
SOLID SOLUTIONS OF Fe IN Au

The signs reAect the fact that e is intrinsically positive
for AuFe-7 and AuFe-1. The best values of s are ob-
tained by generating second differences such that go and
hence the error in go vanishes, namely

gI (4)

= -,'DX= 0.02 mm/sec.

therefore the rms error in e is

Ir &'& = (xs —xs) —(xs —xg),
I'&'& = (xs—xs) —(x4—xr),
I'&s& = (xs —x4) —(xs—x&),
I'&'l = (xs —xs) —(xs-xr) .

(AS)

We make no attempt to extract the quadrupole shift
from the class-II spectra.

C. Determination of the Isoxner Shift

For class-I spectra, the isomer shift is given by

All of the above second differences equal 4e. Since these
quantities are not independent of each other they must
not be combined. Recalling that Ax (') & ) &3)=AX'

(=0.04 mm/sec) is independent of line position, one
concludes that the best value of e is obtained from any
one of the four second differences above. We have
arbitrarily chosen I'«).

Since Ax' is independent of line position, the error in
a second difference is twice the error in the line position,

aV«) =2ar'.

6

6=--s'(P x.—2e). (A9)

Substituting for e any of the four second differences of
Eq. (AS), one obtains for the rms error in the isomer
shift

h8= (Q7)/6AX' =0.02 mm/sec.

If the quadrupole shift is a Priori zero, the rms error
from Eq. (A9) is

5=hX'/Q6.

The quadrupole shift is

y (4)

The isomer shift of the class-II spectra can be estimated
from the rnid point of the Fo~ measurement. Accord-
ingly we have found no measurable difference in the
isomer shift of the class-II compared to the class-I
spectra.
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The magnetic susceptibilities of cerium and lanthanum metals have been measured from room tempera
ture through the melting point. Cerium has a unique fusion behavior with a negative melting slope which
has been attributed to a 4f—Sd electronic promotion. It is demonstrated that this promotion in cerinm does
not occur and that the small change in the susceptibility at cerium s two high-temperature phase trans-
formations can be attributed almost entirely to changes in the Pauli susceptibility. A quantitative estimate
of this change is found by comparison with the lanthanum high-temperature susceptibility.

I. DTTRODUCTION
'

&[URING the past few years, careful attention has
been paid to the magnetic properties of metallic

cerium. The motivation for the present high-
temperature susceptibility measurements comes from
very recent work on the fusion curve of cerium by
Jayaraman' in which he suggests that an electronic
promotion of the 4f electron to the Sd conduction band
occurs at the melting point for pressures below 30 kbar.
The cerium fusion curve is unique in that it has an

*Supported in part by the National Science I'"oundation and
the OfBce of Naval Research, Nonr 233 {88).' A, Jayaraman, Phys. Rev. 137, A179 (1965).

initially negative slope followed by a broad minimum.
The phase diagram for cerium (Fig. 1) shows that as
the pressure is increased below 275'C cerium undergoes
an abrupt transformation from a y phase to an o. phase.
Both phases possess face-centered-cubic (fcc) structure,
but the lattice constant of the 0, phase is smaller than
that of the y phase. The y-to-n transition is believed to
end in a critical point. ' ' If one extrapolates the transi-
tion line beyond the critical point, it meets the fusion
curve at its minimum. At temperatures above the

'R & &eecraft. and C. A. Swenson, J. Phys. (.hem. Solids ]5,
234,{&960).

B L Dans and I H Adams, I Phys Chem Solids 25, 379
(1964).
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search D, edited by K. S. Vorres (Gordon and Breach, Science
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critical point, y cerium is believed to transform
smoothly, though somewhat rapidly to o. cerium as
the pressure is increased beyond the extrapolated
transition line This transition corresponds to a smooth
density variation in the solid.

There is a volume change dV associated with the
melting transition. The density of the liquid cerium
remains nearly constant with pressure, whereas that of
the solid changes with pressure. Thus, the volume
change DV varies with pressure and is related to the
slope of the fusion curve by the Clapeyron equation
d T/d p= hV/DS. The slope is controlled by 5V since the
heat of fusion, hence DS, does not appear to be appreci-
ably pressure-dependent. Therefore, the minimum in
the fusion curve is thought to be a consequence of the
rapid change in density of solid fcc cerium in the region
of the fusion curve.

It has been inferred from x-ray and neutron-
diGraction investigations' ' that the change in density
associated with the V-to-o, transition in cerium is caused

by the electronic transition of the 4f electron to the Sd
conduction band. The neutron-di6r action data, in
particular, are in agreement with the hypothesis that
the 0, cerium has no magnetic moment. The decrease in
volume associated with the 4f Sd electronic—promotion
has been justified by arguing that when the promotion
occurs, the screening of the outer d- and s-like electrons
from the nuclear charge is reduced, thereby drawing in
these outer electrons.

From the slope of the fusion curve and the heat of
transition, the decrease in volume at the melting
transition has been calculated by Jayaraman. He Imds
a value —0.228 cm'/mole, of the same order of magni-
tude as that obtained by pycnometric density measure-
mentsr on liquid cerium. Jayaraman has therefore sug-

gested that the atoms in the liquid phase also have
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FIG. 2. Magnetic susceptibility of cerium metal at 4.5'K
as a function of time after cooling.
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experienced the 4f Sd— electronic promotion. If a
localized atomic-like state is associated with the 4f
electron, the magnetic moment presumably would

disappear after the 4f Sd—promotion and the magnetic
susceptibility should decrease sharply as the cerium is
heated through the melting point. The present investi-
gation was carried out to see if this promotion does
occur. The magnetic susceptibility was measured from
room temperature through the melting transition. The
results indicate that the susceptibility changes only
slightly at the melting point and that therefore the
proposed 4f Sd p—romotion does not occur.

In addition, we have performed jow-temperature
measurements to see if the complex low-temperature
behavior of the magnetic susceptibility of cerium' "
might be influenced by sample purity. Using 99.999%
pure cerium, we And that Lock's results remain un-
altered. An interesting additional result of our low-

temperature measurements, which has not been reported
previously, is the dependence of the susceptibility on
the time elapsed after cooling (Fig. 2). This behavior
demonstrates that the low-temperature susceptibility
of cerium metal depends not only on the thermal
history" and rate of cooling, '4 but also on the time
elapsed before the measurements are made.

Lanthanum has no 4f electron, so its susceptibility is
due primarily to the Pauli term. We also carried out
high-temperature measurements on lanthanum in order
to determine the effect of phase transformations on the
Pauli susceptibility. At room temperature, lanthanum
has a hexagonal-close-packed (hcp) structure, trans-
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forming at 310'C to an fcc structure, and at 864'C to a
body-centered-cubic (bcc) structure. Thus, the high-
temperature structural changes are similar to those
occurring in cerium, enabling us to correlate the Pauli
susceptibility in both metals.

IL EXPERIMENTAL PROCEDURES

The cerium metal, purchased from Research Chemi-
cals, Phoenix, Arizona, was stated to be 99.999% pure
with respect to other rare earths. Spectrographic
analysis showed that the only detectable impurity was
silicon (0.0042%). It is believed that the silicon is an
impurity introduced into the surface of the sample by
the emery paper used to clean the surface. The lantha-
num was obtained from Electronics Space Products
Incorporated, Los Angeles, California, and had a stated
purity of 99.9%.

To avoid oxidation, the metals were cut with non-
ferrous tools under gettered kerosene. While still under
kerosene the sample was smoothed and shaped with
fine emery paper into the form of a cylinder weighing
about 0.2 g. The sample was washed with gettered
benzene to remove the less volatile kerosine, wrapped
with tantalum foil and dropped into a small quartz
tube fitted with a vacuum stopcock. The tube was then
evacuated and the sample subsequently sealed in a
small section of the quartz tube.

The measurements were made by the Faraday
method, using a sensitive Cahn electrobalance and an
Alpha Science magnet with pole pieces specially tapered
to give a constant MB/ds. Measurements showed that

I /i

++
r+$

7.0—

this quantity was constant over the dimensions of the
sample and its magnitude was determined as accurately
as possible by measuring the susceptibilities of crystal-
line ferric ammonium alum and pure scandium and
tantalum metals. The furnace was made of nichrome
resistance wire surrounded by a water-cooled copper
jacket. Temperatures in the furnace were measured by
a (platinum —10%-rhodium)-versus-platinum thermo-
couple placed just below the sample. The melting point
of the cerium, associated with a small decrease in the
susceptibility (Fig. 3) occurred at 797+3'C, in good
agreement with published values of the melting tem-
perature. " An additional check on the temperature
readings of the thermocouple was provided by com-
parison with the susceptibility of Gd203 from
300—1200'K. Good agreement was obtained.

III. RESULTS

The susceptibility values obtained in this investiga-
tion agree qualitatively with those reported earlier. ""
The values obtained at higher temperatures are some-
what smaller than those obtained by the previous
investigators. The difference is due in all probability to
the considerably higher purity of the cerium used in
this investigation. The results are displayed in Fig. 3.
There is a slight decrease in the susceptibility at the
melting point 1070'K of the order of 3%of the suscepti-
bility at that point. However, the susceptibility does
not decrease drastically upon passing through the

melting point, indicating that no 4f 5d electron—ic
promotion occurs.

The results of the measurement of the susceptibility
of metallic lanthanum appear in Fig. 4. Lanthanum is
of particular interest because the Pauli part of the
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FIG. 3. Magnetic susceptibility of cerium metal
as a function of temperature.
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FIG. 4. Magnetic susceptibility of lanthanum metal
as a function of temperature.
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cerium susceptibility is expected to be similar at high
temperatures. The lanthanum susceptibility shows a
slight cusp in the neighborhood of 590'K which can be
associated with the onset of the hexagonal-fcc transi-
tion. Inspection of Fig. 4 also indicates that there is an
increase in the susceptibility of lanthanum at 1135'K
and at 1195'K, corresponding to the fcc-bcc and melting
transitions, respectively. This does not appear, at first
glance, to bear any relation to the case of cerium, where
there is a very small change in the susceptibility at the
fcc-bcc transition and, in fact, a decrease at the melting
transition However, it will be shown in Sec. IV that
they can be correlated.

associated with these states can be found by the method
of operator equivalents" to be approximately

Er, ——si'+ (16/11)A4 (r')+ (1600/429)As'(r )

Er,+= sf+ (16/21)A4 (r )—(1280/429)As'(r )
8r,+= ss f—(144/I /)A4'(r')+ (320/143)As (r') (4)

8r„2—f+——(16/77)A 4'(r4)

Er,=—2f —(32/21)A4 (r'),

where the superscript plus on the F7 and F8 refers to the
excited multiplet. These energies can then be used in
the Van Vleck formula for the susceptibility

rV. DrSCUSSrom

A. Cerium Metal where

X—tV P L(+ (1))2//t2 2+ (2)je—En/kT

Nevertheless, it was decided to try to fit the cerium
data by including crystalline field effects, as done by
Murao and Matsubara. " They were able to explain
Lock's complex low-temperature susceptibility data by
the introduction of a crystalline field and it was felt
that the slight decrease in X at the melting point and
the lack of change at the fcc-bcc transition might also
be associated with crystalline-field effects.

The Hamiltonian is of the form

H=P; ((r,)l; s;+V, (2)

where the first term represents the spin-orbit coupling
and the second the crystalline-field potential. This
potential can be expanded in spherical harmonics:

p Q A ternlr m(g y) (3)

For a cubic crystalline field and a ground 'J 5/& level,
one requires two constants A4 and A6 . The wave func-
tions appropriate to the cubic symmetry must transform
according to the representations of the cubic group. In
an fcc or bcc lattice of positive ions, the 'J 5/~ level

splits into F7 and F8 states, with the F7 lowest; the 'F7/2

ill to F6 F7+ and F8+ states. The energy eigenvalues

'e J. H. Van Velck, The Theory of Electric and Magnetcc SuscePtc
bilities (Oxford University Press, New York, 1932).

~9 Y. A. Rocher, Advan. Phys. L1, 233 (1962).
'e T. Murao and T. Matsubara, Progr. Theoret. Phys. (Kyoto)

18, 215 (1957).

Previous investigators"" have apparently been able
to explain the high-temperature susceptibility of cerium
metal on the basis of a Van Vleck theory, '8 considering
thermal excitations from the ground 'F5/g level to the
F7/'2 level. It is, however, also possible approximately
to fit the data in Fig. 3 by using a simple Curie-Weiss
law, as was shown by Rocher. " In fact, one can 6t the
data in Fig. 3 reasonably well by the formula

X= (4200/T+ 2.'/4) &&10 ' emu/g.

n' jV„jV„,

x=(C~(T))/(T+0~(T))+x„, (6)

"R.J. Elliott and K. W. H. Stephens, Proc. Roy. Soc. (London)
A218, 553 (1952); A219, 387 (1952); K. W. I, Stephens, Proc.
Phys. Soc. (London) A65, 209 (1952).

"A. J. Freeman and R. E. Watson, in Mugmesigm, edited by
Q. T. Rado and H. Suhl (Academic Pxess Inc. , New York, 1965),
Vol. II A."R.J. Lang, Can. J. Research 14, 12'l (1936).

t .=P(J-.+2~.)
to fit to the measured susceptibility. The complexity of
Eqs. (4) and (5) forced us to use calculated values" for
(r4) and (rs) and to use point-charge approximations for
the ratio of A4' to As'. Once the ratio A4'(r')/As'(r')
was calculated, the magnitude of A4' could be found
from the crystalline field splitting 6 of the ground
multiplet. In this manner the number of parameters
could be reduced to two: 6 and t, the spin-orbit
splitting.

Of course, it cannot be argued that the point-charge
model forms a good approximation for a metal. In fact,
its straightforward application to cerium results in a
crystalline-Geld splitting 6/k=600 K. This is to be
compared with the value 206'K obtained by Murao and
Matsubara'0 by fitting to specific-heat data. The
difference is due, in all probability, to screening by the
conduction electrons. Neveltheless, one might hope
that at least the sign of the crystal-field parameters,
which is just a consequence of the point-group sym-
metry, is properly given by this crude model.

The introduction of the energies and matrix elements
into the Van Vied formula (5) produces the following
result for the fcc phase, if we take the crystalline field
and spin-orbit splittings to be 6/0= 206'K (the value
obtained by Murao and Matsubara") and f/h =3240'K
(the value obtained by Lang" ):
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where

P P') —(2 (1+2g (206 /T) y g (—3282) /T+ 2g (—3395) /T+ g (—3735) /T)) —I

X((1.0204+0.031932)+(5.3061—0.031368T)e & 206& /T+ (5.8776+0.142227') g &
—32»& /T

+(9.4331—0.08116T)e& ""&/ +(3.5556—0.061767')e& '""/ ).
Here, x„is the temperature-independent Pauli suscepti-
bility. The Curie-Weiss constant 8 has been introduced
to account for exchange interactions in the molecular
field approximation, following Murao and Matsubara. '
If the inliuence of the excited levels arising from the
F7/2 level is eliminated in (6), our result reduces to the
expression obtained by them. The data appearing in
Fig. 3 can be fit by Eq. 6 if one takes x„ to be 1.4&(10 '
emu/g and 0 =9'K. One might expect the Pauli suscepti-
bility for cerium to be about equal to that for lanthanum
(0.75X10 ' emu/g) from a density of states argument.
The low-temperature specific heats of lanthanum and
cerium are not greatly different if one subtracts from
cerium the magnetic contribution due to antiferro-
magnetic ordering. The 6t to the data by Eq. (6) is not
very sensitive to changes in x„,so the diRerence between
the value extracted for cerium, y„=1.4X10 ' emu/g,
and the Pauli susceptibility of lanthanum may not be
significant.

B. Lanthanum Metal

Jayaraman" calculates from the phase diagram an
increase in volume of +0.14 cm'/mole for lanthanum
metal at both the fcc-bcc transition and the melting
point. However, from a consideration of published
values'4" of the density and thermal expansion of
lanthanum, the fcc-bcc transition would be expected
to have an associated volume change of about +0.35
cm'/mole. The volume change +0.14 cm'/mole at the
melting point is not in disagreement with other data.
We could use these changes in atomic volume to
calculate a change in density of states in the free-
electron approximation and from this change the change
in Pauli susceptibility could be estimated. For volume
changes of +0.35 and +0.14 cm'/mole at the fcc-bcc
and melting transitions, we would estimate a free-
electron change in susceptibility of +0.008 and
+0.003X10 ' emu/g, respectively. These are to be
compared with experimental values (Fig. 4) of +0.08
and +0.025X10 ' emu/g. It is seen that a free-electron
model yieMs changes in x„of the same sign and in
approximately the same ratio as that found experi-
mentally, but that the predicted values are smaller than
the measured values by a factor of 10.

C. Correlation of Results

From the phase diagram for cerium, Jayaraman
calculates volume changes of —0.037 and —0.228
cm'/mole at the fcc-bcc and melting transitions, and
these are not in disagreement with published values~ '4 "

'4 A. Jayaraman, Phys. Rev. 139, A691 (1965).
"The Rare Earths, edited by F. H. Spedding and A. H. Daane

(John Wiley Bz Sons, Inc. , New York, 1961).

of density and thermal expansion. Using these values,
one calculates changes in Pauli susceptibility at the
fcc-bcc and melting transition of —0.001 and—0.007X10 ' emu/g. If we assume that, as in lantha-
num, these free-electron values are too small by a factor
of 10, then the values predicted for cerium metal are—0.01 and —0.07X10 ' emu/g, respectively. There
are also changes in the f-electron paramagnetism due
to structural changes. The change in crystal field con-
stants A4 and A6 due to the diGerent symmetry, can
be estimated from a modified point-charge approxima-
tion using the same assumptions as in A. The crystalline-
field coefficients were calculated, including the contribu-
tions from first-, second- and third-nearest neighbors.
The change in the crystalline field at the melting point
was estimated by dropping the contribution from
second- and third-nearest neighbors. The contribution
from the first-nearest neighbors is retained because of
the well known short-range order in the liquid state.
The changes in f-electron pa, ramagnetism at the fcc-bcc
and melting transitions are found to be +0.03 and—0.07 X 10 ' emu/g, respectively. Combining these
contributions with the changes in Pauli susceptibility,
one finds net changes of approximately +0.02 and—0.14X10 6 emu/g, respectively, to be compared with
experimental values of zero and —0.20X10 ' emu/g.
These results agree in sign and order of magnitude with
the calculated changes and give about the best agree-
ment one could expect. Thus it seems that the change
in susceptibility in cerium at the melting point can be
attributed essentially to the effect of structural changes
on the f-electron paramagnetisrn and Pauli para-
magnetism, with apparently no need for a 4f 5d-
promotion.

V. CONCLUSIONS
The measurement of the susceptibility of cerium

metal through the melting point has demonstrated that
no electronic 4f 5d promotion n—eed be assumed. The
behavior of the susceptibility at the fcc-bcc and melting
transitions can be understood qualitatively on the basis
of the effect of the structural changes on the f-electron
paramagnetism and Pauli paramagnetism.

Still unanswered, however, is the very puzzling
question of why cerium exhibits such an anomalous
negative slope and minimum in its fusion curve, whereas
lanthanum metal appears to be quite well behaved in
the same region.
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