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Collective Nuclear Vibrations Induced by High-Energy Neutrinos~
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DePartlnent of Physics, The Catholic University of America, Washington, D C. .
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Neutrino absorption in nuclei leading to states of collective vibration ("giant dipole" ) is investigated. The
collective states are described schematically by using the Goldhaber-Teller model and its generalization to
spin-isobaric spin vibrations.

I. INTRODUCTION

XCITATION of nuclear giant dipole states by
~ neutrinos was considered for the first time by

Belyaev, ' who related the probability of this reaction
to the photonuclear giant dipole'cross section. This
work can, however, be considered only a rather crude
estimate, since the axial vector matrix element was
neglected, and no account was taken of the variation
of the recoil with the angle of the emerging lepton. In
the following, we shall evaluate the transition proba-
bility in greater detail and also obtain the lepton
angular distribution, using the Goldhaber- Teller modeP
of the giant dipole transition in order to find the vector
matrix element, ' and a generalization of this model to
collective spin-isobaric spin oscillations for a calculation
of the axial vector matrix element. ' Both matrix ele-
ments can be expressed in terms of the nuclear ground-
state electromagnetic form factor, which causes the cross
section to level off above 300 MeV neutrino energy.
Numerical results were obtained for a C" target, giving
a cross section of ~2&&10 "cm', large enough to make
the process measurable.

Kinematics gives for the nuclear recoil q= v —l (three-
momenta of vt and l), and for the lepton energy Ft
= t —8 (neglecting the recoil energy), with

(2)

where 0 is the excitation energy of A z+&. For the photo-
nuclear effect in Az, one has

~ q~ =8', the (fixed) excita-
tion energy in A z, which is 20 MeV for the giant
dipole transition (going down to -15 MeV in heavy
nuclei), and which may differ from 8 owing to the
Coulomb effect, i.e., deviations from charge inde-
pendence; but since we shall want to relate weak and
electromagnetic matrix elements by the isobaric spin
formalism, we shall disregard this difference. In re-
action (1),

~ q~ varies between v —l at st=0' and v+l
at ted=180', where st= g (v, l). With lepton mass tt, the
threshold of (1) is v&its+8. The square of the four-
momentum transfer becomes g'= q' —P.

As the weak interaction Hamiltonian, we take the
general form given by Fujii and Primakoff, ' and obtain
from it the nonrelativistic expression

(3)

II. EVALUATION

The reaction we consider is

8= [Gv+Ggtr tr"+Gp(q/2m) tr"y4

+iG (qsr/2 )rn(tr Xe")](1+ps)/v2, (3')

vt+Az ~ Azpi+&,

where i=electron or muon, and Az+& may be in an
excited state; its spin and magnetic quantum number
will be called J', 3l', and those of Ag will be called
J, M. The corresponding reaction with antineutrinos is

vt+Az~Az i+i+.

* Supported in part by the U. S. Air Force Ofhce of Scientilc
Research. Work begun under support by the Ofhce of Naval Re-
search, U. S. Navy, on a summer contract at the Harrison M.
Randall Laboratory of Physics, University of Michigan, Ann
Arbor, Michigan.

'%. B. Belyaev, Report No. 926, Dubna, 1962 (unpublished).
The possibility of this process has independently been mentioned
also by Professor R. R. Lewis.' M. Goldhaber and K. Teller, Phys. Rev. 74, 1046 {1948).

'This procedure was used by J. Goldemberg, Y. Torizuka,
W. C. Barber, and J. D. Walecka LNucl. Phys. 43, 242 (1963)]
for their treatment of the giant dipole excitation in inelastic
electron scattering.

4 For the connection of these vibrational modes with Wigner
supermultiplet states, and their contribution to the axial vector
matrix element in nuclear muon capture, see L. L. Foldy and
J. D. Walecka, CERN report No. 8837/TH 424, 1964 (unpub-
lished).

where d are Pauli spinors and tr~ are Pauli matrices.
The relativistic pseudoscalar and weak magnetic terms
have been kept since their coefficients are large. The
nucleon mass is nt; we have G;=F;(q')C;, and

Cv=10
—'rrt-', C~= —XCv, Cp=eC~, Csr=lCv,

where

X=1.20; e—8(l=tt), —0(l=e); i =tt„tt„=371. — .

Conserved vector current hypothesis suggests Fv(q')
=F„(q'), the proton charge form factor, for which we
shall take

Ml ——0.90m =840 MeV,

corresponding to the proton radius 0.8&(10 "cm. The
other form factors may be assumed the same, and FI
may have to get an additional factor F(q')=ratio of
(nt '+tt') X (ns '+q') ' and Eq. (4), if it comes mainly

A. Fujii and H. Primakoff, Nuovo Cimento 12, 327 (1959).
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from a single virtual exchanged pion. ' The cross section
of reactions (1) and (1') is given by

do = p g (22r)'8(v —I—q) IKI'
2J+1 MMv sis„

d'q d'l
X —8(Ei+8—v), (5)

(22r)' (22r)'

K= (C „tP e'R 'r, (*)C,), (6)

proximation is implied, treating the outgoing lepton as
a free particle; this will be a good approximation for
Zj137(&1. In terms of the vector and axial vector
matrix elements

~= (c'z~I'n)' Q (),e'&'*r~")n,ez),
K= (Cz, t Q e'R r'(r (') r (e)sIIz) (6')

(nuclear magnetic quantum numbers not written ex-
where r+p=0, r+e=p, etc. The use of the Born ap- plicitly), we find

vl) 11 I
2 I8('-I'=Gv'IKI' 1+

I

—2GvG~ ReK*K '+—I+ ImK'K P&&—I

E, i E(l E))

I I I —
12 q

+GA2 2 ReK"' vK —+ I K
I' 1—p —I~i p —— (930&&K) +2GvG)»—ReK"'K

E)j E$ 2'
p q q—2G~Gp—ReK* vK +Gv' K 1—
jv) 2m 2m

v I)
!

E,i

( I q I q—2GvG %~ '+—
) ( xImIRI"'III)+( —x ') ( xRee)"I)

E) 2m I'."2 2m

I q—2GeGs Re IIII"X('—) (e)X )El — 25$

q l~ I q ( pl)q
~Im K* 'K X—!+K*—K Xp +I 1—

I
(K*XK) (&)

2m E() Ei 2m ( E( )2m

where v=v/v. The upper sign refers to reaction (1),
the lower sign to reaction (1'). With respect to the
isobaric spin dependence (assuming charge independ-
ence), we may express K(» in terms of Clebsch-Gordan
coefFicients and reduced matrix elements by virtue of
the signer-Eckart theorem,

1 (T'IIK(.)"'IIT)
K(„)= w— crt(T'T2', TR, +1), (8)

v2 (2T'+1)')'

where T, T3 describe the initial and T', T3' the final
nucleus; clearly T3' ——T3&1. Similarly, the "electro-
magnetic" matrix element

A

K'=-', (C, *t P e'R '.,(')C,.)

a,nd its "axial vector" analog

A
i (III vent P eiR ri(r(i)&&(e)CI v)

may be expressed by

1 (T'IIK(.) "'ll T)
K(„)'———— Cri(T'TB, 'I'„0), (10)

2 (2T'+1)'"

with 7.'3 the third component of isobaric spin of initial
and final nucleus. K' represents the actual matrix ele-
ment of electromagnetic transitions provided that

I

T' Tl = 1. This is a good—assumption for self-conju-
gate nuclei T3——0 since in this case, Gell-Mann and
Telegdiv have shown that the electric dipole transitions
imply

I

T' Tl =1, to a very—good accuracy. Thus, re-
action (1) lea, ds to the same final states as the giant
dipole photonuclear transitions and wiH also have a,

la,rge probability. Note that, from nuclear stability,
we shall mostly deal with initial states T3——T3. Assum-
ing this, i.e., comparing reactions (1) and (1') to "elec-
tromagnetic" transitions in the same nucleus Az, Eqs.
(8) and (10) give us

K(„)——W&2g (T', TT2)K („)',

'L. Wolfenetein, Nuovo Cimento 8, 882 (1958). 7 M. Gell-Mann and V. Telegdi, Phys. Rev. 91, 169 (1953).
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K'= d'r e'&'p(r)

der &~s r9(r) (12')

with local transition densities and spin densities

where

g(T', TTs)
=Cr, (T'Ts+1) Ts, R1)/Cr, (T'Ts, Ts)0); (11')

g is unity for a nucleus with T=O, e.g. , C" or 0".
The matrix elements PV, Il' shall now be evalua, ted

using a schematic Goldhaber-Teller type model. They
may be written in the form

to the "vector" electromagnetic matrix element (9),
and hence to giant dipole cross sections. The spin-
isobaric spin mode contributes only to the "axial
vector" matrix element (9'), the spin wave mode to
neither, and they cannot be excited electromagnetically
(to the extent that the approximations implied in the
use of this model hold). It may be considered an
interesting problem of nuclear physics to study excita-
tions of these collective modes involving spin; inelastic
electron scattering, muon capture and neutrino ab-
sorption offer a direct method of investigation of this
phenomenon.

Assuming further the oscillations to be described by
a rigid displacement of the ground-state densities pp(r)
of protons and neutrons of either spin, we may write the
nucleon transition density matrix p(r) of the three
modes of oscillation discussed above:

1+rs 1—rs
4'oT(r) 2Ps(r 2 1 )+ 2P&(r+2 a-)

2 2
(16)

(13') 1+rg(r

4 -' (r) = sPo(r —s q-)

1—7 30m'

+ vapo(r+lq-), (16')

1+0m 1—am

4-( ) = lPo( —lq-)+ lP (r+la-), (16")
2 2

H= (1/2m*)p '+-'m*oPq ' (14) where

In this model, we consider nuclei with even numbers
Z E g c4 ) i.e., with J=0+, T=0 ground states, and
assume that the proton Fermi sphere oscillates as a
whole against the neutron Fermi sphere (the Goldhaber-
Teller model proper) with energy

where the reduced mass is m*=4Am; the first excited
state of the oscillator, 1 (giant dipole) has energy Aced =5.
(We shall later set 0= 1.) The coordinate may be written
in terms of spherical creation and annihilation operators'

(V-)i-= P/2~*~)"L«,-'+ ( 1)"«,=j —(15)

There are, however, other collective modes of oscilla-
tion, degenerate with the Goldhaber-Teller ones to the
extent that the nuclear forces are approximately spin
independent' (so that Wigner's superrnultiplet theory'
is applicable) that may be described as the oscillation
of a sphere of protons with spin in a given direction and
neutrons with spin in the opposite direction, against a
sphere of protons with spin in the opposite direction,
and neutrons with spin in the given. direction (spin-
isobaric spin oscillations), and furthermore oscillations
of a sphere of protons and neutrons with spin in a given
direction against a sphere of protons and neutrons with
spin in the opposite direction (spin waves). These
latter two types of collective vibrations were first ob-
tained by Wild, ' and later independently by Glassgold
et al. ' Only the Goldhaber-Teller mode will contribute

' E. P. Wignery Phys. Rev. 51) 106 (1937),
~ W. Wild, Bayer. Akad. Wiss. Math. -Naturw. Klasse 18, 371

(19S6).' A. E. Glassgold, W. Heckrotte, and K. M. Watson, Ann.
Phys (N. Y.) 6, 1 (.1959).

d'r pp(r) =Z.

4-(r)= —'. - il. .~ .(r) (17")

The densities (13) are obtained from the density matrix
&(r) by

p(r) =-', Tr7sy(r),

9(r) =--', Trersg(r),

(18)

(18')

and we find, using Eqs. (17)

p(r) = l a- &po(r), — (»)
which gets its contribution from the Goldhaber-Teller

Here m'= 1, 0, —1 expresses the fact that the collective
modes involving spin correspond to triplet states of the
final total spin S' (which is uncoupled from the spatial
motion in our oscillator model, and generally in the
supermultiplet theory, 4 ') and the cross section contains
a final state sum over m' for the axial vector matrix
elements besides the sum over final oscillator orienta-
tions 3P. Expanding in a Taylor series and keeping
terms of first order in q„only, which describe the
0+ —+ 1 transition to the oscillator dipole states, we find
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mode (17) only, and

u'( )= —l3'-"»- &~o( ),

We take for it'2

(24)

' —2 '('(8 t+i5,s),

2—'('(3 i—sb,s),

tn'= 1
m'= 0
m'= —1.

arising from the spin-isobaric spin mode (17 ) only. We
used the spherical Kronecker tensor Ms ——0.725A '"m=680A —'(' Mev. (24')

One should note that for g'R'(&1 (A=nuclear radius),
i.e., using IF(0) I'—=Z', the Goldhaber-Teller matrix
element (1M'IK'I00& completely exhausts the dipole
sum rule"

With the densities (19), we obtain the matrix elements
for the 0+ —&1 (M') transition from Eqs. (12) using
partial integration

EZ
2~ P —I(10I9Jf'Ioo&Is=

q2 A
(25)

(1-~'IK'I0+&=4IqIP(q) ~ M*(0), (21)
3Ansb

2 I(~'&I'=3 I(~'&I'. (22)

and further

(1 ~'~'I&''I0+&='- "(1~'I&'I0+) (21')

so that the axial vector matrix element satisfies the
relation found by Tolhoek" 4:

Since, in practice, the giant dipole is not the only dipole
transition (and indeed, experimentally does not com-
pletely exhaust the sum rule), we expect our results to
provide an upper limit to the actual cross section.

With the matrix elements (21), the cross section is
obtained from Eqs. (5) and (7). Contributions from the
various collective modes enter incoherently; thus cross
terms between vector and axial vector matrix elements
vanish. The sums over the orientations ns' of the 5'= 1
spin-isobaric spin collective mode give these results in
expressions of the form

P a (R'*&b (R'&= IR'I'a b, (26)
The matrix elements come out proportional to the
ground-state charge form factor

tnl

P(St'*)X(K')=0, (26')

F (q) = d'r e'4'ps(r). as well as Eq. (22). We find in this way the cross section
of reactions (1) and (1')

p pq qs( vl q( I—eP(q' —P)X'— + tse—'P'(q' 3s)Xs —
I

1——+2f X—
I

p —— . (27)
E, m eP( E( es 5 Ei

As an example, we evaluated Eq. (2/) for the reaction

v+sC"~rN" +~ .
giant dip.

(2g)

Note that the cross section of Eq. (27) will be roughly proportional to Z since F(0)=Z. We have used 8—22.5
MeV, t4 and have integrated Eq. (27) over the angles of the emitted lepton (e or p). In the total cross section

1.96X&0 '4 cm'
g 2vE4+v'+P g—

(p)Mev ~0 (v—l)

p g
+3XsI:2pE(—t (ps+ P—g) 7—eP(g —32) Xs (ps —P+g)+ i esP2(g —P)Xs—(2pE —ps —P+g)

rn m2

g 'l-4 3' g '(
—4

+2tX—L8(P—v')+g(Ei+v)7 1+
I

1— + I
dg, (29)

m Ms') Mrs N'is)

"I.R. Luyten, H. P. C. Rood, and H. A. Tolhoek, Nucl. Phys. 41, 236 (1963)."T.D. Lee, P. Markstein, and C. N. Yang, Phys. Rev. Letters 7, 429 (1961)."J.M. Blatt and V. F. Weisskopf, Theoretice/ Nuclear Physics (John Wiley 8z Sons, Inc. , New York, 1952), p, 641.
"F. Ajzenberg-Selove and T. I.auritsen, Nucl. Phys. 11, 1 (1959).
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neutrinosjcm' sec; unfortunately, the energies of the
neutrinos produced are small, " &250 MeV. Neverthe-
less, perhaps several events per day of reaction (1)
may be expected.

The question is how to identify these. Characteristic
features of reaction (1) are the following:

(a) The lepton energy is given by Et v —8,——i.e., it
is independent of emission angle. The initial neutrinos
are not monochromatic; their spectrum is known from
calculation, however, and the leptons in Eq. (1) would
have a spectrum equal to the neutrino spectrum, for
v&300 MeV; below that, their spectrum is known from
folding.

(b) The lepton angular distribution is more forward
than in reaction (31), where angles below 20' are
largely depressed owing to the exclusion principle. "' "

~ S. M. Herman, in Proceedings of the International Conference
on Theoretica/ Aspects of Very High-Energy Phenomena (CERN,
Geneva, 1961), p. 7; B. Goulard and H, Primako8, Phys. Rev.
135, 31139 (1964).

(c) The excited dipole state will decay in a char-
acteristic fashion, " i.e. ,

—& rN"+y, tN"*+7, sC"+p,
sC"*+p. The emitted particles have characteristic
energies, given by the dipole state excitation energy 6
less the sum of the rest energies of the pair of final
particles above the 7XI2 rest energy, with the excitation
energy of the residual nucleus subtracted if it is formed
in an excit, ed state.

In total, there seems to be a good chance to observe
the excitation of the giant dipole and related collective
modes by neutrinos, even though the cross section is
smaller than that of the direct (elastic) rea, ctions.
After the now-contemplated construction of high-
intensity accelerators or "pion factories, " the observa-
tion shouM be rather easy.
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Quadrupole-Dipole Mixture of the N" 3.9S ~ 0 Gamma-Ray Transition
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The quadrupole-dipole mixing ratio of the O'Po gamma-ray branch from the N" second excited state at
3.95 MeV to the ground state has been determined using the C'~(He', p)N'4 reaction and an He' beam of
5 MeV. Gamma rays due to the decay of the 3.95-MeV level were detected in coincidence with protons of
the right energy to populate the 3.95-MeV level. The protons were detected in a surface-barrier counter at
0' with respect to the Hee beam, and the populations of the magnetic substates were 6xed from a simul-
taneous observation of the transition to the 0+, 2.31-MeV level. Two regions of values for the mixing ratio x
consistent with the experiment were found, namely, —0.5 &x & —0.2 and —5 &x& —2.

I. INTRODUCTION

'HK extremely long lifetime of C' is an experi-
mental fact which has not received an unambig-

uous explanation despite several extensive efforts. '—'
The crucial point is that the cancellation between the
various contributions to this matrix element which must
take place in order to reach the long lifetime of C" can-

*National Science Foundation senior postdoctoral fellow,
1963—4. Permanent address: Srookhaven National Laboratory
Upton, New York.' D. R. Inglis, Rev. Mod. Phys. 25, 390 (1953).'3. Jancovici and I. Talmi, Phys. Rev. 95, 289 (1954).

3 J. P. Elliott, Phil. Mag. I, 503 (1956).
4 W. M. Visscher and R. A. Ferrell, Phys. Rev. 107, 781 (195/).
~ E. Baranger and S. Meshkov, Phys. Rev. Letters 1, 30 (1958).

not be achieved with a pure s'p" configuration and a,

conventional shell-model interaction, i.e., a central in-
teraction between the particles together with a single-
particle spin-orbit force. Two possible explanations for
this cancellation have been advanced. ' In one the s4p"
configuration is assumed to be pure and the necessary
modification of the s'p" wave function is achieved by
introducing a small (but in this ca,se non-negligible)
tensor interaction between the nucleons. ' 4 In the other
the cancellation is attributed to destructive interfer-
ence between the contribution to the matrix element
from s'p" and the contribution from admixtures of the
doubly excited configurations generated by raising two
p-shell nucleons into the 2s and 1d shells. ' At the pres-


