave power incident on the
film is g~ given by Eq. (26).The details of the evaluation
of the integral I~ are outlined in note 1 of Appendix 8;
for the parameters just given, we have col/»&1, ~«1,
and P))1, where

— Xi, n«1

X 16P'/27, a))1. (38)

If we assume that the attenuation of the transverse
acoustic wave in traveling up and down the Ge rod is
negligible compared to the power reductions involved
in transferring energy between the microwave Geld

and the acoustic wave, then the ratio of the electro-
magnetic power leaving the film to the electromagnetic
power incident on the film is q&g2. Thus, from Eqs. (36)
and (38) we obtain, for the parameters given above,

qig2= 1.8X 10 X iq o'«1
X43, e»1.

Even when aHowance is made for the enhancement
factor4 of the cavity, this numerical result is still several
orders of magnitude smaller than the insertion loss of
10 "reported by Abeles.

B. Magnetic Field

In this section we shall specialize the extension of the
theory to include an external magnetic field which was
outlined in the Sec. II D, to the experimental conditions
described by Houck, Bohm, Maxfield, and Wilkins. '
In this experiment a radio-frequency held generated in
a coil is independent upon an aluminum 61m several
millimeters in thickness which is coupled acoustically
to a quartz delay rod. The transverse acoustic waves
generated in the metal film were detected by a piezo-
electric transducer attached to the opposite end of the
quartz delay rod af ter a time corresponding to the transit
time of a shear acoustic wave down the delay rod. An
external magnetic field was applied normally to the
metal surface; the magnitude of this fieM was such that
damping of the helicon by the mechanism of Doppler-
shifted cyclotron resonance absorption takes place while
damping of the acoustic wave by this mechanism does
not occur. It is then observed that as the magnitude of
the magnetic field is varied within the limitations just
mentioned the power transmitted in the acoustic wave

model for this portion of the experiment we shall take
the In-Ge interface as the boundary surface, i.e., the
a=0 plane, and extend the thickness of the In 61m to
infinity. In making this approximation we assume that
the microwave power emitted at the In-Ge interface
is the same as the power emitted by the 61m into the
cavity. In the context of this model, the ratio of the
microwave power entering the cavity to the acoustic
power entering the metal is p2 given by Eq. (33). The
details of the evaluation of the integral I2 are outlined
in note 2 of Appendix 8; we find that

I2 ~(s/col)'X&,
X-',p(1—i/v3), a)&1

and hence
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is proportional to the square of the magnetic Geld

strength. It is also pointed out that the converse eGect
was observed, i.e., transverse acoustic waves generated
by the transducer induced a voltage in the coil. The
parameters appropriate to the Al sample' are s=3.4
X10' cm/sec, zm/M=6X10 ', ca„'=S.6X10" sec ',
co=2nX10'sec '

&a.(10kG)=1.8X10"sec ' 8=2X10'
cm/sec, and co,r»1. These parameters imply that a»1
and y(&1.

We shall first consider the generation of transverse
acoustic waves by an rf field in the presence of an ex-
ternal magnetic field, If we imagine the thickness of the
Al 61m to be extended to in6nity and ignore all the
energy-loss mechanisms available to the acoustic wave,
then the ratio of the acoustic power generated in the
Al sample to the rf power incident on the sample surface
is qc given by Eq. (26'). The details of the evaluation of
the integrals Ij~ are outlined in note 3 of Appendix 8;
for the parameters just given, we have Q,((co, col,/s
«(an)'" and (a/co. r)'", cdi/s&cd, r, as is required for
damping of the transverse sound wave via the mecha-
nism of Doppler-shifted cyclotron resonance absorption
to be absent, and (an)'I') cd,r, as is required for damp-
ing of the electromagnetic mode by this mechanism to
be present. We 6nd that

and hence,
Ic~ 27ci (s/——cdl—) (3&v,r/4a)',

'sc (zrn/M) ——(c/s) (cd,/~n)'

(39)

(4o)

At this point it should be pointed out that if the
magnetic strength is increased to well above the helicon
absorption edge so that (an) ' "&&cu,r, then, as is discussed
in note 3 of Appendix 8, the integral Ii~ is unchanged
from the result given in Eq. (39). Thus, the theory
predicts that acoustic power generated by rf power
incident on a metal surface in the. presence of a magnetic
field will be proportional to the square of the magnetic
field strength in the region well above the helicon ab-
sorption edge as well as in the region below the absorp-
tion edge; it has been reportecP that the acoustic power
generated in Xb and Sn crystals was proportional to the
square of the magnetic field intensity in magnetic fields
up to 110kG. Equation (40) does not contain the relax-
ation time v and hence we conclude that the generated
acoustic signal intensity should not be a function of
temperature; it is reported' that the signal amplitude
was not strongly temperature dependent.

Houck et a/. ' failed to observe an ultrasonic signal for
magnetic 6elds of less than 5 kG. This field is near the
acoustic absorption edge and hence one would expect
the acoustic wave to be damped by the mechanism of
Doppler-shifted cyclotron resonance absorption since
the sample thickness is much larger than the acoustic
wavelength. Although damping of the acoustic wave by
this mechanism will certainly occur for the single-
crystal Al samples described in Ref. 3 when the magnetic
field is reduced below the acoustic absorption edge,

damping by this mechanism will not be significant for
the polycrystalline aluminum-foil sample which was
also found to generate transverse acoustic waves. With
reference to this latter sample we may let the magnetic
field strength go to zero and calculate the ratio p& by
use of Eq. (26); for this situation, noting that col/s»1
and P«1, the calculation of the integral Iq proceeds in

a straightforward manner, and we find that

Ic 2n——i—(cdl/s) (an) (41)
and

pc ——(1/n') (zm/M) ((a/cv „)'(n/s)'(c/s) (42)

Thus, the predicted ratio of the acoustic power gener-
ation for the aluminum-foil sample in the presence of a
magnetic 6eld the magnitude of which lies somewhat
below the helicon absorption edge to the power gener-
ation in the absence of the magnetic Geld, that is, Eq.
(40) divided by Kq. (42), is ( n cd, s/cd&)', and this quantity
takes the value 200 for a magnetic 6eld of 10 kG.

Finally, we consider the converse eBect for magnetic
fields in the region somewhat below and well above the
helicon absorption edge. We shall assume a model for
this discussion which is identical to that used in the dis-
cussion of the direct generation of microwaves by
transverse acoustic waves given in Sec. III A. The
ratio of the rf power radiated by the sample to the
acoustic power entering the sample is p2 given by Kq.
(33'). The integral I2+ can be shown to be

thus,
I2p +6r(——s/col) (3(a,r/4a);

=( /M)(/)(. / .)'.
IV. DISCUSSION

(43)

(44)

If we assume, as we have done, that the electrons are
reQected specularly at the surface of the meta1, then we
can obtain Eqs. (14) and (16) in a manner which is
somewhat simpler than that which we have used. When,
in a semi-infinite metal with its surface in the s= 0 plane,
an electron is scattered specularly from this surface, it
follows a trajectory which is the mirror image of the
trajectory it would have followed if it had been allowed
to pass through the metal surface into the other semi-
infinite space. ' Hence, we can extend the model we have
presently adopted, consisting of a semi-infinite metal,
to one consisting of an infinite metal by considering the
other semi-infinite space to be 61led with another piece
of the same metal and de6ning the fields in this half-
space in the manner given by Eq. (6). However, in
order to treat the problem in this context one must
introduce a current-density sheet in the 2'=0 plane in
order to produce the correct boundary conditions on the
electric 6eld in the metal, i.e., a term of the form
2(dE(z)/dz) ~, oh(z) must be added to the right side of
Eq. (2). Similarly, in order to produce the correct bound-
ary conditions on the ionic displacement field in the

9 D. C. Mattis and G. Dresselhaus, Phys. Rev. 111,403 (1958)
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metal, one must introduce a shearing stress must be
introduced in the z=0 plane; this is accomplished by
adding a term of the form —2(d)(z)/dz) ~, Ob(z) to the
right side of Kq. (15).By taking the Fourier transforms
of these modified forms of Kqs. (2) and (15), which are
assumed to be valid for an infinite metal, one obtains
Eqs. (14) and (16) directly.

In the Sec. III we found that the predictions of the
theory developed in this paper are in substantial agree-
ment with the experimental observations of Houck
et al. ' on aluminum using rf fields and an applied mag-
netic Geld. The predicted insertion loss for microwaves
in the absence of a magnetic field was found, however,
to be several orders of magnitude less than that ob-
served by Abeles4 in indium. In the theory which we
have presented to describe the direct generation of
transverse acoustic waves by electromagnetic radiation
in metals and the converse eRect, as is made clear in the
preceding paragraph, the only forces acting on the ions
are those which act on the ions in the bulk metal or are
applied externally. Therefore, while the predictions of
the theory presented here are compatible with the ex-
perimental data which have recently been reported, it
seems apparent that other forces on the ions in the metal
must be present which dominate those present in the
bulk metal in the microwave range. In this connection
we should point out that there exist other theories' ' "
in which a force on the ions resulting from diRuse
electron scattering at the surface of the metal as intro-
duced. Some of these authors' present calculations which
indicate that for microwave frequencies the power
transferred to the transverse acoustic wave from the
incident electromagnetic wave due to electron scattering
at the surface of the metal m.ay be equal to or consider-
ably larger than the power transferred to the acoustic
wave due to the forces acting on the ions in the bulk
metal. Finally, it should be mentioned that the theory
given in this paper ignores any dependence which
the amplitude of the transverse acoustic waves gener-
ated directly in a metal by electromagnetic radiation
might have on the sample thickness. Although this
assumption is supported by the observations reported
in Ref. 3, insertion losses which decrease from 10 " to
10 "as the sample thickness is increased from 2000 to
10 000 A were obtained in several recent measurements
by Weisbarth" on In films using an experimental con-
figuration similar to that used by Abeles.

The magnitude of the coupling between the electric
field and the ionic displacement field in a metal is
largely determined by the factor 1—4am(g) which appears
in Eqs. (14) and (16) and which can be interpreted as a
measure of the nonlocal nature of the qth Fourier com-
ponent of the electronic current-fi. eld relation in a metal.

"P.D. Southgate, J. Appl. Phys. (to be published)."M. I. Kaganov and V. B. Fiks, Fiz. Metal. Metalloved. 19,
489 (1965) /English transl. : Phys. Metals Metallography 19, 8
(1965)j.

'~ G. Weisbarth (private communication).

That is, in order that the generated field not be screened

out by the electrons, it is necessary that a nonlocal

electronic current-field relation exist for the modes at
which coupling between the fields takes place. Since

coupling may occur via the acoustic mode where q= col/s

or via the electromagnetic mode where g= 1/5, we must

have either l»X, /27r, where X,= 2ms/co is the wavelength

of the sound wave, or l))b, or both, for eRective coupling
between the fields to occur. The former inequality is

seen to hold for both the experimental configurations
which we have discussed; the latter inequality is simply
the definition of the anomalous limit, i.e., o))1.

If one assumes that the dominant poles of the inte-

grals I~ and I2 correspond to the acoustic mode with

l»X,/2', that is, that all coupling between the ions and

the electric field occurs at wavelengths corresponding
to the acoustic wave as is the case for the experimental
configuration of Houck et ul. ' and for that of Abeles4 in

the classical limit, then one 6nds from Eqs. (26) and

(33) that g~ equals rI2 Thus, . if we define the efliciency of
power generation in a metal to be the ratio of the power
generated to the power incident on the metal, we are
led to conclude that, under the assumptions just men-

tioned, the efficiency of generation of acoustic power
from electromagnetic radiation is identical to the
efficiency of generation of electromagnetic power from
transverse acoustic waves.

In the absence of a magnetic field the ratio of the
acoustic power generated in a metal to the electro-
magnetic power incident on the metal surface is given

by Eq. (36) in the microwave region and by Eq. (24) in

the rf region. Although these results were obtained for
different metals, the only significant diRerence in the
parameters used to derive these two equations is that
P, given by Eq. (34) is much greater than unity in the
former case and much less than unity in the latter. In
terms of the ineffectiveness concept introduced by
Pippard"" in connection with the anomalous skin
eRect in metals one may define, in the extreme anornal-
ous skin eRect in metals one may define, in the extreme
anomalous region, i.e., when o))1, an eRective skin
depth b, f~= (b'lb. ')'", where A is a constant of order
unity; thus, the parameter P is found to be proportional
to 2zb, «/X„ the constant of proportionality being of
order unity. We observe that in the microwave region,
where P))i, we have g~ proportional to co ', in the rf
region, where P&(l, we have qq proportional to cg2. In
the region where P is of order unity, we find pj to be of
the order (m/M)(8/c).
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Bf e Bfo df———E(z) +o —=—
R Sl l98g Bz

(f fo)—
(A3)

where —e is the electronic charge and r is an average
relaxation time for all the electrons on the Fermi
surface. Neglecting terms quadratic in fc and E(z),
Eq. (A3) becomes

Oft (1+icor) e c7 fo c'ncooy

+ fc E( ) ~k(z) (A4)
Bz v,r sw, Btl, er ]

This equation is seen to be identical with Eq. (5) of Ref.
7, if one defines the bracketed quantity in Eq. (A4) to be
b(z). If one proceeds in a manner analogous to that used
in Ref. 7, assumes that the electrons are reflected
specularly at the metal surface, and extends the electric
Geld and ionic displacement field along the negative z

axis according to the relations E(—z) =E(z) and g(—z)
=&(z), one obtains Eqs. (4) and (5) of the text.

"S.Rodriguez, Phys. Rev. 130, j.778 (1963).

APPENDIX A

Using the physical model described in Sec. 1I A we

shall develop here the relationship between the x
component of the electronic current-density vector
J.(z) and the x components of the electric field E(z) and

the ionic displacement $(z). The time dependence of
these quantities, as well as all other quantities, is given

by e' '. This relationship will be established by use of
the electron distribution

f(v, z) = fo(v)+fc(v, z), (A1)

where z is the z component of the electron position vector
and v is the electron velocity vector. The distribution fo
is not the Fermi equilibrium distribution fo but rather a
local equilibrium distribution. " lt divers from fo in

that the electrons scatter into an equilibrium distribu-
tion centered about the scattering center, i.e., the dis-

tribution fo is centered in a coordinate system moving
with the velocity N=ico((z) of the lattice. Since the ionic

velocity is much smaller than the electronic velocity,
we may expand fo(v) about the Fermi distribution to
obtain

fo(v) = fo(v) N(~fo/»—.) (A2)

The electron distribution obeys the Boltzmann equation

APPENDIX B

Rote I. When the two terms of the integral I~ are

combined, one obtains a single integral with poles at
q= &(ool/s)(i —iv/2) and g=+ (col/s)(1+iy/2), where

z(q) =or/~q~. If a&&1, there will be additional poles at

q=& (l/b)(1+i), where cc(q) =-,'(1——,'g'); if cc&)1, there

will be additional poles at q = ( chic.) ' leo'" ~o with n = 1, 3,
5, 7, 9, and 11,where «(q) =or/

~ q ~. One then obtains the

result Ir 2m—(——s/col)' when the contour integration is

carried out for the region cc«1 and one neglects (ly/508)

X(col/s) with respect to unity; an identical result is

obtained when the contour integration is carried out for

the region n))1 and one neglects x'P'y with respect to

unity.
Pole 2. (a) a«1. The integral Io will have poles at

q =+ (col/s) (1 iy/—2) with cc(q) = 7r/
~ q ~

and at

q=&(l/h)(1 —i) with «(q)=-,'(1—og'). One obtains the

result Io —i(s/co—l—)' when the contour integration is

carried out and cdP/Ssb is neglected with respect to

unity. (b) n»1. Since ~q ~&&1 for all the poles of Io in

this regime, we can set cc(q) = or/ ~q~. One finds that

3i~ 00js
Io= —2PI — (r'+i) 'ydy+o(P ')

Ecol

where 0(P ') means terms of order P '. Hence, we find

Io = —(-', orP) (s/cdi)'(1 i/K3) i—n the limit P)&1.
Soke 3. When the two terms of I~~ are combined, one

obtains a single integral with poles at q=&(col/s)
)& (1 iy/2) —and g =+ (col/s) (1+i'/2) with Ky(q)

=-o'(1+ico,r) ' and at q= (nz)'Ioec"~" with n=i, 3,
5, 7, 9, and 11 where z(q)=or/~qt. One then obtains

I~+—— 2zi(s/col)—(3co,r/4a)' when the contour integra-

tion is carried out and one neglects (vcdl/s) (lj/co, r)' with

respect to unity. If the magnitude of the magnetic field

is increased so that (ccrc.)'"&~;co,r, the integral I~+ will

have poles at q= & (4a/3co, r)'I'[1+i(2cd, r) '] and

at q'" while the integral Ij will have poles at
q=~(4cc/3co. r)'IoL(2co.r) '+ij and at g*. Both inte-

grals will have poles at q=&( l/ c)o(lsip/2) a—nd at
q=&(col/s)(1+iy/2) and we have z~(q)=so(1+icd, r) '

for all these poles. When the contour integration is
performed, the result is identical to that given above.


