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Temperature Deyendence of the Pyroelectric Effect in Cadmium Su16de*
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(Received 1 September 1960; revised manuscript received 21 December 1964)

This paper describes the observed temperature dependence of the pyroelectric effect in a hexagonal
cadmium sul6de crystal between 'N and 345'K. The methods used to obtain the response and evaluate the
results are described. The error is evaluated at each of the ambient temperatures. The measurements were
made along the crystal's axis of symmetry. Most of the polarization appears to be due to the dipole expan-
sion of interatomic bonds which are principally covalent,

HEN certain types of crystals are heated, , they

~

~

develop a spontaneous polarization along a
unique axis. This phenomenon is known as the pyroelec-
tl lc CGect~ Rnd thc rRtlo between thc amount of polallzR"
tion produced and the temperature risc of the crystal is
known as the pyroelectric constant. The object of the
experimental phase of thc study wRs to measure thc
pyroelectric constant of a hexagonal cadmium sulMC
crystal at certain temperatures between 78 and 345'K,
The apparatus used in this measurement is shown in
Fig. j.. As indicated, the specimen was mounted, in a
holder which was immersed ln a constant-temperature
bath. %hen the crystal was heated a small amount
above the ambient, its pyroelectric response was ampli-
6ed and recorded, and its temperature rise was measured.

The main features of the crystal holder are indicated,
in Fig. 2. Because cadmium sul6de is photoconductive,
the holder had to be designed to maintain the crystal in
a light-tight environment. In order to obtain an ade-

quate response level from the small amount of pyroelec-
tric charge, it was required to have an extremely high
level of electrical insulation and a low capacitance.
Sufhcient thermal insulation had to be provided so that
the crystal could be heated a small but controQable
amount above the ambient temperature.

As indicated in Fig. 2, the crystal holder consisted of
the inner hoMer, the heating coil, the cover, and the
connector units. The inner holder was 70 cm in length
and, constructed almost entirely of thin-walled Monel
tubing of is-mm diameter. The crystal was mounted in
the lower portion of the unit and connected. between two
probes set at opposite ends of its axis of symmetry, the
optical axis. The bottom probe was connected to the
grounded walls of thc unltq Rnd thc upper probe wRS

connected to an insulated post at the top of the holder.
The thick layer of silver paste used in connecting each
end of the specimen to its probe provided a cushion into
which it could expand when heated, . A heating coil was
wound on a brass cylinder and centered about the
specimen. A thermocouple was embedded in the cylinder
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with a junction set at an opening in its wall just
opposite the crystal.

The inner holder and heating coil units were placed in
a brass cylinder of 30-mm diameter that served as a
cover. This unit enabled the holder to be immersed in
the Quids that provided the constant ambient tempera-
tures. The output of the holder was coupled to an
ampli6er through a shielded connector that also served
as R light-tight lid. To prevent the insulation of the
device from being deteriorated by moisture, a supply of
R dehydrant wRS malntalned ln Rn RnnulRr l'cglon ln the
connector. As an additional precaution, a small amount
of dry nitrogen vras Rushed through the hoMer vrhen it
was cooled or othervrise subject to condensation. With-
out the crystal in place and with its insulation intact,
the conductance and capacitance measured at the out-

put of the crystal holder vrere about 6.6X10 "mho and
21 jLLpF.

The lower four-6fths of thc crystal holder vras im-

mersed in a hot-wa, ter bath, room-temperature air, a

melting-ice solution, a mixture of ice and salt, a mixture
of dry icc and a special antifreeze, and liquid, nitrogen.
These provided. the constant ambient temperatures of
345, 300, 273, 253, 195, and 78'K, respectively. The
pyroelectric response was obtained, by heating thc
crystal about 2.5 deg above the ambient. To heat the
specimen quickly, a current of about 1.5 A was used for
the 6rst 4 to 5 sec, after vrhich a current of 90 to 130mA
was used to maintain the crystal at a constant elevated
temperature. A Rubicon thermocouple bridge was used
to measure the ambient and the temperature rise of the
specimen. One junction of the thermocouple was placed
near the crystal, as indicated. above, and the other was
placed in a melting-ice solution. The current-switching
and thermocouple circuits are shown in Fig. 1.

The crystal holder was connected to the input of R

Keithley electronMter in parallel with a 1.01X10"~1%%u

resistor. The electrometer output was connected to R

Sanborn recorder, vrherc the pyroelcctric response was
recorded as a function of time. This combination served,
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as a dc amplifier and pen recorder with an exceptionally
high and. accurately known input resistance. The charac-
teristics of the system were more than adequate for the
relatively slow response presented to it. A typical
recording made at room temperature is indicated in
Fig. 3.

2. COMPUTING THE VALUES OF THE
PYROELECTRIC CONSTANT

The parallel circuit representing the crystal, its holder,
the 1.01&10"-0shunt, and the electrometer input will
be referred to as the input circuit in the discussion
which follows. When the crystal is heated, the charge
that is produced, is stored by the capacitance of this
cll cuit Rnd leRks oG through its conductRnce. The
amount of charge that is produced is equal to the
product of the time integral of the voltage appearing
across the input circuit and its total conductance. The
pyroelectric constant is obtained by dividing this
amount by the effective cross-sectional area of the
crystal and its temperature rise. It can be computed
from the area of the recorded response curve as follows:

0=9.90X10 "&36.0/r. (2)

The conductivity of a cadmium sul6de crystal was
investigated between 298 and, 373'K and found to obey
the following law'.

g= 0.17 exp —(0.67/k2'), (3)

' R. Frerichs, Phys. Rev. 76, 1869 (1949).

whcrc p 18 thc pyroeicctr1c collsta11't, 2 ls tllc area of thc
response curve, G is the total conductance of the input
circuit, A ~ is the defi.ection of the recorder per volt input
at the electrometer, X2 is the number of seconds per unit
length along the time base of the recording, 8 is the
effective cross section of the specimen, and hT is its
temperature rise.

Because the capacitance of the 1Dput circuit did Dot
change signilcantly d.uring the study, variations in the
conductance 0 could be determined from time-constant
measurements. In these tests a voltage source was
placed across the electrometer input and the time con-
stant was determined from the decay curve produced on
the recorder when the source was removed. The con-
ductance of the crystal varied in an exponential manner
with temperature but, except at the 300 and 345'K
ambients, it vras insignificant compared with that of the
shunt. When the insulation of the crystal holder was
unimpaired by moisture, its conductance was also in-
significant compared to that of the shunt. Under this
condition and at the lower ambients, the conductance
of the input circuit was the 9.90&10 "mho value of the
shunt. The time constant measured here was 36.0 sec.
Under other conditions a smaller time constant v was
measured, Rnd the conductance was determined as
follows:

QURATloN OF RESPONSE

FIG. 3. Reproduction of a typical pyroelectric-response curve
recorded at room temperature (300'K).

where g is the conductivity in mho meter ', k is
Boltzmanxi's constant, and T is the absolute tempera-
ture. The effect of this temperature dependence was
significant only at the 345'K ambient. Here the crystal
contributes about half the total conductance of the
input circuit, and when heated produces a small but
noticeable increase in its value. The input conductance
values that were determined from Eq. (2) had to be
a,djusted for this increase. The avera, ge adjustment in
input conductance was 5.2%.

A few of the response curves were affected by
electrometer drift. Instead of giving to zero at the end of
the measurement, as indicated by the curve of Fig. 3,
they settled to a level that was slightly above or below
lt. A col'lection was made fol this CGect.

3. THE RESULTS OF THE MEASUREMENTS

The values which were determined. for the pyroelectric
constant at each ambient temperature are indicated in
Fig. 4. There were two general types of errors which
affected the results. One type Rejected all the pyroelec-
tric-constant values by the same percentage, while the
other in6uenced them in an individual manner. The
effect of the 6rst of these was to shift the entire mean-
pyroelectric-constant characteristic of Fig. 4 vertically
without altering its shape. The absolute sum of errors of
this type was 26%. The main contributor to this sum,
and by far the largest source of error encountered in the
study, was the 20% allowed for determining the effec-
tive cross-sectional area of the crystal. It occurred be-
cause the fragile condition of the specimen did not
permit this area to be determined too accurately from
its varying width and thickness dimensions.

This second type of error caused the individual values
to deviate from their mean. Its effect can be expressed
as a probable error by which the actual mean could
deviate from its computed value. At each temperature,
this error was computed, as a rms-type average of the
deviations of the individual values from their mean, and
as a rms-type average of the errors affecting each factor
in Eq. (1), from which the values of the pyroelectric
constant were computed. The anal magnitude of the
probable error at each ambient is taken as the average
of the corresponding values of the two computations.
These values a,re indicated. in Table I, where the result
of the 6rst computation is referred to as E~i and, that of
the second as E». The probable limits between which
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the mean pyroelectric constant can vary are indicated
in Table I and shown by the pair of dashed lines in
Fig. 4. The narrow limits of this probable error verify
that the trend indicated by the mean characteristic of
this figure is substantially correct.

TmLz I. Mean .values of the pyroelectric constant and their
probable experimental errors.

Mean
ambient
temper-

ature
T, 'K

345
300
273
253
195

78

Probable
experi-
mental

error E„~

4.2%
~15'Fo
~3.3%
~2.4%
~3 1Fo

3 2'

Probable
experi-
mental

error Ey2

~5 0%
~2 7'Fo
&3.0%
~3 3Fo
w2. 5%
&2.3

Mean
probable
experi-
mental
error

(Z„,+Z»)/2
~4.6'Fo

2%
~2.8%
~2.8%
~2.8'Fo

Average
pyroelectric-

constant value
p and its

probable limits
10-6 C/'K m~

2.33&0.11
2.20~0.05
2.28+0.07
2.57%0.07
2.52~0.07
1.86%0.05

4. THE RELATIONSHIP OF THE PYROELECTRIC
EFFECT TO THE CRYSTAL'S STRUCTURE
AND THE TYPE OF BINDING BETWEEN

ITS ATOMS

A molecular group is defined as the smallest re-
peatable array of atoms from which a crystal can be
constructed. . The groups are simply oriented with re-

spect to each other and have identical physical prop-
erties throughout the specimen. Since a pyroelectric
crystal cannot have a center of syrrimetry, its molecular

group must be tetrahedral if it is to be a regular poly-
hedron. This is because "the tetrahedron is the only
regular polyhedron involving nearest neighbors that has
no center of symmetry. '" The configuration of a tetra-
hedral group is indicated in Fig. 5. fhe atom located at
the central portion of the 6gure is of the opposite
electrovalence to those situated at the corners and forms
a dipole with each of them. There is effectively only one
atom of each type in the structure, as each of the corner
atoms is shared with three other groups. In more
complicated compounds the single atoms are replaced by
assemblies of atoms.

One of the dipoles of the group lies along the sym-
metry axis of the crystal and has a dipole moment which
is directed opposite to the net amount of the three which
are obliquely positioned with respect to it. The molecu-
lar groups of a pyroelectric crystal are oriented with
respect to each other so that atoms (or assemblies) of
opposite electrovalence lie directly above each other
along the symmetry axis. The electrostatic forces that
result Qatten the group in this direction, so that the net
moment of the obliquely oriented dipoles no longer
balances that of the dipole situated along the axis. The
electrostatic forces also produce a reorientation of the
obliquely positioned dipoles in the presence of thermal
expansion. When an unclamped crystal is heated the
change in the configuration of the molecular group, and

2 A. Von Hippel, Bielectrics and 8'aves (John Wiley Bz Sons, Inc.,
New York, 1954), p. 201.
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the polarization generated by this change, can be repre-
sented as a superposition of that due to an equal ex-
pansion of all the dipoles and that due to this reorienta-
tion. The dipole reorientation manifests itself in the
anisotropic expansion pattern of the crystal, as well as
in its pyroelectric eGect.

The pyroelectric effect also depends on the shape of
the moment versus length characteristic applicable to
the elementary dipole of the substance. For a substance
whose interatomic binding is completely ionic, the
characteristic is a straight ascending line, as indicated
by curve I of Fig. 6.This is an ideal characteristic, as the
binding of no substance is completely ionic. The binding
can be regarded as being partially ionic and partially
covalent. When there is a small amount of covalency
present, the curve drops slightly below this line at Qrst
but returns to it with further increases in dipole length. ' 4

This deviation increases with the proportion of covalent
binding present, but until a certain limit is reached, the
curve returns to the ascending line; as in curves II, III,
and IV of Fig. 6. Beyond this limit the curve rises to a
maximum but falls gradually to zero with increasing
dipole length, ' as the atoms take back the electrons
entering into the interatomic bond. This situation is
indicated by curves V and VI, and corresponds to the
behavior of a substance in which the covalent type bond
predominates. The curves become Qatter with increasing

lLI-
LU

Ul

DIPOLE LENGTH

FIG. 6. Dipole moment versus dipole-length characteristics.

covalency, the abscissa being the characteristic of a
completely homopolar substance.

C4drnpurn
Optic4I Axis

NET DIPOLE
MOMENT O.F
THE GROUP

S. EXPLAINING THE EXPERIMENTAL RESULTS

In the derivation that follows it will be assumed that
the crystal is uniformly heated and that there are no
external Acids across it. It can be shown that errors that
occur because of deviations from these conditions are
negligible. If it is assumed that the interatomic binding
between dipole pairs that produce the dominant con-
tribution of polarization is principally covalent, the
dipole moment versus dipole length characteristic is
similar to curve V of Fig. 6. This curve is reproduced in
Fig. 7 and will be used in the analysis.

At the beginning of the measurement, the crystal is
at the ambient temperature land is electrically neutral
at its surface. The molecular group has a net dipole
moment which is the difference between the moment of
the dipole aligned. along the crystal's symmetry (and
optical) axis and the net moment of the three dipoles
which are obliquely oriented with respect to it. Re-
ferring to Figs. 5 and 7, this can be expressed as follows:

Sulfur

FxG. 5. Tetrahedral arrangement and dipole moments of the
molecular group of hexagonal cadmium sul6de.

' E. Bartholome, Z. Physik. Chem. 23, 131' (1933}.
4 A. Eucken and A. Biichner, Z. Physik. Chem. 27, 321 (1934).' See Ref. 2, p. 210.

M,p= 3fp(1—3 cosy p) = kpDp(1 —3 cos&pp), (4)

where M,o is the dipole moment of the group, Mo is the
moment of each dipole, Do is the dipole length, yo is the
angle between the symmetry axis and each obliquely
oriented dipole, and kp=Mp/Dp.

When the temperature of the crystal changes by a
small amount hT, the dipole moment of the molecular
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beDp= 8,D„ (6)

where D, is the internuclear distance and b, is its pro-
portional change. On letting k, =Mp/D„we also have
that

kpDp= kJ7, . (7)

5, obeys a linear expansion law. For such a condition
it has a temperature dependence similar to that of the
specific heat at constant volume (except near O'K).r

This permits the following relation to be written

b, (T)=LTn,C(T), (8)

where ii, (T) is li evaluated at temperature T, n, is the
value of 8 per degree temperature change at tempera-
ture Tp, and C(T) is the ratio of the specific heat at

P Y. K. Syrkin and M. E. Dyatkina, Strttctttre of Moleclles ared
the Chenzkal Bond, translated and revised by M. A. Partridge and
D. 0. Jordan (Interscience Publishers, Inc. , New York, 1950),
p. 193.

C. Zwikker, Physical Properties of Solid Materials (Interpcience
Publishers, Inc. , New York, 1954), pp. 153-157.

group changes to 3E,J, where

Met= Dp(kp+8eke)[1 —3 cos(&pc+a„pop) j
Mpp+keB eDp(1 3cosy—p)

—3kpD+, yp slnpop
&

for B,pop«1, (5)

where 8~ and b„are the proportional changes in Do and

po, respectively, and kz is the slope of the dipole moment
versus dipole length characteristic.

As a 6rst order approximation the electrical polariza-
tion of the atom is independent of temperature. ' This
means that the dipole length and the distance between
the nuclei of the dipole partners change by the same
amount when the temperature is changed. This relation-
ship can be expressed as follows:

constant volume at temperature T to that at To. The
specidc heat was evaluated from a handbook. ' The
Debye characteristic temperature of zinc sulfide, 300'K,
was used as an approximation in this evaluation. The
value of To was set equal to 345'K, the highest ambient
used in the study. This made C(T) a normalized quan-
tity. The values of C(T) that were determined. are indi-
cated in Table II, which follows. n, is evaluated in
Appendix A.

The total polarization produced by the heated crystal
is equal to the product of the change in the dipole
moment of each molecular group and the number of
such groups per unit volume of the crystal. Denoting the
latter quantity as X, and. using Eqs. (5), (6), (7),
and (8), the following expression is obtained for the
total polarization, hP (T):
hP(T) =X,(Mor Mop)—

=E,ikTD, n,C(T)Lke(T)(1—3 cos&pp)

—3k (T) (8„/8 )happ sintpp$. (9)

The quantities which are temperature-dependent in
Eq. (9) are indicated by the functional notation. The
proportional changes in D, and yo are so small over the
entire temperature range of the study, that they are
regarded as constants here. As will be shown in Ap-
pendix A, this same situation applies to the ratio
(8„/8,). Since the pyroelectric constant is defined as the
polarization produced per degree temperature change of
the crystal, its expression is obtained by dividing Eq. (9)
by hT. The result is

P(T)-~P(T)//~T=. X,D.n.C(T)
XLk@(T)(1—3 cos&pp) —3k, (T)e(pp sinpopj (10)

American Institute of Physics Handbook (McGraw-Hill Book
Company, Inc., New York, 1957), p. -'. "'.
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TABLE II. Values computed for temperature-dependent parameters.

345
300
273
253
195
78

C(Tl

1.00
0.990
0.979
0.970
0.927
0.759

aD.(T)
10 '4m

34.72
28.36
24.59
21.82
14.01
0

M{r)
10 30

Cm

4.63
4.40
4.23
4.12
3.76
3.23

4(&)
10 'g

C

3.55
3.61
3.84
4.57
4.82
4.38

1.83
1.74
1.67
1.63
1.48
1.28

P~(T')
C

10 6

1.64
1.66
1.75
2.05
2.07
1.54

per(T)
C

10 '

0.596
0.561
0.534
0.516
0.448
0.315

p(T)
C

10ll-

2.24
2.22
2.28
2.57
2.52
1.86

where p(T) is the pyroelectric constant, and e= (8„/8 ),
a constant.

The constants of Eq. (10) are evaluated in Appendix
A. Using these values, the Gnal result is expressed as
followers.

p(T) ='4.64&10"C(T)Lkg(T)+70.2k.(T)j. (11)

The values of k, (T) and kg(T) are determined by the
method indicated in Appendix B. The method of de-
termining M(T), the moment of the elementary cad-
mium sul6de dipole, is also presented here; as is the
means of determining LU7, (T), the change that occurs
in its internuclear distance as the ambient temperature

OPK OF OIR)LK NONKNY
CHA%ACYKIISYIC1 III

I"xo. 8. Values of the moment and
the slope of the moment versus length
characteristic as computed for the
elementary cadmium sulMe dipole.
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is increased from its lowest value of 78'K, The values
that werc determined for these quantities at each
ambient are indicated in Table II, and the character-
istics of kq(T) and M(T) versus hD, (T) are presented
in Fig. 8. Since, as is indicated in Eq. (6), the change in
dipole length is equal to the change in internuclear dis-
tance, the curves of Fig. 8 are also presented as a
function of this quantity.

The first and second right-hand terms of Eq. (11)
represent, respectively, the polarization prod, uccd per
degree temperature rise due to dipole expansion, Pi (T);
and that due to dipole reorientation, Fir (T).The values
which were determined for these components and that
of their sum, the pyroelectric constant, are added to
Table II and indicated, in Fig. 9. Figurc 9 shows that,
throughout the temperature range of this study, the
dominant contribution of polarization is produced by
dipole expansion. From 78 to 300'K the shape of the
pyroelectric constant versus temperature characteristic
is almost entirely determined by it. Above 300'K the
polarization due to dipole reorientation starts to become
significant. It is responsible for the rise in the value of
the pyroelectric constant that occurs between 300
and 345'K.

5. SUMMARY

The values of the pyroelcctric constant that were
obtained at each of the ambient temperatures are
indicated in Fig. 4. The probable limits in which the
mean values lie are shown here and indicated in Table I.
These limits are narrow enough so that the shape of 'the

mean characteristic of Fig. 4 can be assumed to be
substantially correct.

The dipole moment versus d.ipole length characteristic
changes from an ascending curve to one that rises to a
maximum and then falls to zero as the interatomic
binding of the pair producing the polarization changes
from being predominantly ionic to predominantly
covalent. The slope of the characteristic applicable to
cadmium sulfide has been computed over the dipole
lengths corresponding to the temperature range of the
measurements and ls shown ln Flg. 8. It ls. seen tha;t
these slopes correspond to those that would be found.
about the inQection point of a dipole moment versus
dipole length characteristic associated with predomi-
nantly covalent binding.

The simplest array of atoms from which the crystal
can be constructed is termed the molecular group. For
the group of a pyroelectric crystal to be of geometric
regularity requires that it be of tetrahedral configura-
tion. Electrostatic forces acting along the symmetry
axis of the crystal Qatten the configuration, causing the
group to have a net dipole moment in this direction.
When the crystal is heated this net moment changes.
The polarization that is produced is considered to be due
to an equal expansion of all the d,ipoles and to a reorien-
tation of those which are obliquely positioned, with
respect to the symmetry axis. The amount produced by
the expansion is proportional to kg(T), the slope of the
dipole moment versus dipole length characteristic; while

that due to the reorientation is proportional to k, (T),
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which depends on the height of this curve. This is
clearly indicated in Eq. (11),where it is also shown that
both of these components are proportional to C(T), the
normalized specific heat at constant volume. The
amounts of polarization contributed by these two effects
were computed over the temperature range of the study.
These results are presented in Table II. They show that
over this range the dominant amount of polarization is
due to dipole expansion.
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APPENDIXES

The constants of Eq. (10) are evaluated in Appendix
A, and the methods for determining the values of its
temperature dependent parameters are indicated in
Appendix B.Except for the few which will be described
here, the symbols which are used have been defined i.n
the discussion associated with the development of Eqs.
(4) through (10).

Appendix A

The projection of the tetrahedral structure of a
molecular group and two of its nearest neighbors on a
plane perpendicular to the symmetry (and the optical)
axis of the crystal is indicated in Fig. 10. It is seen that
the projected area of a molecular group is an equilateral
triangle whose side length is equal to the crystallographic
dimension "a,"and that the projected area between two
adja.cent groups is equal to that of a group. With the
height of the group perpendicular to the projection
plane equal to the crystallographic dimension "c," the
volume required by each group in the crystal, including
the space between groups, is 1/X„, where

1/X, = (c/2) (a' cos30') . (A1)

The crystallographic dimensions a and c have been
evaluated as 4.142X10 ' and 6.724X10 "m, respec-
tively. ' Using these values yields

&,=2.002)& 10"groups/m'.

From Figs. 5 and 10 it is seen that

Hp ——D, (1+cosIpp) =c/2=3.362&(10 m, (A2)

Jp=D sin&pp
——(a/2) sec30'=2.391X10-"m, (A3)

where Ho is the height of the molecular group perpen-
dicular to the projection plane, and Jo is the projection
on the plane of the distance D, of an obliquely oriented
pair of dipole partners.

P. P. Ewald and C. Hermann, Zeitschrift fur Kristallographie,
Ergansungsband, Strukturbericht, (1913—1928), Vol. 1, p. 129.
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FIG. 10. Projection of three neighboring molecular groups of
hexagonal cadmium sulfide on a plane perpendicular to the axis of
symmetry of the crystal.

+TII!l=8~+ht, Ipp cot opo, (A6)

Dividing Eq. (A6) by (AS), simplifying, and solving
for o=h,/h. yields

(Ixg/Gt I 1) tan Ipot=
pop[1+ (IYI./OII) (SCCpIo —1)]

(A7)

Subtracting Eq. (A5) from (A6), simplifying, and
solving for (h„/hT) yields

(A8)

Dividing Eq. (A2) by (A3) and solving for Ipo yields

q 0= 70' 51.5'= 1.237 rad.

Using this value in Eq. (A3) yields

D =2.5~1X10 ' m.

When the temperature changes by a small amount
d T, Ho changes to II~, where

Hl=D (1+8 )[1+cos(Ipo+h„ppp) j
=' Ho+Dab, (1+cos Ipo)

—D.h. oIo sin Ipo,

for h, opp«1. (A4)

Using Eqs. (A2) and (A4), the following expression
is obtained for the coeKcient of thermal expansion
parallel to the symmetry axis, o.«.
BTn„= (Hl Ho)//Hp-

='8,—(h„&po sinyo)/(1+cosyp) . (A5)

Using this same procedure for the change in Jo with
AT, the following expression is obtained for the coefFi-
cient of thermal expansion perpendicular to the sym-
metry axis, o,&.
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The change in qo is so small over the temperature
range of this study that it can be regarded as a constant
equal to the value computed above. n& and n» have been
measured between 290 and 960 K."The results indi-
cated that, for practical purposes, n& and n» are constant
at about 6.4&(10 ' and 4.0)&10 ' per degree, respec-
tively, between 290 and 5j.0'K; and that the ratio be-
tween them is constant over the entire range. It is
interesting to note that where o,& and n«have been
measured more extensively, as they have been for
quartz, the ratio between them appears to be nearly
constant. ""If it is assumed, for computational pur-
poses, that 0.& and n» are exactly equal to the indicated
values at the temperature To=345'K and that n,/u« is
exactly equal to 1.6 at all temperatures, then, using the
computed value of &pa, Eqs. (A7) and (AS) can be
evaluated as follows:

e='0.327, for all temperatures,

(3,/AT) To =' 1.83X 10 ' per degree, for To= 345'K.

As n.= (3,/AT)r, ='(1/e) (o /DT)r„we also have that
o.,='5.60)&10 ' per d.egree.

Appendix B
Equation (6) indicates that D, and Do change by the

same amount when the temperature is varied. Using
this fact and referring to Fig. 7, the following expression
is obtained, for the differential change in the moment of
an elementary dipole:

dLM(T)j=k~(T)d[Do(T)j=k~(T)d[D. (T)j (81)

With the aid of the definition of k, (T) indicated at
Eq. (7) and that of a, indicated at Eq. (8), it is seen

that

d[k, (T)]=d[M(T)/D, (T)j='d[M(T) j/D, (T),
for d[D,j/D, «d[M j/M, (82)

C (T)ot.D.(T)dT=d[D. (T)j. (83)

Using Fqs. (81), (82), (83), the following expression
is obtained:

d[k, (T)j='n, gk(T)C(T) Td. (84)

n, is a constant. The temperature variations in C(T)
and k~(T) sre such that they can be approximated as
linear functions between adjacent ambients. Desig-
nating the ambient temperatures as T„,where T„&T„~
and TO=345'K, the following expression is obtained
from Eq. (84):

d[k.(T)j= (n./2)

X[k.(T-)C(T.)+k.(T= )C(T-- )j
"R. Seiwert, Ann. Physik 6, 241 (1949).
~' C. L. LinderInann, Z. Physik. 13, 737 (1912).
n A. H. Jay, Proc. Roy. Soc. (London) A142, 237 (1933).

Prom which

Q(T )=p(T )/[4 64X10"C(T„)),
E(T )=35.1n.kg(T„,)C(T„,)[T„,—T„j,
L(T„)=35.1n,C(T„)[T„,—T„7,

the following expression is obtained from Eq. (86):

k&(T„)='[Q(T„)+IF(T„)—70.2k, (T„,)j/
[1—L(T„)j, (87)

and the following expression is obtained from Eq. (11):

k.(T.)=. [Q(T.)—k.(T.)j/70. 2. (88)

The value of n, required in the above equations, is
indicated in Appendix A. Except at TO=345'K and
Ti=300'K, p(T„) is evaluated at the mean values
indicated in Table I. p(To) is evaluated at its mean
minus (9/11)ths of its probable error, as shown in
Table I; and p(Ti) is evaluated at its mean plus
(2/5)ths of its probable error. The values of C(T„) are
determined using the procedure indicated in the dis-
cussion following Eq. (8). The values of p(T„) and
C(T„) are indicated in Table II. If a value of either
kq(T„) or k, (T„) were known at one temperature, it
would be possible to compute their values at the other
ambients used in the study by using Eqs. (87) and
(88). To 6nd this one value is the next step of the
calculation procedure.

The dipole moments and internuclear distances of
carbon fluoride, carbon chloride, carbon bromid. e, and,
carbon iodide have been determined. " Although the
number of electrons entering into each of these carbon
halogen bonds is twice that of cadmium sulfide, the
covalency and. internuclear distance of these bonds are
similar to those of the cadmium sulhde bond, . As an
approximation, the value of k (To) is set equal to the
average ratio of the dipole moment to the internuclear
d,istance of these compounds. The evaluation is made at
Tp= 345'K for convenience of calculation. The value of
kq(Ta) is evaluated from Eq. (88), and the values of
kq(T„) and k, (T„) at the other ambient temperatures
are then alternately computed using Eqs. (87) and (88).

"See Ref. 6, p. 215.

k (T-)=k.(T.-i)—(~ /2) [k~(T-)C(T-)
+k.(T. ,)C(T„,)][T„,—T„j. (85)

Using the T„notation in Eq. (11), and substituting
Eq. (85) into it yields

p(T~) ='4.64X10"C(T„)(k~(T)+70.2k, (T„ i)
—35.1o.[k.(T„)C(T„)

+kd(T i)C-(T i)][T. T—.j}. (86)
Letting
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The internuclear distance between dipole partners
expands as the temperature is increased. By approxi-
mating C(T„) as a linear function between adjacent
ambients, ikD, (T ), the change that occurs in this
distance as the ambient is increased from its lowest value
of 78'K to T„can be expressed as follows:

The results of Eq. (B9) show that the change in the
internuclear distance D, is so small over the entire
temperature range of the study that it can be regarded
as a constant. Using the value of D computed in
Appendix A, the moment of an elementary cadmium
sulfide dipole at temperature T„can be expressed as
follows:

».(T.)= (~.i2) Z L&(T-)+(:(T~r)]lT-—T~~3, M(T„)=Dok, (T„). (B10)

The values that were obtained for ka(T„), k.(T„),
for N=O, I, 2, 3, 4 and T~t(T . (B9) AD, (T„),and 3f(T„) are indicated in Table II.
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Optically Induced Magnetization in Ruby*
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The magnetization of ruby in a magnetic Geld at 300'K is changed when the ruby is optically pumped with
linearly polarized radiation from a Q-switched ruby laser. With a magnetic Geld parallel to the trigonal axis,
laser light polarized parallel to this axis induces transitions from the spin &$ levels of the A~ ground state
to the levels of the E(E) excited state. The change in 3E, is linearly proportional to H except near the
anticrossing points of the Ag spin levels at 2.07 and 4.14ko. At these Geld strengths, there is an enhancement
of the magnetization caused by state mixing of the kg wave functions. When H has a small component
perpendicular to the z axis, a magnetization is detected parallel to this component in the vicinity of 4.14ko.
The eftect requires a long ground-state relaxation time. In a separate experiment, the relaxation of ~, was
found to vary from 0.13 @sec in zero magnetic field to a constant value of 0.57 Ilsec for Gelds above 60 G.

1. INTRODUCTION

INEARLY polarized radiation from a Q-switched
& ruby laser has been used to optically pump a ruby

crystal. When the crystal is in. a magnetic Geld, the
changes in population of the energy levels A2, E, and
2A of the chromium ions cause a change in the mag-
netization. Expressions for the Geld dependence of the
magnetization are obtained in Sec. 2 for the case that
both the laser polarization and the magnetic Geld are
parallel to the optic axis. The experimental results dis-
cussed in Sec. 3 shovr the solid. -state analog of anti-
crossing-state mixing experiments in gases and indicate
that the relaxation time of the ground state is long
compared to the laser pulse length. Quantitative
measurements of the relaxation rate in small magnetic
fields, using circularly polarized laser radiation, are
reported in Sec. 4.

2. THEORY

The splitting of the 43~, E, and 2A. energy levels of
ruby in a magnetic Geld parallel to the optic axis is
shown Fig. i. The ground state, with an effective spin
of +» is described by the spin Hamiltonian'

TAsLE I, The g values of Cr'+ in A4Qg.

Energy
level

422
E('E)
2$. (sE)

grr

1.9840~0.0006"—2.445 +0.00lb
1.48 ~0.08&

1.9867+0.00a
(0.20

5C= &„(e~,)» cosa~.—Dp, —p(~+&)j
+sr.('~s)»»ndb-' ~++.+' ~ j. (&)

The g values are given in Table I, and the zero Geld
splitting 2D is 0.3824 cm '. The magnetic field makes
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