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Recombination Kinetics and Electroluminescence from Deep Levels
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Approximate steady-state solutions of the continuity equation containing effects of diffusion, drift, and
recombination are obtained for the carrier diffusion region of a forward-biased p-n junction over a wide
range of injection. These are used to predict the voltage (V) dependence and the spatial distribution of
electroluminescence (EL) originating from a deep level. Regions where ln(EL) versus eV/kT has slope 1, „
(ra+1)/m, and —', are found (rN is defined by the current-voltage characteristic: I=Is expeV/mkt). These
predictions hold for either Shockley-Read-Hall or donor-acceptor-pair recombination. The spatial distribu-
tion of electroluminescence is a simple exponential in the erst region. For the next two regions for each
recombination mechanism, it contains a saturated layer of constant brightness adjacent to the junction
which expands rapidly with voltage. The latter behavior persists in the fourth region for donor-acceptor-
pair recombination, but for Shockl'ey-Read-Hall recombination a further increase in brightness near the
junction occurs. Comparison of these predictions with experimental results on gallium phosphide electro-
luminescent diodes is made in the following paper.

I. INTRODUCTION

ECEXTLY Morgan' has used the Sah-Noyce-
Shockley theory' of deep-level recombination in

P-ts junctions to predict the voltage dependence of
electroluminescence emitted from the space-charge
layer of junctions. Mayburg and Black.' have studied
the kinetics of a competition between monomolecular
and bimolecular light emission mechanisms in the
space-charge-layer and diffusion regions of junctions
under the restriction that these recombination mecha-
nisms also determine the current-voltage characteristic.

A recent experimental study of the kinetics of light
emission from a deep recombination level in gallium
phosphide p-e junctions has found three regions where
the voltage dependence of the electroluminescence has
a simple form. Observation of the spatial distribution of
the emission has shown it to originate from the carrier
diffusion region beyond the space-charge layer. The
spatial distribution of emission was also measured and
found to change with voltage. These results cannot be
compared with Morgan's work' which applies only to
space-charge-layer recombination, nor with the work
of Mayburg and Black' which (1) assumes radiative
recombination is dominant, (2) does not involve a
saturable recombination mechanism (which is necessary
to explain the data), and (3) considers only the case of
conductivity modulation.

It is the purpose of this paper to construct a theo-
retical framework for the interpretation of these ob-
servations. Th.e results obtained, however, can be
applied to any semiconductor. Ke will obtain approxi-
mate solutions to the steady-state continuity equation

containing effects of diffusion, drift, and recombination
for the carrier diffusion region of a forward-biased p-ts
junction in four different regions of junction bias. The
current-voltage characteristic, which depends on space-
charge-layer as well as diffusion-region recombination,
will be assumed experimentally known. Recombination
via a Shockley-Read-Hall mechanism and a donor-
acceptor-pair mechanism will be considered. From the
solutions, predictions of the voltage dependence of the
total light emission and its spatial distribution will be
made for each voltage region.

I=Np+5ts, (2)

II. RECOMBINATION STATISTICS

A. Shockley-Read-HaQ Recombination

Shockley and Read' and Hall' showed that the
steady-state recombination rate of nondegenerate
distributions of holes and electrons through a single
level in the forbidden gap is given by

U= (pe —pter)/[(ts+nr)r, p+(p+pr)r„p$, (1)

where p and m are the densities of free holes and elec-
trons, pt and tsr the densities when the Fermi level
coincides with the recombination level (pret= I,',
where e, is the intrinsic carrier concentration), r~p the
lifetime for holes injected into highly e-type crystals,
and & p the lifetime for electrons injected into highly
p-type crystals. We will assume that a,t least one of the
transitions involved in Eq. (1) is radiative. If we assume
that charge neutrality holds and that the majority
carrier density under equilibrium conditions is large
compared with the recombination level density, ' then

~ T. N. Morgan, Phys. Rev. 139, A294 (1965).' C. T. Sah, R. N. Noyce, and W. Shockley, Proc. IRE 45, 1228
{1957}.' S. May'burg and J. Black, J. Appl. Phys. 34, 1521 {1963).

4M. Gershenzon, R. A. Logan, and D. P. Nelson, following
paper, Phys. Rev. 149, 580 (1966). See Sec. V and Figs. 10
16, and 17.

p= pp+Rz,

where np and pp are the equilibrium electron and hole

, 11, ' W. Shocitley and W. T. Read, Jr., Phys. Rev. 87, 855 (1952).
R. N, Hall, Phys. Rev. 83, 228 {1951);87, 387 {1952}.
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densities. The recombination rate becomes

U= s~(1+cs~)/Tp(lpga&~),
where

7yP &n0 S0 Ql V0 0 1 70
C= Ãp p

r p
= (r„p—+r p) c/8

which is the low excitation lifetime.

B. Donor-Acceytor Pair Recombination

Radiative recombination of electrons trapped on
donors with holes trapped on spatially separated
acceptors ("pair recombination" ) has been shown to
be present in junction electroluminescence. 4 The calcu-
lation of the recombination rate of this process at low
temperature is greatly complicated by the necessary
integrations over the pair-separation distribution. ~

However, at higher temperatures redistribution of
charges on the centers causes pair recombination to
become a bimolecular process7 between donor-acceptor
pairs whose separation is such that their recombination
rate is greater than or comparable to the ionization rate
from the shallowest of the two levels. All other donors
and acceptors act merely as traps. In this temperature
regime, the spatial distribution of donor-acceptor pairs
can be ignored and the pair recombination represented
as merely a transition between two levels in the for-
bidden gap. The net transition rate between an electron
on a donor and a hole on a nearby acceptor is therefore

Uda= fsa1V aCnfd~+d fa1V aenfyd&"d yt

where f is the probability of occupancy for electrons,
f„=1—f is the pr—obability of occupancy for holes (d and
a are subscripts denoting donor and acceptor, respec-
tively), c„ is a capture coefficient and e„an emission

coefficient (units of cm'/sec), and 1V d and 1V, are the
densities of donors and acceptors which satisfy the close-
ness requirement stated above. At thermal equilibrium,
Eq. (5) equals zero. Thus, e /c =exp(E, —Ed)/AT= K, —
where E, and Eq are the energies of the acceptor and
donor levels. For wide-band-gap semiconductors at
normal temperatures E=0. Thus,

Uda= (fyafd Ef—afyd)en&a1V d

The net capture rate of free electrons by donors for a
nondegenerate free-electron distribution is5

U,d ——(f,dls —f dls)l/r„p, (7)

where 1st=—1V, exp(Ed —E.)/AT, E, being the density of
states and E, the energy of the edge of the conduction
band. The net capture rate of free holes by acceptors
for a nondegenerate free hole distribution is'

U-= (f.p f"pl)/—T.o, (g)

where Pl—=1V„exp(E„—E,)/AT, 1V„being the density of
states and E„the energy of the edge of the valence band.
Valence-band —+ donor and conduction-band —+ acceptor
transitions will be assumed negligible. At steady state
U= U.&= Ud, = U, . T'his yields

U= (QL(p+Epl)/r„p+ (n+«1)/r„p]
+ (P+Pl) (AS+111)/riprap
—lIQL(p+Epl)/T. o+ (~+«.)/ -01
+ (p+ pl) (11+Ii)/r„pr„p}'
-4Q (1-E)(p -Ep. )/..o...}")/2Q(I-E),

(9)

where Q= c„lV,1Vd. Wi—th the definitions of 1st and Pl
used for the donor-acceptor-pair recombination
«1P1—NP.

The low recombination rate lifetime 7-0, defined by
U=bm/Tp, can be found from Eq. (9) with the use of
Eqs. (2) and (3) to be

Qppprnp+Bpryp+E(pirnp+Blryp)]+ (ps+pl) (As+111)
~0

Q(Ps+re 0)

The high excitation limit of Eq. (9) can be obtained the complete filling of both the donor and acceptor
by expanding the radical to first order in r~p'r„p'/ levels.
(p+pl)'(Ted+el)' to be

Qpls

(p+p )(~+~ )
E— (p+n) (p +Tl )-'

X 1——
pilpul+

prl 2(1—E)

IIL CONTINUITY EQUATION FORMULATION

We now derive the steady-state equation governing
the diffusion, drift, and recombination of excess carriers
in the diffusion region of a p njunction-. The steady-
state continuity equations for free holes and electrons
are

When p))pl and e))rll, U=Q, which corresponds to
U= —V.J,/e,

U=V J,/e,

(12)

(13)
1 D. G. Thomas, J. J. Hopiield, and W. M. Augustyniak, Phys.

Rev. 140, A202 (1965). where J@ and J, are the hole and electron current
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densities, e the electron charge, and the recombination
rate Uis given by either Eq. (1) or (9) or a sum of such
rates. The current densities are given in terms of the
electric field E, the hole and electron mobilities /22

and p„and the hole and electron diGusivities D~ and
D, (D;=/2;kT/e, where i=k, e) by

J/, ——ep2pE —eD/, vp,

J,= e/2, nE+eD, vn,

and the total current density J is

J=h+ J. (16)

1+26 d26

1+(b+1)h dP

r+(b —1)(d~/di) d~ r,
(19)

[1+(b+1)6]2 dl p2

The second derivative term represents the effect of
diffusion, the first derivative terms the eRects of drift
(which act to transport excess carriers in the same
direction as diffusion does), and the right-hand side
represents recombination.

The Shockley-Read-Hall recombination rate becomes,
in dimensionless form,

By substituting Eqs. (14) and (15) into (12) and (13)
and eliminating the V E term, we obtain

U(/2. n+/2') =p,D2nV2p+/22D, pV2n
—/1,/22E (nvp —pvn). 17)

Our interest here is in studying the electrolumines-
cence emitted from the carrier-diffusion region on one
side of the junction. The current-voltage characteristic
of the junction is determined by recombination on both
sides of the junction and in the space-charge layer. Thus,
we can regard the total junction current density given
by Eq. (16) as an experimentally known parameter and
express the electric field E in terms of it. From Eqs.
(14), (15), and (16) we have

E= (J/o —D,Vn+D2V p)/(/2'+/2, n) .

Equation (18) can be used to eliminate E from Eq. (17).
We now use Eqs. (2) and (3) to obta, in from Eqs. (17)

and (18) an equation governing the excess carrier
density bn. We will consider the p side of the junction
(n2=0). Define the dimensionless quantities: 4=—bn/Po,
l—=x[roD,+1/, b:/2, //2@= D,/D—2, and I'= b( J [ ro /—/
epoD, '/2. The coordinate system we use places the edge
of the space-charge region at x=o and the positive
conta, ct of the diode at x=+ ~. Thus,

r OU/po M——/A . (23)

Our problem is now to solve Eq. (19) with Eq. (20)
or Eqs. (21) and (23). Equation (19) is badly nonlinear
making a general solution impractical. However,
Eq. (19) can be solved in several ran. ges of 6 and from
these solutions the main physical predictions can be
extracted. The boundary condition to be used at the
space-charge layer edge for low to moderate forward
biases corresponds to the quasi-Fermi levels being Qat
through the space-charge region. ' Therefore

6(x=O)=60——(n;/P2)2 exp(eV/kT), (24)

where e; is the intrinsic carrier concentration and V
the applied voltage. Vixen conductivity modulation
(bn& po) is reached the boundary condition becomes'

6(@=0)—=60——(n,/P2) exp(eV/2kT), (25)

where V is then the applied potential minus the ohmic
drop in the bulk crystal.

IV. SPACE AND VOLTAGE DEPENDENCES
OF ELECTROLUMINESCENCE

A. Shocldey-Read-Hall Recombination

We will now obtain approximate solutions of Eq. (19)
in different ranges of 6 for the Shockley-Read-Hall
recombination rate of Eq. (20). Three parameters
appear: b, I', and R. In most semiconductors, b is larger
than, but of order, unity. Among other parameters I
contains the current density, which depends on voltage,
as does the boundary condition parameter 50. By
expressing J=J2exp oV/mkT where 1&m&2 and by
using Eq. (24)

p bJ r 1/2(g p 2/n 2)1/m/op D 1/2

—=1"0 exp(eV/mkT) . (26)

If we consider a deep donor-like recombination center
in the p-type material, R will be very large compared
to unity.

Eq. (11) yields

r pU/p p
=MA (1+6)/ (1+A 6) (1+86), (22)

where A= p—2/n1, 8=pp/—(pp+p1), and M=rpppg/
n1(po+p1). For strongly p-type material 8 is of order
unity and an adequate approximation is to put
(1+6)/(1+Eh)=1. Saturation of U is then seen to
occur when AA= bn/n&)1. For this case

rpU/p, =a(1+a)//(1+RA), (20) Region 1. Linear Recombination, D2JNsion Controlled

r pU/po= 6, (21)

where ro is given by Eq. (10) for this case. At high
excitation for a wide-band-gap semiconductor (E=O),

where R—=apo. The donor-acceptor pair recombination
rate at low excitation becomes

60((1 and Rho«1. Equation (19) becomes simply

d23/dP = LL (27)
with a solution

5= Ap exp (—l) . (28)

This gives the spatial distribution of the electro-
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luminescence since in this limit U is proportional to h.
Figure 1 illustrates the spatial distribution of electro-
luminescence in this and other regions. The total light
emission from this carrier-diffusion region will be
proportional to I.where

(29)

The p-side injection current will have the same depend-
ence on U as I does. Hence, for this case

L=Pp&p/rp (n, /P——prp) expeV/kT. (30)

The total light emission is plotted versus voltage in
Fig. 2.

The transition from region 1 to 2 will occur around
a voltage U» determined by 860——1. This leads to
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eVrs=Ee —kT In(1V„X,R/pp'), (31)

where E, is the energy gap of the semiconductor.

Region Z. Saturated Recombination, Diffusion Controlled

tIp((1, Rdp))1, and I'(2Rd p)'I'«1. The last condition
allows the neglect of the drift term containing F. The
term in (dd/dl)' is also negligible. Equation (19)
becomes

I I

JUNCTION BIAS, V

FIG. 2. The total electroluminescence (integrated over space)
from a deep level is plotted versus junction bias U on a semi-
logarithmic scale for regions 1 to 4 (see text) for either Shockley-
Read-Hall or donor-acceptor-pair recombination. The slope of
InL versus eV/kT is 1, —,', (m+1)/m and —', successively in regions
1 to 4 (m is dined by the current-voltage characteristic:
I=Ip expeV/mkT).

with a solution

d'6/dP = 1/R, RtI«1, that is, for large l For this . region a solution
of Eq. (27)

6=P/2R+ktl+ tIp, (33) lI= 6, exp(l, —l) (34)

60-

k& being an arbitrary constant. This solution fails when must be used. e can construct an approximate solution
by extrapolating both Eqs. (33) and (34) to l=l„where
RE=1 LtI, of Eq. (34) becomes R 'j and joining the
functions and their derivatives continuously. This
yields
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FIG. 1.Typical spatial distributions of electroluminescence from
a deep level in regions 1 to 4 (see text) are plotted on a semi-
logarithmic scale. Shockley-Read-Hall (SRH) and donor-acceptor
pair (DAP) recombination mechanisms give the same distributions
in regions 1 to 3 but differ, as shovrn, in region 4. The sharp corners
result from the approximate nature of the solutions.

l, = (2RlIp —1)'"—1= (2Rhp)'". (3S)

The spatial distribution of the electroluminescence in
this approximation is constant (saturated) for 0(l(l,
and then falls exponentially for l& /, .This distribution is
plotted in Fig. 1. From Eqs. (35) and (24) we see that
the width of this saturated region l,=L(2R)'~'n, /ppj
&(exp eV/2kT expands rapidly with voltage. The total
light output is

pp "dl
L= —+—

&0 0

Adl (36)

Therefore,

L=pe(l, +1)/Rrp= (2'~'n, /rpR'~ ) exp eV/2kT, (37)

which increases more slowly with voltage than L, for
region 1 does. This is shown in Fig. 2.

The transition from region 2 to 3 will occur around
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a voltage V» determined by I'(2Rhp)'~'=-1. This considered here. Otherwise, conductivity modulation
leads to (bn) pp) on this side would not be reached. The drift

eV m/(m+2)LQ +kT ln(p 2/2p 2RN N )] (38) terms in Eq. (19) are negligible because of the factors
in the denominator. Equation (19) becomes

Region 3. Saturated Recombination, Drift
and Diffusion Controlled

kp«1, Rdp»1 and I'(2M, p)'"))1. For this case
Eq. (19) becomes

2 d'5

b+1 dlP R

Its solution is of the form

(47)

d'6 dA—r—=—
dl2 dl E.

with a solution of the form

6= Ap —l/R+kpgexpl'1 —1], (40)

6= Ap exp( —Sl)+kpLexp(Sl) —exp( —Sl)], (48)

where S—=L(b+1)/2R]'~'&&1 and k, is an arbitrary
constant. Hy the procedure used in the other regions
we will join this solution smoothly to

6= k4 l/I'R+—k p expl'l, (49)

d'6 dA——F—=6
dP

The solution of this equation is

A=R ' exp[P(l, —l)],

(41)

(42)

where P= (I"'/4+1)'~' ——I'/2. Joining of the solutions
leads to a transcendental equation for /, of the form

where k~ is an arbitrary constant. Again we will extrapo-
late this solution to l=/, where ED=1 and join it
smoothly to a solution of

which is the solution of Eq. (39), at l=lp where 6=1.
In turn this solution must be joined smoothly to
Eq. (42), which is the solution of Eq. (41), at l = l, where

.RA=1. Two transcendental equations for /, and l&

result from the continuity conditions. One is Eq. (43)
with the approximate solution Eq. (44) except tha, t l,
must be replaced by /, —l~ and 60 by 1. Hence, l.—l~
=I'R. The other equation is

I'RS(L1—0 p exp( —Slp)] coshSl p
—Ap exp( —Sl p) )+1

= D,—lp —I'R+I'](exp/I"(1, —lp)]—1) '. (50)

where
a I'l, =—P exp( —I"1,),

n= I"(RA p —1)+1—P—I'=- I'Rd p))1

(43)
Since I'E&)1 and FE&)S ' in this region, an approxi-
Tnate solution is cosh'~=2 ' exp5l~= 3,o. With the use
of Eqs. (25 and (26) (with m=2 as appropriate for
conductivity modulation' )

P—= 1—PI'& 1.
An approximate solution of Eq. (43) is thus l,=n/I' or

l p
——(ln2n, /pp+ e V/2k T)/S,

l,= 1p+I'pR exp'r~'~r.

(51)

(52)
l,=RI'hp ——(RI'pn, '/pp') expI eV(1+m ')/kT]. (44)

The spatial distribution of the electroluminescence
for this case is again a constant for 0&1&3, and an
exponential fall-off for 1&l, (see Fig. 1). Since P(1
this exponential fall is slower than for regions 1 and 2.
Since 1&m& 2, the width of the saturated layer

[Eq. (44)] increases faster with volta, ge than for

region 2. The integrated light output is

I.=pp(l. +P ')/Rrp

= (rpnP/pprp) expLeV(1+m ')/kT]. (45)

The spatial distribution of the electroluminescence
in this excitation region decreases nearly exponentially
Lfollowing Eq. (48)] from the space-charge-layer edge
to l=lp (which increases linearly with voltage), is

constant from i=lb to l=l, (which increases exponen-

tially with voltage) and decreases exponentially for
l) 1,. This is illustrated in Fig. 1. The integrated light
output is found to be

I = (pp/Rrp)[dp(1 exp Sip)/S
+2kp(coshSlp —1)/S+l, lp+P '] (53)—

The terms containing exp —Sl~, k3, and I ' are negli-

gible and soThis also increases faster with voltage than in region 2

(see Fig. 2).
The transition from region 3 to 4 will occur around a

voltage V34 determined by 60=1.This leads to
I.= (RSrp) '(n~+I'pRppS) exp eV/2kT, (54)

V, =E, kT ln(N, N„/po'). —

Region 4. Jimear Eecombisutios,
Coldlctieity 3fodllati om S. Donor-Acceptor Pair Recombination

which is shown in Fig. 2. In the high bias region the
(46) junction voltage V will be equal to the applied bias

minus the ohmic drop in the crystal.

Ap))1, Edo))1. We will assume the opposite side of
the junction is more heavily doped than the p side

Consider next donor-acceptor-pair recombination.
At low excitation the use of Eq. (21) leads to a result
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identical to that of region j. found above. Saturation of
donor-acceptor-pair recombination, as expressed in
Eq. (23), yields results analogous to those of regions 2
and 3 above but with R replaced by A/M. The pre-
dictions for region 4 diBer somewhat, however, since the
donor-acceptor-pair recombination remains saturated
under conductivity modulation rather than again
becoming linear in 6 as for Shockley-Read-Hall
recombination.

Region 4. A/ternate Saturated Eecombieatioe,
Coedmctivity 3fodmlati ox

Ap)&1, Adp))1. Equation (19) becomes

2 d'6 M

b+1 dP A

with a solution

6= (b+1)MP/4A+kgl+ 60. (56)

Q"ith the procedure used before, this must be joined
smoothly to Eq. (49) (with R —+A/M) at 3=4 where
d, =1. In turn, this solution must be joined smoothly
to Eq. (42) (with R —+ A) at I=/, where AD= 1. The
joining conditions lead to an equation similar to
Eq. (43) for I,—lb with the approximate solution
l, /~=I'A—/M and to an equation for /~ which was an
approximate solution /q= (4Aho/(b+1)M j'~'. The inte-
grated light output with the use of Eqs. (25) and (26)
becomes

L=po(MI +1/P)/rpA = (I'OPO/ro) exp eV/242'. (37)

Thus, the dominant voltage dependence of the inte-
grated light output is the same for donor-acceptor-pair
recombination as for Shockley-Read-Hall recombina-
tion in the conductivity modulation region as well as
in the other regions (see Fig. 2).

The spatial distribution, however, is not the same.
The electroluminescent brightness is constant from the
space-charge-layer edge out to l, beyond which it
diminishes exponentially with a rather slow fall-off
constant. As before, the saturated region width

exp'~~'~ . This is shown in Fig. 1.

C. Discussion

Since electroluminescence is often ine%cient, it is of
interest to consider two competing recombination
mechanisms in Eq. (19), a dominant donor-like non-
radiative Shockley-Read-Hall one and a donor-like
radiative one like either of those considered above. This
can be easily done by the approximate method used
above and the same predictions result. The only differ-
ence is that the transition between regions 1 and 2 will

usually be more extended since both recombination
mechanisms must saturate in order for region 2 to be
reached.

It should be noted that the existence of four separate
regions depends upon the numerical values of the
parameters in Eq. (19).For instance, if R were close to
one, as for a very shallow recombination level, the
condition necessary for the existence of region 2 would

not be reached before that giving region 3 was reached.
The results obtained above apply to a deep recombina-
tion center (R&)1), though the formalism could be
modified to apply to shallow centers. Comparison of
the predictions to experimental results obtained with
gallium phosphide electroluminescent junctions will be
made in the accompanying paper. 4
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